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LOI NOI PAU 1

Cdc em hoc sinh thin mén! |

Neéu cdc em 12 thi sinh sép bude vao ky thi THPT qudc gia hodc céc ky

¢6 mén Todn thi theo hinh thite tric nghi¢m va dang gip khé khan véi mén Toi
. thi bd sdch nay s& givip céc em gidi quyét duge c4c khé khin d6.
Hi¢n nay, trong hdu hét céc k¥ thi 16n, mon Tosn da chuyén tir hinh thirc uf

tw luan sang thi tric nghiém (nhu ky thi THPT quéc gia). Viée chuyén qua_hiig;{
thite thi tric nghiém déi véi mén Todn khién céc em hoc sinh gép kh6 khan, |
lan g khi trong-sudt qué trinh trude d6 cdc em d3 va dang hoc theo huéng tir Iuéﬁﬁ
Nham gitp céc em giai quyét duoc khé khin ds, chiing t6i da bién soan b¢ sd¢
6n luyén Todn tric nghiém, b9 sdch gdm 3 cudn:
Cudn 1: Phuong phép t duy gidi nhanh Toén tric nghiém — 16p 12, gb;
céc phuong phdp giai nhanh va c4c chuyén d& trong chuong trinh kién thic 16p 12. {
Cuon 2: Phwong phap tu duy gidgi nhanh Todn tric nghi¢m - 16p 10y |
16p 11, gbm céc phuong phép tu duy gidi nhanh va céc chuyén dé kién thirc troy
chwong trinh 16p 10 va 16p 11. | MR . P
Cudn 3: Tuyén tap dé thi va phwong phép gidi nhanh Tosn tric nghléqg,

bao gom b dé thi duge bién soan theo ciu tric dé thi THPT quéc gia va dé th

mé& rong hon c6 két hop kién thic 16p 10, 11 ‘cling cdc huéng din giai the

phuong phap tu duy giai nhanh. 3 ;
. Cudn Phuong phap tie duy gigi nhanh Todn tric nghiém — lip 12 dug
cdu tric thanh cdc phan nhu sau: ' ;
*Phiin 1: DE minh hoa THPT quéc gia 2017 mon Todn ¢6 16i gidi chi tit q
va phan tich cdu tric dé thi. | . g TR o Pﬁn

* Phén 2: Phuong phdp twr duy gidi nhanh Todn tréc nghiép va dp dung vi "
. cdc chuyén dé kién thire lop 12. : T SN R
€

 Cubn sdch gom khoéng 1000 bai tdp tréic nghi¢m Todn c6 d4p 4n v huong d} ;

 gidi theo timg chuyén @ gitip c4c em hoc sinh ¢6 mé; trudng dé Tuyén tdp.
Di d4 c¢6 nhiéu cb ging, day cong bién soan nhung cuén sdch kho trén,
dugc hét thiéu s6t, rét mong nhan duge sw g6p § ciia céc thiy ¢6 gio, cée em hg

sinh va ban doc dé cudn séch duoc hoan thién hon trong 14n t4i ban.
Chiic cdc em hoc 1t va thanh cong! .
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"{Trﬁi nghiém ciia hoc sinh vé céc phmmg phap tw duy giai nhanh
Tu nim 2015, thiy Nguyén B4 Tuén d4 nghién ctru va dua ra nhidu phu'ong
l phép tuw duy giai nhanh cho Toén tric nghiém duorc hang nghin hoc sinh biét
0& _den qua céc v1deo bai giang, cdc dé thi thir Todn tric nghiém. Cam nhén chung
. clia cdc em vé céc phuong phap tu duy gii nhanh Toan d6 1a: don gian, d& hiéu,
, tt van dyng hiéu qua, phit hop cho moi dbi twong hoc sinh. H%mg nghin hoc sinh
i da ap dung thanh ¢bng trong céc ky thi c6 mon Toén thi tric nghiém tu nam
\ r 2015 dén nay.

]

la%o Thi Ninh (Téan sinh vién DH Khoa hoc Xa hoi va Nhin van — DH Quéc gia Ha Ngi)

éd‘ Nhﬁng bai gzang, nhitng phurong phdp tu duy gidi nhanh cho Todn trac nghiém

ticua rhdy Tudn thdt tuyét voi. Em la mét hoc sinh khéi C, hoc Todn rdt kém, tir

901 khz biét t&i thdy, em di hoc theo cdc phuong phdp tw duy ciia thdy, né gidp em

tha‘y yéu mén Todn hon. Thay la nguoi da truyén dong luc cho em. Nho cdc

l \E ‘phuong phdp gidi nhanh, cdc dé thi thir va ca sy vui tinh cia thdy trong cdch

011 gzdng, em da dat duoc két qua nhu mong muon va dé vao khoa Bdo chz cua
- truong Dai hoc Khoa hoc Xé hoi va Nhén van.

I%guyen Pic Thién (Sinh vien PH Céng nghé - PH Qudc gia Ha Nji)

; tE» La
e La mét hoc sinh hoc khd mon Todn nhung khi lam dé Todn trdc nghsem em vén

chu'a lam chu dugc thoi gzan Nhung tir khi hoc cdc bai gzang vé phwong phdp

, tu' duy gidi nhanh ctia thay, em da cdi thién dupc rdt nhiéu. Tw cac phirong
“d: phap tu duy cua thdy, em cung da hoc cdch gdp cdc bai todn déu co gang tim toi
huéng lam nhanh hon, thay da day em khong chi kién thirc ma con la cdch tu

tl{ duy todn hoc, phuong phdp tiép cdn védn dé sao cho nhanh va Iueu qua nhar

: )ang Hung (khoa Y dwoc — DH Qudc gia Ha Ngi)
V@
| .Em cam on th.ay rdt nkzeu nho nhilng phzmng phap tw duy cua rhay da giiip

d% em giai nhanh hon, ciing gitip em ¢6 tam thé chu dong tim kzem thém cdc
'}- phwcmg phdp méi. Cing tir cdc dé thi thir thay soan cung da givp em rén luyén

16t hcm lam quen véi cdc dé thi Todn trac nghzem. Thdy da truyén cam hing

i‘i— cho em trong mén Todn. Cam on thdy rdt nhzeu’




HU(’)’NG DAN SU DUNG SACH

B§ sach 6n luyén Toén tric ngh1ém gdm 3 cudn, trong d6 2 cudn: th
phdp tu duy gzm nhanh Todn trdc nghi¢m lép 12 va Pkqu phdp tw duy gzn
nhanh Todn tric ngh:ém I6p 10, 1dp 11 bao quét ndi dung kién thirc mén Toét

" THPT qubc gla dé phuc vu cho céc ban on tap. Céc ban 6n thi THPT québc gle
nam 2017 chi can tép trung vao cuon 16p 12 vi cdu triic d8 thi chi tap trung vé[
I6p 12, sang nidm 2018 thi cin ném chic ca k1en thirc 16p 11 va tir ndm 2019 1;
toan bo kién thirc Todn THPT nén 6n cd 2 cudn. Dbi vdi cdc ban 6n cde ky t }1(:'
khéc, cdn chd ¥ cdu tric cua dé thi dé c6 dinh huéng va ké hoach én Iuyén té;?-
nhat Cubn Tuyé‘n tdp dé thi va phuong phdp guu nhanh Todn tréic nghi¢m bar?"
gom céc de thi tric nghiém dwgc bién soan theo cAu tric dé THPT quoc gia va (i
thi m& rong k&m theo dép 4n va huéng dan giai theo céc phuong phap tu duy gla; :
nhanh gitp cdc em rén k§ ning lam bai va phuong phé.p tu duy gidi céc bai ta{
tric nghiém, quen din véi céch 13m @ tréc nghiém. : ';;.Ci

Mot s6 luu § dé s dung higu qué bj sach: B

«Ci
1. Dgc va hoc cdc phwong phdp tw duy. K& ca chua hoc t6i céc phan kién thl,g_

d6 thi vige doc va hoc truée cdc phuong phép tw duy ciing s& gitip céc er
hinh thanh tu duy va cdch th cho Toén tric nghiém. - =*°-.
2. Luyén tdp thudng xuyén véi cdc bai tip tmng sdch. Ap dung cic phucmﬁ-
phép twr duy gidi nhanh ddng thoi hay thit tir duy @ tim ra phucm g phép hay hm}
3. Ghi chi, ghi chép, ddnh diu céc muc, phin ma céc em thay cin ghz nhd.
4. Khi cé kho kh:‘in hodic vieong mc‘ic, céc em c6 Ihé
o Hoi gido vién trén 16p;
e Trao ddi vOi ban be dé ting hiéu qua cua viée hoc
» Trao doi truc tiép voi téc gia cuon sich 1a thay Nguyen B4 Tuin qua cic kenh

~ Email: batuantoan@ gmall com :
Facebook https://www.facebook. comfN guyenBaTuan gvToan




PHAN MOT

PE THI MINH HQA THPT Qufic GIA
VA PHAN TiCH CAU TRUC PE THI

. Giai d& minh hoa THPT quéc gia 2017 mén Toan theo
- _phu'o'ng phap giai nhanh (Ngudn de: B Gido duc va Bao tgo)

ﬁu 1: Bu'cmg cong trong hinh bén 14 dd thij ctia mot ham sé trong b6n ham sé
i dugcli¢tke &bdn phwongan A, B, C, D dudi day. Hdi ham s6 @6 1a ham s8 nao?
6

A. y=-x’+x-1 y-——x P 4+3x+1

Cy=x -;;c +1 | D. y=x -3x+1

Hwéng d&n giai
'Z}:;Cd:ch 1: Nhin vﬁo dB thi c6 ngay a >0 nénloai A, B.
| DO thi da chola db thi hém béc 3 nén chon dép 4 &n D.

“Cdch 2!
I py thi ham sé & hinh bén c6 hai diém cuc tr1 va"a

hm y =—o0; llm y = +oo

¢ ASaividayla dd thi ham bac hai chi c6 mot diém cyc tri
i CSaividb thi ham tring phwong nhin Oy lam tryc dOl xu'ng
B Saido lim y=-co,hé&s6a<0. :

| bép an:D. L T

Cﬁu 2: Cho ham s6 y= f(x) cbd hm f(x) -1 va gﬂf(x) =-1, Khing dinh
1o sau dﬁy 1a khéng dinh ddng? -

- A:Db thi ham s8 dé cho khéng c6 tiém can: ngang |

i . B.Dothi ham s8 d4 cho c6 ding mét tiém can ngang

" Cpb th1 ham s& d cho c6 hai tiém can ngang 13'c4c du'bfng thang y= 1va

L y=-1"

{  D.Db thi ham s6 d4 cho c6 hal tiém cﬁn ngang 1a cic dwong thang x= 1 va.

www.facebook.com/qroups/TaiLieuOnThiDaiHoc01




Huwéng dén gidi
+) lim f(x)=1=y= =1 [A mdt du'Erng tiém cin ngang

+) hm f(x)=-1= y=-11amdt du'o'ng tiém cin ngang. Bap an: C.

Cau 3: Ham s8 y= 2x* +1 d‘éng bién trén khoang nao?
1) . 1 .
A. [—m;—EJ B. (0;+oo) . (—5,4@) D. (—;0)
| Hwé'ng.d&’n gigi '
Tacd: Y =8x*>0& x>0.
Do d6 ham sd di cho déng bién trén khoﬁng (O +oo)
bap an: B. 4
Cau 4: Cho hams§ y = f (x) xéc dmh lién tuc trén R va c6 bang bién thién:

X |—o _0 1 +00
' + { - o +
+o0
0-
¥y / \_1/

Khing dinh nao sau day 1a khing dinh ddang?

A. Ham s6 c6 ding mot cye tri

B. Ham s8 c6 gia tri cyc tiéu bang 1

C. Ham s8 c6 gi4 tri 16n nh4t bing 0 va gia tri nhé nhit bang —1

D. Ham s dat cue dai tai x=0 va dat cyctifutai x=1 |
Huwéng dén gidi

Pap 4n A: Sai vi ham s6 c6 hai cyc tri

Dép 4n B: Sai vi ham s8 c6 gid trj cyc tiéu biing =1

Pép 4n C: Sai vi ham s6 khong c6 gia tri 16n nhat va 2 gid tr nhé nhﬁt trén R |

Déap an D: Ping

Pap an: D.
Cau 5: Tim gid tri cyc dai y., cia hAms8 y=x"=3x+2.
A yp=4  B.yp=l C Y =0 D. yo=-1

o i i, i g AU S ey

e e e s
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Hwéng ddn gidi
x==l=>y=4
Lx= 1= y=0
Viy gia tri cuwc dai ctia ham s6 bang 4 (ham béc 3 c6 gia tri cuc dai lén hon
‘gi4 tri cuc tiéu),
P&p &n: A."

Ta cb y’=3x2-—3=0=>|:

Au 6: Gi4 tri nhd nhat ciia ham s8 y =2 +13 trén doan [2:4] 12

Bt x=

A miny=6 B. miny=-2  C. miny=-3 D. mjnyml-g-
[2:4] {2:4) : [24] - [2:4)
Huwéng dén gidi |

© Cdch 1: Do xét trén [2;4] nén dé thdy y > O tir d6 loai B, C. Con lai A va D thir
‘. thdyx=3 thiy=6. Bép an: A. (c6 thé dung may tinh Casio dé tim x)

3 , x*=2x-3 =~1(loai)

i Cdch2:Tacéd: y =———=0% [do ta xét trén doan [2; 4] )
(x—1) x=3

. Ham s8 lién tuc trén doan [2;4] vata cé y(2)=7; y(3)=6; y(4) =1—;)~

. bap an: A : 4 -
Cdu 7: Biét rdng dudng thdng y =—2x+2 cit d6 thi ham s6 y=x’+x+2 tai
diém duy nhat k)’r hiéu (xo,}’g) la toa do clia dlé”m do Gia tri cha y, 1a
Ay, =4 Byo--O ' Cyo Dyo -1
{ Hwéng dan giai
i Phuong trinh hoanh d§ giao diém:
1 2x+2=r+x+2 P +x=0x=0=>y= 2, Pap 4n: C.
Cau 8: Tat ca cic giad tri thwc cha tham sé m sa_o cho do6 th; ctia ham s6
y=x"+2mx*+1 c6 3 diém cyec tri tao thanh tam gidc vudng can la: |

R4 . Hwéng ddn gidi -~
, | x=0
i Cdch1:Tacé: y =4x3+4n:x=0<=)l: 5
x°=—m

* Pidu kién ham s8 ¢6 3 diém cyc trf —m >0 (c6 thé nhin nhanh d& ham s8 bac 4
triing phwong c6 3 cuctri thiab<0) e m<0 => TaloaidédpanC,D (*)




Khi d6 toa d6 3 diém cuc tri la A[O 1); B(N—m;=—m” +1); C( ——m;—m? +1)
Ta thiy AB = AC nén tam giac ABC ludn cén tai A.

m=0
'Yéu ciu baitodn< AB.AC =0 o m+m' —04@[ loalm =0

m=-1"

ng khdc: Tix (*) Pén day chi con dap 4n A hoiic B ding, Thay m=- 1 ta c6 % .
toa d6 3 diém A(0;1); B(1;0); C(~— 1;0), thdy théa man tam giédc ABC vuang cin |
nén chon dap 4n B (néu khéng théa mén ta sé chon A).

Cdch 2: Ta c6 cong thirc dang téng quét ctia d6 thi ham s8 y = x* + bx? €

c6 3 diém cue tri khi b<0. Néu d6 thi ham s& c6 3 diém cwe tri thi 3 dié’ni "
(

_ce trj d6 tao thanh tam giac can véi goc 6’ dmh 12 & thi tan % =4 /—%

S T S S

Cau 9: Tat ca cac gia tri thuc cﬁa tham s§ m sao cho dd thi-cha ham s6 r
y= —j{l—- cod 2 tlem can ngang la - __ _ N h
A. thmg ¢6 gia tri thwe nao cha m thdéa man yéu ciu dé bai.
"B.m<0 o Lim=0-. - D.m>0 i

- Hwo’ng dén gidi ' o b
Cdch 1: Khi m= 0 ta c6 ys= x+1 th1 dB th ham s6 khﬁng co tlem can = Loal o
Khi m > 0 ta cé: '

SN

1 1
lim = = lim - - = > y— lél mﬁt tlem cén ngang
m T/”

X—34es f _ i T X=3too : 1 m

o W e o

7= lamottiém can ngang

Khim < 0: Bot}uhamsokhéngcétlémcﬁn ¥ § BT
Dap an: D.

Cdch 2: m =.1 thay vao roi ding may tinh Casm tlm tlem can. ngang Se thﬁy co 2
tiémcannganglay 1vay=-1, f)apanD W L R e
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* Cau 10: Cho mot tdm nhom hinh vudng canh 12 cm. Ngudi ta cit & bén g6c clia

tdm nhém dé bén hinh vuéng bing nhau, méi hinh vuéng c6 canh bing x (cm),
réi gap tdm nhdm lai nhw hinh vé dwéi ddy dé€ duoc mot cai hop khong nip.
Tim x d€hdp nhan dwgc cb thé tich 16m nhét.

—-"“-:-

B. x=3 C. x=2 | D. x=4
' Hwéng dén gidi ' o

Cach 1: Goi x (cm) la canh hinh vudngbi cit(0 <x < 6)

C6:V=y= x(12—-2x)* =4x(36-12x +x?)

=2
Y =12x*—96x+144=0 | o
: , x=_6(1o_g11) _
Cdch 2: | | _ o ,
| L
V=x(12-2x)" = i-.4x.(12—2x)-.(12—-2.x) < %(4"‘-“.2_2;“2"2}‘] =128

o =128 4x=12-2x = x=2 "

Cdch 3: Thtr tnxc tlép céc d4p 4n dé tinh V. Sau dé chon dap &n ting véi V16m nhit.

Pap an: C R
tanx— 2

Cau 11: I'I_‘é't ca gia tr’f thwc clia tham s6 m Sao c-'li_b'h.ém'sﬁ' y=—""= dbng

tan x —m

bién trén khoéng'(o-%‘)

A, m<0 hoaclsm<2 . B.m=<0
C.l<m<?2 : - D.m=>2
' ‘Hwéng dén gigi

Pt t = tanx* (t €(0;1)). Do tanx 14 ham dong bién trén. (0;4;5) nén dé thoa
man dé bai twong dwong véi y(f) = :_1% dbng bi&n trén (0;1)
_ - —-m

11




Y=

—m+2 {z—m:-o
>0

(t—-m)? \m#e
o ' | m<?2 m<0
P& ham y(t) ddong bién trén (0;1) thi o
TLIOnE e (0:1) {mE(O;l) {2>m21
. Co6 thé dung Table dé khio sat. Pap an: A.
Cau 12: Gidi phwong trinh log, (x-1)=3
A. x=63 B. x=65 C. x=80 D. x=82

‘Huwéng dén g:’d’ri
Bleuklén X=1>0¢& x>1

Phu'crng trinh tré thanh x—1=4° & x =65 (théa mén). P4p 4n: B,
Ciu 13: Dao ham ctia ham s6 y=13* la:

A. y =x.13"1 B. y'=13*In13 ' C. y'=13* D. y'= -
| In13
Huwdéng ddn gidi

Tacod y’=(13")"=13*In13. (C6 thé diing may tinh Casio tinh dao ham tai diém
dé loai ddp an). Pap an: B.

Cau 14: Giai bat phuwong trinh log, (3x— 1) >3,

A. x>3 | B.-%<x<3 C. x<3 _ D.x>~1-9

Hwéng dén gidi
Cdch 1: BPT < 3x—1 >8 < x > 3.DP4ap 4n: A.

Cdch 2: Ham s6 la dong bién nén nghiém c6 dang x > a nén loai B, C, Thir gia
tri thudc tap & d4p 4n A ma khéng thuéc dap 4n D thiy théa man nén chon A.

Céu 15: Tdp xac dinh D ciia hamsd y =log, (x —~2x< 3_)_la _,

A. D = (—o0;—1]U[3;+4<0) B. D =[~1;3]
C. D=(—o0;=1)U(3;40) D. D=(-1;3)
- Hwéng dan gidi |

>3 . '
X =2x=3>0¢ [x e Do d6, tap xac dinh cda ham s6 13
: X< D

D =(~o0i=1) U(3;40).
bap an: C.

12




| Cau16:Chohams8 f(x)=2"7. Khing dinh nao sau day 1a khing dinh sai?

A. f(x)<le x+x*log,7<0 B. f(x)<lexIn2+x*In7<0
C. f(x)<le xlog,2+x*<0 D. f(x)<le1+xlog,7<0
Huwéng dén gidi

Cdch 1: Voi f(x)lél,ta cb
27 <lelog, (2*.7*’) <log,1=0¢ log, 2* +log, 7" <0 x+x*log, 7 <0
2277 <1 m(2777) <=0 M2 +I7" <0 & xn2+x* In7 <0
2°7% <16 log, (257" } <log, 1 =0 & log, 2* +iog7 7" <0 xlog, 2+ x* <0 -

Vi x€ R nén khang dinh
x+x° log27<0<=>x(1+xlog27)<0<=$l+xlog27<0 1a sai.

- Cdch 2: Dlung phwong phdp wéc luong.
~ Cdch 3: Dung phwong phép diém bién.

T T A

. Dép 4n: D.

. Cau 17: Cho c4c s6 thgrc dwong a, b Vé’l al, Khang dinh nao.sau day I3
13 khang dinh dung'? | | ;

e A. logaz(ab) — Elogﬂ b _B- loga; (ab): 2+ 210ga b

§ C. log , (ab) =Zlogab . - D. log A (ab}=5+zlogg b

Hu'd'ng dﬁn grdr |
Ta c6: log_, (ab) = —(lf.)g‘i ab) —-——-(ioga a +loga b) --—+ ;loga b.

| Cdch khdc: C6 thé 18y a =2, b=1vathi dap 4n. Chu 5’1 dung phu'r.:rng phép
Tong qudt héa dé viéc thir dwoc t01 wu. Dap én: D. :

- Cau 18: Pao ham ciia ham s6 y =? bing:

1.-2 x+1}In2 ' o 142(x+1)In2

A. y'= ( T3 ) B- y': - ( 2‘;)
2" | i R

1-2({x+1)In2 1+ 2{x+1)In2

Cy's= (412)_' - D.y'= ..(4;_?__

13




‘ Huéng dén gidi _
+1) 4 =(x+1).(4*) 45 —(5 x
e tTacs y ( x+1 ) (x+1) (:Z )-(4) _ 4 =(x+ 1)2.4 In4
)T (@) ()
:1—(x+1).1n4=1-—2(x+1)1n2.9ép frne ke t

4* 22.\:
Cdch 2:Do y =2 nén ¥' xudt hién ddu triv & ti¥, ta loai B, D. Miu ctia y'
r :

khéng thé c6 dang 4* nén taloai C. Dap an: A,

R oL e S B R B Y T

‘Cdch 3: Dung may tinh Casio. ' a 3
C4u 19: it a=log, 3 va b=1log, 3. Hay biéu dién log, 45 theo a va b
+ 2ab . 2a* —2ab
A. log 45="2 B. log, 45=22 —_=&2
O8s ab+b 08 43 ab i
a+2ab 2a® —2ab
C. log, 45 = ' - D.log,45=—-—-"=
Ogﬁ ab e O ab+b
Hwéng ddn gidi

Cach 1 BIEI‘I d6i vé dung céc cdng thirc co bén va cong thu'c
_ -1

logc(ab) log, a-+log, a

log(ab)

Bién d6i ta dwoc dap an C. .
Cdch 2: Ding mAy tinh lo g,3—> A (Shift + STO+A); log, 3 —B (Shlft + STO+B)
Sau d6 thir vao 4 ddp 4n A, B, C, D. . - i
~ Cdch 3: U6c hegng: log, 45 > log6 36=2 '

Nhén xét cac d4p an dé chon dépanC, _ ’
Cau 20: Cho hai s6 thyc a va b, véi 1<a<b, i _
Khang dinh nao dwéi day dung? ' - B :
A.log, b<l<log,a - . ty v - B.l<log,b<log, a
C. logba <log,b<1 - - D.log,a<l<log,b _.
| Huwéng dan gidi F i P T AL 5
Cdch 1: :
1<a<b=10gab>1:>10gba<1 - :
PDA:log b<l=loai = T |

+)B:log, a>log, b= loai
+)C:log, b<1=>loai

14




Cachz a=2; b=3 = Tinh log, a; log,» = Nhéin xét

log, b>log,a e log, b>1
log,b>log,a=1>log, a

Cach3 Tacob>a>1@{ < log,a<l<log,b.

béap an: D. : -
‘au 21: Ong A vay ngﬁn han ngan hang 100 triéu dong, vai Ial suat 12%/nim.
- Ong mudn hoan ng cho ngdn hang theo cach: Sau ding mét thang ké tir
{ ' ngay vay, ong bat d%u hoan ng; hai l&n hoan no lién tiép céch nhau ding
mét thang, s6 tién hoidn ng & mdi Ian 12 nhw nhau va tra hét tign ng sau
' dung 3 thang ké tir ngay vay. Hoi, theo cach d6, sé tién ma 6 bng A sé phai tra
- cho ngén hang trong mai Ian hoan no 13 bao nhiéu? Biét rang, lai sudt ngan |
hang khéng thay d6i trong thb'i gian 6ng Ahoanng. -~

00.(1,01)’ o 1,01

A T Loy -1 01) -1

. 120,112

o G =M (triéu d6ng) "D.m= ﬂ(-—-—)— (triéu dbng)
: ' . (1’ 12) ':-

: fr; ' Huwdéng dén gidi '

| . p=100triéu, 12%/ndm = 1%/thang, r=0,01,rp=1.

L~ Gia sl c4c thang la:

©01/03 el y 1/04 Lairp; m=m, +rp
'i 7 Tradg8c m = Conngp — m,
01/04 —2=22, 1/0 Lai r(p-m,) L m=m,+r(p—m,)
_ 5ikTré gocm2 / » Conng p— ny =,
'.{‘;.i"01/05—""’ﬂ—3—) 1/06 ?Lalrp m—m, m= m3+r(p m, mz)

Tra n6t gbc m, = p— m—m,,

Theo dé
-_iﬁ:}-:j?:>mI+rP mz+1r(P--~mI):;~m2 ml(1+r) m3 mz(l—i-r) ml(1+r)
h rp (1+r~)“i
'_n‘-';m’ +m3 p ml—-(m)—-— = "’1 TP ’Pm
Bap an: B. i B .




Cau 22: Coéng thirc tinh thé tich V cia khéi tron xoay dwoc tao ra khi quay;
hinh thang cong, gi¢i han b&i db thi ham s6 y=f(x), truc Ox va hai

duong thing x=a, x=5b (a<b),xung quanh truc Oxa:

b b
A.V=x[f*(x)dx. B. V= f*(x)dx
b b
C.V=x|f(x)dx. D. V = {|f(x)]dx
ﬂ Huwéng dén grm a

Nhé cong thire (hi€u cong thirc dwec 1dp nén tir gic 1a tinh t6ng vo han
dién tich cac hinh tron)

C6 thé nhé diém méu chét 1a trong cong thitc c6 7, f*(x) = loai B,C, D.
Pép an: A. '
Ciu 23: Nguyén ham ctia ham s6 f(x) =v/2x-1 la:

A. If(x)dx:%(bc—l)m-i-a
B. -_[f(x)dx:%(zx.—l)m-fc.
C. jf(,x)dx=~lM+C__

D. [ f(x) dx—-—u\/—Zx_+C

Hwéng dén gidi

Cdch 1: Tacé: I= f( x)dx—j'JZx ldx.
bat

Cdch2: F')pe 5l x—S f(5)=3=>B
Pép an: B.

Ciu 24: Mot 6 t6 dang chay véi van téc 10 m/s thi ngu'irl 1ai dap phanh tr thi‘rl B
diém d6, 6 t6 chuyén dong cham din déu véi van téc v() =-5¢+10 (m/s), !

h ,trbng_dé 't 12 khoang thoi gian tinh biing gidy; k& tir ldc bit d4u dap phanh. :

Héi tir ltic dap phanh d&n khi ditng hén, 6 t6 con di chuyén bao nhiéu mét?
A.0,2 m B.2m - C.C1l0m  D.20m
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Huwéng dén gidi
y=10=-5t+10=>¢, =0;v, =0.=*—5r'+10::~t2 =2

3 2
s(t) = [|(=5t +10)|dr =10
: ]

dau & day 12 bdng 10 m/s, v1a véan tdc lic sau, s 1a quéng dwong di duorc).
~ Trong bai do chuyén dong chdm dén déunén a < 0 ldy a tir cong thirc cta v,
a=—5m/s%

bép én: C _
4qu 25: Tich phén _[ cos” xsin xdx 1a
1 4 4 : : ' - 1.
AT =——7". B. I=-7x". C. I =0. - . D.I=—=.
Huwdéng dén gfdl'
cos® x|”

=0.
4 0
dch 2: Bdm may tinh Casio va van dung t6 hop cdc phim dé€ so sénh dap an

‘nhanh nhat
Gch 3: Pt t = cos x dwa vé cong thire dic blet cé tich phéan bang 0.

" Bap an: C

achl Ta cé = j—cos xd(cosx)—-—

‘Céu 26: Tich phan I = [ xinxdx bing
1 -

2 _ . .
B. =% +1 C“},”__-e_+1 D.7=f 1
2 4 | 4
Huwéng dén gidi -
o |du=—
- =} ' 2 ¢ £ 2 2 je 2
Cich1:pat "~ " = F oy X A L[, X et
_ dvzxdx v—xz o 2 | 24 2 4| 4

C‘d_ch 2 & = 7 31=2,. (bﬁm may), tl‘r dé thﬁy chi c6 C thoa 1 man de c6 thé

Dap an: C._

__ac_:h khdc: Ta c6 cong thitc v’ —v,” =2as ( trong dé a 1a gia t6c, v, 1a van téc

i 4
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Cau 27: Dién tich hinh phing gi¢i han b&i d6 thi hAim's6 y = x> —x va db th
hamsé y= x=x*1a
: 81
A2 9

, & = “ D. 13
12 4 12
Hwdéng dén gidi -
x=0
X—x=xX-x=ax+x-2x=0& x_=1
- x=-2

0 1 :
S= II(x’ +x? —2x)|dx+jl(x3 + x* —2x)l=% (bdm may)
0 : .
Dép an: A. '

Céu 28: Ki hiéu (H) la hinh phéng gi&i han béi d6 thi ham s6 y= (x—1)e

truc tung va truc hoanh. Thé tich V cta khéi tron xoay thu dwoc khl quay
hinh (H) xung quanh truc Ox la -

A.V=4-2¢ - B.V=@-2e)7 C.V=e-5 D.V=(?-5rx E-
Huéng dén gidi S e

2(x—1)e* =0 x=1 ' - &
5 = HZ(x—I)e"
bap an D.

Cau 29: Cho s8 phu'c z=3-2}. Gia tri phin thwc va phén 4o clia s6 phu'c z la ;{ '
A. Phin thyc bang —3 va phan do bang —2i. il
B. Phan thwc bing —3 va phin 4o bing —2.

C. Phian thyc bang 3 va phan 4o bing 2i.
D. Phin thyc bing 3 va phin 4o bang 2. - t

bdp 4n: D
Cau 30: Cho ha1 s6 phitc z, =1+i va 7, =2= 3. Mﬁdun ctia s phite z, +z, lé
A. |z, +Zz|—\/_- | . B. |z, +22I
C. [z_l'+z2|=1- ” T ' D.|g +Zzl“" . (

Hwéng dén gidi
. Eyb s 2;=>izl+zz|—\/_

C6 thé dung may tinh Casio khi .méy cho médun 12 s6 thap phan th1 bmh E':ﬁ
phwong Ién d€ biét n6 12 cin clia s6 nao.
Dap an: A.

18




au 31 Cho s6 phirc z théa man (1+i)z=3—i. Hoi diém biéu didn cﬁa z la
7 dlém nao trong cac diém M,N,P,Q & hinh bén? y ’
A Piém P. B.Piém Q0.

; ~ C.Piém M. | D. Diém N.
- Huéng dén gidi
=1-2i=Q(1;-2)

-
Bl
1
™
T
!
1
=

¥

[PUSPISR G PR
-~
A
-

)
I

i

I

| ISR
o

_ B—i)(1-i)
2

au 32: Cho s6 phwc zZ= 2+Sz Gia tri s6 phitc w =iz+z la

B. w=-3-3i,
D. w=-7-7i..
b de'ng dén gidi
i Tach w=i(2+5i)+(2-5i) =-3-3i
'-._-'Bap an: B,

iu 33: Kf hiéu z,, z,, z,, z, 1a bdn nghiém phu’c cia phwong trinh
.'..Z —-z2-12 = 0. TongT—lz,|+|zzl+|z3|+|z4llé

A.T=4 - B. T=23
C.T=4+2/3 . D.T=2+23
' Hwéng dén giai

t=-3

t=4

Piti=z"=+r-1-12=0= [

Tacé:|z =z, iz, |=l z, |
Trudng hop 1: z,2 =4=lz =z, =2

Trudmg hop 2: 7% =3 ::>I zg Hz, =3

(-f: i Pép 4n: C. - .

‘Cﬁu 34: Cho s6 phitc z théa min |z] 4. Biétrang tap hop cac diém biéu dlen

~cdc s phirc W =(3+4i)z+i 13 mét duong tron. Bén kinh r cia dudng
tron dé bang:

A.r=4 B.r=5 - C.r=20 i)...r;zz |

19




Huwéng dan gidi
[z |=4; w= (3+4i)z +i

& |w-i] = | (3+41)z |= 5.4=20 -
= Tép hop diém biéu dién s6 phirc w1a dwdng tron tam I{ 0;1 ); r=20.
bap an: C. g

Cédu 35: Tinh thé tich V ctia khéi Iap phwo'ng ABCD.A'B'C'D', biét

C'=a3. |
s 3J6a* 1, E
AV=a B.V= ‘/;“ : C. V=334, D. V=;31*a’-
Hwéng dén gidi | | ;‘

Ta c6 dwong chéo cla hinh hdp chir nhat 3 kich thuwécla x, y, z. gk
AC'=\x*+y’ +72* =3a, ma x=y=z=>x=a
=»V=d _ a
Péap én: A. E

Céau 36: Cho hinh chép t& gidc S.ABCD c6 day ABCD 1a hinh vudng canh a

canh bén SA vuéng géc véi mit phing day va SA= a\/2. Tinh thé tich V?
cia kho1 chép S.ABCD.

a 3 e 3
;/_. —af. C. V=42 =a;/§

A Ve= B. .

Huéng dan gidi

V24°
V—~faa- 3

Bap an: | &
Cau 37: Cho tir dién ABCD ¢l cac canh AB,AC va AD d8i mot vudng gog
voi nhaw; AB=6a,AC="7a va AD=4a. Goi M,N,P twong u'ng 1a trung;i

e e ey e i el LT
™ 3 :

diém cac canh BC,CD,BD. Thé tfch V cﬁa ti dién AMNP la . ;—f
A. V—% 2 B. V =144°. C. V=-2;—8¢z3 D. V=7a3._ ;j'}__.
H&dﬂg ddn g:’ch'
Cho a=1.
\Y 111 _
Vavne = AECD =435 6.7 A4=17
Bap an: D,

20




25 .ﬁu 38: Cho hinh chép ti gidc SABCD c6 d4y 1a hinh vudng canh bing +/2a.
: ’Fam gidc SAD cén tai S va médt bén (SAD) vudng goc vm méat phing day.

4
'Blet thé tich khéi chép S.ABCD bang -g-a . Tinh khoang cach h tir B dén

" mit phing (SCD). ‘
DR ) | . .

A h=Zu B.h=—q C.h=2 D. k=2
s 0= T3 | 3% . e
Hm?ng dén gidi

dch 1: Vypep = SH (v2)? _-—-—:;~SH 2a

3t hé truc O,\:yz
§(0;0;2); D(—V2;—= */_ :0); C[\/— ‘/_0) B[J_\F

I[SD SC] SBI
I[SD;SC]I

._:Trongdo SD = ( I_J_'—E)SC (\/— \/_—Z)SB (f£—2)

o BB iAo [SD,SC].SBI _ 8 g
- ISD,SCIl 6 3

Ei??-.C'ach 2: Goi H ]1a trung di€m AD khi d6 c¢6 SH 1a duéng cao clia chép S.ABCD

i 3 2
sH =sancn _49_ 5, po \]SH +[A;’) _ gt 2 o8

Susen 2a* 2 . \/5
4.9 2
L SH.HD 5 4a
- Co: d{B,(SCD))=2d(H,(SCD))=2. =12, =—
V2

Dép én: B.




B
= 1]
.".'

Cau 39: Trong khdng gian, cho tam gidc ABC vudng tai A c6 AB=a Va |
AC=a3. Tinh d5 dai dwdng sinh ! ciia hinh nén nhén dwoc khi quay
tam gidc ABC xung quanh truc AB. 4
A l=a. B.l=aV2 C.l=aV3. D.l=2a
Hwéng dén gidi i 2

Ta c¢6: BC=+vAB*+AC” =2a, Khi quay tam gi4c ABC quanh truc AB
dwdng sinh clia hinh nén 1a doan BCdo d6 I =2a
Pap an: D.
Cau 40: Tlr mgt t&m ton hinh chir nhat kich thuéc 50 cm x 240 cm, nguwoi ta

1am cac thiing dyng nwéc hinh tru cé chiu cao bang 50 cm, theo hai cich sau
(xem hinh minh hoa dwéi day). '

Cdch 1: GO tdm t6n ban d&u thanh mit xung quanh ctia thtlng

Cdch 2: Cat tdm tén ban d4u thinh hai tdm bang nhau, rbi gd mdi tdm déf_
thanh mit xung quanh cia mét thing.

Kihigu V| Ia thé tich cta thung go dwoc theo cich 1va v, la tong thé tfchf.-" |

: £.-
E

..e

cta hai thing goé dwoc theo CAch 2. Tinh ti 56

~JC

o i A e o e

A b

e Iy

A_KL:-.]; B.£=1 c'—‘:j-ﬁz D_-‘-/-l—=4 l
v, 2 v, v, v,
Hwéng dén gidi

Do chiéu cao clia c4c thung 13 nhw nhau nén ti s8 -“—;— béang ti s6 téng d‘.é

RIS, = BTNV PRI

tich d4y thing i
2 2 2 §

S=1tR2=11:—C—2-=£_-_—>§L=_;=4=>Xt_=_S¢=2 ]
n° 4z S, C, y 25,

Pap 4n: C,
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ﬁu 41: Trong khdng gian, cho hinh chir nht ABCD ¢c6 AB=1va AD =2,
"Goi M, N lan luot 1a trung diém ctia AD va BC. Quay hinh chir nhat d6 xung
~quanh truc MN, ta dwoc mot hinh tru. Tinh dién tich toan phan S, cua hinh

trudo

A S, =4 B. S, =27 C.S,=6% D. S, =10z
' Huwéng dén gidi
' Hmh tru cé6 dién tich day S, =7, c6 dién tich xung quanh la

S,, =AB2x. %C— =27

__Vﬁ.y S,=28+S5, =4z

.. bap an: A.

i;_____(.'ﬁu 42: Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh bang 1, mat

. bén SAB la tam giac deu va ndm trong mit phang vudng géc véi mat phang
~ déy. Thé tich V cla khéi cau ngoai tiép hinh chop da cho 13

sfisz g, _5Vi5x vt p. v =37
18 54 e - 27 3.
Hwéng dén giai :
~ Goi G 1a tam du'b'ng tron ngoai. ti€p tam gidc ABC, G’ la tam du‘b‘ng tron
. ngoai ti€p tam gidc SAB. Dyng duong thing d, d’ Ian lwot qua G, G’ va song
© - song véi SH, CH. hai dudng d va & cit nhau tai I Khi d6 I chinh 12 tam mit
B cau ngoai ti€p can tim.

D& cé:

. AV=

1 2 98

IG==SH, AG==SH, SH ==
3 3 2

= R=VJAG?+IG?

ek J[%SH)Z+(% Sﬁ)z =-‘t—? - |

3 ;

e -.='>V-=i3r '\/i-g _:5J1_5E '
306 54
bé4p 4n: B -




Cau 43: Trong khéng gian v&i hé toa d6 Oxyz, cho mit phang
(P):3x—z+2=0.Vécto ndo dwéi day Ia mot vécto phap tuyén cia (P)?

A. n, =(-10;-1) | B. , =(3;—1;2)
C. n, =(3:-10) o D. n, =(3;0;~1)
Pép 4n: D.

Cau 44: Trong khéng gian v&i hé toa d§ Oxyz, cho mit ciu
(S): (x+1)* +(y—2) +(z-1)*=9
Toa dd tdm 7 va tinh bén kinh R cta (S) 1a

A. I(-1;2;1) vaR =3, - B.I(L;-2;-1)va R=3.
C. I(~-1;2;1) vda R=9, D. I(1;-2;-1)va R=9.
Huwéng dén gigi

Phuong trinh téng quét cia mét cau tdm 7 (a;b;c), ban kinh R c6 dang
(S):(x~a)’ +(y-b) +(z—c)' =R
vay (8):(x+1)" +(y—2)* +(z—1)* =9 c6 tam I(~1;2;1),R=3

bap an: A.
Cau 45: Trong khéng gian véi hé toa d§ Oxyz cho mit phing

- (P):3x+4y+2z+4=0va dlem A(1;-2; 3). Khoang cach d tir A dén (P) ]a

5 5 5 J5

A d=— B.d=— C.d=—== D.d=—

9 29 29 3
Huwéng dan gidi

a(A(P ))__|3 1+4(;2)+23+4|_
V3 +42 422 V29
Ciu 46: Trong khong gian véi hé toa dé Oxyz, cho dwomg thing A ¢ phu'o'ng trinh:
x—10 _y-2_z+2
D 1 1

.Pap an: C.

Xét mit phang (P):10x+2y+mz+11=0, m 1a tham s thwc, T4t ca cic gia

tri cia m d€ mét phang (P) vudng géc véi duwong thing A 1a
A m=-2 B.m=2 | C. m=-52 D. m=52
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Hwéng dén gidi

;.'_Be (P) vuong gbc véi duong thing A thi vécto phéap tuyén cta (P) phai

" cung phuong véi vécto chi phwong ciia A ta c6: 1—50- = % = L3 Sm=2
: _ _ -

. péapan:

-au 47 Trong khong gian voi hé toa d6 Oxyz, cho hai di€ém A(0;1;1) va
B(1;2;3). Viét phirong trinh ctia mat phang (P) di qua A va vudng gobc véi
*dwong thing AB

LA x+y+2z-3=0 . B.x+y+2z-6=0
E C x+3y+4z-7=0 L D. x+3y+4z-26=0
¥ Huwéng dén gidi |

Céch 1: Tacé AB =(1;1;2)
¢ Vaymat phing (P) di qua A va vudng goc v6i duong thang ABla:
1(x=0)+1(y~1)+2(z—1)=0 hay x+ y+2z-3=0.

"_'Cdch 2: Thay toa d6 diém A vao cac dap 4n thi chi dap an Ala théa man.

:}_j,;jCach 3: Tim vécto AB tir d6 ¢6 vécto phéap tuyén ctia (P) nén loai dap an C, D.
~ Sau d6 thay toa df diém A vao dap an A hoic B 1a thdy dap an A thoa maén.

¢ Pépan: A
if’iCﬁu 48: Trong khéng gian v&i hé toa dd Oxyz, cho mit cau (S) c6 tam /(2; 1; 1)

| va mit phing (P):2x+y+22+2=0. Biét mjt phéng (P) cit mit cau (5)
theo giao tuyén 12 mt du'o'ng tron c6 ban kmh bang 1
i Viét phwong trinh clia mét cau(s).

o et o

A (x+2)2 +(y+1) +(z+1)"=8 B (}c.+2)2_--1-_(_y'+1)2 +'(z;1)24.='10
L Co(x-2) (y 1) +(z-1)=8" " D. (x-2)" +(y=1)* +(z-1)* =10
Hmﬁ*ng ddn gidi . o

Dé démg ta loal duoc A, B vi khong nhén | lam tam

. Tac6 ban kinh mat cau R= .Ji-i—dz (P)) trong a6 ¥ ban kinh du‘o'ng
tron, d(Z,(P)) 1a khoang céch tir tdm I dén mdt phéng (P)

|2,2+1+21+2| o

(P e RE O
P e E T
k= Jﬁ? «/_ B

Pap an: D.
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Cau 49: Trong khong gian véi hé toa do Oxyz, cho dlem A[l 0;2) va du'o-nf.;.

Cau 50 Trong khong gian véi hé toa do Oxyz ¢ho bén diém:

26

thing d c6 phwong trinh _1l = -'i;— = 5—;—1 . ?
Viét phwrong trinh dudng thing A di qua 4, vuéng géc va cit d. “
KKt ¥ 2 B.A: Xl Yy _2z-2
1 I 1 1 1 —l ;
C-A:x_-—1_=_y_2_z_—_2 D;a;x__lg'ﬁ_zﬂg
2 2 1 1 -3 1 s
Hwéng dén gigi i

Nhén thiy tat ca cac phwong an khi thay toa do diém A déu thoa man.

Tiép dén xét tinh vuéng géc ta loai du-crc dap an A, C.
Xét tinh cit nhau

iy AT g i e i 5 e e e

i ) x=1+t'
C6 phiwong 4n B: A: %———z%:—z:i-—ﬁ y=t' (teR)
R z=2-t'
4 : | x=1+t¢

d:—._'x_ =l=—-—-—z+ =y =ti (Z'E R) E
. & 1 :.2« « § . i
=142t i
: B
_1+t—1+: g

PE xét tinh cit nhau ta xét hé sau cé nghlem hay khong t=t'
—1_-+2.I = 2__—t' :
Nhan thay hé trén c6 nghiem Pép 4n: B

=
2
B
5
%
a1
]
E
i
&

v

A(L-2; 0), B(G;—L1), C(2L~1) va D(3;1;4)
Hoi 6 tat ca bao nhiéu mit phing cich d8u bén didm d6?

A.1 mit phﬁn : B. 4 mat phang
C. 7 mét phang : ' D.C6vdsé mat phing
H u'o'ng dén gidi

i R

Kiém tra4dlemA B, C, Dxem c6 déng phang hay khong'? |
C6 AB=(~L;1;1),AC =(1;3;—1),AD = (234) o

Xét AB[AC AD:' =-24%0 vay 4 diém A,B,C,D khong dbng phéng

Co hai loai mit phing théa man dé bai la: i
Loai 1: Mat phﬁng qua trung diém ciia 3 canh bén [co 4 mit phang loai néyj
Loal 2: Mat phang qua trung diém ctia 2 cip canh d6i dlén (co 3 mat phang
loai nay) 4
C6 7 mit phang théa man de. Pap 4n: C.




, PHAN TiCH CAU TRUC PE THI

- da thi duoc phan bs nhuw sau:

Theo phwong an thi THPT quéc gia ndm 2017 dwoc BO Gido duc va Pio tao
ong b&: Nam 2017, ndi dung thi ndm trong Chwong trinh 16p 12 THPT;
~n3m 2018, ndi dung thi nim trong Chwong trinh 16p 11 va lép 12 THPT; tir
13m 2019 tréd di, ndi dung thi ndm trong Chwong trinh c¢dp THPT.

. Theo dé minh hoa do B9 Gido duc va Bao tao cong bo nam 2017 cdu trac

N@i dung kién thirc SO cdu
1. Ham s6 va cac bai toan lién quan 11
2. Mt va logarit .- | 10

3. Nguyén ham - Tich phan 7

4. S0 phic 6

5. Hinh hoc khéng gian -~ - 14

6. Mat ciu, mat try, mit nén 4

7. Hinh hoc toa d6 Oxyz 8
Tong 50

: H.%tm s0 va cac bai toan lién quan
om 11 cau)

Céc dang ciu héi vé:

Dé thi ham; tiém cdn

GTLN - GTNN

Twong giao

‘Mii va logarit (gobm c6 10 ciu)
Tinh dao ham; Tim tip x4c dinh
Biéu thirc logarit

Phwong trinh, bit phwong trinh
bgarit; Bat phwong trinh mii

Bai toan 1ai kép

Nguyén ham - Tich phan (7 cdu)
- Ly thuyét; Nguyén ham; Tich phan
- U'ng dung tich phan

3

4. S8 phirc ( 6 ciu)

- Dang dai s6 cita s phire

- Dang hinh hoc gébm 2 cau

- Giai phwong trinh s6 phic

5. Hinh hoc khoéng gian (4 ciu)

- CAu hoi vé ly thuyét veé khéi da dién

- Dang cdu hoi vé tinh thé tich (khéi lap
phu'o'ng, khéi chép, tir dign, ldng tru)

- Khoang cach tir 1 diém dén 1 mit

6. Mit ciu, mit tria, mit nén (4 ciu)

- Cau héi c6 tinh lién hé thuc té

- Thé tich khéi ciu ngoai tiép hinh chép

7. Hinh hgc toa d9 Oxyz (8 cau)

Gom cac kién thirc vé mit phing

duwong thing, mdt ciu khoang céch

‘quen thudc ma mbi hoc sinh b4t ki ndm
:chac klen thu'c co ban co the g}él du'o'c
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pHA“‘N HAI

PHUONG PHAP TU' DUY GIAI NHANH
TOAN TRAC NGHIEM

Chwong I. LY THUYET CHUNG VE GIAI NHANH
TOAN TRAC NGHIEM

Bai 1. K§ niing bAm may tinh giai Toan tric nghiém

1. Phim CALC _
Chirc ning (CALC) 14 tinh gia tri cia mot biéu thirc
Vi du 1. Gidi phwong trinh:
sindx+sin2x=cos4x+cos2x

x=Z+2kx —§+Iw
A 2 (ke Z) B. (keZ)
T knw : T kx :
x==42= - - = -
_ 4 2 B 6 3
x=Ztkr ) | (x=kw '
c.| = keZ) D. x kx (keZ)
o k7 | ' | X = .
Ktk - 2" 2

1273 ! L
' Hwéng dan gidi
Cdch 1 sindx+sin2x = cos 4x+ cos 2%
&> sin 3x cosx = t:os 3xcos x

o Teosx=0 e o i
& |- 6 i & . .bap an: C.
. sin3x=cos3x k4 krx '

Cach 27
(Chu y: Trong cac bal toan chiva ham lwong giac véi cac dap 4n & Cto'n vi
radian thi cin chuyén vé hé radian trwéc khi nhap ham.)
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hir dap an %-}- —k—;ﬁ triére vi tir phwong tinh ta thdy c6 tinh hudng:

osa = sinb nén ta nghi dén a+b=5:>bx=.§¢:> x:E'

ting phim CALC gan giA tri X =% ta thdy phwong trinh thda man.

iép tuc gan gia tri X _=£2 3.2 thiy phwong trinh théa mén. Dap an: C.

\/1+tanx—x/1+smx

"i:du 2. Gia tri 11m y= = la:
X
4 2
Huéng dén gidi

hép biéu thirc réi dl‘mg phim CALC géan cac gia tri xap xi 0 cho X [nhu’
X=0.001; X=0.0001....)

J1+tan -X)-——-\/l—_i-.sin(X)

“(xy

Cu thé ta cé cac thao téc nhip trén Casio nhw sau:
Ta dwoc két qua '

CALC s ¥ = 0,001

cl.fa Sd hat IL :_':f = _~_.'I:'j.?-_" i ._1_.
Mm A

' { Ji-i-tanim ---~a'1+s::.l>

s

L 0.2487655 |
 Vaygioihanla 0,25 =§. Pap 4n: A,

g ﬂh_u_z Trong nhidu bai tosn néu ta chon gi4 tri X khong kheo s@& dﬁn t&i hién
g ": tu'o-ng tran s6 cho két qua khéng chinh x4c.

‘Nhw bai trén néu cho X <0.0001 thi s& dwoc k&t qua 1a 0.

Béi vay, néu nghi ngd dap 4n, ta nén thir nhiu gi4 tri X khic nhau,

_?:3’ Vidy 3. Cho mit phing (@):2x+3y+z+1=0. Mt phang nao sau day vudng
~ gocvéi mit (@) ' |

b A 2x=3y—z+1=0 | B. x+y—5z+6=0 |
C.3x—y+2z=0 o . D.x—-y—-z+1=0

29




Vi
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Hwéng dén gidi
Ta c6 2 mit phing vudng gbéc v&i nhau khi tich v hwéng clia 2 vécto phap
tuyén bing 0. D€ tranh phai tinh toan nhiéu ta dung chirc nang phim CALC
nhu sau:

Tac6 n, =(2;3;1)nhap biéu thitc 2A+3B+C—255A=2,B=-3,C=-1
(A, B, C1a toa d6 twong {tng clia cac vécto phap tuyén trong dap an A) dm‘rc §,§f
két qua 14. 7
Tiép tuc nhin CALC va chon A=1,B=1,C =-5(latoa dd tu'crng wngclia
cAc vécto phap tuyén trong dép 4n B) du'o'c két qua 0. Pap an: B.

. Phim SHIFT+ CALC (SOLVE)

Chitc ning (SOLVE=SHIFT+CALC) 13 tim nghiém ciia phwong trinh b4t ki
trong mot lan can cua x da chi ra.

Nhw chiing ta dé biét, phim MODE 5 gitip tim nghiém ctia phwong trinh bac!
2, bac 3 va hé phuwong trinh 2 4n, 3 4n. V&i wu diém quét toan bo cécf
nghiém cta phu'crng trinh dang bac 2, bac 3. Nhwng né c6 1 nhu'o'c diemz
16n @6 1a voi céc loai phwong trinh vo ti thi khong giai dworc.
B&i vdy, phim SOLVE gitp ta tim 1 nghlem ho#c xét sy ton tai nghlem cﬁa
1 phwong trinh bat ky. :
x—4 5 P 23+1

du 1. Giao diém M ctia dwong thang (d):-

2 i
(P):2x—4y-3z=-8 la: ' |
A. M[S;_B;-?ZF—) B. M(:l;l’;Z). G M(7-15-T7) D. M(5;3;2)
Huwéng dan gidi
. : x=4+t
Phwong trinh dang tham s8 clia duwong thang (d):{y=5-2¢.
3 ; _,Z_.5_f“.'t:1'
" L. 2y
(x=4+1 ¥
y=5-2t

Vay giao difm langhiém ciahé { 5/—1

Z=
¢

| 2x—4y—-3z=-8




% Thay 3 phwong trinh dau vao phwong trinh cudi ta dwgc
A 2t +4)— 4(5 2t)—3. 5—2——+8 0

'AI;'Véy thao tic chuyén d vé dang tham s& réi nhap vao may biéu thitc sau
“2(X+4) 4(5-2X)-3. SX 1 +8” va 4n [SHIFT SOLVE], gia tri khéi dau

x-o v6i X chinh la dn ¢. Ta dwoc) két qué

T R r
Camsdbat G s

: 4(:&43 4(b—.£ ’)-—‘u
K= é
[Re i

vay X —1=>t—1:>M(5 32). Bép 4n: D.

Phim MODE 7 -

Chirc néng MODE 7 12 tao béng gia tn cha 1 hém s6 y=f (x). T béng gia

_-tn d6 ta quan sat, tur 'dé6:

. Timnghiém phwong trinh khi céc dap an cach nhau | khoang khong dai;

| - Dy doéan tinh don diéu clia ham s6;

E? " Tinh giéi han;

% . Duw doan dwgc min, max ham sé néu cé.

--;I Vi du 1. Nghiém ciia phwong trinh sin x+cos x =cos” x la:

A 0 B. — Crx D. —
| | 2 | | 2

Hwéng dén gidi |

Nhan thdy cac dap 4n déu cach nhau 1 khodng khdng asi lé — dan dén viéc

__'ftao bang kha thuan loi.

S 2
‘Ta nhdn MODE 7 nhap him 'f (X) =sin(X)+cos(X)- (cos(X)) -
|Chon gia tri khéi dau START: 0 (1a gi4 tri nhé nhét trong cac dép 4n)

i~ Chon gi4 tr; cudi END: 22—- g:é tri 16n nhét trong cac dap an

‘Buwéc nhay STEP 1a -’25 (khoang céch nhé nhit gitra cc dap 4n)

i
b
8
o
!

" Ta dwgc bang gia tri

£
¥
:




Vi

_chon gia tri kh&i dau START 100 (do giéi han khi x——> o)
‘chon gia tri cudi END: 200

Vi

32

day 1a 1 nhwoc diém clia Casio khi may tinh phai xi¥ Iy cic dir liéu s6 to d

Quan st thdy gi4 tri f(x}:O chi tai X=0= nghiém cda f(x)=
X =0.Dbap an: A. ' '

X x

du 2. Giéi han cia ham s6 lim 2 1a...

s 4 —1

Hwéng dan gidi

£ :’41 CALC rdi g& -

Né&u ta diung chitc ning ciia phim CALC thi nhép ham
gi4 tri ctia X 12 1 8 kha 16n nhw X =200. Khi d6 may b4o MATH ERRO

t&i hién twong tran s6 may khong tinh toin dwrge. Nhw vay ta cin chon g
tri ctia X phlt hop trong pham vi may tinh cé thé tinh duorc.

Véi tinh nding cia MODE 7 ta s& xir Iy nhe nhang bai todn nay nhwsau &
X 4% £
MODE 7 nhap ham /(X )= > +41 i

buéc nhay STEP: 20
Ta dwgc bang gia tri

N o -4_15,0 ERRoR]
{og | - zoo ||
3 +4%. '1'_

Quan sat thdy gia tri f(X)= ltal X =100,120,140,160 = lim PEP)

P4p 4n: 1.
Nhén xét: Nhw vay néu sir dung chirc ning phim CALC thi nén gan X ¢6 g"__'-‘-i"-'
tri< 160, khi dé may tinh sé cho ta dap an. x

du 3. Hé s6 cia x*° trong khai trién nhi thirc

SRR R i




1=‘

E.

(xv +_x1_“} =ZC; x'”—g-(ln—;‘-)- biét téng ba hé s§ ctia ba hang ti diu tién

i=0 X
trong khai trién béng 56 1a: : -
it B. 126 ' C.252 D. 330
4 Huwéng dén gidf
Ccich 1:

“Truwdc hét ta can phai tim n dya vao dir kién tong ba hé sé cia ba hang tir

dau tién trong Khai trién bing 56 & C*+C! +C? =56
./ - MODE 7 nhap ham f (X) XCO+ XCl+ XC2—56

' START: 3

I END: 13

k- STEP: 1

'j"-._f_..:,Ta dwoc bang gia tri:

| tathdy X =10=> f(X)=0:>n=10

+ Dé xac dinh hé s6 cua x**
3 V&1 céch théng thudng ta cén tim k théa man
L % oy Th— 40— k) =26

x4 (10=k)

Giai phwong trinh trén ta duwoc k=6

.,'.?.I'Q,Vﬁy hé s6 cia x*® 1a C, =210.Dap 4n: A.
i "'éch 2:

k=0 .

- D& x4c dinh hé s8 ctia xz" trong khai trién [x +——) ZC{; ——m

-f-- Ta gan cho x=10

' ‘Diing bang TABLE nhép ham 107*

‘nhay 1 | |
| (Xtrong bang duwgc déng vai trolak)

cho k chay tir 0 dén 10 véi buéc

1 04I(10—k} ’
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Khi @6 ta dugc bang gia tri:

‘Nhan thiy tai X =6 thi £(X) ;i'ozﬂ " ik gan x=10 thi f(X)=10
twong ing voi x*° :
Nhwvady k=6= hésb 5 can tim 13 C10 =210.

" 4, Tinh tich phin
* Ham chiva gid tri tuyét déi: *Ham c6 mil bdc cao:

Lwu y: P& &n gia tri tuyét ddi ta Vi du Cho tich phan

dung phim Shift + Hyp (ham Abs) 1998 + x°

Vi du: Cho tich phan j 1998 + x>

I =i(|x+1|~|x—-2|)dx Hay tim khéng dinh ding o
1 A . I<1 B.I>1998

Gia tri ctia I= ... 0

C.I>1

Ta du‘o'c két qua trén Casm nhu' sau:

2 1996+:~=;5 AN
_ 1 1998+P€ :

" | (et un?snnnze b
5. Giai phwong trinh bac 3 va hé phwong trinh thudn nhﬁt (24n,3 ﬁn) 4
a) Phwong trinh béc ba (MODE +5, 4) : -
Vi du 1. Gia tri ctia m d& do thi ham s§y= x°—3x" +3mx+3m+4 tiép xuc vﬁ;
truc hoanh Ia i

A. m=-3 hodc m=0 ~ B.m=3 hodc m=—'1'
C. meR D. m=1hodicm=%3 - . i
' Hwéng dén gidi

pé do thi ham s8 y = f(x) tiép xic v&éi mot du‘cmgthang d:y= ax+b

Thi phwong trinh f(x)=ax+b phai cé nghiém bdi.
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o

' van dung ly thuyét d6 ta s& thir cac gia tri cia m trong cac lyra chon dé tim
Y dép an: '

- Quan sAt chon céc gi4 tri m xut hign nhigu nhat trong cac ddp 4n, & day c6 2 gia
. tri m==3 xudthién & d4p an Ava D, m =3 xudt hién & d4p 4n B vA D,

V6l m=-3 ta c6 x*-3x*-3.3x-33+4=0e> x= 5.x=—1 la nghiém,
chimg t6 1 trong 2 nghiém I3 nghiém kép. Chon dap an A hodc D.

L V6im=3tact ¥ —3x*+33x+33+4=0 x=1, x=2+3i I3 nghiém,

: suy ra phwong trinh khéng c6 nghiém kép. Loai d4p 4n D.

-'Pap an: A,

* b) Giai hé phwong trinh

.y

| Hé bac nhdt 2 dn (MODE+5, 1)

Ao e o g L R T oo R O R it

e ep e g &

et

| Vidy 2. Cho cép 56 cong {U,} théa man: {° T 201 =7 b U, 1
u 0 cap so cong {U, am U,+U, =10 giatricia Uy,
8. 20 B. 29 C. 19 D.11

Hwéng dén gigi

' DdtdIa coéng sai ciia diy s6 trén ta cé U,=U,+d;U,=U,+2d;U, =U, +3d
o [3U,+2d =T
. {4d +2U, =10
\ HE béc nhdt 3 Gn (MODE+5, 2) | -
| Vidu 3: D5 thi ham s6 y = x* + ax® + bx+¢ di qua 3 diém
A(0:1),B(1;-1), C(~1; 3) thi phuong trinh ctia ham s& 1a:

T T T e

=d=2U,=1=U,, =19. P4p 4n C.

i T

§ Ay=x"+4x+1 | B.y=x’+2x*-1

b Gy= x*+3x—1 D.y= x’=3x+1

3  Huwéng dén gidi " A

L ‘* Thay Ian lwgt toa d9 cac diém A, B, C vio ham sé ta dwoc hé

ﬁ;f.f- c=1 - R, -
a+b+c=-2 bing cadch bAm may ta duwgc a=0, b=-3, c =1,

a-b+c=4 | |
Pap an: D.

6. Tinh toan vécto

Mot thurc t& cho thdy vige tinh todn cic phép tinh bing vécto diic biét trong
khong gian Oxyz dé 1am cac ban tinh to4n sai. Nén V61 chirc ning trong

¥
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MODE 8 va SHIFT 5 sé gitp viéc tinh toan vécto nhw tinh tich cé hu'o'ng,
tich vb ‘huéng hay dd dai vécto trey nén dé dang va c6 két qua chinh xc.
MODE 8 man hinh ¢6 hién thi 1:VctA? 2:VctB? 3:VctC? thi khi chon vecto
dau tién tanén nhap Ia VctA (bang cach bam 1) hién thi:
1:3 2:2
. 1:3: la vécto trong khéng gian Oxyz
2:2: la vécto trong hinh toa dg phdng Oxy
Néu lam phép tinh vécto trong khong gian thi ta bAm 1 va nhap céc gia tn
hoanh dd, tung do, cao dé cho vécto A.
Sau k}:u nhap vécto A thi bAm SHIFT 5( VECTOR) 2 (DATA) dé viao nhﬁ'
vécto: B (VctB). Nhap thém vécto C thilam twong tw.
Sau, khi nhap hét cic vécto can nhép thi bdm AC. - :
Céc phép todn trén vécto bing phim SHIFT 5 né hlén, ra DIM, VctA, VetB, VctC,
DOT, DATA, VctAns
Phép cing vécte: ta bdm SHIFT 5 3:VctA roi bdm + rdi SHIFT 5 rbi bAm
4: VctB .Man hinh sé hlen thi: -
VctA+VctB
" bdm=larakét qua, dé 1a. VctAnsl
Phép trir vécto: tirong tw phép cdng véeto.,

Nhdn vé hudng vécto: Mudn nhén vd hwéng VetA va VctB thi nhin -
SHIFT 5 3:VctA SHIFT 57:DOT SHIFT 5 4:VctB, Man hinh s& hién thi:
VCtA-VctBVCtA-VetB -
bdm = Ia ra két qua, dé Ié mét s8.

Nhén cé hwé*ng vécto’ Mudn nhén cé hwcmg VictA va VctB ta thuec hién thao tic sau:
SHIFT 5 3:VctA (bam déu. nhﬁn,} SHIET 5 4:VctB.. Man hinh hién thi: ;
Vcl:&chtB
bam = 13 ra két qua.va ty dong dwqc gan cho.vécto. VetAns.

VictAns thay d6i khi két qua, clia phép. tinh véeto (c6 két qua 1 vécto) thay dsi
Tinh todn vé&i VetAns. c:tmg nhw véi VetA va VetB hay Vet€).

Pé dcirF cua véct(r Vx du muon t'=_ d@ dal cﬁa V'ctz& thi nhﬁn

Tmh.‘géc cu_a 2_ vécto: Ta da ble_t cong thu’c tinh géc cﬁa.Z vecto' la

cQS.._.&',"-—'-_-gié_’—;r.
Rkl

 Bim SHIFT-COS, ({ SHIFT 5:3;VctA SHIFT 5-7:DOT SHIFT 5 4:VctB ):
~ ((SHIET HYP SHIFT 5 3: VctA] X (SHIET HYP SHIET 5 4:VctB))),
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lu 1. Cho tir dién ABCD biét A(2:3;1), B(41,-2), C(6:%7), D(1;-2;2).
‘hé tich clia tit dién ABCD la;
. 140(dvtt) B. 70(dvtt) C. _?3__9_ (dvtt) 0. '7559 o

Huwéng dén gidi

a da biét céng thivc sau: V,, :% [AB, AC], A Di ™

4n AB(2;-2;-3) cho VctA; Gan AC(4;0;6) cho VctB; Gan AB(—1~5:1) cho
ctA '

étquarala —75(2 Dép an: C,

dy 2. Cho céc di€m A(~1,2:0), B(~3::2), C(1;2:3)
., Tim khoéng c4ch giira OA v BC )

‘b, Tinh khoang céch ti¥ B déh dudng thing OA.

: __ _ Huéng dén gidi
’[OA BC]] ~ 05

[OoA OB]| W70

| oa) s

_Vidu 3. Cho hai mit phing (@) x~—fy+z 4= O ([5’) X+ y\/_—z =0. Gbc
tao bdi (@) va (B) 1a

k. Al 30° B. 45° | C: 60° D. 90°

Bri- Huéng dén gidi

| Mo Vet gan (1,—v2;1), m& VetB gan (1 v2;~1) Biéu thi¥c hién 1én man
f hinh ¢6 dangcos™ |(VetAVetB : (Abs(VetA) Abs(VctB))|

{ - Kétquala 60°. Pép 4n: C.

7 Tinh toan s& phirc

Dé thyc hién cdc thao tac tinh toan céc s6 phitc ta nhan MODE 2 dé vio
- mdi trwdrng phirc. SHIFT _2 ho ta 4 Iy

| b.dBoM=
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Trong do6:

1: arg: argument ctia sé phirc

2: conjg: s& phikc lién hop

3: Chuyén vé dang lwong gidc cla s phikc
4: Chuyé‘h vé dgng dgi s6 cua sé phu"r:

Tiy vao nhitng yéu ciu bai todn ma ta sit dung cac cong cu tinh todn khac nhay
Ngoai lam viéc trong mdi trwdng phirc (MODE 2) thi ta c6 thé tmh tod
truc tiép qua 2 phim
Pol: tim médun va argument cta 1 s6 phitc z
Rec: dé tinh cdn bdc n cia 1 s6 phitc z

Vi du 1. Tim médun va argument ciia s§ phitc z=3+4i
Puoc két qua: - .

B&i vay st dung cic cong thu’c Moivre vé dang lwgng giac lwong giac trong
sO phirc ta dé dang tinh dwoc cin bic n cha so phitc z=3+4i, nh& chirc

nang cua phim Rec

Nhuw vay cidn bac 2 clia z M:I3+4z lé z—2+: "
sin17° +icos17’

— cb dz_xng dai s6 la:
co0s28° +isin 28°

Vi du 2. S8 phttc z=

A. 1+ B~ | | [ o o D. -—~+-52~'

- Hwéng dén gidi :
Nhip bléu thu'c trén Casio (chi y cic ban can phai Vao moi truwong phu'c

truéc bing cidch nhap MODE 2]

Str dung cac phep toan trong mol tru'cmg phiic bang'

SN Yath & I TOMPI L T
M&.&Q&L&Eﬁ Aricpin A8

_GGS(E&J+;S;H(25

.0.707106781 2+El;
Pap an: D.
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dg 3. Cho z,,z, 12 hai nghiém cta phwong trinh x* +2(1+)x+5-10i =0.
im ménh dé sai trong cac ménh dé sau:

L. % __66+8i

Z, g 25

z’ +z; =106—46i D. z,z} +zz2 =—30+10i
| Huwéng dén gidi

A 77+ 2y =—10+28i B.

Tim nghiém z,,z,

- Tinh \/Z_X

6A=(G+1)?=5+10i ==5+12i

fr_ dung chirc nang Pol de t1rn mﬁdun vé. argument cua A

: Do ta dang can tinh can bac 2 nén nhép JX ,% néu l1a cin béic n thi ta sé

~ nhép ﬁ%
_ Vay phuong trinh cé hai nghiém I
g =—(14i)+2+43i=1+2i va z, =—(1+i)—(2+3i)=—3-4i
Tégénzl——J»Azz—aB ' '
“ Khidé ta tinh tirng d4p 4n
A z2 472 =—10+28i dwoc két qua diing.

L : T &




_ Vi du 1. Phuwong trinh mit phing (P) d6i xing véi mét phang (R):

p.o % 66+8i
Z & 25

Puwockétqui la

Vay dap an nay sai. Pap é.x.l B‘.-

Bai 2. Phwong phap tw duy loai trir |
Phuong phap nay c6 thé dung cho moi dang bai. Pua ra cac tidu chi dé lo:
bét hai phwong 4n trong lan dau (c6 theé lan dau loai 3 phirong an) va log

bét 1 phwong 4n cho lan thir 2. Khi d6 ta con lai phwong 4n can tim hog
tim dwoc phwrong 4n cén tim sau 2 1an thyc hién tw duy loai trir.

5x—2y+7z+2= Oquamatphanngzla
A ~5x+2y=T7z=-2=0 B. 5x-2y-— 7z 2=0
C.5x+2y+7z+2=0 D. -5x-2y-7z+2=0

Hwéng dén gidi
Cdch lam théng thwong:
- Tim giao tuyén d gitta m3t (R) véi mit (Oxz).
- Ldy 1 diém bat ki M thudc (R), x4c dinh di€m d6i xing qua mat (Ox
ctia M qua (Oxz) 1a M'.
- Khi @6 m3t phing qua M’ va chva d la mat d6i xéng can tim.
Cdch gidi nhanh:

- Nhan thiy 1 diém .. bat ky khi 1dy ddi xirng qua mat (Oxz) thi dugc dleméj;'-..fi

M’(x, ~y;z).Taldy diém M (0;1,0) = Piém dmxu'ng 1a M’ (0;-1 0)
- Thay M’(0 ;—1;0) vao cac d4p 4n thi chi c6 d4p 4n B va C thda man.
- Tiép tucta ldy 1 diém khéc N (1,0-1) = Piém ddiximgla N*(1;0;-1).
- Thay N’(1;,0;—1) vao céc ddp 4n thi chi c6 d4p C thda man.

bap an: C. -
Viy dé gidi quyét nhanh bm todn nay ta cdn biét:
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diém M (x;y;z) bdt ky khi ldy déi xtbng qua mt (Oxz) thi dworc diém
i6i xtbng la M’ (x ;—y; z) | |

f.j_;dié’m M (x;y;z) bdt ky khi Idy déi xitng qua mdt (Oxy) thi dwoc diém
_E;’ixc?ng la M’(x ;y;—z) ' |
.ﬁié}n' M (x;y; z) bdt ky khi 1dy d6i xing qua mdt (Oyz) thi dwec diém
di xing la M’ (—x; y;z) |

dch chon diém thudn loi dé€ tinh todn nhanh ( thwéng chon cdc diém ma cdc

anh phin toa d6 chiva nhidusé 0)

u 2. Phuong trinh mit phéng (@) qua giao tuyén ctia hai mit phang

@): x—=2y+12z2+3=0,(a,): x+3y~7z—2=0 dbng th¥i vudng goc véi

mat phang (8):2x+y+5z—1=0 Ia :

A x+8y—-6z—-7=0 B.3x+4y—-2z—-1=0

C.3x~y+17z+4=0 D. 2x+6y—2z—1=0

: Huéng dén gidi

Mt phang (@) x4c dinh b&i 2 yéu t6 qua giao tuyén d va vudng gbc véi mit

ph’ﬁﬁg (B):2X+y+52z~1=0 | | |

Vi{éc xét tinh vudng gbc gilra 2 mdt phing khéa dé& dang, ta chi cin xét tich vé

hwéng ctia 2 VTPT dé€ lwa chon céc d4p 4n théa man yéu té vudng goc.

Loai dap 4n A va C vi khéong vudng goc véi ().

Giao tuyén clia hai mit phing (,): x—2y+12z+3=0
(@%):x+3y—~7z—2=0 c6 dang hé.

~2y+12z+3= - - -
sl . @ ta ldy 1 diém thudc giao tuyén, M (—1;1;0) Ia diém
X+3y—-T7z—-2=0 ,

¥ *
.

- théa man hé. _. |
- Thay toa dd M (-1;1;0)vao cicddp 4an Bva D ta thdy B théa man nén chon

axz—gx—i-Z (x20)

(a_+ =9 (x<0)
© Tim a, b d& ham s6 c6 dao ham tai x =0.

fi

¥
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A;'a=2_.,b=-}- B.a=—2,b=—-l C.a=l,b=% ‘ D.a=2,b=—-1—'
3 3 3 ' 3
Hwdéng dén g:m
P& ham s6 c6 dao ham tai x=0thi ham s& phai lién tuc tai x= 0

hay ht{r}l f(x)= hr:}l_ lf(x) < a=2(loai B, C)
P& tim ra cu thé b thi ta tinh dao ham bén trai cho biang dao ham bén phai
¢=>b'=l—ab@b=1-—2b<=>b=% ;

Pap 4n: A. - &

Vi du 4. Gidi b4t phwong trinh: 2x—1)vV2x—1+4x*+4x <3
sl . - %zl
A.|2 2 B. o 1
“ X3 >x>5

C.V6nghidm D. Dap 4n khac

Huwdéng ddn gidi

Thay x = % vao bt phwong trinh ta thdy théa mén, suy ra loai ddp an Bva C

Tiép tuc chon x sao cho/2x—114 s8 chinh phwong va khong thudc dap an A

Thay x =1thi bat phu'o'ng trinh khong théa mén vay loai A.
Pap an: D
Mét cdch kha'c.

(2x— 1)\)21: 120

T diéu kién x = >-—
2 4x* +4x-320

— (2;—1)\/2x—1_+ 4x* +4x<3

& 2x—1D)V2x—1+4x* +4x-3<0
2x-DV2x-1=0 1

= S x==
4x* +4x-3=0 : 2

nén bit phwong trinh ¢6 nghiém duy nhat x=0,5. Pap an: D.
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u 5. Cho tam giac ABC c6 A(0;4), B(—3;0), C(10;4), goi M Ia chan duong
han giac trong ctia A, Toa do cda M la:
p.(3,-2)
\4 4

3 3 4 5 X3 3
_'IcéA B théa méan thudc phu*cmgtrmh ducmgthang BC: 4x— 13y+12 0

Hwdng dén gigi

du 6. Pudng tron c6 tdm & trén dwong thing 2x~ y+1=0 va di qua
2 diém M (1;2) va N(2;3) c6 phwong trinh la:

x—§)2+(y+§)2=2 B. (x-1)*+(y-3)" =

2 2 |

(x+2)2+(y—3)2=16 D. (x+2)* +(y+3)* =25
Hwéng dﬁngrdr

B.8 C.2 D.10
e Hwéng dén gidi

- Ap dung BBT Bunhiacopxki

(x* +4y* + zz)(l+%+l) > (x—-y—z)z = (x* +4y" +2%) 24,

" Pap 4n: A
' Vé&i nhitng ban khong biét c4ch ép dung BDT Bunhiacopxki thi ta c6 thé si
*dung céch loai trir bing viéc chon bd (x; y;z) théa man diéu kién:

~ Chonbd (L,~1;-1)= F =6=loai dap 4nB, D.

Khi d6 viéc chon 1 trong 2 dap 4n con lai cling 1am ting xac suit chon dap
- .an dang.
Vi du 8. Cho AABC véi A(2;2)va du‘o'ng cao xudt phat tir B, C ¢6 phwong
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trinh 9x—3y—4=0, x+ y—2=0. Phuwong trinh dl_rcmg cao ké tur dinh

cuda tam giac la:
A 5x-T7y+4=0 B. 7x-5y—4=0
C. 5x+’?y—-24=0 - D.7x+5y+24=0

_ Hwéng dén gidi
Cdch logi trie: Do phwong trinh dwong cao ké tir dinh A = loai B, do toa dd
khong thudc 7x+5y+24=0. Tim toa dd truc tdm H la nghiém cia

9x—3y—4=0 5 7
{ e, mH(E;ZJ chi c6 phwong trinh 5x—7y+4=0 di qua

x+y—2=0 6 6
- Pap an: A.
Vi du 9. Cho ham s6 yn—% 6 dd thi (C). Tiép tuyén cta (C)
, x—

M (0;~2) cét hai dwdmng tiém can ctia(C)tai Ava B, Toadd ciaAvaBla

A. A(l;—éj,a'(s;é] | B. A(—I;EJ,B(S;E]
2 2 : 2 2
C. A(—I;—_),B[l;—z) . D. A(L 2) B(-5;2).
- Hudng dangzm

A, B phai thudc d6 thi 2 duwdng tiém cdn clia @ thila x—2y=2vax=1né
loai cac dap 4n A, B, D Pép én: C. |
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1 3. Phu'-o_'ng phap tw duy dic biét héa - téng quat héa

alﬂ cach téng quat héa la téng qudt héa dé bai va téng qudt héa d‘ap dn.
nhiing bai toan cé dap an rét tinh vi thi phwong phap nay té ra rdt hiéu

ta cin vén dung linh hoat phuong phép nay cing véi may tinh Casio
6t s6 phwong phép kh4c dé ting tinh wu viét,

BIET HOA

g nhiéu bai todn phitc tap, viéc lgi dung dua bai toan dé vé truwdng
p ddc biét gitip viéc gidi quyét bai todn tré nén don gidn va dé dang hon,

1. Tinh tién do thi hAim s6 y = x* ~3x 16n 2 don vi theo chleu dwong cla

y==x" +3x ' D. y (x+2)3—3(x+2)
Hwé'n,g dén grd:

1éfp tuc chon diém (1; —2) tinh tién dwoc dl‘e"m(l 0) thi chi cé phu'o'ng 4n B
; hams8 y=x*-3x+2

Néu tinh tién dd thi theo chiéu dwo'n,g Oy Ia a don vi thi ta duoc db thi ham
56 y= f (x)+a;

Néu tinh tién db thi nguwoc chiéu dwrong Oy laa don vi thi ta dugc db thi
hdm s6 y=f{x)—a;

+ Néu tinh tién dd thi theo chidu dwong Ox la a don vi thi ta dwogc db thi ham
56 y= f(x+a);

+ Néu tinh tién db thi nguoc chidu dmmg Ox la a don vj thi ta dm:rc a‘B thi
ham s6 y= f(x—a).
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Vi du 2. Cho ho dwdng thing (d,): (1-m?*)x+2my+m’ —4m+1=0. 5
Khi tham s8 m thay d6i, (d,,) luén tiép xiic v&i mot dwdmng tron C c§ dinh,
C c6 phwong trinh 1a: '

A x-D*+y*=1 B. x*+(y-1)* =1
C 2+ (y=-2)P=1 D. (x+1)* +y* ..1
Hr.rd'ng ddn gidi

Nhén xét: Ca 4 dap 4n déucoé R=1 nén d(I;d) =1 véilla tdm dwong troy
Pacbiét héa: Cho m =0, khi d6 phwong trinhdla x+1=0

Khi d6 ta xét khodng cach tir tdm I ca dwdng tron trong 4 dép an,
Né&u khoang cach d6 khong bang 1 thi ta loai.

Vé’ldm‘rngtrbn (x=1)*+y*=1=1(1,0)=d(1.d)=1+]|= 2%1
Vé’ldu'angtron X +(y-)=1=1(01)=>d(1,d)=|0+1=1

V6i dwdomg tron x* +(y—2)* =1=1{0;2) = d(1,d)=[0+1|=
Véidudng tron (x+1)°+y* =1=I(-1,0)=>d(I,d) =|-1+1=0=1

Nhw vy taloai dap 4n A, D.
Tiép tuc cho m =1, khi d6 phwongtrinhdla: y—1=0

detro'ngtrbnx +0- -’ =1=1(01) = d(I, d)=|1- 1|#0¢1:>103113

Pap an: C,
Lwu y: V&i diém M(xoy.) thi khodng cdch tir M dén 2 dwing thdng sau
(A):x+a=0=d(M,A)=|x,+d|

(A):y+b=0=d(M,A,)=|y,+b|

. o me el 1.
Vidu 3. Paoham cdpnciahamsé y=——1a:

1=—x
,  nl . n! . (n+D! . (n+D!
A'y= : n.' B'y= ntl o 'y=( )n -D.'y=( 351-1
(x-1) (x—1) (x—1) _ (x—1)
Hwéng ddn gidi . |
- Néu lam tryc tiép bai todn nay thi né sé r:?it khé khan, nhwng dya vao ¢

ddp én ta chi cﬁn xét dao hém.c’a'p 1: y'=

W
| (1— x)*
Thay n=1vio 4 dép 4n d6 xem dép 4n nao tring véi (*) ta duoc ngay
Bap an: B
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Chu y: Néu thay n =1 ma cé nhigu dap 4n thoéa man thi ta tiép tuc xét dao
ham cép 2 rdi thay n =2khi d6 sé& loai b6t dwgc cac dap an.

du 4. Gid tri ca a, b, ¢ dé f(x)=ax* +bx+c c6 dao ham f'(x) théa man
F)+(x=1)f'(x) =3 1a: '
Aa=b=c=1 B.a=b=1;¢c=-1
Ca=-1;b=c=1 D.a=b=c=-1

Huwéng dén gidi

 Thay x=1tacéd: f(1)=3=a+bte

Papan: A (vicéa+b+c=3).
Néu lam khé hon bai toan bing cach thay dapanDthanh D.a=b=2,¢=—]

- b thi sau khi thay x =1 s& con 2 dap an A, D.

Khi d6 ta sé thay ngwoc lai d& bai dé€ tim dwoc dap 4n ding
Véia=b=c=1tacé f(x)=xz+x+l=>f'(.x)=2x+l

Pap an: A.
(n+1)r
du 5. Cho tich phan 7, = [ sinxdx,ne N. Gi4 tri cia I, theon la:
A. I, =2(-1)" B. 7, =2(-1)™"
C. I, =2(=1)" D. I =2(—1)*"
Huéng dén gigi

e ==cos[(n+1)z]+cos( nIT)

Tinh dugc I, = —cos x
Thay n=0thi 7, = —cosz+cos(0r) =1+1=2. Loai A, B
Thay n=1thi I, =—cos(27)+cos(7z)=—1-1=—2, Loai D

Dap an: C.
du 6. Cho hinh chép S.ABC c6 SA, AB, AC d6i mdt vudng géc. Goi M nim

trong mdt phang(SBC). Goi d,,d,,d, 1A khodng cich tir M dén cac mit
phang (ABC),(SAB),(SAC). Khi dé

A.d‘—*rd2+a!3=l B.d’+d2+d3=1
SA AC AB 2 SA AC AB
c G d, d_, p. 4, d  d 1
AC AB SA AC AB SA 2
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SA 0 0
thay ddp 4n B théa min — + — 4 =1,
yaapan Bthoaman o+ st 1B

Papan: B
Il. TONG QUAT HOA

- Ddc diém bai todn c6 thé ding dwgc phwong phdp téng quat héa:

Vidu 1: Tich phan I= Jemdx cod glé tri bang:

Cdch 1: C6 2(e* +€) =10,107; 2¢? +1~15,778; 2e(e+2) =~ 25,65;

: Dap An: D.. | __ | _
Cdch 2: Thiy dang téng quétca dépdnla 2(e®+ X)

Huwéng ddn gidi -
Ddc biét hoéa, ta cho diém M tring véi S (vi M c6 thé la bat cr diém ni
trong mdt phang (SBC)) khi dé d,=d;=0, d -AS thay vao céc dap an t;

- Khi d& bai dang cic d4p 4n cé c4u tric twong tw nhau. Qua ciu truc dé ta
tong quat héa d4p 4n.

- Dbéi khita con tong quat héa de bal dé suy ra dang ctia né.

A 2(*+e) B. 2% +1 C. 2c(e'+~ 23 5 - D, 2(e* +1).
: Huwéng dén gigi

cac dap.dn bén dwéi. Véicach 1am nay ta nén ding 2 may tinh; mét may d
tinh tich phén, may con lai dung tinh cic dap an dwa v& dang sé thap phan
dé€ so sdnh két qud gin nhit.

Tacéd I = J‘ e T ax ~ 16,778

2(e* +1) = 16, 778

Nhép biéu thitc 2 (e* + X ) vao mdy tinh va nhén phfm CALC, khi méy héi X=7
thi lan lwgt thay X bing 2e, 1, 4e; 2... va xem tai gia tri nio cia X chora

nhanh hon, khi-dd d4p:4n. N6 sé rdt hivu fch dic biét 1a trong cédc bai toa
c6-dap &n cong kénh va cdu triic twong tw nhau.



¢h 3. Viét lai cac dap 4n
2% +2e B. 2e* +1 " C.2e*+4e D. 2¢*+2
han thay cac dap z’m déu chira 2e® khi d6 ta tinh

-—J e dx —2e?

&u ket qua la 1thichonB
&u két qua 1a 2 thichon D

éu két qua khong ié s6 dep trén thi s& 13 A hoic C. Khi d6 ta tinh tiép <

gu ra két qud 2 thi chon A, néu ra két qua la 4 thi chon C.
a duoc két qua

C
Id JE—'-';E dH—zgz .
2000000001 |

PAp 4n: D.
du 2. Cho tam giadc ABC c6 A(=5;6), B(-4;-1), C(4;3). Tam [ cla dwong
tron ngoai ti€p tam gidc c6 toa do la:
. I(1;3) B. I(-1;3) C. I(3;-1) D. 71(-1;-3)
L Hwéng dén gidi |
Am dwdng tron ngoai tiép théamin JA=IB=IC.Goi I(x; y)tacé
IA® =IB* & (x+5) +(y=6)" =(x+4)* +(y +1)’

= (x+5)l+()!—6)3 —(Js:-!,—4)2 -“(y—i—l)2 =0
éuIla tAm dwdng tron ngoai ti€p tam gidc thi cac toa dd ctia né phai théa
mén phwong trinh trén, béi vay ta chi can thir toa do cta I trong cac dap an
bang cach dung Casio nhip ham: ;
(X +5)* +(Y =6)" (X +4)" = (Y +1)’ —L
Thay céc bg (X, Y) bang toa dd I & mdi dap an, thdy véi 1(~1;3) thi
145 +(3-6)>~(=1+4)>-3+1)*=0
Bap an: B,
Chi y: Néu co trén 2 dap an théa man ta can phai thiét 1ap thém mdéi quan
quan hé.
1IA* = IC? ho¥ic IB* =IC* dé& chon dwgc d4p 4n cudi cling.
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Vi dy 3. Phwong trinh tiép tuyén cia (C): (x=3)" +(y +4)* =169 tai
A(8;—16) thuge (C) la: |
A. 5x+12y—-232=0 | B.5x—12y+232=0
C.5x+12y+232=0 D. 5x—12y—-232=0
Hwéng dén gidi |
Céch 1: Thay toa 4o A(8;—16) vao 4 dap 4n loai nhitng dap 4 an khéng thoa'.
min 1a cac d4p 4n A, B, C. Vay, chon dap an D.

Néu c6 hhidu d4p an thda man ta xét thém y&u t5 JA vubng gbc voi tiép
tuyén & cach 2.

Cdch 2: Cho vécto 1A vudng goc véi tiép tuyén (v6i I(3;—4) 1a tdm dudmgtron (C
Cdch 3: St dung tinh chat d(I,d)=R=13.
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Bai 4. Tw duy truy hoi

ong cac bai todn nhw tim tip x4c dinh, tip gia tri, tim min - max véi cc
p 4n dwgc cho dwdi dang khoang, doan. Ta sé mat kha nhiéu thdi gian véi
{ing céch giai thong thwong, boi vay bing viéc loi dung cac d&u mait clia mbi
odng, doan ta c6 thé tim dwoc dap 4n mdt céch nhanh chéng va d& dang hon,

ju 1. Ham s8 y =+/x—x* c6 tap gia tri la:

_6%] . B. [0:1] C. [O;ﬂ ._ D. [0:2]

Hwo'ng dﬁn grd.'

g tw duy truy hoi:

a s& xet xem dau mut ndo sé thudc tip gia tri (Mot dau mit a thudc tip
ia tri khi va chi khi phwong trinh \)'x ~x* =a & x—x*>=a® cé nghiém
udc tap xac dinh).

a s& thi lan lwot tir gid tri tly 16m _dﬁn nhé

61 a = 2, dung mdy tinh Casio bdm MODE 5 3 (giai phwong trinh bic 2)
—x+4=0——> v0 nghiém

ou a=l, dung may tinh Casio bAm MODE 5 3 (giai phwcrng trinh bac 2)
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Véi a =%, diing may tinh Casio bAm MODE 5 3 (gidi phwong trinh béc 2 '
2 1 1
xt—x+——x=—
+ 2

Pap an: C.
Cdch khdc: dung chirc ning bang TABLE ta nhap ham VX — X? v&i START: (!
END:1, STEP: 0.1 | L

Khi do quan sat ban_

D& dang dy doan min = 0, max =% ;

Pap an C.
Vidu 2. Ham s6y=vx—1+2J3—x c6 tip giétrﬂé: _ :
A. [ﬁ;«/ﬂ B.[vV2:2V5] € [2v2:3] D. [V2:V10]}

Huwéng dén gidi
V&i cdch thong thwdmg ta di im min -~ max trén khoang tap xac dinh [1 3]

-—-——-—-——w(}@lﬁ 1—-y/3-x=0

W s N e

Dung Casio nhap ham 2VX —1—+/3 - X —SHUTHCALCX= |, ¢

W~
T

ta tim duwoc nghiém x =-:5£'

Tinh »(1) = 2V2,3(3) =V2. y(] r:,mmy Imaxy—r
Pap an: D .

Diing tw duy truy haoi:
Ti¥ cic dap 4n ta chon cic ddu miit clia cic doan va sip xep chung theo th

tu'tangdan
x/———>\/——>2x/_—>3—>\/_—>2f
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khi va chi khi phwong trinh @ =+x—1+2J3—x c6 nghiém thudc tap xac dmh]
a sé tht Ian lwot tiv gia tri tir 1on dén nhé

ng Casio nhép ham vx—1+2v/3-x—-a

&1 a=2~/5 ta cé phwong trinh Jx=1+23-x~2/5 =0 vb nghiém

i a=/10 taco phwong trinh x=1+2/3=x=/10=0 ¢6 nghiém

4p an: D,
u3. Him s6 y=¢™ ** c6 tap gia tri la:

[0;%) B. (0;4‘/;] C. (0;\/;] | 15- (0:/e)

| Hwéng dén gidi
h lam théng thwdng
6 y'=(:-2:vc~i-1)e'Jtﬂﬂf =& x"—”;—
Ta ¢6 bang bién thién:
% -t -12- e
L4 B + 0 =
-
¥ /,—"/ \\\M\H‘M
//// h‘k\\"‘“m.

Pép 4n: B,
ng tw duy truy hoi: Ta sdp xép theo thi tw tdng dan cdc ddu mit
Do bién trai ctia cic dap 4n 13 0 nén ta sap x€p bién phai theo chiéu giam
TR | 1 '
Je=e? 5 He=e*
1 1 . _
Véi e? taduwgec e2 =™ 7 & -;— =-—x* + x phwong trinh nay v6 nghiém. Ta
loai d4p 4n C, D.
Véi x=0 ta du’qc' O=e
Pap an: B

Lk (vd nghiém) nén loai A.

s& xét xem d4u mut ndo s& thudc tap gia tri (1 dadu muat a thudc tép gia
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Vi

Ding tw duy truy hoi:

~Véi gid tri ndo ctia m lam cho phwong trinh y’ = 0vd nghiém hoic cé

54

Chii y: Néu khi ta thay vao ma tit cd phwong trinh déu vé nghiém ltc
chwa thé két luan dwoc gi va phai chuyén vé gi¢i han dé tim cén trén va
dwéi ctia ham sé.

dy 4. Choham s8y =x* —(m+1)x* —(2m* —3m+2) x+2m(2m-1).
Gi4 tri ctia m d€ ham s8 ddng bién trén [2,+) Ia:
A . m<5 _ B. —2:§m$-—§- Cm=22 D.mz——g—.

: Hwéng dén giai
Ta cé: y'=3x"-=2(m+1)x—(2m* —3m+2)
D€ ham s& d6ng bién trén [2;+ec) thi y'>0,Vxe [2;+)
Vé1i cach thong thwong sé phai xét
3x* ~2(m+1) x—(2m* -3m+2) >0, Vx& [2;+e0) mét nhigu thoi gian.

Sdp x€p cac dau muit dap an: —2—)—% —>%—> 255

nghiém <2 thi gi4 tri m 46 s& théa man (do y’ c6 hé s8 ciiax® 12 3>0 nénj

XE Xy
néu y’ =0 c6 nghiém x,x,(x, <x,) thi y'20®[ o ? vay dé
xS
¥'>0,Vxe [2;+00) thi x, <2)
dfu ciia y' o ) — L +
1 2 2
, x=2 :
Véi m=—2¢6 y'=0=3x*+2x-16=0= g8 —— thoéa min, loai
X=—= :
2 :
dap 4n C, D.
x=2—-% :
Véim=5c6y'=0e 322 —12x—37=0 73 = khong thoa mény
' xX=24—=>2 | i
i N
Pap an: B.




4c ban c6 thé thir voi m= —% d& thém phin chéc chan

3 x==1<2
&ichd m=——, '=06 35 +x+11=0& 5 _ —> théaman.
i 2 x=-§<2

ju 5. Gi4 tri nho nhét, 1on nh4t ciia ham s8 y =+ x* —6x la:

B.1va3 C.0va3 D.2vaé6

. Hwéng dén gidi

Tép ¢ dinh: D = (—o0;0]U[6;400)

Ta c6néu a la glé tri 16m nhét (nhd nhét) ctia ham s6 thi digu kién can la

«f:c _6x =a cb6 nghiém thudc tap xac dinh.
Xét phu'o'ng trinhvVx*—6x =0 x=0, x=6

A.Ova?

vay O la gi4 tri nho nhét cla

h&m s@.
Xét phuwong trinhVx*—6x =9 & x= 343410 ¢ D,vay 9 khong la gié trilom

phat ciia ham sé.

Pap 4n: C.

dy 6. GTNN va GTLN cta ham s6 f
[0, 4] 1a:

A. -10 va-2 B.1va3 C.-10 va 8
Hwéng dén g:d! '
Phu'cmg trinh f(x)=-10 & 2x’ —12x* +18x—10
o x=0,x=3e[0;4]=>-10 1a GTNN

2% —12x* +18x— 10-—8

(x)=2% —12x* +18x—10 trén doan

D.1va8

=-10

Phu'o*ng trinh f(x)=8&
& x = 4,4¢[0;4] = 8khongla GTLN

‘Dap an: A,
i du 7. Gia tri ciia x d€ tai do ham s6y=x

- [0;4] 1a:
A1 B.3

3 _.3x* —9x+28 dat GTNN trén

C.2 D.4
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Huéng dan gidi
Dung may tinh Casio nhap ham X°—-3X?-9X +28 ¢ ._
Ta gén X bé&i cac gia tri ma dap an da cho, chon dap &n twong &ng véi X o
GTNN ;

X =1—17 X =3——>1
X m2—6 X =4—8
Chon dap an B ing véi X =3. “
Pap an: B.
Vi du 8. T4p xéc dinh cta ham s8 y =/log,(x’ +1)log,,, x—2 la:
A. D=[2;+00)  B.D=[L+) C.D =[0;1] D.D=R
' Hwéng dén gidi

Dung tw duy truy hoi:
Sap x€p cac dau mit dép é4n: 0 — v

Ta c¢6 diéu kién xac dinh ctta ham logarit Iogx y, Ia x > 0 y > 0 ®E],
Dé thay voi x=0,x=1thi log (x’ +1) khong xac dinh. Loai dap an B, C,

Pap an: A.
BAI TAP TU LUYEN
4 (x+1)
1.Hamsé y= 2 1 3 c6 tip xdc dinh la:
log, | ~—x+— '
gz( 2 2] | |

A. D=[-13] B. D =(3;5] - C.D=[-L51\{3} D.D=[-15
2. N&u 0< x<1 thi gié tri cyc dai chaham y = []g (%)] la:

A. 4 B.9 . .25 D. 100
3. Bat phuong trinh log, log, (3“ —9) <1 cé nghiém la:

A. x<log,10  B. x>log,10 C. x>log, 10 D. x<log,10 |

4. B4t phuwong trinh 3°~* +(x* -4)3? 21 ¢6 nghiém la:
A. D =[2,+0) B. D = (—0;—2]
C. D =(—o0;—2]U[2;+o) D. D =[-2;2]
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('—oo;-—l)u[o- +oo) B. (—oo;—l]U(O;+°°)
(-1;01 ' D. [~1;+<)\{0}
m s6 y = 5cos2x —12sin 2x c6 tap gid tri 1a:

ji'[-12;5] B. [-5:12] c. [-13;12] D. [-13;13]
é_fn s8 y = cos2x nghich bién trén doan
z 3z ' :
1 05— 0;— C. |0; D. |-,
4 B [0 [0:7] =

cotx

TX‘D ciia ham SD y= T= la:
o sSin x

'A.xzo B. x22 C. x>2 D. 0<x<2.
PAP AN
2.B [3.C |[4.C |5A leo 7.4 ]8.C [9.B |

:Chu_y- Bai 3. C, hwémg din: Thir véi x bidng 3 gia tri
x=1log,10,x>log, 10, x <log,. 10.

Bai 5. Phwong phap tw duy wéc lwong
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. LY THUYET
Phwong phap tw duy wée lwong cb tac dung 16m d6i véi loai bai toan ti
gia tri, so sénh gia tri trong cic phan nhu tich phan, lwong giac, gia tri min-may
hinh hoc Oxyz, hinh hgc Oxy va hinh khéng gian. Di khi c6 su bién déi k
hop véi wée lrong. Néu dung dugc phwong phdp nay thi sé 1am bai r
nhanh vi chi thwc hién cac phép bién d8i nhe nhéng hodc thdm chi kho
cin dit bat.

Vidy 1. Cho (C):y="""2
xX+m

(m =t0) Pwong thing nao sau diay khong l1a tr

d6i xirng cha d thi ham s6 trén:
A, y=%—x B. y=x+2- C y=2x+1 D. y=x+-§

| Hwéng dén gidi
- U6c lwong: Truc d6i xirng cia ham phéan thirc 1a dudng phan gidc cia
2 dwdng tiém can. Ma (C) c6 2 duong tifm cdn la y=m va x=-mn

dwong phén giac phai ¢6 VTPT 1a (1;1) hodc (L—1). Vay dLm'ng y=2x+
khéng la truc d6i xitng clia do6 thi.

Pap an: G
- 2 _ 0
Vidy 2. Cho ham s§ y = > 1% +12x+1 . S8 di&m trén db thi ham s8 ma toa
%
ctia chiing déu thudc Z * la: T
A2 B.3 C. 4 D.0O
Huwéng dén gidi

Cdch thong thuong: Vé&i nhirng ham sé phan thirc c6 bac clia tir1é6n hon b

cia mau thi dé tim toa dd nguyén ta cin thuc hién phép chia da th
3 2 _
y=x +x 2x+1=x2_2+_2_
x+1 x+1

khi d6 d€ ye Z < (x+1) thude U'(3) ={-3;~-1;1;3}..
Voi x+1=1=>x=0¢Z ——loai |

Véi x+1=3=> x=2=> y=3—— nhén

Véi x+1=-1= x=-2=> y=—1-—— nhin

Véi x+1=-3= x=-4= y=13——> nhin

Véay c6 3 diém théa min. Dap 4n: B.
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ang uéc Iwgng: V6i cach nay ta khong can phai chia da thirc cu thé, chi can

iét khi chia da thirc thiy sé c6 dang y =...+—-§I_—1 khi d6 d€ y nguyén thi
' X

hi (x+1)e U(a), do 1luén 1a wéc U (a) khi d6 c6 x+1=1=>x=0,

4t khic diing Casio bdm x* +x* —2x+1=0 thi luén c6 nghiém lé. Vay véi
/xe Z thi y #0=> s6 diém théa man yéu ciu ludn la s& 1&.

ap an: B.

| x* -3
_ X+2
'5ng d:y=-2m cit dwong cong tai 2 diém phéan biét:

. m e (—o0;2) U (3;+20) B. me (1;2)

u 3. Cho dudmng cong y = (C) . Tap hop cac gié tri cia m d& duong

€ (—oo;3) D. m € (~o0; 1)U (3; +o0)
_ Huwéng dan giadi
h théng thwong: Xét phwong trinh hoanh d6 giao diém

=—2m & x> -3 =—2mx~4m ¢ x* +2mx+4m—3=0(*)

& d cit (C) tai 2 diém phén biét thi phwong trinh (*) phai c6 2 nghiém
hac ~2
“[A'=m?=4m+3>0

;iR &Sx<1,x>3
—2) +2m(—2)+4m—3#=0

ting wée lwong: Dya vao dang do thi thi khi m tién dén .
“vb cling thi dwdng thing d ludn cit dd thj tai 2 diém | °1
phéan biét (d6 thi chi cdn hinh dung khéng can phai /\ ‘
xéc dinh chi ti&t), loai d4p 4n B, C. ' |

_Con A, D thi thir m biing 1 gia tri thudc A nhuwng khéng thudc D ding Casio
tim nghiém ,
x*=3+2m(x+2) =0, &n méy v6i gid tri m = 1,5 thdy v nghiém, loai dap an A

‘Pap 4n: D.
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1
Vidu4.Cho I = Ix“e"‘dx, ne N*, Hé thirc ding la:
0

AL, =nl C.I, =(n+DL
B.1  =—1+m+L D.I_ =(n-1L
‘Huwéng dén gidi

* Ta thdy néu dap 4n A, C, D diing thi II sélasd nguyén (vinla s6 tw nhién} -

: & um . _ ' i I AR
Vay ta thir thay tai n=1, bdm may 3 lan tinh I, I, i—Z va thiy —1—2- kho

nguyén nén ioz_ﬁ A, C,D.
Vay dp 4n dting 12 B (cn thin hon nira; Thit lai thily I, = _1 +21, 1a ding)’

Vi du 5. 55 cdp diém A, B trén db thi ham s6 y =x>+3x*>+3x~1ma tlép tuyi

tai hai diém d6 vuong goc véi nhau:

A. Voséciap ~ B.1lcidp C. Khong ton tai D. 2 cip
Hwéng dén gidi | '

Dwa vao dang db thi ta cé két luén cén chi ¥y sau _ T :

+Vé&iham bédc 3 khi y’=0 c6 2 nghiém phan biét thi tén tai vo s6 cép &Ie

{A, B) ma tiép tuyén tai 2 diém d6 vudng gbéc véi nhau. .
-+ V6&iham bac 3 khi y’ =0 ¢6 nghiém kép hodc v6 nghiém thi khéng ton t

vo cap diém. (A, B) ma tiép tuyén tai 2 diém dé vuﬁng goc voi nhau
Véi Iy thuyét trén ta cé y'=3x>+6x+3=0 < 3(x+1) =0
= y'=0 ¢6 nghiém kép. Pap 4n: C.

Vidy 6. Cho 2x+3y =10. Gid tri 16n nhat ciia P = x?y® Ia:

A.32 . B.S5 €28 D29
A - Hwéng dén gidgi il L
25 125

UGc Iwgng: Cho x=y=2 thi P =32va cho 2x 3y =5 thi P—z- oy ™

thdy max P > 32. Loai dap 4an C, D.
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_1o-3y

g Casio nhap ham f(X) =(£:2-3£)X3 —55, st dung chitc niing CALC

| 3
khéc: Tac6é y e 10;2}{ = [10—3-2)(]

“_an thay cac phu'o'ng an déu la s6 ty nhién nén max P thudng dat duo'c
x cfing 12 s6 tw nhién. Loi dung diéu d6 ta lap bang TABLE

3
Khi d6 quan sat cac gla tn tmng béng

. 3
10-2X
i f(X)=X? (—2—) , START: 1, END: 20, STEP: 1

: @ --'Math"' '
F(H:l s il
lBuSEE

R | El aaa

ap an: A.
u 7. Cho tam gidc ABC c6 A(2;3), B(0;1), C(6;-1). Toa d@5 diém nao sau
4y 1a chan duong phan gidc ngoai ha tir dinh A xudng BC?

2 . . T o)
.[2,3] B. (=6;3) o C. (-5;-2) D. (3, 1)

__ Hwéng dan gidi

01 D 1a chan dwdng phan gidc ngoai ha tir A xudng BC. Khi vé toa do A, B, C
trén truc toa do ta thdy D chi c6 thé ndm & goc phan tw thi 2, véi tung dd
du‘(mg va hoanh dg am.
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N N i L 3 L I I " 1 M "
T t L3 T t T + t t t + t t
=5
-2

Cdch khdc: Goi E 1a giao diém AC véi Oy, khi d6 dé dang kiém tra tam giic ABE

Pap an: B.
m _.é ' ) .
Vi du 8. Cho tich phan 1= I :2 ildx.Vé'i moi m théa min 0 <m <1 thigia tri
A.I>0 B.I<m CCI>m - D.Ix1
' Hwéng dan gidi
b f{ix}=zM

Pinh ly I=!f(x)dx ma ijSm trén doan [a;b]

I2M(b- '

ibea) (b>a)
ISm(b—-a)
6 _ m_é '. :

Ta Cé. ; :i <1, Vxe (0;1)2’?: J'—:z—z—:—]idx< 1.(m—O)=m.Bép an: B..

Vi du 9. Tim s6 nghiém cda phwong trinh sihx=-§~ voi diéu kié

A.2 B.3 | C.4 D.5
Hwéng dén gidi
Ta c6 s8 nghiém phwong trinh sin x’-:% chinh 13 s8 giao diém ctia 2 d6 thi
y=— vay =sinx
3
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po do thi sinx ¢6 dang séng va ctr sau chu ki T=2m lai ldp lai hinh dang

t khac xe [—g—,———] vira @G 2 chu ki, nén dudong thing y._— sé cit

o i St dyngbiing TABLE nhp ham £ (X) = sz—-%

L7 n
iSTART:——,END:——-—
4 3 3

ia quan sat s§ ldn ma gia tri £(X) d6i ddu d6 chinh 13 s6 nghiém cia

STEP:—-

'hu'ong trinh.
ju 10. Cho miit cdu (S) tdm 1(0;-1;0) giao véi mit phing

P):x+2y+z=4 theo dwong tron c6 ban kinh bing V3 . Piém nao sau

| ay thube (5)?

. (0;-1;3) B. (11;0) C. (2;0;1) D. (-1;0;-2)

- Hwéng dan gidi
)& diém M thudc (S) thi IM > d (I,(P)) =6 . Thit cic dép 4n ta thiy chi cé

L
iém M (0;~1;3) 1a thda min. Pap 4n: A.

BAI TAP TU LUYEN
 Phwong trinh log, x+2log, x—2—log, x.log, x=0 c6 nghiém l:

X= 5 x=1 c x=4 D. X=5
X= [ x=6 x=7 =
Phwong trinh 3.3%* +2.32*122 _gV12=2 — ) ¢§nghiém la:
X=3 B. ? 1 i D. [x._z
Ax=1 X=— Xx=2 Xl
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»

4, Bat phuong trinh i\/::+x/x—1 \/3)( 2 <0 cé nghiém la:

4x+1
3
A. e ' B.2<x<3 C.—1<x_<_2 D.1=sx<2
X< 2 4
5. B4t phwong trinh logi (4" +4) >10gi(22"ﬂ —3.2%) c6 nghiém la:
A xe[2+)  B.xe[25] C. xe (1;5] D. x& (—os;:
6. Bat phuong trinh 4_‘*33‘;‘%5 2 c6 nghiém la: | |
x—
- {0 |
E |22 B.| 21 ol T D 1
2 4 4 XL —
2.
2x =y> +y—1
7. Hé phwongtrinh {5 "Y' c6 nghiém la: |
2y =x"+x-1 :
1-v3 1-/3 1-+/5 | 1-J58
xX= X = X = 2 X = 2 .
A. Bn 'Co D- o
_=1+43 _1++3 | _1=v5 _1+58
2 2 A Y=
2x—3y =1
8. D& hé 8x ’ c6 vd s6 nghiém thi m c6 gia tri la:
——+4y=m '
3 .
A.-1 B. -2 . é D.1
_ 3 : . 3
) _ 2 s
9. Goi (x,;y,) la nghiém ctia hé {" y =3 . Khi 46
| log,(x+2y)—log,(x—y) =2
x, +y, bang:

Al B.5 | C.10 D. 25
PAP AN

1.¢ | 22B | 3.C | 4D | 5A | 6C | 7.C | 8B | 9.B
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Bai 6. Téng hop cdng thirc 5 giay

TV SO THE TiCH
wg thifc 1.1. Cho hinh ldng tru tam gide ABC.A’B'C’ c6 thé tich 1a V, khi d6

€ tich cia tir dign tao boi 4 dinh bdt ky trong 6 dinh trén c6 thé tich la %

du 1. Khéi ling tru tam gidc ABCA'B'C’ c6 thé tich biing V. Khi d6, thé tich
Kkh6i tir dién ABA’C’ bing:

3 Y v o
o 2 ) 4 3
Huwéng dén gidi

Theo cong thirc 1.1, chon d4p 4n: D.
4u 2. Kh6i hop ABCDA'B'C'D’ c6 thé tich V. Khi 6, thé tich khdi tir dién

ACB’D’ bang

v 8 ¢ 3 .2
3 2 4 3
Huwéng dan gidi

Nhin thiy
VACB'D' = VABCD.A'B'C'D' _VA_A'B'D' '-‘Vcc'_B'D' "'VB'ABC D VD'ADC
_ voly_ly ly_lylly,
6 6 6 6 3
“Pap an: A.

dng thiFc 1.2. Cho hinh chép S.ABC. Trén 3 dudng théng SA,SB,SC ldy ba diém

A, B’, C’ khi d6:
- Vawc _ SA'SB'SC’

vV SASB.SC

5.ABC
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Vi du 3. Cho tir dién ABCD. Goi B'va C’ lan hwotla trungdlem AB va AC. Tis§
thé& tich cfia khéi tr dién AB'C'D va ABCD bang:

A.-1 ]3.1 3 ~]; D-:L
2 : 4 6 6
Hwdéng dan gidi
Ve AB'AC'AD 11 i _
Apd dng thirc 1.2 ta c6 —2252 = ==.=~1=—.Pdpan:D
p cung cong thre LR ABACAD 22 4 °%

ABCD

Vi du 4. Goi V 12 thé tich hinh chép S.ABCD. Léy A’ trén SA sao cho

B’, C’, D’ . Thé tich hinh chép S.A’B'C’'D’ bang:

A. X B. Y_ C. _\’L
3 9 27
Hwéng dén gidi

Do mat (A'B’C’'D’} //(ABCD)
. SB' SC' SD' SA' 1
SB SC SD SA 3
Céc ban ch y cong thirc 1.2 chi ding cho chép co
day 12 tam giac. Nén ta khong thé€ 4p dungcho
chép S.ABCD. B&i vay 1 cach khon ngoan ta chia
ch6p S.ABCD thanh 2 chép ddy la tam gidc S.ABC va S.ACD

Ta co:

Vs.aBcp = =V asc T Vs.ac0
Ysawe SA BR B L l - 3 =V _ Vsasc
VS_ABC ~“GA'SB SC 333 ‘27 . SA®PC - o7
VS-A'DIC S 5D B0 11_1- =~—]—'- o VSA i ol SADC
S.ADC SA 'SD'SC 333 27 * 7
V, V., V. vV
= Vsawcn = Veapc +V5.A"D'C‘_ - ;;BC SZJ;DC B S;;CD 27

Papan: C.
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fu 5. Cho liing tru tam gidc ABC.A'B'C'. Mt phing di qua A, B vA trung
ifm M ctia canh CC' chia ldng tru thanh hai phin. Ti s8 thé tich hai
han dé bang:

1 . B+ 6 D. -
6 . 9 | 4 3
: Hwéng ddn gidi
o M la trung diém CC’
u' dung céng thirc 1.1 va 1.2 ta ¢6
NVease .1 Viape [ CM_1_ o 1y
iV 3 Vaage. C'C 2 Maxc™glir
_5
VMC 'ABB'A' 6 V
Visse _1
VMC 'ABB'A' S

_Pap 4n: B.

Vidu 6. Cho lang tru tam giac ABCA B'C' c6 thé tich V. Goi M 12 trung
i€ém canh CC'. Thé tich hinh ché6p M.ABB'A" bing:

T B gLy D. ¥

"5 B 73 2

§ Hwéng dén gidi
acédo CC'//(ABB’A’)

VM ABB'A’ VC ABB'A’ V C.ABB' VCAA "B ;V +§'V “%
ap an: C.
C BAI TOAN LIEN QUAN BEN HINH cnép
6p c6 déy la tam giac déu

o chép S.ABC c6 ddy ABC la tam gidc déu canh a, thé'tich la V
*Cho SA=SB=SC=b.

|~ Néu a=b (ti¥ di¢n déu ) thi ti dién c6 chiéu cao h = a6 _ a'lf .
- Néu a#b thi ti dién c6 chidu cao h =, /b2 = Wi the Hch v - aIJ_ __3_.
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3

% Cho canh bén hop voi ddy géc o thi V = tan (x%

; 3
* Cho mdt phdng bén hop v&i ddy géc B thi V= tanﬁ.—;Z.

Vi du 7. Mot khéi ti dién déu c6 canh bang a thi thé tich clia né bang bao nhiéu?
a’\3 a®2 a’\2 a®\3
B _ C. - n D. 1

12 T 12

Hwéng dan gidi

aV6

Co chiéu cao ciia tir dién déu canh a la 5

aE\E

Dién tich ddy la tam giac déu canh a: S= 7

V223
12

Viy thé tich cta tir dién déu la V= . Dép 4n: B.

N7

Vi dy 8. M6t hinh tir dién déu c6 chiéu cao bang = thi thé tich clia né bing' }
A. ﬁ . B. ‘._/—g’_ o _\/_E D. ._‘E’.
12 12 4 4
Hwéng dén gidi

av/6
3

e R |

C6 chiéu cao clia ti¥ dién déu canh a la

V2

Vay thé tich cla it dién déula V= ok Dép 4n: A.

Vi du 9. M4t khéi chép, ddy tam gidc déu cé ba mit bén 1a tam gléc v’uong can.
Canh d4y clia n6 bang a thi thé tich cla no bﬁng
a® 5 2% | 3 _
A — B = -t CARE o7
™6 = o gwg e s st AR g ¥ 24
- - Hwéng dén gidi o

Khi chép c6 3 m:‘:it bén 1a tam giac \_ruﬁng cﬁn, canh ddyla a = canh be = 7_—;

LyoZ3 e 2t 2\/"\/(&} ~,3§-_=33._,.2.,B_apén: D.

12 3 = 12
2. Choép c6 day 1a hinh vudéng
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ho hinh chép S.ABCD c6 ddy ABCD c6 ddy la hinh vudng canh a, thé'tich la V

2
Néu SA vubng gdc véi ddy, SA=b th: V= —513

P 2 2
Néu cdc canh bén c6 s6 do béing b thi V = % b? —%

) .3
Néu chép déu, canh bén hop véi mét ddy géc B thi V = tanB.—a—m

32

3

éu chép déu, mdt bén hop véi ddy géc B thi V = tanB —

u 10. Mot khéi chép ti gisc deu S.ABCD c6 canh day bang a vatam giac
AC vudng. Thé tich ctia khéi chép d6 bang:

a®2 a®\2 i a®\/3 " a’/3
6 " 12 "6 ; g
Hwéng dén gidi . |

{ 2 o3
ﬁpdungcongthwc V—-—1/b2-—— »»i--- \/_ Bépan A,

.MAT CAU, MAT TRU, MAT NON

Vi tri ttro-ng'dar gitka mdt cdu va mat phan

Cho mit ciu S(O; R) va mét phang (P), goidla khoéng cach tir O t6i (P) va
Hla hinh chiéu ctia O trén (P) c6:

J d=R thi mp [P) cht mat cau tai mﬁt diém duy nhit
)} d<R thi mp(P) khéng cit mit ciu
Cong thirc

Mt cdu'ban kinh R c6 dlen tich: § = 4.er2
Khél cau ban kinh R c6 thé tich: V =—3—7rR3_

Chép tam giac déu canh day a; canh bén b: = :

ngomuep 2
a

2,/b* ~—

3
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Chép tir giac déu canh day a; canh bén b =

ngoar tiép 2

2. Mat tru
Céng thirc
- +)Dién tich xung quanh cua hinh tru tron xoay c6 ban kinh r, do

dwongsinhlal: §, = =27rl
+)Theé tich ctia khéi tru tron xoay c6 dién tich ddy 13 B va chidu cao h:
V =Bh

3. Mdt ndén
+) Dién tich xung quanh ctia hinh nén: S, =Tl (trong ﬂo 114 do dai du'(?m

sinh, rla ban kinh dudng tron day)
+) Thé tich khéi nén cé chiéu cao h, dién tich d4y 1a B: V=%Bh
BAI TAP TV LUYEN
1. Khéi ling try tam gidc ABC.A'B’C’ ¢6 thé tich biing V. Khi d6 thé tich khsi
chép A.BCC’B’ bang: | |
- BY Y 2%
3 3 2 4
2. Hinh lang try tam gidc ABC. A’B C’ c6 thé tich bdng V. Khi d6; ti dién
ABA'C’ ¢6 thé tich bang: . g
ASL . gEL gL ° b Y
3 | 3 o 3 | 4
3. Cho hinh nén (H) c6 chiéu cao h, dwdng sinh tao véi déy mot gbc 600
Thé tich kKhéi cdu noi tiép (H):

A. EMP -2—:rh3 C. ~2—-7:h3 | D. 'i::zhs .
9 9 81 :b o ow B

4. Cho khéi ch6p ABCD.A’B’C’'D’. Mt phang di qua A, B va trung diém canh
B'C' chia ldng try thanh hai phan. Ti s6 thé tich hai phan dé bang

Al - gl sl o pd
2 3 4 5
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jo kh6i chép S.ABCD c6 thé tich V va cé ddy ABCD Ia hinh binh hanh,
fu M 12 trung diém SB thi thé tich tt dién ABCM biing:

B. — C.1 D. —

§o & tich ctia khéi chép bang:
&2 G 22 a'\3
- ' T 12 12

‘ho hmh chop tam giac d'éu c6 canh dady a va SA = av/2 thi thé tich V cla
1inh chép bang:

3\/— _ _ 3\/_ 3\/_ 3\/_

6 B S |

‘Cho hinh chép tam giac déu cé canh day bang a va canh bén tao voi mat

&y goc 60°. Thé tich ctia hinh chép @6 bing:

3 3 3 3

a*V3 e c V3 D. 2 ‘E

| | 12 10

Cho hinh chép ti¥ gidc d8u c6 canh d4y biing a va canh bén tao véi mit

'day goc 30°. Thé tich kh6i chép d6 bing: 5 '
agﬁ o o B3 a3 a*\/3

A. : B. - C. : D.

36 12 10

Cho hinh chép tam gidc déu c6 canh day bang a va canh bén tao v&i mat

‘day goc 45°. Thé tich khdi chép dé bang:

3 3 3 ' 3

‘F ' gl c. 2 p, 23

12 24 10

Ess
71



13. Cho hinh chép S.ABC tam giac déu c6 canh day bang a va mat bén (SB
tao véi mit day goc 60°. Thé tich cia khéi chép dé bing:

3 3 3 i
a*V3 B.a“/§ ca‘@ Y
4 6 24

14, Cho hinh chép tam gidc déu cé canh .déy bang a va mit bén (SAC) tao v
- mit day géc 45°. Thé tich khéi chép d6 bing: | |
a?’\E a’ a’\/3 a®\3

o B. — €. D,
24 12 - 10
15. Cho hinh chép S ABC tam gidc déu, canh d4y bing 2a, (W) =34
Thé tich kh&i chép d6 bing:
3 . 3 ) 3 3
a ;:/— _ B 2 \/_ c 2 \[.?: D. 2 3

72 9 " 10

ABCD va mot canh bén la SA bang:

A. 2V B. 2V C. 3V by 2L
-~ 3 4
17. Ban kmh mit ciu ngoai ti€p hinh t dién deu canh a bang:
a\/_ a\/— a\f— a\/_
A. B. C 4 D. 5

18. Cho hinh chép SABC c6 dudmng cao SA =2a , day ABC la tam giac deu
canh a. Mt cau ngoai ti€p hinh chép d6 cé ban kinh bang: !

ﬂ 2a\/§ = Za\E D. a\@

C.

19, Cho hinh chép SABC céd tﬁt cd cAc canh deu bang a.-Mat cau ngoai tlep
hinh chép dé c6 bén kinh bang: S S

Aa B.av2 = (:.““—*/E 0.5—29- -
20. Mit cau ngoai tiép hinh lap phu'o'ng canh a c¢6 ban kinh bang
A a3 af | | C. a\/_ Za:;f_
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Y

éu S.ABC c6 canh bén bang a va canh d4y 1a
. M3t cau ngoai ti€p hinh chép d6 c6 ban kinh bing:

B. a_@ | a_x/_g ' 2a«/—

D.

o hinh chép tam gidc d

a\@ C. af D. ax/_

n kinh mat cau ngoai tiép hmh chép O.ABCD c6 bén kinh bing:

a( a\2

: !y 3a
BI i Cl 2 ' . D —
2 a P

ho tlr dién déu canh a. Khoang cich tir tim mit ciu ngoai tiép tir dién
‘'mét phang di qua mét mit ciia ti dién bang:

a6 af g c;a‘/_- - D.i‘—\/—g

B, — C. 5 D.
Mot hinh ldp phwong néi tlep mat ciu ban kmh R thi canh caa hmh lap
hwong d6 bang: . o :
J_ 3R - 2~/_ 3R : \/ER p V3R

Mot hinh lap phwcrng noi ti€p mét cau ban kinh R. Khoang céch ti‘r tam
at cau téi mat phdng chira mdt miit cia hinh lap phwong bang

\/_R B.lEE _.\/512'._ | -\@R_l




29. S6 mit cau chira mdt dwdng tron cho trudela:
A.0 B.1 C.2 - D.VdsS
30. Mot hinh hop chir nhat ndi tiép mit ciu va cé ba klch thwéclaa, b, c.
Khi @6 ban kinh r ctia mit ciu la:

A. -21—\/61 +b*+c? . B. Va®+b*+c*

C. /2(a® +b* + %) o D 3@ +B ) |
31. T dién SABC cé SA, SB, SC dol mot vudng géc véi nhau trong do SA a,
SB = b; SC = c. Ban kinh mat cau ngoai tiép tir dién:

AGHOHE) B. Vb4
C. 2VJa’+b*+¢2 D. Va® +b* +¢?
32. Mit cau tiép xic véi cic canh cda tir dién d&u ABCD canh a ¢4 ban kinh:

A. “‘25 B.“—;@ CC.avZ | ‘D.2a2

A.

33. M6t hinh cau ¢6 thé tich gi’f ngoai tié€p mot hin_h 14p phwong. Thé tich
hinh lap phwong dé la:
A. §—‘/~: B. —2— BT A D. 243

34. T dlen ABCD c6 AB = CD = ¢, AC=BD =b, AD = BC = a. Dién tich mit caz
“ngoai tiép ti¥ dién ABCD la:

A. ?(az +52 +¢?) | B. %(az-wz +c?)
C. z(a* +b* + ol TS o Du2m(@® b2 +c?)
35. Ban kinh mdt cau ngoai ti€p hinh t dién déu canh abing: =~ =
a6 a6 | a3 ) a3
A. — - B, — C. — - D.
3. 4 4 2

36. Cho hinh chép SABC c¢6 dwdng cao SA=2a, ddy ABC la tam giic d
canh a. Mdt cau ngoai ti€p hinh chép d6 c¢6 ban kinh bing; =
A a\/_§ B 2a\3 2a2 y a3

! C. D. —
3 3 3 3
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ho hinh chép S.ABCD c6 tit ca cac canh déu bing a. Mit ciu ngoai tiép
nh ch6p d6 ¢ ban kinh bang:

B.av2 . B4 D. av3
2 2
Mat cdu ngoai ti€p hinh 1ap phwong canh @ cé ban kinh bang:
' a3 a3 | 2a\/3
: 3 BI — CI ke 1 D.
““/- 2 3 3

._a@ ‘ B.—“f-ﬂfjl Ca £ D. 2‘_"6

h mat cau ngoal tlep hinh chép 0.ABCD cb 6 ban kinh bang:

a2

B. "—2—— C. aﬁ

i dwong thﬁng chira mdt canh ctia ti¥ dién bﬁng:

A, “‘f B, &3 215 p, &2
cn b ssw - B w T | 4
Mot i dlén déu noi t1ep mit cau 1 ban kmh R thi canh cla tir dien d6 bang:
2v6R
A. —-—-——f __ B. ———\ER " C. —JER D. ZJ_R
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45. M6t hinh 1ap phwong ndi tiép mit cadu ban kmh R th1 canh cua hinh lap
phuong dé bang:

fa
A. —-“/;R B. Z‘ER __‘ER D. “':‘

46. M4t hinh lap phwong ndi tiép mit cﬁu bén kmh R. Khoang cach tir tam
maét cAu t&éi mit phing chiva mét mit ctia hinh 14p phwong bing:

A. ——\ZR B. -—-‘ER G m—‘/;R | D. ——_“/_R

T
47. Mbt tir dién déu canh a ndi tidp mét khdi nén. Thé tich khdi nén:
A. —\/—57:&3 B. --\'E:fr.‘:z3 C. ﬁ_ﬁras D. —@ng
2T. 27 ; 9 - 9

48. Cho tam gidc déu ABC canh a quay xung quanh dwdng cao AH tao nén
mot hinh nén. Dién tich xung quanh hinh nén dé:

; .
A. 7a’ B. 2 74’ C. Eﬂ'az ' D. %sz

49. Cho mot hinh nén sinh bai mot tam giac déu canh a khi quay quanh m
dwong cao. Mot mit ciu cé dién tich bang dién tlch toan phén cia hinh
noén thi cé ban kinh la: . -
a2 B.22 ¢ “‘E - D ""-‘@

4 2 | P T4

50. Cho mét hinh nén sinh béi mot tam giac déu canh a khi quay quanh mot' i
dwdng cao. Mot khéi ciu c6 thé tich bing thé tich ctia khéinén thi c6 ban f
kinh bang: - T T L ; ‘o

aifﬁ Ba3'2x/§"”- -Cazﬁ* = 'a\/g'
4 2. 8 . 8

51. Cho hinh n()n c6 dwdng sinh bing du'b'ng kfnh day va bang 2.Ban klnh

mat ciu ngoai ti€p hinh nén d61a:

A3 B.2J§ (:.3E ! Dgﬁ "
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t t@ dién déu canh a c6 mgt dinh triing véi dinh cta hinh nén, ba dinh
ai ndm trén dwdng tron day cia hinh nén. Dién tich xung quanh ctia
73 B 1za*3 €52 D. 7a’/3

ho }ﬁnh chép i gidc déu ¢6 canh ddy bing a, canh bén tao v&i mat day
60°. Dién tich toan phan ciia hinh nén ngoai tiép hinh chép:

—%?—raz B. «~3£a2- . o -:?—-'?-'?:—a2 _ D. gEaz
4 ' 6 8
| DAP AN
~2.C | 3.A | 4.B 5.B | 6.D 7.C 8.A 9.B | 10.C
12.B | 13.C | 14.B | 15.c | 16.C | 17.B | 18.B | 19.C | 20.8B
22.C | 23.D | 24.A | 25.D | 26.A | 27.B | 28.B [ 29.D | 30.A
| 32.B | 33.A | 34.B | 35.B | 36.B | 37.C | 38.B | 39.B | 40.C
42.A | 43.D | 44.A [ 45.B | 46.B | 47.B | 48.C | 49.D 50.A
52.B | 53.A '
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Bai 7. Phwong phap tw duy dung diém thuin loi va diém biéi’l

I. TU DUY DUNG PIEM BIEN

Tw duy phwong phdp: Tw duy dung di€m bién 13 tw duy dung céc dié
dau mut cac doan & dap an hodc dé bai. V&i nhitng bai ma dap an hoac d§
c6 dang khoang hodc nira khodng thi ching ta diing v&i diém bién 1a dig;
rat gan cac dau mut (sai }éch mot lwgng rat nhd) c6 thé coi né thay thé ch
diém bién. A
Vidu 1. Cho y=4x"—-3x+1(C)véi gia tri ndo ctia a thi phwong trinh
"4x’ —3x+1=4a’—3a+1 cb6 nghiém don duy nhit

o a<0 a<-—1
A a>0 B. a<0 : C. D. .
: ; ; _ a>?2 a>]
Hwéng dén gidi

Cdch 1: Lap bang bién thlen clia ham f(r) =47 -—3t+l (C) r?u du'a vao do Xe€

cic khodng gia tri chia a théa man da.

Cdch 2: Vé&i dé bai ma tai dau mat “bién” khéng cé dju bang ta ¢b the thir ban
mot gia tri rat gan bién d6. Vi du & dap 4n A ta thay a = 2,1 rdi dung m3
tinh cdm tay gidi phwong trinh bic 3 dé xem phwong trinh ¢6 théa man d
hay khéng Twong tw nhw vay véi cac dap én con lai.
Pép an: D.

2

Vi du 2. Cho log, (log, B
= x+4

) <0 cé nghiém la:

x<—6 x>8 x <—8

Hwéng dén gidi
7 A 3 X s + X - s A :
Twong tw vi du 1 ta nhép ham log, (log, —-3-{—-—:&-—-) trong mdy tinh cam ta
2 -

I:—-S<x<—4 [4<x<5 [—4<x<~3 : |:3<x<4'.
A, B. C. D. :
x>6

roi ding phim CALC dé thir gia tri theo c4c dap an.
Pap an: C. '

Vidu3.Chohams8 y=—x* +2mx* + m+3.
Tim m dé ham s& nghich bién trén (1;2)?

; m=<0
A.0sm<l1 B. m<4 C. D..m<l1
mz=4
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; Huéng dén giai

1:'y'=—4x"+4mx < 0 v&i moi x thudc (1;2) tir d6 ta cb6 thé rit sang mot bén
ap bang bién thién ciia ham g(x). Tlr d6 nhan xét dworc gia tri ctia m.

:Thirm =4 (loai) nénloaiB,C. Thtm=—1 thay thda mén nén loai A.

p an: D.

'DUY DUNG PIEM THUAN LQ1

duy phwong phdp: P&i véi nhitng bai toan chiva tham s va yéu cau
mét tinh chét chung thi ta cé thé cho tham s& mét gia tri thich hop dé
a bai toan v& truwdng hop cu thé. P8i véi rat nhidu bai todn (c6 tham sé
pdc kKhong cé tham s6) thi viéc dung diéu kién cin dé€ loai dan dép 4n la
10t phwong an rat higéu qué Chung ta khong tryre tiép tim ra dap s6 nhung
ng ta sé loai 3 dap &n dé cé dép sO can tim. Po6 12 mot trong nhiing
hwong phap tw duy dac trung dé giai toan trac nghiém.

1.Cho y=x’—6x*+mx+1, tim m d& ham s§ dong blen trén (0, +00)7

. m<0 B. m<12 . Cm=12  D.m2>0
Hwéng dén gigi s _ |

1: y'=3x"—12x+m20 & m2-3x* +12x v6i moi x thudc (0;+c)nén ta

P bang bién thién cia —3x° -!-12x roi nhén xét gia tri cia m. '

 2: C6 thé 1am f(0) = 1; f(1}) = m—2; (1) > f(0) nén m > 3. Tikc [a ta dwa

o dinh nghia v&i x tang thiy phe’u tang.

4p 4n: C.

u 2. Cho y=-2x>-3(2a+1)x* —6a(a+1)x+2 c6 cye tri tai x,; x, thi gid

icha [x, —x,|bing: |

|x,—x2|=a .|xl—;-3|:2|=1 C|x—.x2-i*—_“_2 D. |x, —

a—1
Hwéng dén gigi

s& cho a mot gia tri thuan loi d& ciac dép 4n A, B, C D cho chc glé tri
khac nhau. Ltc d6 dé bai cling s& I1dm véi mdt ham tu’o‘ng minh, (')’ dﬁy cb
€ cho a = 0 thay vao ham sé ta dworc: :

y=-2x"=3x"+2= y'=~6x" —6x=04 x=0;x=~1 nén |x, 121_1

| '“du 3 Nghlem cua bﬁt phu'o'ng trinh 10%1 —w—eﬁ_—s— a 0 lé
R SO

3

A 1<x<2 B.2<x<3 C.1<x<3 D.0<x<3
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Céch 1: |
2
+Pidukien X3 0 x50
x
2—
.+ Kbid6 Jog, T—%*+3 59
5 X
.- 2 _
"ﬁlog X——~3—’—‘i§zlog 1@5—M51 & X2 —3x+3<x
S X 3 X :

Cdch 2: Thix cac dap an béng chitrc ndng CALC, nhip ham log, ————.

' DEloai A, C ta thit x=3 dugc log, BT=O , loai A

- Pap an: C.

Vi

80

_A.f
Df

Hwéng ddn gidi

= —4x+3<0 s legeyd
+ Két ho*p voi diéu klen ta duwoc nghxem Isxs 3
x* —3x+3
.3 x
Ta sip x&p d4p an véi bién theo thit ty ting din 0 >1—2—3
Ta sé thir véi dap 4n c6 bién nho6 nhéat

2-—
Ta c6 véi x=0,1 = log, 2+ g’ff”s <0 khéng théa m4n, loai D.
3 ’
2

Tacovoi x=1=>log, —-——%}—ﬂ =0 théa man, loai B.

3

2_3343

du 4 (Cﬁu 16 d& minh hoa THPT qudc gia).

Cho ham s6 f(x)=2"7*. Khing dinh nio sau day la sai?
(x) <1 x+xlog,7 <0

B. f(x)< 1 xIn2+x*log7 <0

Cf(x)<1e xlog, 2 +x% <0

(x)<1<=bl+xlog72<0

Hwéng dan gidi '
Diing diém bién. Déc6x =013 nghlem cia phtrorng trinh nén dé" xay ra b
phwong trinh thi sé& cé nghiém rit sat 0 bén trai hoic bén phai. Thay ng
véi x tién téi 0 thi khong thoéa mian dap an D trong khi do x=0 sé&l
nghiém ctia bﬁt phu'o'ng trinh dau.
Pap an: D.



74 #1.Kh3ng dinh nao sau ddy 12 khing dinh dting?

log . (ab) = %loga b
ioga, (ab)=2+2log b

Hwéng dén gidi

ob=1tada dang tim dwoc chi c4 dap an D théa min cdng thirc, C6 thé
ho thém a = 2 r5i diing Casio, Dap 4an: D. |
u 6. (Cdu 10 d& minh hoa THPT quéc gia). Cho hai s& thuc a va b, v&i
a < b. Khdng dinh nao dwéi day la khdng dinh dang? '

B. I<log,b<log, a

log,a<log, b<1 D. log,a<1<log, b

Hwéng dén gidi

" d’ng tw nhw trén ta cho » = 4; a=2 tirccho b =gq> (a,b théa man dg),

81



CHU'O'NG II. TU’ DUY GIAI NHANH PHAN HAM SO
VA CAC BAI TOAN LIEN QUAN

Bai 1. Ham s6 va tinh chat
I. LY THUYET

1. Tap xac dinh ciia ham sé
Chohamsé y=f (x) . Tap x4c dinh (hay con dugc goi la mién xac dinh) -

D ciia ham s6 y =f(x)1a tap hop céc gi tri clia bién s6 x sao cho biéu th

f(x)c6 nghia.

Tap x4c dinh cda 1 s8 ham thwong gip:

%: digu kién B=0 JA : didukién A>0

—é—: diéu kién B>0 log, B: diéu kién A>0,B>0,A=#1

VB .

» : . . 5 G xz '—1 2
Vi du 1. Mién x4c dinh cia ham s6 y= z + \/—x +3x+4

log,(*—4)

A. (2;4) B. (—o;—2)w(-1;2)

c. [2:4] | p. (2:4]\{V5}
Huwdéng dén gidi
Cdch 1: Ta c6 mién x4c dinh cia ham sé 1a tap hop tit ca cac gia tri cha x

thoa man
x*—-4>0 -
X>2,X<=2 (5 <4 [(2<x<4
—x?4+3x+420={-1<x<4 < &
x#i\/g x#:\/_S-

log,(x*—4)#0 |X*—4=#1

Vay mién xac dinh ctia ham sé la: (2,4]\{\/5}

Cdch 2: St dung ki thuét chon diém bién
Thay x =2 v3o ham s§ thi thdy log,(x* —4) =log, 0 1a khong xac dinh, lodg
dap an C. '
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4* -1

ay x =4 vao ham s6 dwoc y T BT
log,(4° —4)

V-4 434+4=>x=4

m trong mién xac dinh,

an sat chi thdy dap 4n D c6 chiva x =4. P4p 4n: D.

p gia tri cia ham sé

o ham s8 y =£(x). T4p gia tri hAm s6 y = f(x)1a tap hop t4t ci cac gia
6 thé c6 chaf(x).

ﬁ:)?: Thong thudng ta dénh gid dwgc gid tri ham s6 vé dang a<y <b, khi
tip gia tri cia ham s 1a [a;b].

1. Mién gi trj cia ham s6 y =x” +x+3 1a: .

' - T | 11

3; o0 - B.| 24 C.| —;+o D. | —;+4c0
) ) [ 2 J [ 4 )

h Huwéng ddn gigi
;_':31-‘ Tap xac dinh: D=R

2: Do dé y, thudc tap gidtrithitén tai x,€ D:y, =x,° +x,+3,
t d6 ta co:

ét cic y, la dau mit trong tirng dép &n va st dung giai phu'crng trmh bac -
bﬁng Casw [MODE 53)

étdépénBco Yy =2=>2=x2 +x +3v0ngh1emvayloa1B

étdép an C c6 yu:%::»lz_l—Fx R +3c6t0ntalnghlemthuoc’l‘XB
11 11 V- o 4

b
Dy
[ o
Oy
s3]
o
O
=
lw
Q
=]
o
&
Il

— === =X, +X, +34:)x tx,+-=0x=—
4 4 4 2.




BAI TAP TU LUYEN

1. Tap x4c dinh cia haim s8y = \/ ’iz"_zxx‘*_lj +log, (|x]-2) 1a:
A. (moo;B)u[4;+oo) B. (—o0;~2) U (3; +00)
C. (—o0;=2) U[4;+00) D. Mot két qua khéc

2. Mién xac dinh ctia ham s§ y = 1\/4—7—!- L la:

2 x{x*-100)
A. (—o; 0)U(0; 2] ~ B.[ 3;0)u(0;-3]
C.[-2,0)u (0;2] D. [-3;0]u[0;3]

: ‘ 2
3.Hams6 y = Var 485 ? _2%D _52 6 tap x4c dinh la:

A. [0,+e) B. [1,+) C. [2,+c0) D. [ 3, +)
4. Chon két luan ding. Ham s6 y=log(3x*—4x+5) cé tip gia tri 1a:
10 11 ] |
A. | log—;+ee B. | log—;+co
A T ] B
[IOgl—z :' 3 B ooy _Iog};ﬁm
PAP AN VA HUONG DAN
1. Pap an: C.
Lap truc xét diu cho tirng biéu thirc sau dé ldy g:ao
2.DPap an: C. .
Cht y m3u khéc 0 ; :
3. Pap an: D.

bat ¢t =2%. Cé thé nhip hém trong d&u cén roi dung CALC dé thlr cac glé
thudc ddp 4n nay ma khong thudc dap &n kia d€ loai dan. Ap dung ca
cac cau trén. -

e 4 : 2 - 2 . 2 1 1. 11

4. Pap an: B. log(3x* —4x+5) =10g[3(x—§) +?]210g*§
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Bai 2. Ham s6 va Pao ham

zY'ITHUYﬁT

D. 1

ac quy tic tinh dao ham
i/ (uxv) =u'tv' 2/ (uv)' =u'v+uv’
/ (cu)' =cu’ (c1a hing s6) 4/ [EJ =£—Y:ZEV—
4 v v
Bang dao ham ciac ham sd so ¢dp co ban
/ (c)'=0 (clahing s6) . 2/ (x* ) ma?
(s'nx)‘ = COS X | (cosx)'=—sinx
P 1 : 1
/ {tanx)' = ~——— 6/ (cotx) = ——"
/ ) cos® x / (eotx) sin’ x
(a")'=a"1na 8/ (e")‘=
1 1
log x)'= 10/ (Inx)' ==
(log, x) xlna /(nx) X
1/ "‘—1“—11 =—n—
(ax+b) (ax+b)
AC DANG BAI TAP
Pao ham va bi&u thirc dao ham
du 3. Cho ham s6 y = "™
Bi€u thirc rit gon cia K=y'cosx—ysinx~y
A. cosx.e®™ B. 2¢e°'™ C.0
e Huwéng dén gidi
2 .'=(sinx)'e“i“" = cosxe"™ '
y"=(cosx)'e 5‘“"+cosx( in ) = —gin xe*™ + cos? xe*™
(=y'cosx—ysinx—y"
= cos? x.e" — gtinx sinx—(—sin xe*™ + cos® xe*™ ) =0
h khdc: Lay 1 gia tri bdt ky cia x nhw x=0; Khi d6 ta cé
y=Ly'=1y"=1 : 7

K=1.cos0~1.sin0~1=0,
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2. Tinh dao ham tai mét diém

Dé tinh dao ham tai 1 diém ngoai cach st dung cac cong thirc dao ham
co ban thi ta cé thé st dung Casio tinh dao ham tai difm x = x, théng qu

chirc ndng cia 'ad;( ]

X=

Vidu 1. Him s6 y = ¥/3x+2 c6 dao ham £'(2) |
A. 0 - B.2 c.i- D. —
Hwéng dén gidi
B&m SHIFT + -—)dil)-(—( )|x= rbi nhap ham cin tinh dao ham va gia tr

can tinh dao ham tai diém.
Khi d6 ta dwoc két qua

B Math A
RESiny
b i) ey
0,25
BAI TAP TU LUYEN
1. Cho ham s6 y = xe*. Trong cdc ménh d& sau ménh dé nao sai?
A y'=y+e* B. y"=y+2e"
C.y"=y+3e* D.y"+y'=y"™
2. Pao ham ctia y =(x +1)x la:
A. y'=In{x*+1}+ B.y'= (x2+1) |In{x*+1)+
pein(ese 2 my= (o) [in(e a2
| x i ln(X2'+1)+2X2
C.y'=(x*+1) In{x*+1 D. y'=(x*+1
y'=(¢+1) In(x¢+1)  Dy'=(xi+1) | ——
3. Dao ham ctia ham y =cos2xla:
A.y'=2cos[2x+g)” B y'.='2cbs(2_x'+7c)
C y'=251n(2x+_—:—J D. y'zZsin(.Zx__—l—n)
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2! 2! 2! 2!
T B Cy == D, y =2
x> y X2 ¥ =% y x>
1
iohamcdp 2 claham y=——— la&:
Fonm b Y
'.._ 2x% —6x+5 a 2x* +6x+5
ey = B.y"=- - 7
(x +3x+2) (x +3x+2)
. 2x%=6x-5 . 2XP4+6x+5
y = 2 D- y = 2
2 2
(x +3x+2) (x +3x+2)
ho £(x) =x°4X” . Pao ham £'(1) bing:
6,25 B. 6,75 C. % D.6
i X-—Z . ' a.--
hohams8 y= .Pao ham f'(0) bang:
x+1
1 16 23/4
e B. 32 o) D. 2=
31 8 5
ho ham s f(x)=In |sin 2x| .Pao ham f'[g] bang:
% | B.2 C.3 D.4
Cho ham s§ f(x) = tanx.. Gid tri clia £(0) 1a:
= o C2 D. —2
D. B Inw
D.4In2




12. HAm sﬁ'y=f(x)=1Lx - Tinh dao ham ctia ham sé tai x=07?
_ +|x

A f'(0)=-1 B. £'(0)=1 C.£'(0)=0  D.K&tqua khac
- DAP AN VA HUONG DAN GIAT

1A |2B [3.A [4D [5D [6B |[7.A |8B |9.B |1i0.B
11.A | 12.B |

1. Pap an: D,

y'=e"+xe*; y"=2e"+xe*; y" = 3e* + xe*
2. DPap an: B. _ _

Ta cé: Iny = :-cln(x2 ¥ 1)::> (Iny)'= [xln(xz + 1):'
' 2

& y; = ln(x2 +1)+x. xzi{-l

=y'=(x*+1)’ [ln(x_z +1)+ x:i)-c:lJ .
3. Pdp an: A, |

Cé y'=-2sin2x =2 cos[Zx-f——;EJ

4. Dap an: D.
, ] o_ 2
5. Dap an: D. %4
_ 2 2 %
B 2x+3 =‘y"__2(x +3x+2)-—(2x+3) 2> +6x+5
X" +3x+2 - (xz—l—3><+2)2 (x2+3x'+2)%
6. Dap 4n: B. '

Ding Casio ta c6 E""-(XS N =6,75
- X x=1

7.DPap 4n: A,
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h phén roi gan cho A sau
y d4p an.

4an: B. Str dung Casio

p an: B, Str dung Casio.
ap 4n: B. St dung Casio.
ap 4n: A. Str dung Casio.
ap an: B. Str dung Casio.

. . d \ {x -2 : ' 1
Casio tac6 — = (0.62996 = —
age dx( x+1)x_a a4
(y: Khi dap sé 1é ta can d6i cac dap an ra s8 thip phan dé so khép két
‘qua gan nhét. C6 thé sir dung 2 mday tinh, m§t may bdm dao ham va mét
4y bdm d6i ra s8 thap phéan clia cic dap 4n. Ngoai ra, ta bAm ra gi4 tri cla

d6 nhap A-X r6i dung CALC thay X bing cac gia
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Bai 3. Tinh don diéu
I LY THUYET |
Cho ham s6 y = f(x}, ton tai dao ham trén khoang (a;b)
| Ham s6 y = f(x) dbng bién trén(a,b) y'(x)=20,vxe (a,b) dbng thEn
£'(x)=0 tai mdt s& hiru han diém e (a, b). . o s &
Ham s6 y =f(x) nghich bién trén (a,b) < y'(x)<0,Vxe (a,b) dong thq;s-
f'(x)=0 tai mét s8 hitu han diém e (a, b). | .
11. CAC DANG BAI TAP
1. Dang 1: Khao sat tinh don diéu cha ham sé

Vi du 1. Khoang nghich bién cia ham sé y =%x3 —x?+1 1a:

A. (0;2) B. (-1;2) C. (-1,0) D. (0;3)
Hwéng dan gidi
Téap xacdinh: D=R

=0
'=x2—2x; '=0e=exX-2x=0= X
b 4 Yy -
Bang bién thién '
X —00 ' 0 74 +co

y + 0 — 0 +
| 1
y
/ \ _1 /
3
Ham s8 nghich bién trén khodng (0;2) Ch y: khi 1am ta khéng cin vé ba
bién thién d&€ tranh lam mat thei gian.
Khi tinh véi ham s8 bac 3 ¢6 y'=0 ra dwoc 2 nghiém x, <x, .
Néu hé s6 a clta ham béc 3 dwong thi suy ra ham s& nghich bién trén
khodng (x;;x,) va ham s8 dong bién trén cdc khoang (—oo;x, ), (x,;+e0)
Néu hé s6 a clia ham béc 3 &4m thi suy ra ham s& dong bién trén khoang

(x;5%,) v hdm s8 nghich bién trén cic khoang (—co;x, ), (x,;+)
Nhuw bai todn trén ta khi tinh dwgc y'=0 < x =0,x =2, nhin thdy hé s8

a=-§—>0:>y’<01=0<x'<2.Dépén:A.
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: —2 o A
u 2. Himsé y =X~ déng bién trén:
x+1

B. (—oo;~1) U (=1;+00)
D, (—oo;~1)
Huwéng dén gidi |

P 3 >0,\?’x<.—‘. D
(x+1)

o T
. ) 3 s
Huwdng dan gidi

&i cach cho d@é bai nhw vay ta can phai Chl ra khoang réng nhét ma hém sé
nghlch bién

= Ham s6 nghich bién trong khodng (1; %)’ vay max (b—a) =%__-1 :g-

‘Buéc 1: Tim khodng xic dmh | . .

woe 2: Xay dung diéu kién dé dau cﬁa y >O (y >0,y'<0,y <0) tren
khodng x4c dinh.

Bu'é'c 3: Giai dleu kién trén tim m. :

dy 1. Cho ham s6 y =2 —m? +x+5.Gi4 tri clam de ham s s6 dongblen t:ren R

AV3sm<2 B —3<ms<.3 C—3sm<2  D.0<m<2

21"




Hwéng dan gidi
" Cdch 1: Tacd y'=3x*-2mx+1 :
Ham s dBngbié’n tréen R @ A'=m?*-3<0e —3<m<3
Dap an:
‘Cdch 2: Thﬁ' gia tri cﬁa m & cac bién d€ loai dan dap an.
Vidu 2. Cho ham s§ sau: y= f(x)=x" -3(a~1Dx* +3a(a—Dx+1. Trong chc

ménh dé sau, ménh dé sai 1a:
A.Ham s6 luén déng bién véi Va > 2
" B. Ham s8 luén c¢é cuc dai, cwe tidu véi Va < —2

C. Ham s6 nghich bién trong khoang (0;1) véi 0<a <1
D. Tdntai a d& ham s6 khdng c6 cuec tri

Huwéng dén gidi .
V&i dang todn nay néu ta lam tryc tiép theo cich ty luan s& mat nhidu thei gi
B&i vy ta nén dya vao dap 4n thi cic gia tri d€loai
Chona=2 ta dwgc y=x" —3x* +6x+l::> yi=3x" -6x+6>0 Vx = ham
Iuén dBng bién. Suy ra du- doan dap An Ala dung _
Chon a=-3 ta cO6y=x"+12x* +36x+1= y'=3x +2.4x+36*_—>-y'=0 lu
¢6 2 nghiém phan biét, suy ra hAm s6 ludn cé cwe dai cwec tidu, vay dw do
B ding '

Chon a=0,5 ta ¢é y=xj+g-x2——i—x+1:>y'=3f+3x—§:y'=0 dir

may tinh Casio bdm th4y c6 2 nghiém khéng thudc khodng(0;1) = ham
khong nghich bién trong khoadng (0;1) = Pap 4n: C.
3. Dang 3: Tim gi4 trj ciia tham s6 d& ham dtrn diéu trén khoang (a; b)

Cdch lam chung
Buéc 1: Tinh dao ham y

- Buéc 2: Xay dung (:heu klen dé ddu cia y" '20(y'>0,y '<0,y <0) trén -
khoang (a;b); | '

Buéce 3. Giai didu kxén trén tim m.
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'.'1. Cho ham s&: y=x"—mx* +x+35.Gia tri ctia m dé& ham s8 nghich bién

ng khodng (1;2)

ng B-mZE C.mZ—l—B’— D.mzﬁ

=8 > ‘ 5 4
Hudng ddn giai

1: Tacb y'=3x"—2mx+1 d& ham sé nghich bi&n trong khoang (1;2) thi

35% —2mx+1<0, Vxe (12)

_ m* =320
{A'ZO o p— m2—3<1¢$ mzﬁ,mﬁ—\g:} >13
) < - = = nm2—
x <1<2<x, 3 6 <m-+m* =3 4
2<m+\/m2—-3 '
- 3

2: D& ham s6 nghich bién trong khoang (1;2) thi
y'=3x* —2mx+1<0,Vxe (1;2)

= 3241 ¢ 1y xe (1,2)
2x

2 2 .

@Max—-——-—3x +'1Sm, g(x)=-————3x i

21 2x L 2X

B | | ;-
3x* +1),  6x*—2 . - 1
(X) = ‘= — o' (x)=0=6x2-2=0 x=t—=¢[1;2
(%) ( > } =g x*—~2=0&x ﬁe[ ]
13 1 |
zﬁgfcg(x)-—g(Z)—Iﬁm?_—J.

f‘g3: Ta thir lan cac gia tri m=}63,m=%,m'=l§ vao ham sd

¥ —mx* + x+5 va xét sy nghich bién trong khoang (1; 2) dé tim ra dap an.

x+3m=1 s Giatri md&ham s (1) nghich bién
XxX—m : %iom :

du 2. Cho hamsé y=

nnira doan [3;+0) 1a: |
A-lﬂm<3 B. m>~— C. 0<m<3 A 2 s
4 4 i s . : 4
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Huéng dan gidi
v 1-4m :
P

D€ ham s8 nghich bién trén[3,+o0), ta phai cé:

‘{y'g{) Vxe [3,+°°)_ {1——4m$0 m?_l

= =3 4 —-<m<3.
m <3(me [3,+)) <3

TXD: R\{m]},

Im<3

(m < 3 déddm bdo ham sé nghich bién tai moi diém trén [3,+ec), vidu: khi
m =4 = diéu kién xdc dinh x khdc 4 = ham sé khéng thé nghich bién tai

Mit khac, ta thiy véi m —% thi y'=0 trén toan bfj tap xac dinh'
- _% khong thod man digu kisn.

Véay % <m<3,.
BAI TAP TY LUYEN
1.Cho ham s§ y = f(x)=x'—mx’+3 (trong dé6 m 14 tham s8). Khing dinh

nao dwéi day 1a sai?
A. Vme R, ham s6 khong don diéu trén R

B. 3me R d& ham s& dbng bién trén (0;-+o)
C. 3me R d€ ham s6 nghich bién trén khoang (—m 0)

D. Ca ba d4p 4n trén ddu sai
2. Trong cdc ham s& sau, ham s& nghich bién trong khoang (1; 5] 1a

A. y—lx ~3x* +5x+2 B. y=——f—-2—
3 | x* +x+1
lC.y=x+1 | ' | - D.y=x? -—2x+5
x—x+1
3. Cho ham so y——h_-'_———l- Khang dmh dung lé
x

A. Hém s6 dong bién trén R

B. Ham s6 nghich bién trén R

C. Ham s6 dong bién trén khoang (~1;1)
D. Ham s§ ddng bién trén khodng (—oo;—1)
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2x* +x+1
x+1

Ham 6 ddng bién (—ee;~2), (0;+o0)

Ham 56 nghich bién (-2;-1), (-1,0)

1am s8 ddng bién (—eo;=2) L (0; +e0)

Ham s6 nghich bién trén khoang (—2;-1)

m s8: y=f(x)=xInx déngbién trong cac khoang nao sau day:

. Trong cac ménh dé sau, ménh dé sai la:

ham sd: y =

(0,4—00) B. (—00,0) . £ (O,e“l) (l -}-00)
0 ham sd y= & :e :__1 Trén khoang nao sau dy thi ham s8 khong
s _ e
on diéu
(0;+00) B. (—0;0) ' C. (1;2007) D. (—1;1)
tri cia x 48 y'>0 bit y=In(x*-2x"+3) |
A x>0v1<x<2 N B. x<0Ovl<x<2
€. -1<x<0vx>1 D. 0<x<lvx<-1

-I"%i'm s8 y= ;;;__%;5 dbng bién trén khoang:

L (i+e)  Bo (el C (L) DD
rong cac ham s8& sau day, ham s6 nghich bién trén (0;7) la:

A y =sinx +cosx+2x B. y=log, x

y=7x" | ~ D. y=COSX+X

ho ham s6 sau y = f(x) = x* =3(a—1)x* +3a(a—1x+1. Trong cac ménh

dé sau, menh de sai la:
A Ham s& ludn ludn déng bién véi a=2
B Ham s8 ludn ludn cb cwc dai, cue t1§u voia<—2.

. Ham s6 nghich bién trong khoémg (O 1) véi O<a<l

D. Ham s6 lubn luon don g bién tren tap vcfn l<a<?2

» Gia tri cﬁa m de j:- m(x+i_)1 1a hém so dong blén trén R:
. .
A. m=0 " B.m#£0  Cm>0  D.Motkétquakhdc

g5




12.Choham s8 y =—x’+3mx* +3(1-2m)x—1 (1).Gi4 tri cia m d€ ham s§ (
nghich bién trén tap x4c dinh:
A.1 B.0 C. -1 D. 2

13.Chohamsé y =(m

Jx3 +mx”+(B3m—2)x (1).Gia tri ctta m thi hiam
(1) ludn ddng bién: '
A.%ﬁmSZ B.l<m<2 C.m=1 D. m20

14. Cho ham s6: y = x” +3x® +(m+1) x + 4m. Gi4 tri ctia m d& ham s nghjc
bién trén (-1; 1) l1a: ' '

A. m=10 B. m=-10 C.m=2 D. m=5
mx+4 ... » . s 5
15.Chohams8 y= " - Gid tri cia m dé€ y nghich bién trén (—eo; D 1A
X+m :
A.m>1 B. m<1 C.-2<ms~-1 D. Dépénkh*

16.Cho ham s8 y =x* =3(a—1)x* +3a(a—2)x+4.PE ham sb nay ddng blen
trén cic doan [—2;—1] va [1;2] thi gi4 tri ctia a théa man: |
l.Laz4 II. a<-2 I, a=1
Két luan nao ding:
A. 1,1l B.II,II g1, HE . D.LII, I

3

_"; +(a-Dx*+(a+3)x—4 ddng bién trong khoang (0;3

17.Pé hamsé y =
thi gia tri can tim cda tham sé a la:

A. a>-3 —3<a<%% C. a>1—7% D. a<-3

18. Cho ham s8 y= x> —3(2m+1)x* +(12m +5)x +2
D& ham s§ déng bién trén khodng (2;+00). Gi4 tri cin tim ctia tham s m .

A——< NS —B.m>— Cm<— .D ey
N T T 2 - m=Je- e

" PAP AN VA HUONG DAN
1.D | 2A | 3D | 4c | 5D | 6D | 7c | 8B 1] oc
11.C 12.A | 13.B | 14.B | 15.B 3 | 16.D | 17.C | 18.D
1. Pap an: A ding, 1 ham trung phuong thi khéng thé don diéu trén R,
Thét vay, c6 y'=dx® = 2mx = 2x(2x -—m) suy ray’ 13 ham béc 3 nén khén
ton tai me R dé hém s6 dong bién (ho#c nghich bién) trén R.
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C dting. Chon m =0 => ham s& ddng bién trén (0;+<), nghich bién trén
hoang (—=;0) |
:D.

u y: V&i cac bai todn can phai xét dén tirng d4p 4n thi ta nén chon d4p 4n
dang ham quen thudc, dé tinh toan trwéc dé xit ly.

2% 2(F® +x+1)~2x(2x+1) 2422
g2 y'=— =
. Xt +x+1

(x2+x+1)2 (% +x+1)2

» y‘20®2x2—220¢:>x£-—1,x21

> 'S0 2x°-2<0e-1<x<1

dy ham s8 dong bién trén cic khoang (—o;—1],[L;+e0), nghich bién trén [-1:1]

. 2 _

2x +x+1=2x _2+2+x+1='2(x__1)+ 2 +1
x+1 x+1 x+1

2

(x+1)

=lnx+1 =>y'20¢:blnx+120®1nx2—1='vx2—l-
e

y ham sé dong bién trén khoang [l;+w) = ham sé déng bién trén
. e s

= e —e* +1 2e*
e** +e* +1 ¥ +e* +1 ) :
2e* (e** +e&* +1)—(2€-2‘” +e*)2e* _ 263 — 2% _2e (ez_" —1)

‘(e” +e* + 1)2 (x‘ez”r +e* + I)2 (ez" +e* + 1)2
Sy'202x20, y'<0&x<0 |
‘dy trén nhitng khoang nao chita 0 thi ham s8 khéng don diéu.
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4x° —4x
x*—2x
bén daytacd 2 cachx¥ Iy 4x’ —4x>0

Cdch 1: 4x’ —4x >0 < 4x(x—1)(x+1) >0 ta thir 1 gia tri x=2thi thdy th

7.Tacoéy'= >0 4x° —4x>0 (%)

man nén 4x(x—-1)(x+1)>0& ~-1<x<0vx>1
Chi y ddu ctia ham béc 3 sé dan d4u gitra cAc khodng nghiém

- Cdch 2: T cac dép an ta chon céc gia tri ctia x thit vao (*) dé tim dép 4n d
Thir v&i x = 0,001 vao (*) thiy khong théa min = loai d4p 4n A, D
Thir véi x=2 vao (*) thidy théa min = Dap 4n: C

(2x—2). ex2—2x+3

2x =4 x+6
e =3

8. Tacd y'=—- =y'>052x-2<0= x<1.

9. D4i voi bai nay thi ta c6 thé dé dang nhin ra dap 4n ding 1a C nhun
dang nay, ta hay dling tinh nang TABLE dé& khdo sat tfnh bién thién ct
dap an.

Néu khao sat ham lwong giac ta nén d€ & ché d6 Radian ( Shift + Mode
Bwéc 1: Nhan MODE 7

Budc 2: Nhap ham can khao sat. Nhan “=”

Bwadc 3: Start? - Nhap gia tri khoi ddu, & bai nay 1a 0, sau d6 nhin “=”
(Nhén hai Idn phim “=” d6i véi may Fx570VN ho3c VINACAL 570ES Plusl
Buéc 4: End? - Nhip gia tri két thic, & bai nay nhap 7z

Bwéc 5: Step? - Nhap buwéc nhay ciia gia tri, thwdng thuwong la IE-

Sau d6 su blé’n thién dwoc theé hién qua cot f(x)

Math Math - o n @
1 Fm’ u|p. dis: afiEvon|ul iEes
8 g348 - g el g
= NEREM : 'y Uk |5, .
1.305996939 Z.,094535951

Ta thay gid tri ting dan chfrhg t6 ham s§ ddng bién trong (0; 7). Loai A
Twong tw v&i cac ddp 4n con lai.

10.Chon a=2 tadwoc y=x" —3x* +6x+1::>y =3x*>—6x+6>0,Vx=> har
s6 ludn ddng bién. Vay dw do4n A 13 ding,
Chon a=-3 tacé y=x"+12x"+36x+1= y'=3x* +24x+36 = y'=0 lud
co 2 nghiém phan biét. Suy ra ham s& ludn c6 cue dai cwe tiéu. Vay dy dod
B ding.
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na=0,5 tacéd y=x3+-g—x2—%x+1:§y'=3x2+3x—-§=>y’=0 dung

sio bdm thdy c6 1 nghiém thudc khoang (0;1) = ham sé khéng nghich
pién trong khoang(0;1).
4t d4p 4n D. C6
- y'=3x~6(a—1)x+3a*-3a=y'>0=A'=9a+9<0= a>1.
m s0 ludn dong bién véi a>1.
pap an: D.
*Céch théng thwdng: dé xét tinh dbng bién ta can tinh dao ham
3m(x+1)* (x* —x+1)—m(x+1)’ (2x—1)
(_x —x+1)

n i:a chon céach thir ddp an
/6i'm = 0 dé thdy y = 0 => loai A. Con 3 phwong 4n ta chon gia tri m thudc
ma khéng thudc C

, nhan thdy y’ rdt cdng kénh

—3(x+1? (2 —x+1)+(x+1)" (2x-1)
(xz —.Jc+1)2

ung Casio b&m ta dwgc phwong trinh y'=0& x=-1:x=2 khi ¢6 2

iém y’ s& doi dau trén cic khoang xac dinh nén khéng déng bién trén
.=> loai B : :
nhirng bai céng kénh thi thwdng s& c6 dap an cu thé
ha ndng chon dap an C 1 rit cao. Khi d6 ta nén chon C ngay khi 10a1 2 dap
nA, B.
D: D=R
acd y'=-3x>+6mx+3(1~2m)
€ ham s8 (1) nghich bién trén tip xac dinh ta phfu cdy'<0véi Vx

& —3x% +6mx+ 3(1-2m) <0, Vx
& x*=2mx+2m-120,Vx
& A=4m-1’ <0 (m—1)* =0 m=1. Pap 4n: A.

y'=(m—-Dx*+2mx+3m-2
€ ham s8 (1) ludn ddng bién thi ta phaic6 y'>0 Vx.

honm=—1tacé y'=
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+} Néu m—1=0<>m=1thiy'=2x+1d6i ddukhi x qua _—é—, suy ra hay
s0 (1) khéng thé ludén déng bién.
+) Néu m—1#£0< m=1thi

m—1>0

: y'>0Vx<={ =l<m<L2

A=-8m>+20m—-8<0

14. Thir lan lwot tirng gia tri vao ham s8 rdi dung TABLE khao sit ham tr

khoang (-1;1), Step = 0,1 thi chi c6 m = —10 1a théa méan ham sé nghich bi
. .

- -2<m<?2
15.C6 y'=—~—??—-4—2:>y'<0<=: e
(x+m) m<—1((x+m)#0)

16.Cé6 y'=3_x2 ~6(a—1x+3ala—2)
Yéu cau bai todn & 3x” —6(a—1)x+3a(a~2)>0 Vxe [-2;-1] va [1;2]
_3(a-H+3 |
=" =
S A'=9= B .
x2 e -E___..)..:-_: a— 2
3
=> Ham s6 ddng bién trén (—eo;a~2) va (a; +00)

Thix lan ot cdc dap an 1, 11, 11 thdy déu théa min de bai.
Pép 4n: B

H-2<m<s—1

17.Cdch 1: Tacéd y'==x"+2(a-1x+a+3. Ham s6 dbng bién (0;3) khi va
khi y'20,Vxe (0;3) 4
& =x>+2(a-Dx+a+320,Vxe 0;3) '
2
e Y2573 oo w0
2x+1

il ~
S a> muf—ﬁf—B,Vxe [0;3]
2x+1

a '
Khio sét ham s6 £(x)= ﬁ-;—%;r’fl—:”,xe [0:3] ta thdy max f(x) =l7%
X ’ :

Vay a 2172 . Pap 4n: C.
Cdch 2: Thir lan lwgt me {~2;3;—4}, diing tinh ning TABLE dé loal cic

dap an A, B, D.
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dch 1: y'=3x*—6(2m+1Dx+12m+5=m(=12x+12) +3x> —6x+5

3x>—6x+5
S0,Vxe (2;40) & m < ——m—, 2; 400
> xe ( Yo m 12D € ( )
2-
o sat ham sé f(x)=3":2( Gx;)-S,xE (2;+00) ta thiy f(x)a—:';msﬁ-

t

m_::h 2: Thwr -nhﬁ'ng s8 thudc nhirng khodng trong dap an roi diing TABLE
40 sat x trong khoang (2;10), Step = 1.

hiir I4n lwot m = 0,3 thdy théa méan. Loai A, B, C.
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Bai 4. Tiém can
I. LY THUYET
1. Pinh nghia
a. Tiém can dirng |
buong thang x =x, dwoc goi 1 tiém can ditng cia dd thi ham s8 y = £ (x
néu it nh&t mét trong cic didu kién sau théa man: |
lim £ (x) = +os; limf_(x) =—0co; lim f (x) = +oo; Iimf(x) = =00,
x—3xp* X—rxy* X—3%g™ x=rxy"
b. Ti€m c4n ngang
Choham sé y =£(x) x4c dinh trén mot khoang vé han.

Budng thﬁn.g Y =Y, duoc goi Ia tiém can ngang ciia db thi ham s6 néu ft
nhét mot trong cc didu kién sau thda man:
limf(x)=yﬂ; limf(x) =y

X—+oo X ===t

ul

2, Cac trwdng hop cu thé

Ham s6 bac nhit trén bac nhat (ham nhat bién) y = —fa—x—_l_—]:’—(anhbm #0)
mx+n
n
+TXD: D=]R\{—-——};
m
n : a - a
TCP: Ii =co=>(d): x=——;TCN: limy=-"-=(d):.v=2

3. Tinh chit dic bit?t vé tiém can

A > g 2 ax+b
+ Tam déi xing ctia ham s8 y =

1a giao diém hai dudrng tiém cén ¢6
ex+d
toa do I[——q;i)

6 &
+ Giao diém ctia db thj v&i dudng phan gidc géc tao bdi hai tiém cén 1 hai
di€m c6 khodng cdch ngin nhit trén hai nhénh db thi). .
+ Tiép tuyén tai diém M bat ki trén d5 thi cat hai dudng tiém cantai AvaB
thi taluén c6 M 12 trung diém AB. :
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dang toan

Tiém cin ngang va tiém cin-ding ctia d6 thi ham sd y = Zx=1 13

X+2
=2, X=2 B. y=2, x=2
___y'_:-Z,x=2 D. y=-2,x=2
Huwéng dan giai

gﬂy@- S6 tiém cdn dirng clia d6 thi ham s6 y= X—+—2-2—- la:
X

B. 2 C.3 D. 4
Hwo'ng dan gidi

S x> +2 B e e e
ét: limy =lim———=-c = x=0latiém can dirng,
x—0% x—}D*){ — 2%
- - x +2 A A ~ F
lim y = lim ———=+¢ = x=2l]atiém cdn ding,
"x—2* x-2* X* ~2X

h [am nhanh:
thdy duwdng tiém can dirng ciia do thi ham sd ¢6 dang: x= a, thong

ong véiala nghiém chia phwong trinh x*> -2x=0=>a=0,a=2.

%,

mx’-2x+5 . .. .

u 1. Gi tri cta tham s6 m Idé db thi ham s6 y = c tiém cin
x(x—1)
gang di qua diém A (2;-2)1a
B.1 C.-2 D, 2
Hwéng dan gidi -

x> —2x+5
m .

xode (X=-1)x _

3 tiém cdn ngang di qua diém A(Z; —2)=>m=-2.

=m . Nén tiém cin ngang ctia db thi ham sé 1a y=m,
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Vidu 2. Dudng tiém cin dirng va tiém can ngang ctia db thi ham sé

(nz e 1) X—3 3 : - o h
y = s cat nhau tai diém A (-—1;3) khi tham s6 n nhén gid tri -
.trong tap:
A B. {2} C. {-2} D. {-2;2}

Hudng dan gidi
Dudong tiém cln ding va tiém cin ngang clia dd thi cit nhau tai diém
A(-1;3)suyra TCD: x=—1 vATCN: y =3

ax+b
cx+d

- Cha y vé diéu kién ton tai tiém can y = la: ad # be, véi bai toan nay
ta c6 diéu kién 13

n* -1 -3 ditu nay lubn ding véi moi n.

2-—» —
-_—>lim("' bz 3=34=n2—1=3<=>rz=i2.
A—ptne x+1
Pap an: D.

Cdch khdc: Ta nhép biéu thirc lim (" =X -3 > CALC ,gadn Ala cicgia =

Xyt X +1 :
tri trong cac phwong an, X bing 1 s6 to nhw X=100000. Néu phwong an na
ra két qua 3 thi do6 1a phwong 4n ding.

BAI TAP TY LUYEN

5mx? —8mx + 2
- 7x-=3 | _
tap hop céc giao diém ciia hai dwdng tiém cén ctia dd thi ham sé da cho la:

1. Chohamsg y = v&i m 1a tham s6. V&i moi gid tri cia m

. 5m_ 41
AL O B. Dwong thang y =—x+-—m
C. buwong thing x=3 *  D.Pwdngthing x= -g- .
2. Cho h-.ai ham sé y = el va y= i Téap he cua'lc i4 tri ctia tham -
' | y x+m?—4 Y= 15 | oreneR B ' oy
s6 m dé& hai dwong tiém cén cia hai d5 thi d6 tring nhau 1a:
Ao B. +.2_55;”. C. 0 D. £3
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5x—3
x?=2mx+1
ng c6 tiém cdn ding khi m bing:

ohams6 y = véi m 12 tham s6. D6 thi ham s6 da cho

' | m>1
m=1 B. m=-1 C.-1l<mx<l1 D.[
' m<-1

s ” " . \ o zx_l N
m ddi xirng ctia d6 thi ham so y = = (C) la:

X
1(-1;2) B. 1(2;-1) C. 1(1;-2) D, I(-2;1)
.0 ham s6 y=%.’1‘mc d6i ximg ciia dd thi ham s6 1a:
%
' —y=—4 +y=0
 X==Y B. x+y=-2 C. AR D. xry
X+y=—2‘- | x-—y=2

2(x-1 - |
ohamsb6 y = —(—_I_—l—)—(C). Tim trén hai nhanh ctia (C ) hai diém A, B sao
. X

o AB ngin nhat, Hai diém A, B lan lwgt la:

(1,0),(-3;4) B. (-1,0),(3;4)
(1,0),(3;4) D. (-1;0),(-3;4)

' 2x—1

hohamsé y = (C). Tiép tuyén tai diém M(0;-1) cat hai duong

x+1
8m cén tai hai diém: |
- (1;2),(-1;-4) - B. (-1;2),(=1;4)
- (1,-2),(1;4) . - D. (-1,-2),(L;4)
| | PAP AN VA HUONG DAN GIAI
.D 2.D 3.C " 4.A | 5.C 6.A | 7.A

- a ~ A A ’ 3
&i moi m ta ludn cé tiém can dirng x = 7

iéu kién ton tai tiém cin cia y = 5
X+m- -4

-1.(m*-4)#-3&m #3/7
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Ta chi cin tim digu kién dé& cho 2 TCP tring nhau < m -4 Sem=13
3. Khong c6 tiém can diémg khi x> —2mx+1> 0, Vx

SA=m"-1<0e=-1<m<1
4, TacoTCB x=-1,TCN :y =2 = I{~1;2)

Tmh chét: TAm d6i xing cia ham sé y = meth la giao di€m hai dwong =
' cx+d ‘
tiém can.

5. Tac6 TCP: x=-3, TCN: y=1. '
Phwong trinh dwong phén giac clia géc tao béi hai tiém cin trén 1a

[x-y=—4
|x+3|=|y—1|¢::~{z+§=

Tinh chdt: Truc d8i xrng cia ham s6 y = axiz 1a hai dwdng phén giac
ex

clia céc cdp goc tao béi hai dudng tiém cin

6. TacOTCh:x=~1 , TCN:y=2,

Phwong trinh dwong phén giac clia goc tao bdi hai tiém can trén 12
—y=-3(d
x+1=|y-2| = XY ) Ta tim giao diém ctta d,,d, v6i d5 thi
x+y=1 (d,)
Tinh chdt: Giao diém ctia dd thi véi dudng phan giac goc tao béi hai tlem

cén l1a hai di€ém c6 khoang cach ngin nhit trén hai nhanh db thi.
7. Tlr tinh chit trén ta s& dung phwong phép thi dap an.

Théy phwong 4n A théa mén toa d6 M 14 trung diém cia (1;2),(-1; 4)

Tinh chdt: Ti€p tuyén tai dim M bat ki trén dd thi cit hai duwdng tiém can
tai A va B thi ta luén cé M la trung diém AB.
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‘Bai 5. Cyc tri ham sO

1_1 kién can d€ ham s8 c6 cwc tri
11 ham s f c6 dao ham tai x, va dat cyec tri tai dlem dé thi £'(x,)=0.

5- Hom s6 £ ¢é thé dat curc tri tai nhibng diém ma tgi dé khong co dago ham.

ﬁu klén dn d€ ham s6 ¢cé cuc tri
' 1: Gia stt ham s8 f lién tuc trén khoang (a;b) chita diém x, va c6 dao

m trén (2;b)\{x,}

u £'(x) d6i d4u tir Am sang dwong khi x di qua x, thi f(x) dat cwc tiéu
% |

u £'(x) d8i ddu tir dwong sang am khi xdi qua x, thi £ (x) dat cwe dai
Ky

‘Binh 1f 2: Gid str ham s6 f c6 dao ham trén khoéng (a; b)chlra diém x,,

x,) =0 vac6 dao ham cip hai khac 0 tai diém x,.

(éu £"(x,) <0 thif(x) dat cyc dai tai x,.

u £"(x,) >0 thif(x) dat cuctiéu tai x,

¢ tri hAm da thircbdc 3: y = f(x) ax® +bx* +cx+d (a#0)

ya0 ham: v’ = f(x) =3ax® +2bx+c
éu kién ton tai cuc tri
m s6 c6 cuc trj & y = f(x) ¢b cwc dai va cuc tiéu

£(x) =0 c6 2 nghiém phén biét
‘A'=b*-3ac>0
& ham sé khéng cé cuc tri & A'=b*—-3ac<0)
i d6 ham s6 dat cuec tri tai x,,x, (x, <X, )12 nghiém cta £ (x)=0.
'u hé s6 a >0 thi ham s& dat cwc dai tai x,, dat cuc tidu tai x,
uhé s§ a <0 thi ham s6 dat cuc dai tai x,, dat cuc tiéu tai x,
dwdrng thing di qua cwe dai, cyc tiéu ¢6 phuwong trirth

y-—-%( ga)x+(d gc) chmhléphandu'cﬁaphepchxa&r y

£(x)=q(x).f () +r(x) _ Q.
L N .
b3 b2 bl
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2. Cyc tri ham da thirc bic 4: y = ax® + bx> + ¢ (a=0)
y' = 4ax’ +2bx =2x(2ax* +b), dit g(x)=2ax*+b
+ D& ham c6 CP, CT thi 2ax® +b=0 c6 2 nghiém phan biét khac 0
| o o ab< 0
| g(0)=0
*+ Ham tring phwong chi ¢6 3 cuc tri hoiic c6 1 cuec tri. i3
+ D& ham s khéng c6 CP, CT < y’ =0 khong d&i ddu S
. N a<0 : o
+ D& ham sé ¢6 2 CP, 1 CT@{ , ¢6 3 nghiém phan biét.
y(x}=0 .
p s a>0 , " e
+Déhams6c61CP,2CT <« { 5 €6 3 nghiém phan biat,
| - y)=0
+ D& ham s6 chi c6 CT ma khéng c6 CP
ja >0
a>0 , , A i
@{ =0 1 nghiém < [g(x):O vé nghiém
X)= |
d £(0)=0

+ D€ ham s6 chi ¢6 CP ma khdng cé CT:

-

: (a<0

a<0 - x A

= { () =0 ¢6 1 nghiém <« < [g(x) =0 vb6 nghiém
Y | 5(0)-0

+ D& ham s6 ¢6 CP, CT thoa min didu kién cho truwéc
Cdch gidi théng thwiong (sé mét nhidu théi gian)
- Diéukién cé CP, CT |
- S dung dinh Iy Viét, ddu tam thirc béc 2...trong tirng bai toan cu thé ,
- Vé&idang toan nay cich lam nhanh ta thudng dwa vao cac ddp 4n thé =
nguoec lai... | | ' '
3. Cic dang toan __
a. Dang todn 1. Tim cwc tri ciia ham s&
Phwong phdp: ; -
- Tinhy’, tim cac gia trj x lam cho y"=0 hodcy’ khéng xac dinh
- Strdung dinh ly 1, hoic dinh Iy 2 dé x4c dinh cyc tri
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1.Cho ham s6 y = (x+1)(x —2)?
we tri ham s6 trén la:

6 curc tri cia ham s6 1a:
0 B. 1 C.2 D.3

""'hoéng cich giira hai diém cwc tri cia ham s la:

245 B.2 C.4 D. 542

—4 B.0 G4 | D. 2
o Huwéng ddn gidi
(x—2)2 +2(x+1)(x—2)=3x(x—2) vy ham s6 c6 2 cyc trila

=0,x=2; x=0->y=4,x=2—->y=0

: * yay khoang cach gitra 2 diém cwc tri la \/(0-—2)2 +(4 — 0.)2 =05,

inh, lién tuc trén R va c6 bang bién thién:

X | -0 0 i +o0
y' ¥ ] - 8 *
| ¥ i
y / omm‘“*-:a __]/’””/-//
—c0
Khing dinh ding la:

Ham s8 ¢6 diing mdt cwec tri.

Ham s8 c6 gia tri cwe tiéu bang 1.

Ham s& c¢6 gia tri 1ém nhét bang 0 va gia tri nhé’) nhit béng -1,

D. Hém s0 dat cwc dat tai x=0va dat cuc tiéu tai X = 1

e Hwéng dan gidi

A\'sai vi ham s8 c6 hai cyc tri. . ¥

B sai vi ham s6 c6 gia tri cwc ti€u bing -1.

C sai vi ham s& khéng c6 gia tri lén nhét va gia tri nhod nhat trén R.

Goi x,,x, (x, <x, )12 2 cwe tri clia ham s6 khi d6 gia tri x, —2x, Ia:

x=0,x=—1 B.x=0,x=2 C x=1,x=2 D. x=0,x=1

2 (Cdu 4 - d8 minh hoa THPT quéc gia 2017). Cho ham s& y = f (x) x4c
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Cau 3 (Cdu 5 - d& minh hoa THPT quéc gia 201
sG y=x>-3x+21a:
A Yo =4 B' Yep = 1

7). Gid tri cuc dai Yo Cha ha

Cyp=0 D. y., =
Hwéng dén gidi -
Tacd y'=3x*-3= y'=0 x=+1. V5i ham bac 3 ¢6 hé s6 ctia x° duor |
thi ham s6 dat cyc dai tai x =—1 (nghiém bé ctia y'=0)
Ve = y(—l) =4.D4ap an: A, ,
b. Dang 2. Tim diéu kién ctia tham sé'lién quan dén cwc trj
Vidu 1. Tim m d€ ham s§ y=x"+mx+2 dat cuc tidu tai x=1.
A m=-1 B.m=-2 Cm=1 . D.m=-3
- Hwéng dan gidi
Do ham s6 dat cyc ti€u tai x =1 nén ta thiv trwdong hop

£'(x,)=£'(1)=0 m+3=0
') =£"1)>0 " 16150

Khi m=-3 tacé: y=x*-3x+2 = y'=3x"-3=0ex*=1c x=1+.
Xeét ddu y’ ta d& c6 ham s6 dat cue tidu tai x=1.
Vay v6i m =-3 thi théa min dizu kién bai toan,
Chi y khi d& cho cac phwong 4n chi chiva 1 gia tri ca m nhw trén thi ta cé.
thé chon D sau khi gidi didy kién £'(x) =0, ma khéng can thir lai gi4 tri

Sm=-3

Viduy 2. Biét ring ham s6 f(x) =-;—x3 —=x*+mx+m? c6 gia tri cuc dai.

Khang dinh diing 1a:

Am>2 - B.m<1 C.m=23 D.m>3
Hwéng dan gidi | K]
Thir cac gid tri véi m =0 ta théy f(x)=—31—x3 —x*=f'(x) =0 x? -2

ludn cé 2 nghiém phan biét nén ludn cé cwe dai va cuec ti€u. Dap 4n: B,

Né&u de cho céc d4p 4n chdt hon, thi ta Iwa chon thém gia tri m phi hop d
loai nhu:; ' . =

A .m<3 - B.m<1" ' Cm=>-1 D.m>3
Dom=0 thdo mén nén loai D
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n m =1 khidé tacéd f(x)= -—-x —x*+x+1=f'(x)=0& x* -2x+1=0

ham s8 chi c6 1 cuc tiéu = m = 1khong théa mén.

ip an: B.
13 (Cdu 8 - trich ae mmh hoa THPT qudc gia 2017). Tim tdt cd cac giad
thuc ctia tham sé m sao cho d6 thi cia ham s6 y=x*+2mx”* +1 ¢6

1 1

=—— B. m=-1 Cm=—— D.m=1
* ! %
Hwéng ddn gidf
r dap an ta sé wu tién thir cac gia tri nghiém truérc, khi d6 dwoc dap 4n
ngla B.

: 1 1 {7
LN =—— B.m=-1 C.m=—— D.m=,[—"

Huwéng dén giai

y’ =x*—mx+m?*-3
am s6 ¢6 cyc dai, cyc tifu < phuong trinh ¥’ =0 & x* —mx+m*~3=0

6 hai nghiém phén biét & A=12-3m? >0 2<m<2(¥)
& Xpy, Xop 12 d8 dai cdc canh géc vudng clia mét tam gidc vudng cé canh
S e on 5 i
huyén bang \/;— ta phai cé:
Xep > OXer >0 {XepXep >0, Xy +Xep >0 m>0,m*-3>0
= 5 5 <

X2 + X2y =~Z— (Xep +Xcp ) —2XepXep = - m? —2(m? -3) =-é5-

Thir dap 4n thiy chi c6 D théa mén. Pap 4n: D.
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BAI TAP TU LUYEN
1. Cho ham s6 £(x) =|x* —3x +2|. Khing dinh ding la:
A. Ham s6 dat gia tri l&n nhit trén doan [—4; 4:] la 30
B. Ham s dat gia tri nhé nhit trén doa,ui [—4; 4] 1a -—-i-'

C. Ham s6 dat cuc dai tai diém x =g

D. Ham s6 dat cwre tiéu tai hai diém x=1 va x =2
2. Ham s6 f(x)=x*Inx dat cwc trj tai diém:

A.x=e . B.x=\/e_: C.x=—

3. 58 diém cyc tri ctia hdm s8 y = x*(2~x?) 1a: ‘ |
A.0 B. 1 C.2 ' D.3

4. Cho ham sé 'y =mx" +(m—1)x> +1—-2m. Gia tri cia m d€ d6 thi ham sé ch '
c6 mot diém cwec tri 13: | | :
A msOm=>1 .. B m<0;m=2

Cm<lm=2 D.m=<-1,m=>2

5. Cho ham s8: y =%——mx2 +—2~ . Gia tri cia m dé€ db thi ham s6 chi c6 cuec tidn

ma khong c¢6 cuc dai 1a:
A.m=>-3 B.m2>-2 C.mx<0 D.m<2

6. Cho ham s8 'y_ = —i—x‘ —~(Bm+1)x* +2(m +1) (Cm). T4t c& cac gia tri m d&
ham s8 c6 cwc tiu ma khong c6 cuc daila:

A.ms—é B.m<-—:: C.m<-1 _ D.m=<0

7. Gid tri cia m dé ham sé y = [—5'2—1 —2):&3 +3x* -2mx—1 ¢6 cye dai, cwre tiéu |

A.me (—W;Z)U(B;;f-m)_\{-i} B. me (-—c’vo}Z)U(S;+oo)
C. me (—e0;1)U(3;400) D. me (—m;l)u(-3;+co)\{4}
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ia trim d€ ham s8 y = mx* -i-(m2 —_-9)x2 +10 ¢6 3 diém cuec tri 1a:

0<m<3 0<m<3 0O<m<4 O<m<4

m<—3 m < —4 m < -3 "lm<—4
atrim dé ham s§ y = x* + (m2 ——9) x?+3 ¢6 3 diém cuc tri 1a:

;3<m<3 B.~-3<m<4 C. -2<m<3 D, -2<m<4
ho ham s6 y = 2x° +3(m—1)x? +6(m —2)x—1. D& ham s& nhan diém

(1,-5} 1am diém cyec tri thi gid tri cia m 1a:
m=~1 B.m=1 Cm=0 D.m==

f_o'hﬁm s6 y =x’ —3mx? +(m2 —1)x+2 . Gid tri cia m d€ ham s6 dat cuc
ai tai x = 2 la:
Am=8 - B.m=-5 C. =12 D.m=11

i di€ém cwre dai, cyce tiéu 12 khong déi 1a:

. Jm|  B.m-2 cvz b2

 diém cwe trj cta (C, ) déu ndm trén céc truc toa d6 1a:
. m=5 B.m=2 C.m=4 D.m=—/5
. Gid tri cta m dé ham s8 y '=—‘;1x3 -mx? '—2(31:1&2 —1)x‘+% c6 hai diém cuc

LY

ri Xy, X, sao choe x,x, +2(x, +x,)=1 la:




16.Chohamsé y =€13—x3 —mx*+(m?-1)x+1 (C_ ). T4t cac cac gia trim d& -

ham s6 c6 cwc dai, cyc tifuva y g +y >2 la:
—1<m<0 —2<m<0 ~l<m<0 ~-l1<m
A. B. G D.
m>2 m>1 m>1
17.Cho ham s8: y =x* —2m(m ~1)x* +m+1. Gia tri m d& d thi ham s6 ¢
cye dai, cye ti€u va cac diém cwe tri tao thanh mét tam gidc vudng cén I
_ 143 _1x43
2 .

_1+45

T2

18.Cho ham s8y =~ x’+ 3x~1. X4c dinh m (m € R ) d& dwdrng thing d:
y =mx—-2m-3 cit (C) tai 3 diém phan biét trong d6 c6 dting mot diém
hoanh d6 4m.

A.m B. m

C.m D. m

2 :
_—1++/5
- 2

B.m<-2,m#-9

A.m<1
C.m<0 - Dim<-1Im=#-9
| | PAP AN VA HUONG DAN GIAI
1.A | 2.D | 3.D | 4A | 5.C | 6.A | 7.D | 8.A | 9.4 [ 10.]
11.D | 12.C | 13.D | 14.B [ 15.D | 16.C | 17.C | 18.D L
1. Dung Mode 7 khao sat ham sé f(x) thdy ngay A dtng.
x=0

2.y'=2xIn(x)+x=>y'=0& 1 . Pap an: D.

X=—

- e |
Ngoai ra c6 thé dung tinh ning tinh dao ham tai 1 diém bing may tinh ~ |
Casio ( T6 hep Shift + phim tich phan), &4p 4n nao cho dao ham tai d6 ban,

0 thi chon. : _ . :
3.C6 y'=4x—-4x°* y'=0@{

. C6 3 cyc tri
x=%1 '
4.Néum=0thl y=-x+1
=y ' =-2x,y'=0¢ x=0.Nén ham s8 chi c6 mét diém cuc tri.
Vay véim = 0 théa man. |
Néu m 0 thi y'=4mx’ +2(m —1)x = 2x(2mx> +m~—1). D& d5 thi ham sd
chi c6 cwe tri thiy’ = 0 chi ¢6 1 nghiém < 2mx* +m—1=0 phai vé nghiém
hodc c6 nghiém kép x =0, ; = /
bap an: A.
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_2x® = 2mx = 2x(x* —m). Do h¢ s& cta x* dwong nén do thi di tir trén
uéng dwéi nén do thi chi co CL_rc; tiéu ma khﬁng c6 cuc dai.
:t}a chikhi y'= 2}(()(2 —m)=0 chic6 1 nghiém
x2 —m =0 v6 nghiém hodc c6 nghiém kép x=0& Efg o m<0
p an: C. -
y' =x* —2(3m +1)x = x(x* ~2(3m +1))
ham trung phuwong chi c6 1 cwc tri tai x =0 hodc 3 cyc tri khi d6 ham
5 c6 curc dai ma khong cé cue tiéu twong duong véi ham sd c6 cuc dai tai

0. -
y'=0 c6duy nh4t nghiém x =0 vatai x=0 thiy’ d6i ddu tir (-) sang (+)

=0 c¢6 duy nhit nghiém < 2Bm+1)<0e m $—-%—

A'>0 & m*-4m+3>0 & m<1,m>3. (2)

_ 4,ticla m#0.Ta cé:
: 115




‘ 2
y' =4mx’ +2(m? -9)x =4m>{x2 L 9]

2m
2 —
t(x) :=(>c2 L 9]
- 2m .
- Ham s6 c6 3 dié€m cuc tri khi va chi khi
y' c6 3 nghiém phan biét < t(x) cé6 2 nghiém phan biét khac 0

O<m<3
m<-3

m? -9

. . zm
9. Tacod y'=4x°+2(m? -9)x =2x(2x* +m? —9). Pt t(x):= (2% +m?-9) "
Ham s6 c6 3 diém cwec tri khi va chi khi g
y' €6 3 nghiém phan biét & t(x) c¢6 2 nghiém phan biét khéc 0

=

<0 < m(m2—9)<0 = [

& m’-9<0« 3<m<3.
10.C6 y'=6x*+6(m—1)x+6(m—2)
Ham s6 nhin A (1,: —.5) Ia cye tri khi
yD=0=6+6(m-1)+6(m-2)=0=m=1
11. Ham dat cyc dai tai x = 2 nén y’(2)=0

©32°—6m.2+(m’~1)=0 o m*-12m+11=0¢e|
2 : ' {m=11

Dwa vao céc phwong 4n ta chon dap 4n D.
12. y’ =6x*—6(2m +1)x+6m (m +1)
Xétphu'cmgtrmh y'=0 & x -(Zm + 1)x+rn +m =0

Ta c6A = (2m+1) 4(111 + m) 1>0=>y =0 luon cé 2 nghiém.
ey oA : RN, & o
Ham s6 ludn cé ciyre dai, cyce tifu véi moi m. yV=0& [
_ e s P Xx=m+1 -
Céc diém cyctrila A(m; 2m®+3m?+1), B(m+1; 2m® +3m)
— AB=+/2.Dap 4n: C.
Cdch khdc: Chon m = 0, tim diém cuc tri cﬁa d6 thi ham s6 Gng véi m =
Roi tinh khoang céch gitra 2 diém cyc tri. '
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Taco
f(x)-— x®— 3x* +mx—1; f(x) 3x*—6x+m=0; A'=9-3m

2 ham s§ c6 hai diém cyec tri x,,X, thi phwong trinh (1) 6 hai nghiém
han bifte A'=9-3m>0 > m<3

—2X,X, =3:>4—-2.£§~=3 & m=~g~

&1 m>0 thi (C_) c6 3 diém cuc tri
(0;~4), B(—/m;m? —4), C('m; m? —4).
G . . >0
€ A, B, Cnam trén cdc tructoa dé thiB,C e Ox & m2 A=0 em=2.
: _ : _ m° —-4=
Tacb y'=2x> —2mx—2(3m2 —1) =2(x2'—mx—3m2 -I-'l),'
(x)=x* —mx~3m?* +1 Ia tam thirc bac hai c6 A= =13m?>-4.
o d6 ham s6 c6 hai diém cwc tri khi va chi khi y' ¢6 hai nghiém phén biét

2J—

& t(x) cb hai nghiém phinbiét & A>0 ¢ | (1)
>t | 2J_

X,, X, 12 cac nghiém ciia t(x) nén theo dinh ly Viét, ta co
{x1 +X,=m
x,x, ==3m?’ +1

XX, +2(% +x,)=1 & -3m*+2m+1=1

m =0
& 3m*+2m=0 & | 2.
41 " m=2

Déi chiéu véi digu kién (1), ta thiy chi m =-§- thoa man yéu ciu bai toén.
Cdch khd.-:: St dung céch thir cac dap an ' " ot
bap an: D
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=m+1
16.Tacéd: y¥=x* —2mx+m?—1. V=0 | <~ ™ '
y y
Xx=m-1
—1<m<0

Yo + Ve =2 4m21‘113—2m+2>2‘:=:.~[m>1
Pap an: C.

17. y'=4x° —4m(m~1)x = 4x(x> —m? + m)
Déhams6 cé CP, CT thi y'=4x(x* —m? +m) =0 phaicé 3 nghiém phén-;’:
biét &m<0um>1 :

- A(0; m+1); B(sz—m;—mz(m—1)2+m+1); C(— m?—m;—m?*(m —
Tam gidc ABC vudng cdn «» AB.AC =0 ¢ —(m? —m)+m*(m~1)* =0;
_1+5 |

Cdch khdc: St dung tinh chat véi ham bac 4 triing phwong thi 3 diém cy
tri tao thanh 1 tam gidc vudng cén thita c6 h¢ s6 b ciia x* béing 2 (b=-2).

1+/5

Khidétacé 2m(m-1)=-2 < m(m-1)=0e x == 5

Dap an: C.
18. Cho phuong trinh hoanh do giao di€m cuia d va (C):

x> +(m—-3)x~2-2m =0

x=2

x? +2x+m+1=00*)

YCBT tu’tmg dwong véi (*) c6 2 nghiém phan blet khac 2 va cé ding

1 nghiém &m
Ta xét 2 trwdrng hop:

¢:>(x-2)(x2+2x+m+1)_=0@|:

SO - P=m+1=0
+ (*) €6 1 nghiém 4m va 1 nghiém bing 0 << = < m=-]1.
S=-2<0
P=m+1<0 -1
+ (%) céanhlemtral dﬁuvékhécz o s PN
22+2.2+m+1¢-0 m 7 —9

Kétludn: m<-1, m#-9.
Pap an: D.
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Bai 6. Sw twong giao ciia d6 thi ham so
wong giao gitra &6 thi ham da thirc voi dwong thang
Cho hai d8 thi (C,): y=£(x) va (C,): y=8(X)-
pé tim hoanh d giao diém cua (C1) va (Cz) ta gidi phuong trinh (goi 1a
hwong trinh hoanh do giao diém): f)=g(x) Y
& nghiém ctia phrong trinh (*) béng s6 giao di&m cua hai db thi.
. S6giao diém chia db thi (C) ciia ham s6 bac ba: y =f(x) = ax® +bx* +cx+d
"/ 'v6i truc hoanh bing s nghiém cua phwong trinh ax® +bx* +cx+d =0 (1)
s6 dang cau hoéi thwong gap
im diéu kién dé db thi (C) va truchoanhcé 1 diém chung duy nhat
f khong cd cuc tri : '
= { f¢62cuctri < Phuongtrinh (1) c6 1 nghiém duy nhat.
Yep-Yer >0
im diéu kién dé db thi (C) tiép xvc véi truc hoanh
C) tidp xtic véi Ox &y ¢6 2 cyc tri VA yep Yer =0 Phwong trinh (1) c6
ung 2 nghiém : :
'im diéu kién d& do thi (C) va truc hoanh ¢6 3 diém chung phan biét
C) cit Ox tai 3 diém phén biét & y cb 2 cyetri va YepYer <0
¢ Phurong trinh (1) c6 3 nghiém phan biét |
6 giao diém ctia (C): y = ax* +bx? +c v&i truc Ox bdng sd nghiém cia
ax! +bx*+c=0 (1)
t=x%,t20
_ at> +bt+c=0 (2) |
P& x4c dinh s6 nghiém cia (1) ta dya vao s8 nghiém cta (2) va ddu cia ching,
: (2) v6 nghiém
(1) vo nghiém < |(2)cd nghié¢m kép dm
1 (2) ¢6 2 nghi¢m Gm

~ax* +bx? +c=0 (1) -z:){

(?;) c6 nghi¢m kép bing O

(1) c6 1 nghigm < [(2) ¢6 1 nghigm bdng 0, nghié¢m con lgi am

_ o (2) ¢6 nghig¢m kép duong _
(1) ¢6 Z nghiém [(2) c6 1 nghiém ditomg va | nghiém am
(1) c6 3 nghiém <= (2) cd 1 nghi¢m bdng 0, nghiém con lgi dwong
(1) c6 4 nghiém & (2) ¢6 2 nghi¢m duong phdn biét
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Vidu 1. Biétrang dudng thing y =-2x+2 cdt d6 thi hAm s8 y = x° +x+2
tat di€ém duy nhat; ki higu (x,;y,) 1a toa d6 diém d6, gia tri ca y, la:

A.. Vo, =4 B.y,=0 . Cy,=2 D. yﬁ=-1
Huéng dén gidgi
Cach 1; Phwcmg trinh hoanh d6 giao diém:

22X +2=x° +X+2 e X% +3x = 0e=x=0=>y= 2

Cdch 2: Dung chivc ning Table trén may tinh:

Nhip f(X)=-2X+2;g(X)=X>+X+2

START :~4; END:5; STEP: 0,5 |
- Nhin bang ta théy tai x=0thi £(x)=g(x)=2 nén giao di€ém ctia hai 8 t

ham sé 1a (0;2) =5y, =2

Dép 4n: C.

Vidu 2. Cho ham s8: y = x° -(2m +1)x* +(m — Dx+m+1 [Cm) Tim m dé

(Cm) cit Ox tai 3 diém phan biét. |

A .m>1 B. m=0 C.m>0 D.m<—-1
Huong dén gidgi

+ Dé [Cm] cdt Ox tai 3 d¢iém phan biét thi phwong trinh:

- X =(2m+1)x® +(m - Dx+m+1=0 (x=1)(x2 —me m— 1) 0
phai c6 3 nghiém phan biét. :
e’ —2mx m-—1= 0pha1c62ngh1emphanb1etx X, khacl
[A'=m? +m+1>0 Vm
<= =
’-2m.1-m~1%0 m # 0
Vidu 3. Cho ham s8 y = x*> —3x2 -9x+m(C_). Glétncﬁamde (C,.) cit
Ox tai 3 di€m phan biét 1a:

@m#-'{).

A.—»4Sm<21_ o . B_.m>_1
C.6<m D. -5<m«<?27
Hwo'ng dén gzdf

Phwong trinh hoanh dd giao diém ctia (C) va truc Ox:
-3x*-9x+m = 0@){ —3x*~9x=-m
Xétham s6 y = x® —3x? —9x%(C)cb y'=3x*~6x=9- -S(x 2% — 3)

=y'=0& );=3 |

(C) cdt Ox tai 3 diém phan bift <> —27 <—m < 5 < ~am<27.
Pdp an: D. :

= (-1;5),(3; ;—27) 1a 2 di€m cyc tri cia d6 thj ham s8 (C
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'u'o‘ng giao gii‘i'a do thi ham phﬁn thl’rc va du’c‘:rng thﬁng

' x-1
:__%1 2 diém phan biét:

0
A.meR B.[m<- C.O0<m«<4 Dm=#=1
m>4

Hwéng dén gidi

a—x—1=—-x+m=vf(x)=—x2+mx-m=0ﬁ< #—1 (1)
21

{A=m2—~4m>0 [m-co_
= =

f(-1)=-1#0 m >4
Dép 4n: B
i BAI TAP TU LUYEN
2
Cho (P) 12 @b thi cia ham s6 y =~——x+2. (d) la dudng thing di qua

tal hai diém phfm biét 121
k<—1_1<>2 B.Véimoik —1<k<2 : ~2<k<1

6 (C,, ) cat truc hoanh tai ba dlem phén blet

A.0<m<6 - B.-l<mc<6
-.-2<m<6 D Ketqué.khéc

:uy nhat mét dxem gia tri n chqn cﬁa a lé :
A.a>3 - B.a>-3' T Cded D.a<-3
' ’m s6 y=(4- >c)(1—>()2 c6 db thi (C) Goi (d) 1a du'c‘mg thfing di qua giao

‘?‘-k<0 | B. k> 0; k.¢9 Ck<hik-d  D.k>L k-3

A. m<-5 B. m > 4 C.m<4 = D.m>5
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6. (H) 14 d6 thi cia hAm s6 y = x;j , ¢on {d} l1a dwong thﬁng y=kx-2.D&
- X -
(d) cat (H) tai hai diém phan biét, hé s§ géc k ciia (d) phai théa déu kién:
1 1 k=0 >
A k<==;k>2 B.k<-2;k>= C. 3 D. k#-2; k>

7. Cho dwong cong y = ).(1 cﬁtdwb-ng thing y =—x+m tai hai diém phéa
biét véim la:
A.m<0vm>4 B.0<m<4 CmeR ~ D.m>0

8.Ham s y=2X —2X=2

C)va duong thing (d):y =kx+1 cit (C)taih )

di€m thudc hai nhanh khac nhau thi gia trj k 1a:
A k>1 B. k<1 C.k>2 D. k<2

2
9. Cho (C)'y=%%%t§ (d): ¥ a(x+1)+1. Glétrl ctia a dé d cit (C) tai h

diem phén biét c6 hoanh d6 trai déu:
Aa-(—z— | Ba—-il-,a-l - C.a>1 ) D.-%—<a<"1‘

10. Pudng th&ng y =-x +m luén cit d6 thi y.-'- il tai hai diém P va Q

D& d6 dai doan PQ ngin nhdt, gia tri thich hop c:ho mla: :
A m=-1 B.m=1 C. m=-2 - D.m=2,

DPAP AN vA HU’O‘NG DAN GIA]

1.B 2.C 3.C 4.A 51) 6C 7.A 8.D 9. 10.

1. Ding phwong phap loai trir
Trwong hop 1: Thu'vé'l k=3 =d:y=3x—4

Xét phu'crng trinh hoanh dﬁ glao dlem ciad Vé [P]

—_E_-x+2 35 4<=x2+16x 24 = 0(*)

Ta th&y A'=64+24=88>0 => (¥). cé 2 nghlem phan biét = k=3 thda
~man = LoaiC,D .

Tru'o'ngho'pz k= 0::>d y—-—l : :
Xét phwong trinh hoanh d6 giao diém cla d va [PJ

x? x_=“.6_ _
--f4——x+2'='—1-¢¢x +4x=12=0e|"

Vay k = 0 théa man. Loai A,
Pép 4n: B
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cau bai todn ¢ Ham s6 c6 2 cwctriva y.y o, <0 (*)
' x=0= =2—m

é-y —3x +6x=y' =0 Yer
x-+-2=>yw—'6 m

e 2-m6-m<02<m<6

x=0=>y=—4
=3x"+2ax = y'=0&| 4 —84° _4d°
3 27 9
Ca) chi cit tryc hoanh tai duy nhit mot diém
—8a’

+ﬂ-—-4<0=>a<3

<=>yCTyCB>0=) >7 5

4p an: C.

(C)c&tOy tai A(0; 4) =d: y=kx +4

ét phwong trinh hoanh d6 giao diém:
l—x)(1—x)* = fx +4 o x° ~-6x7 +(9+k)x 0

x=0
&> 2 , y :
xX°=6x+9+k=0 (¥
éu cau bai toan < (*) c6 hai nghiém phéan biét khac 0
k<0 k29 k<0

x_4=kx-2=>kx2+(2k—3)x=0'ﬁ 3_2k
x+2 lx=—
k
3 | x=2"2K 05 (kw0
. Yéu ciu bai todn < o9 03
3—2k k #* —
#=0 2

k

Lap bang bién thién ham y = x* +3x* +5. (bién ludn s& nghiém bing db thi).
Cé thé thir gié tri dz‘:ic biét cﬁa m frng vc'ri céc dép ém dé’ xem cb théa mén dé
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7. Twong ty bai tap 6. Pap an: A.
8. Xét phwong trinh hoanh 46 giao diém:

. |
= 2;‘ 2 —kx+1es 2Kk +(k=3)x—1=0 (%)
X— :
Yéu cdu bai todn <> (*) ¢6 hai nghiém phén biét x,,x, thda min X, X, %1
R RO
2-k+k—-3-120 Cr s
el . X
& (x5 —D(x,~1)<0 {x.xz SR (**)
k#2
k#2
1
XXy = ;
Theo dinh Ii Viét ta cé k B 2 . thay viio () v gidi hé dugck <2
X +x, =—
2—k
9. Xét phuwong trinh hoanh d6 giao diém:
x* +3x+3

=a(x+1)+1 (@—1)x2 + ('3a-“--2')x+2a'-' 1=0 (%
X+2

Yéu cau bai todn <(*) c6 2 nghlem phén blét trai ddu va khac —

[A=(Ba-2)"—4(a-1)(2a—1)>0

2a-1

a—1

f(=2)=0
Pap an: D.

10.

Cdch 1: Ta chu-ng mmh du'crc PQ ngan nh4t thi dwo'ng y.= —x + m phai d
qua tdm I{— 1;2) Kic 6 m = 1. Pap an: B.

Cach 2: Dung phwong phép thir &ap 4n & bai nay cung kha thué‘m tien. =

<0 B @é-<a<l
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Bai 7. GTLN, GTNN ctia ham sd

m GTLN - GTNN ciia ham s trén khoang (a;b)
&c 1. Tinhf'(x). Tim cac diém trén khoang {a;b), tai 46 f'(x)=0 hodc

x) khong xac dinh.
&c 2. Lap bang bién thién

¢c 3. Tir bang bién thién suy ra max f(x) va r(ru £(x)

m GTLN — GTNN ctia ham s8 y = £(x) trén doan [a;b | nhw sau
&c 1. Tinh dao ham f'(x)
e 2. Gidi phrong trinh: f'(x) =0, tim c4c nghiém x,;x,;...;x_ € (a;b)

ma[};tf](x =M =max f(a);f(xl),f(xz), ’f(x“)}
mint(x) = m =minf(a)£(x ) )85, )

Trén khoang (a;b) thi rFﬁ( f(x) va rembx]x f (x) c6 thé khéng ton fa.i

&i nhidu bii toan ta cé thé dit &n phu d&€ dwa bai toan vé dang tinh toan

doan [1;3]1an hrot la:

Asa  BsZ R ) p. 6 22
3 3 _ 3
Hwéng dén gidi
_f"'(>()-~=1—-4—2 trén [1; 3]taco: f'(x)=0 e x=2

X

. 13
(1)=5;_-f( )=4; £(3)= rh
Vay I}};%‘ff(x) =4; max f(x)=5.Dap an: A.
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Vi du 2. Gi4 trj 16n nhit y = vx* + 3 —xIn x trén doan [1; 2] la:

A.3 B.\/7 -In2 N . D2
Huwdng dén gidi '

y'= _Inx_lz(_—___—lj—]nx<DVXE[1;2]
Vx2+3 vx?+3

Suy ra, ham s& da cho 1 ham nghich bién
nén miny =y(2)= x/7_’--21n2_,: maxy =y(l)=2

[1;2] [1;2]
Pap 4n: D. |
x—=m? +;
Vi du 3. Gia trj nao chia tham s6 m dé gi4 tri nhé nhét clia ham s8 f(x) = _T
XT

trén doan [0; 1] bang -2 la:

A m=-1lm=-2 Bm=-1m=2
Cm=1lm=-2 D.m=1m=2
Huwdéng dén gidi '

Vay f ( x) _d‘ﬁ_ng bién trén [0;1_] véi moi m.
— n?g‘xl}f(x) =f(0)=—m?+m
Do d6 yéu cau bai toan <> -m’+m=-—2¢m=-1, m=2.

Cdch khdc:
X—2

Thay m =-1 ta c6 f(x) = > £'(x) =—~---—3—-—2 >0=> minf-(x) = fr(l')).

(x+1)
Vay loai C, D.

X=8 se(x)=—T 50

Thay m=-2 tacéd f(x) =——=f SN S—
x+1 - (x+1)

= minf(x)=£(0)=—6.Vayloai A.
Dap an: B, '
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u 4 (Céu 10 @& minh hpa THPT qudc gia 2017). Cho mdt tim nhém hinh vuéng
nh 12 cm. Ngudi ta cit & bén géc chia tdm nhém d6 bén hinh vudng bing nhauy,
81 hinh vudng c6 canh bdng x (cm), rdi gp t4m nhém lai nhw hinh vé dwéi day
& dwoc mot cai hdp khong nip. Tim x @€ hop nhan dwoc cé thé tich 16n nhat.

$
1
4
T
!

:x=6 ~ B.x=3 Cx=2 D.x=4

' Hwéng dén gidi '

= x(12 —x)*;x€ (0;6) khao siat ham bic 3 trén (0;3) ta dworc gia tri 16n nhat
aVdattaix=2.Pspén:C. '
_ BAI TAP TU LUYEN

ng gia tri 16n nhat va gia tri nhd nhit chaham s y = 3x>—x*—T7x+1 trén
oan [0, 2] 1a: . o y '

5 B.2 C. 4 D. 3 |
¢h GTNN va GTLN ctia ham s8 y = f (%) = —x+1 -'.—j—z trén doan [—12] Ia:
-2 B. 2 . AT k D. 3

A tri ndo cllam d€ ham s8 y = (x+m)V4—x" datgid trj lén nhdtla 3V3

. =2 B. -1 C.1 ' p.2 .

 tri no clia m d& ham 56 y = (3— )1+ dat gié trj nhd nh&t 15 trén
hoang[0; m]1a: e e Ll FEE oo oo
B2 c.2 | D. 5

x+1

vV x? 4_~._1

8ng binh phwong gia tri 16m nhat va gia tri nhd nhét ctia ham s y =

B.2 Y D. 4
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~ 6.Tim a d& GTNN ciia f{x)= 2x+Z trén khoéng(O;S) bing \/E 1a:
=

A1 B. L . e D. L
2 3 4
7. GTLN ciaa f{(x)=2In l—x——9x trén khoéng (0, ;) tai:
X
A.x=% B. x=0 C.x=~%~ D..x=l
2 e
DAP AN VA HUO'NG DAN GIAI
1.D 2B | 3D | 4c | 5B | 6.D | 7.A
1. Pap an: D. o :
_ =l _ _ S =—4
Tacd: y'=0<=9x> -2x—7=0 : 0)=1
acéd: y < 9x x x:-—-ZE[O;Z] J(©O)
_ 9 S(2)=7
Vay max f(x) = f(2)=7; min f(x)= f(1) =—4 '
[0:2] [0:2]
2. Pap 4n: B. .
_ - - fED =2
Tacé:y'=o@~—1+:‘3§-52-=0@[x““4‘5[-1’2]; £y
. x Xx=10 _f(2)=—2

Vay max J(x)=f(0)=-1 [mm f)=fD=f(2)=-2
3.Pap én D. Thir gxé tri ctia m sau d6 cho dao ham bang 0 tim nghlém roi sau dé t
nghiém dé vao y xem c6 théa man da,
Cdch khdc: Pé y= 3\/5 nhim thiy co \/5 nén trong cin cé x—-l tlr do nhé’m thﬁy
m=2 thiy=3+/3.
4.Papan: C. )
Cachi Xétphu'o-ngtﬂnh «f_ =(3— x)v'l+x = B 2

"G e
x(3 x)
Tacéd: y'=0< —V1+x* + =0 2x" =3x+1=0<
C ¥y <> th x> X |:x

1+ x?
F(1)=2/3; £(0)=3; £ (2) =¢§,.f(i]-=§{§

Cdch 2: Thir thdy x = 2 thiy =+/5 nén ta chon C hofic D. Thiv D thi sé y xép xi 1,8
5 tai x= V5 nén khéng thé nhén gia tri nhé nhit 1a \/_ '

I
1
2
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6 y'= ﬁ Taxétgiatri y(~1)=0,y(1) =2, y(2
' (x +I)

=3,
5

a6 y dat gia tri 16n nhét 13 V2 (taix=1
y tdng binh phuong cin tim [a: 2,

-*0¢=>.x*-\/— (xe(0; 3) a>0)

&m cuc tri. DE GTNN cita f(x) =

' 0<\/§<3 1
\fé“_._z a a = 2 S d=—

—— : 4

‘/E V2 =224
2 D

' x—lé(()'lj
9x* ~9x+2 3 27

max f(x) =f(-31-)=—21n2—3.¢£>x=-§.

xac dinh trén khodng nén néuy tbn tai gi4 tri 16m nhat, nhd nhit thi néséladg

=25+ trén khoang (0;3) 14 V2 thi
o | NS i,

), dat gia tri nhé nhit1a 0 (tai x =~1)
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Bai 8. P6 thi va diém dic biét

1. Piém dé8i xirng
a. Ham s6 chdn - 1é va tinh déi xikng

Cho db thj (C) clia ham s8 y = f(x).

+ Néu f(x) 1a ham s6 1 thi (C) nhan géc toa d6 1am tam d6i xing.

+ Néu f(x) 12 ham s8 chdn thi (C) nhan truc tung lam tryuc ddi xing.
b. Céng thirc téng qudt vé tam do6i xirng

b6 thi (C) nhén diém I(a, b) lam tAm d6i xitng khi:

f(a + x)+f(a—x)=2b, véi moi x.

C. Cong thirc téng quit vé truc d6i xfrng
D6 thi (C) nhén dudng thing x = a lam tryc d6i xtrng khi:
f(a + x)=f(a—x), véi moix.

Mot s6 luu y vé diém déi xing ciia mét s8 ham hay giip:
+ Ham béc ba: Tam d8i xirng ctia dd thi ham s& chinh 12 diém udn.
b ax®+bx+ . S e
+ Ham phén thirc c6 dang e o e - Tam d6i xng clia d6 thi
cx+d px+q
ham sé 1a giao di€m hai dwdng tiém can.
—_——d

Vidy 1. Cho hams8 y="2
F

+3m*x* —2m?,C, v&i m =1, m =~1thi tam dé

xirng cia Cy, I4n lwot la:

A. (1;0) va (1;0) B. (1;0) va (-1;2)
C.(-1;2) va (0;1) D. (-1;2) va (1;0)
- Hwéng dén gidi

Véim=1 m=~1¢6 y=—+3x*-2; y =-3x*+6xy" =—6x +6
y'=0&-6x+6=0 x=1.Coy(1)=0.
Véy tAm déi xing ctia Cnm trong 2 trirdng hop déu la (1 D)

Pap an: A.

2. Piém ¢6 dinh
a. Tim di€ém c8 dinh ciia ho db thi

Cho ho d6 thi (Cm) c6 phwong trinh y = f(x, m ) véi m 13 tham sé.

Tim di€m c6 dinh ma moi d5 thi (Cx) déu phai di qua.
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j phdp gidi |
n doi phwong trinh y = f(x; m) ra dang mét da thikc theo bién m nhw sau :

idi hé ¢ B(x; y)=0 dé tim toa dd diém c§ dinh ciia ho db thi.
’ C(x; y)=0

én d6i phwong trinh y = f(x; m) ra thanh mot phirong trinh ma m 13 4n sé. |
é c6 dting mot (hai, ba,...) db thi (Cm) di qua diém M(x,; y,) thi

crng trinh y, =f (XoF m) c6 diing mét (hai, ba,...) nghiém (& day m 1a

iém s0).

., Cho ham s8 X)) =2 +(m-1)x*-2(m+ Dx+m-—2 (Crln) m la tham sé.
m c& dinh ma db thi luén di qua la: |
M(1;4) B. M(-L,—4) € M(-1;4) D. M(1,—4)

Hudng dén gidi
t phwong trinh ' L f

n—1)x* =2(m+1)x+m—2-y =0 m(x* —2x+1)+x° —x*=2x—y—2=0

rong trinh nghiém diing moi m khi:

X —-2x+1=0 {x=1
RN

X' —x*—2x—y~2=0 y=-4
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Cdch gidi théng thwdong:
Ta bién d6i dang y = q(x)+-lib-' trong dé q(x) la mot da thirc.
a'x+

Khi d6 dé ye Z thi a'x+b'e U(A)

- Tim tat ca cAc U(A)

- Tim tdt ca cAc gid trj xe Z sao a'x+b'e U(A)

Cdch gidi nhanh: d6i v&i cac dang todn tric nghiém thi khi da biét cac
dap 4n thi chi can thay ngwoc lai cAdc ddp 4n vao ham sé da cho xem c6
man hay khoéng.

x*—=5x45

‘Vidu 1.Chohamsé y= —— . Tim di€m trén ds thi Sao cho toa dd ci
x_
di€m do la cdc s6 nguyén. Piém 46 la:
A. (4;1)va (2;1) : B. (-4;0) va (-2;1)
C. (4;3) va (2;-1) D. (-4;0) va (-2;0)
Hwéng dan gidi
Ta sé& thay hoanh d0 cic diém trong cac dap an dé fim két qua.
Lan lwot thay: .

41 19
xg=4—.>y0=1;x0=2—)y0:1;x0=—4—>y0=——%— Xy =—2 > "_-_5_'
Pap an: A.

4. Piém dac biét lién quan dén tiém cin ciia d6 thi ham sé
a. Mot s6 két qua quan trong vé dd thi cia ham nhét bién y = ax:j (
cx :

1. (C) nhén giao diém hai dwdng tiém cin lam tim d6i xtng.

2. (C) nhan hai dwong phin giéc clia cac cdp goc tao bdi hai du'é‘rng tié
can lam truc déi xing.

3. Tiép tuyén cda (C) tai mdot di€ém M bét ki c&t hai tiém can fan lwotla A va
tao thanh mét tam gi4c c6 dién tich khong phu thudc vao vi tri cia M, n
ra M la trung diém doan AB.
4, Néu dudng thdng y=kx+m (k= 0) cit dd thi (C) tai hal diém A B vél cﬁ
hai dworng tiém cén tai M va N thi hai doan AB, MN c6 ciing trung diém.

| BAI TAP TU’ LUYEN

1. Chohiams6 y=x’—x>—x Xéc dinh cdp diém thuoc do thi ham s6 va d

xtrng nhau qua truc Oy:
A. (0,0) va (1,0) ' B.(1,-1)va(-1, —-1)
C.(-1,1)va(1,1) D. (2,0) va (—2,0)
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d-hé\m s8 y=x’ +mx* +9x+2 Xac dinh m d€ dd thi ham sb c6 ding mot
I_ﬁ_fdiém d8i xirng v&i nhau qua gdc toa do 0(0;0) la:
;__'i_}<0 B.m>0 Cm>—4 D. m<—4

AT + o s AT F Y L] by Fod e 4
ohamsoé y =27 : . Cap diém trén do thi ham sd do6i xirng nhau qua

omg phéan giac thi hai la: |
(-1 va(-L1) B.(1L0)va(01) C. (1,0) va (0,-1) D. P4p 4n khic
6ng dén: Khdng ton tai cip diém théa man

ohim s8 y=(1—2m)x* +3mx® + (m+1) S8 diém c8 dinh ma db thi ludn di

2 B C.3 D. 4

1wham s y=(m+3)x’ =3(m+3)x>—(6m+Dx+m+1 (H)

m két ludn ding : '

(H) ludén di qua dung 2 di€m ¢4 dinh Vme R

B, (H) ludn di qua ding 3 di€m c8 dinh va ba di€m d6 thiang hang véi nhau
1€ R

H) khéng di qua diém c6 dinh ndo Yme R

(H) di qua ding m6t di€m cé dinh Vme R

hams8 y=x"+(m +|m|)x2 —'-4x'—4(m+]ml), Vme R, d6 thi ludn di qua

diém c6 dinh:

(0,0) va (2,0) B. (2,0) va (-2,2)
-2,0) va (2,0) - D.(2,-2)va(-2,-2)
5 . mx+a c e : ; -
ho ham s6 y=————,(H,,) . Gia tri cda a, b dé (H,,) ludn di qua hai
_ bx+m—1 st A
iém c8 dinh (—1;-1);(2;2) la: _
ia=2,b=1 B.a=1,b=2 ~ Ca=-2b=-1 D.a=~1,b=-2
h A m'l-a - v - ~ L = b3 od #
hamsé y=——,(b #0).DPiéu kién ciia a, b dé d6 thi ham sé cé
& bx+m—1 '
9t di€m c8 dinh duy nhét la: | |
a+b=1 - B.ab=—4 C.a+b=-4 B.'ab=—%



9. Cho ham s8 y = x>+ (m—2)x* —2mx+m (C, ). Ménh dé ding la:
A. (Cm ) ludn ti€p xtc véi duwong thing y = xtai diém A (~1;-1)
B. (Cm ) ludn tiép xiic véi dudng thing y = —x tai diém B(-1,1)

C. (Cm ) ludn tiép xtic véi dwong thang y = x tai diém C(1,1)

D. (Cm ) ludn ti&p xific v&i duwdng thang y =—x tai diém D(1,-1) |
10. S8 diém ¢ dinh ma ho dwdrng cong y=(1-2m)x* —(3m—1)x+5m-2(2

luén di qua véi moi m la:

A.1 B.2 C.3 D. 4
11. C4c gia tri cia a 4 @6 thi ham s6 y = x* —mx® +3 ¢6 cyc dai la: |
A. m<0 | B.~1<m<1 Cm>0 D.ms-1

12.Chohamsd y = %(C) .Tim M e (C) sao cho t&ng khodng cach ti
X

dén hai truc toa d6 12 nhd nhit. Toa dd diém M la:

A B -T1~42y C. U+2,1+v2)

B. (1-v2,v/2+1) D. (~1-+/2;~-1-+/2)
13.Chohams8 y = f{x) =ax’ +bx* +cx+d .Ménhdésaila:

A. D6 thi ham s6 ludén ludn c6 tdm doi xitng

B. D6 thi ham s6 ludn cat truc hoanh

C. Ham s8 ludn ludn cé cyec tri

D. lim f(x)=oc0

X400
14, Choham s8 y = x* +2x> +1 c6 db thi (C).
Cac ménh dé sau, ménh d@ ding I |
A. Him s8 c6 3 diém cwec tri B. (C) c6 mdt truc d6i xting
C. (C) c6 2 di€ém udn | __ D. (C) c6 mét tAm d6i xrng
| PAP SO VA HUONG DAN GIAI

1.B | 22A | 3.D | 4.A | 5B 6.C | 7.A | 8.B 9.D

11.C | 12.A | 13.C | 14.B

1. Dap 4n: B. Hai difm ddi xing qua Oy c6 dang M(x:y) va M'(—x;y).
2. Pap an: A, Hai diém déi xttng qua O ¢6 dang M(x;y) va M'(—x; —y).
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4p 4n: D. Hai diém d6i xtng qua phén gidc th 2 ¢6 dang M(x;y) va
M’'(—Yy;-X). Qua phan giac thit nhédt c6 dang M(x;y) va M’(y;x)

)4p an: A.

(6t phwong trinh: (1-2m)x* +3mx* +m+1—y=0

& (1+3x° -2x"Ym+x* +1-y=0

__ . J1+3x*=2x* =0

hwong trinh ding véi moi m Khi * *

x*+1-y=0

Hé trén c6é 2 nghiém nén sé ¢6 2 diém cd dinh ma do6 thj ludén di qua.
4p an: B. _

{ét phwong trinh: (m+3)x" =3(m+3)x> —(6m+Dx+m+1—y=0

& (X =32 =6x+1Dm+3x° —9x* —6x+1-y =0

x ~3x*—6x+1=0

_ 3x*=9x —6x+1-y=0

& trén c6 3 nghiém nén s& c6 3 diém 8 dinh ma db thi luén di qua.
ap an: C.

.am tdng quat gidng ciu 9 hodc _

hon m=1 cé y=x"+2x*—4x—4(C). Ta thdy ring diém
0;0),(-2,2),(2;-2) khéng thudc db thi ham s6 (C).

4p 4n: A. |

_ mx+a

- bx+m—1

S bxy+my—y—mx—a=0

hwong trinh ding véi moi m khi

y=x
bxy—y—a=0()

‘Thay toa do hai diém (-1;1) va (2;2) vao phwong trinh (1) dwoc hé gidi ra

vab
bPap 4n: D
y=——-———mx+a & bxy+my—y-mx—a=0& m(y—x)+bxy—y—a=0
bx+m—1
y=x 2 1
= =by’'—y—a=0;A=1+4ab=0& ab=——
bxy—~y—a=0 4

Ddp 4n: D. Thay toa dd diém tim m roi diing Casio xét tiép tuyén.
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10. bap an: B. :
Q)= (2 -3x+5m+(x* +x=2—-y)=0,Vm

x=1
y=0

X

{(—sz —3x+5)=0
=

, _=5
(x*+x=2-y)=0 2
7

pe

11, Pap 4n: C. Do a = 1>0 nén d€ ham sd cd cuc dai thi 1.(-m)<0 nén m >0
Y =4x® =2mx;y" =12x* =2m; y" =0 & x> =%(1)
P& ham s cé 2 diém udn thi phwong trinh (1) ¢6 2 nghiém phén biét
<m>0
12. Pap an: A. Thir M vao ham sé, tinh téng khodng céch tir cac diém thda
man dé&n hai truc rdi 14y két qua nhé nhAt. :
13. Pap an: C.
Ham bic 3 ¢6 thé khong ¢b cuc tri, vidu: y=—x"+3x>—4x+2
14. Pap 4n: B.
D6 thi ham tring phwong nhén 0y lam truc déi xirng .
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CHU'O'NG III. TU DUY GIAI NHANH

PHAN HINH HOC KHONG GIAN

Bai 1. Cac vdn dé veé géc
[ LY THUYET
6c gitra hai dwdng thing chéo nhau
6c gitra hai dwong thang chéo nhau a va b 1a géc o (0° £ <90°) tao
&i hai dwdng thing cit nhau lan lwet cing phwong véi a va b,
€ x4c dinh géc ta c¢6 2 cdch thuwdng diing sau:
dch 1: (37")'—"- (a';b") trong d6 a’, b’ 1a hai duwong thing cit nhau va lin
rgt song song v&i a va b. Tirc 13, chon ra hai dwdng thing cit nhau va
n lwot song song véi a va b.
dch 2: (a;b)=(a;b")trong d6 b’ 12 dwdng thing cit dwong thing cita
‘song song voi b. Tiec 1a chon trén a (hodc b) m6t diém A rdi tir d6

on mot dwdng thing qua A va song song véi b (hoic a).
Wi du 1. Cho hinh chép S.ABCD cé day 13 hinh thoi canh a,
'SA =2a+/3,SA 1L BC. Géc giira hai dworng thing SD va BC la:

A.60° B. 30° C.45° D. 90°
| Hwéng dén giai

- Dap an: A.

B. 30° C. 45° D. 90°
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Hwdéng dén gidi
Goi I 1a trung diém cia BD.

IN//AB S
Ta cb = (AB,CD) = (IM, IN)
IM 1/CD

Xét tam gidc IMN ¢6 IM = IN = a, MN = a3

Do d6, cos MIN =3";§%§‘5‘—=-‘2—1=’ MIN =120°
a

Vay(AB,CD) =180°—120° =60°,
- DPap an: A.

2. G6c gitra dwdng thing va miat phang
Cach xac dinh goc gitra duong thing d va mit phing (P):
+Tim/I=d n (P) '

+ Tim A thudc d, ké AH vudéng gbéc vé&i (P)
+ (m = Z}?‘-f ;
Ngoai ra, goc gitta dudng thing a va mit phdng (P) ciing chinh la g

gitta hai dwong thing a' va b’ trong dé a’ cing phwong véi a, b’ cu
phwong véi hinh chidu clia a 1én mit phing (P). :

Vi du 1. Cho hiih chép S.ABCD c6 SAL(ABCD), ddy ABCD la h

vudng canh a; SA= a6. Goc gitra SD va mat phang (SAC) la:
A L B, L c. 2 D._2_

7 V14 N7 J14
Hwéng dan gidi |
Goi O=ACnBD = SO.10D
=> SO 12 hinh chiéu ctia SD trén mit phang (SAC).
= géc gitra SD va mit phdng (SAC) 1a géc hop béi SD va SO.

DO = %_?-a,sn=ﬁa'

| 2 .
. o DO .9 1 )
=sin DSO = : Pap an: B.
| = Jra Jia P
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du 2. Cho hinh chép SABCD cé day ABCD Ia hinh vuéng canh g,
(SAB) L (ABCD), H la trung diém ctia AB, SH = HC, SA = AB, tan géc

gitra dudng thdng SC va mit phing (ABCD) 13

V3 g, V2 o B2
2 "4 3

Huwdng dan gidi

“SA L AB.

+Tacé (SC (ABCD)) = SCA tan SCA = ji =—_-\/22

\{’5 :

Véy goc gitra duong thing SC va mit phing (ABCD) c6 tan bang =

Cdch 2. Cho a = 1 va tinh tryc tiép trén hinh (khéng trinh bay ra gidy qua nhieu).
Cé thé diing phwong phap toa dd hoéa dé gidi quyét bai todn theo cdng
thirc.

bép an: D.

1 du 3. Cho lang tru ding tam giac ABCA B' C' cé déy ABC 13 tam giac
vuong tai Avéi AC=a, AC‘B - 60° bxet AC" = 3a. Goc hop bé&i BC' véi
(AA’CC) la: | | |

A 45° B, 90° c.30° D. 60°
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Hwéng dén gidi
Tinh géc hop béi BC' véi (AA'C'C).
BA L AA'
BA L AC

AC' 12 hinh chiéu ctia BC' 1én (AA'C'C)

}::>BAJ_(AA'C'C)

BC'A 1agéctao bdi BC' v6i (AA'C'C)

AB 3

tanBC'A=—"— === = BC'A=30". Dap én: C.

AC'
3. Goc giira hai mit phing

+ Géc gii‘ra hai midt phang dwoc xac dinh béng s6 do géc gitra hai dwdn
thidng ndm trong hai mit phing va vudng géc véi giao tuyén hodc go
gitra hai dwong thang lan lwot vudng géc véi hai mét phdng.

+ Cach xac dinh:

- Tim giao tuyén (P)N(Q)=A

- Trong mdt phdng (P) tim a vuéng gdc véi 4, trong mdt phdng (Q) tim
vuéng géc véi A va a, b cdt nhau tai I. ((P),(Q)) = (a.,b)

+ Trong trwong hop xac dinh géc gap khé khan ta c6 thé sfr dung cﬁn
thirc dién tich hinh chiéu: S'=S.cosa

Luu y: Ta cé thé tinh géc tryc ti€p bing cich st dung hé thu'c lwon
trong tam gidc vudng hodc dinh Iy cdsin trong tam giac.

a? =b? +c* —2bccos A
Pinh Iy ham s8 cdsin trong tam gidc ABC {b* =a’ +¢*~2accosB
| ¢*=a®+b*—2abcosC
Vi du 1. Cho hinh 1dp phwong ABCD.A’B’C'D’ cé canh bing a. Khi 6 s
do cia goc gitta (BA’C) va (CA'D) la:
A. 90° B. 45° C. 60° ~ D. 3o
| Hwéng dén gidi |
+Ké BHLA'C, (He A'C) (1)
“+ Miit khéc, ta c6 BD L AC (gt), AA' L (ABCD)= AA’ 1 BD
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- BD L(ACA)= BD LA'C(2)

¥ (1) va (2) suy ra A'C L(BDH)= A'C L DH.
Yo @6 ((BA'C),(DA'C)) = (HB, HD).

‘Xét tam gidc vudng BCA’ c6:

o=t
pany
=y
W
W
()

Al £
= BH =a., / = DH =a., } 3 Noe, " ;
Tacb 4 P
——  2BH?>-BD* -1 RS 2
os BHD = z == BHD = 120°. L
2BH 4 Au:" NE

ay ((BA'C),(DA'C)) = 60°.

= B. NE] | . = D2

10 2 ' ¥10 _ V5
Hwéng dén gidgi

+ Ta thay tam gidc ABC 1a hinh chi€u vuéng géc

clia tam gidc AB’l Ién mat phing (ABC). Goi ©
la goc g1u'a hai mit phang (ABC) va (AB’I)

S
Theo cdng thic hinh chigu ta c6 cos @ = —ABC
- _ AB'1’
+Tacht 5, =—;-.AB.AC.sin12'O° il f ;

Al=VAC* 1 CP #E{E’ AB'=+AB? +BB” =a+/2,
IB'=/B'C?+IC" = "“;E.-
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Tam gide AB'I vuong tai Anén S, =~ AB AT ="

S asc - 3

VAy cos@= .
Yy ¢ S, 10

BAI TAP T\ LUYEN

1. Cho hinh chép S.ABC c6 SA=SB=SC=AB=AC=a vi BC=av2.
Goc gitta hai dwdng thing AB va SC bang: o
“A. 60° B. 30° . C. 45 D, 9%° |
2. Cho hinh chép tam gidc déu S.ABC c6 canh d4y bdng a va chiéu cao binga. M§
mit nén cé SA, SB, SC 13 nhitng dwdrng sinh thi géc & dinh clia mdt né
c6 gia tri bﬁng:
A. 90° B, 120° C. 60° s, D.185°
3. Cho tt dién ABCD, |, ], H, K 1an lwot 13 trung diém ciia BC, AC, AD, BI
Trong trudrmg hop [JHK 14 hinh thoi ¢6 dwdng chéo IH = V3 1], géc git
dwong thang AB, CD la: ) |
A. 60° B. 30° C. 45° D. 90°
4, Cho tw d’ién ABCD cé tit ca céc canh déu bang a. Goi G 1a trong ta
AABC. Khi d6 cosin goc gitta CD va AG la: _ |
"A. I3 B. I3 - C. 3 | - D. 3
6 2 4 3
5. Cho tir dién ABCD, goi M, N, I lan lwot la trung di€ém cta cac canh B
AD va AC. Cho AB = 2a, CD = 2a+/2 , MN = a+/5 . Géc giita AB va CD bing:
A. 30° B. 45° C. 60° D.9%0°
6. Cho tit dién ABCD c6 AB = CD = a, AC = BD = b, AD = BC = ¢, cdsin cil
gbc hop bdi cac dwdng thing AC va BD la: |

c?+a’ |<:2 -a’
A. cos(AC,BD)= bzl B. cos(AC,BD) ="—
a
c?—a’ : . : |c2 —a’
C. cos(AC,BD) = " D. cos(AC,BD) = e
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ho hinh chép tit gidc déu S.ABCD c6 canh day bing a va canh bén bing a. Hinh
6n ngoai ti€p hinh chép c6 géc & dinh bang:

. 90° B. 60° C. 120° D. 135°

ho hinh chép déu S.ABC ¢6 ba canh SA, SB, SC déi mét vuéng gbc va mot hinh
6n ngoai ti€p hinh chép dé. Néu goi o 1a géc & dinh clia hinh nén thi:

. COSO=— B. cosa=é— C. a=125° D. oo=135"

AD, BAA,, A,AD biing 60°. Géc giita BD va CD,la:
60° B. 120° C. 45° D. 90°

45° B. 90° C. 30° D. 60°

A. cosoc=~—2— B. cosm=i
BT V5
éolsoc:—*—l ' D. ct::)sla=—L
st 5 ' 10

. Cho hinh lang tru déu ABCD.A'B'C’'D’, AC'=a, gbc gitta AC’ va
(ABCD) 1a 300 Do dai canh day hinh ling tru bing:

a«/" a
4. a3 B. 2aV2 JE D. 3
. Cho hmh ch6p S.EFK c6 AEFK cén tai F; SE L (EFK) va SE= av3,
FE = FK = a. Géc gma SF va (EFK) bing: |
A 450 - B.30° C.60°  D.9%"
Cho hinh chép SIJKL cé day I1a hinh vudng tdm 0, SI L(IJKL), gbc
gitra SK va (SJL) 1a: o | |
A. SKI B. SOK G K'§6 D. &5
Cho hinh l4p phwong ABCD.A’B'CD’. Goi I, ] lan lwet 12 trung diém
ua AB va D’C’, Géc gitra hai dwérng thing DA va Ij bing:
A 60° B. 30° €. 90° D. 45°
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16. Cho hinh ti¥ dién déu ABCD canh a. G4c gitra hai dudng thang AB va CD ban
A. 60° B. 30° C. 90° D. 45°
17. Cho hinh lding tru ABCA'B'C’ c¢6 tam gidc ABC déu canh a, c

_av6
AA'= >

‘Goc giita AA’ va (ABC) bing:
A. 60° B. 30° C. 90° D. 45°

18. Hinh ché6p S.ABCD c6 ddy ABCD 1a nita day luc giac déu véi AB = BC = CD
AD =2a,SA_| (ABCD)vaSA =a.Gbcgilva SB va (ABCD) bang:

A. 30° B. 45° C. 90° D. 75°
19. Cho hinh chép tam giac déu S.ABC c6 canh day bﬁng 2a+/3 . Goi O la i
tam gidc ABC. Biét SO = 2a. Goc gifra SA va (ABCD) bing:
A.30° B.45° C. 60° | D. 90°
20. Cho hinh chop tit gidc déu S.ABCD canh day bing av/2, canh bén bang
Goc gitra canh bén va mit diy bang: '
A. 30° B. 45° C. 60° D. 90°

21. Cho hinh chép S.ABCD, day ABCD Ia hinh thang vudng tai A va
CD =2a, AB = AD =2a, SD vufng gbéc v&i day va SB tao véi day mot
o, tan cda géc @ gitra SA va day theo o c6 gid tri 1a:

. Hinh chi€u ctta A’ trén (ABC) la trung diém I ctia BC.

A.tanqp-——ﬁ tan o . B.tang=— tan

[

'C.tangvr—"\fi sino D.tan(o--ﬁ cos o
22. Cho hinh chép S.ABC 6 ddy (ABC) 1A tam gidc vudng cn ta
AB=a,5A 1 (ABC) va SA=a.Gbc o gitta SB va mit (SAC) c6 gis trila

A. 90° 'B. 45° C. 60° D. 30°
23. Cho hinh chép S.ABC cé day ABC l1a tam gidc déu canh a va
SA = SB SC= 23"{_ . Géc o gitra SA va mit (ABQ) bang:

A. 90° B. 45° . C. 60° . D. 30°
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Cho tr dién S.IMN cé6 SIL(IMN) vd AIMN déu. Goc gitta hai mit
yhéng (SIM) va (SIN) 1a:

A, 60° B. 90° C. 30° D. 45°

Cho hinh chép SMNPQ cé SM L (MNPQ) va MNPQ I hinh vudng
anh 3a, SM =a+/3. Géc gira hai mit phing (SNP) va (SMQ) 1a:

{, 30° B. 45° C. 60° D. 90°

ho hinh chép t& gidc déu S.ABCD c6 canh ddy bing 2a, chidu cao
ang a. Géc gifra mit bén va mat day bing:

. 30° B. 45° C. 60° D. 75°

‘;I.Cho hinh ldng tru déu ABCD.A'B'C'D' canh ddy bidng a, canh bén

ing 2X°. Géc gira (A'BD) va (ABCD) bing :

. 30° B. 45° C. 60° D. 75°

Cho hinh ldng tru ding ABC.A'B'C’ ¢6 day la tam giac déu canh a.
14t phing (@) tao véi (ABC) mét goc 30° va cit tit ca céc canh bén
ai M,N, P. Khi 6 dién tich tam gis&c MNP bing:

a? : 2a? ' '

; —2—" B. a’ - G —5— ) D. 232

Cho hinh ling try dtng ABCD.A’B’C’D’ ¢6 day la hinh chit nhat. AB=a
C=2a, Mit phidng (o) tao voi (ABCD) mét goc 60° va cit tit ca cac
anh bén. Dién tich thiét dién cta (o) va ling try bing:

-8 - "3 "4 "5

Cho ti dién S.ABCD c6 SA L(ABC). Tam gidc ABC déu. Goi M, N Iin

ot la trung di€m cita SB, SC. Mit phing (o) qua MN cit SA tai P.

Dién tich AMNP bing 4a’. Biét goc gitta () va (ABC) la 60°. Dién
ch AABC bing: |

2a’ B. 4a’ C. 6a* D. 8a®
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32. Cho hinh chép S.ABCD, d4y ABCD 13 hinh chit nhét ¢6 AB = a, AD =a/3
SA vudng gbéc voi mdt (ABCD) va SA=a. Géc a gilra (SCD) va (ABCD) ¢6 gi
trila: | ,
A. 900 B. 60° C. 45° D. 30°

33. Cho hinh hép chitnhit ABCD.A B ,C,D,,d4y ABCD c6 AB=4, BC=3,
M3t phang (ACD,)tao v&i ddy mdt géc 60°. Chiéu cao ctia hinh hép c}
nhit bang:
E

g L 5

p, 123 I E)
5 _ 5 2
34. Cho hinh ldng tru ditng ABC.A B,C,, ABC la tam gidc vudng tai C, AB =
géc B bing 30°. Mt phing (C,AB)tao véi mit ddy (ABC) goc 45°. Chi
cao ctia ling tru bang: |
A. a\/3 B. av3 ) 2

3 2 "4
35. Cho hinh hép ditng ABCD.A B ,C,D,, c6 day ABCD Ia hinh thoi cénh a,

aV3

géc A biing30°, canh AA, bing —,— - Géc o gifta (ADC,B,) va (ABCD) bén

a a

C. D.

A. 30° B. 45° C. 60° " D.90°
PAP AN VA HPO'NG DAN GIAI
1.A 2.C 33A | 4A | 5.B | 6.D | 7.A | 8.A | 9.A | 10.
11.D | 12.C¢ | 13.C | 14.¢ | 15.D | 16.C | 17.D | 18.B | 19.B | 20.
21.A | 22.c | 23.c | 24.A | 25.c | 26.B | 27.c | 28.A | 29.D | 30.
31.D | 32.D | 33.D | 34.p | 35.¢ | ' ' ‘
1. | '
Ta co : _
a - a
MD =-——; SH=->
J2 J2

'=SD=a=5CD =60°
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A =a-—\é§, SO =a=> ASO=30°, suy ra gbc g& dinh bang 60°

Ta c6 (AB,CD)=(IK,HK) ma 4

=120° = (AB,CD] = (m) = 60°

CD, AG)=cos(AM, MN) = cos AMN

aV3 _+3
v 2 6
—— 3%423%2-532 1
sMIN = =
: 2a2\/2 V2

\C.BD = AC(BA + AD_) = ACAD~ACAD
':"b2+c2-?a2_a2+bz—-c2 |
2 2

=N b.b.cps(AC,BD) =| % ——azl

=c?-a?

2 2

' c —a
> cosAC,BD) = =
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7.C6 SA=SC=a,AC=a/2 = ASC =90°.
Vay goéc & dinh bing 90°.
8.
Do hinh nén ndi ti€p c6 ddy 1a ABC
nén ta co6 SA =SB=5SC |
o= 50D, OD=T2 22 B2

V3 V3

Z
4a
2a% +2a’ —(—]
J3

__SB*+SD?-BD? _
2SB.SD 2.2.a*

cos O

6 (BD,CD,) = (BD,BA,).

C6 tam giac BA,D déu (BD,BA, ) = 60°

ABAA. =AA AD =ADAB
1 1

10.

AH =

a‘f JHC, = %,,Ac1 - ]
= AH? + HC? = AC;?
= AAHC, vudng tai H .
cosl-a_: = :i}-g- = -%—

—FIAC, =60,
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AB,CD)=——=0
(AB.cD)=90°

Al = a 3;

T

:#(SA,(ABCD))AQ{B.—. 45°

SC,(ABCD)) = 60°

————

I
B A i
L |

149



21, tan@=—-=—
? AD a
tanoc=s—q——SD
BD aﬁ

= tan@ =2 tana

22. SB=av2,BM =~

J2
- BM 1
= COSQL = —— = —
SB 2
= o= 60° '
23.
OA= o copormy:22¥3 1 o
V3 3T 3 2
4. (SIM), (SIN) = NIM = 60°
25. tanNSM—-@ :i[--\f_#NSM 60°
a

(SNP),(SMQ) = NSM = 60°
26.C6 SO=a, OM =a = AABC vudng can

tai 0= a=45"
27

(A'BD),(ABCD) = AOA’
= tanAOA' A8

OA
Lk

— qi
\Jr_
I;E;()

Ymmpe—e - ———— o ST

I~

Q

s e
=

R-====T

A\




*

'§y trudorng hop dic biét mit phing
a) qua B, C.

S ine _azsz’; 2 2

a
=G a
MNF MBS c0s30° 4 f3 2

a poe—
cos60°
= Spune =2a2a=4a’

2a

2
2.-351—--512
4 1
cosQ = 3 = = ‘3—
5 8
4
o 1
MNP = 00;;3" Z_ZSABC'Z
SABC 2

=3 4a? =T=>Smsc =8a

6 tana=-%——=i=>oc=30°
DA

V3

B’ 2
/__’,/'1
P
Ml
P e
A=
A
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33.

BD =5,DD, = OD.tan60° =

34,

a3

AB-a:»BC—-—— AC-2

BcAc=a\/_

AB 4
- o5

=>CH=

35I

5«/_

D,I1B,C, = DID, = ((ADCIB,),(ABCD))

D,I=asin30° =—Z—

DD, a3 a
tan DID 1= = =43
1 I 2 2
= DID, = 60°
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Bai 2. Khoang cach

Y THUYET
Khoang cach tir mot diém O téi mot du't‘:rng thang d

hwong phdp: Dyng tryc ti€p doan vudng goéc tir O dén d, két hop di
'1en dé bai tinh toan. :

u 1. Cho hinh chép déu S.ABCD c6 canh day bang a, géc hop b&i canh

én voi mit ddy biing 30°
) Khodng céch tir D dén SB bang

l-a2 B'E Ci , Dax/g
¥ 2 "2 3 T2

) Goi M la trung diém AD. V6i a =1thi khodng cach tir M dén AB c6 gia

. 0.612 B 0.734 S 0.637 : - D. 0.654
Hwéng dén giai | |
e tinh todn nhanh ta gdn a = 1, khi d6 ta cé:

. OB 2 V2 2
D=+v2, SB= =—,
42 0s30° 3 2 3

) Dung DH vudng gbéc v&i SB tai H

H = BD.sin 30° i—\g—%. bap an: A,

y
; 2 42 .
M =VSD? - MD? =\/2'1 L5 Me- JAMQ-;—ABz—l«f
| | 3 4 12 )
e 1f (5,15, 08)
s | [5 ). 5). [2)
| 5 B L N[ 2]
do ta c6 MK = —=MB _ = (), 637
SB 2 _

3
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2. Khoang cach tir mft di€ém téi mét mit phing

2.1. Phwong phdp tinh tr;}'c tiép
Xac dinh hinh chiéu H cia M trén (o)
Phwong phdp chung: Dung mat phang (P) chiva M va vudng géc voi '[oc_]'
Giao tuyén d cita (P) va (0): K& MH Ld(He A). Khi d6 d(M, (o)) =MH

Pac biét:
+ Trong hinh chdp déu, thi chan du‘b'ng cao ha tir dinh trﬁng voi tam day
+ Hinh chép c6 mét mét bén vudng goc véi day thi chdn dwdng vudng g
ha tir dinh sé thudc giao tuyén clia mit bén dé véi day.
+ Hinh chép ¢6 2 mit bén vudng gbc véi day thi du*cmg cao cta choép la g
tuyén ctia hai mit bén nay.
+ Hinh chép c6 cac canh bén bing nhau (hoic tao v&i day nhirng goc ba
nhau) thi chan duwdng cao la tAm dwdng tron ngoai tiép day.
+ Hinh chép c6 céc mit bén tao véi ddy nhitng goc biing nhau va hinh chi
ctia dinh ndm trong mit day thi chan dwdng cao 1a tim di,ri)'ng tron
ti€p ddy. Néu chiéu clia dinh ndm ngoai mit day thi chan dwdng cao ¢
hinh choép trung véi tam dudng tron bang tlep cua day (day la tam giécj
+ Mb hinh khodng céch: s

SA L(ABC)

AK LBC = AH=d(A,(SBC))
AH L SK

22 Phu'o'ng phap sir dung cdng thie doi diém

' Chuyen tinh d(M (o)) vé viéc tinh dM', (o), .
trong dé viéc tinh d(M",(a)) 1a dé dang hon. Thu'crng chuyén cihem M
vé diém M’ 12 chan dwong vudng géc. P8i véi khoadng cach glwa hai m
hai duwdng thang va gifta dwong thang véi mat phiang thi ta dwa vé khoa
cach tir mot diém dén mat phing,

Néu dwong thing d qua M, N va song song voi mat phing (a]
d(M, (@) = d(N, (e)) |
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A

éu dwong thang d cat mit phang [Otj tai diém/va M,Ned (M, N khéng
d(M, (o)) _ MI
d(N, (o)) NI

trung voiI) thi

M
M

pds /|
AN/ =
B

N
Jdc bigt, néu N la trung diém ctia MI thi d(M, (o)) = 2d(N, (cr))
Né&u /1a trung diém cta MN thi d(M,(e)) =d(N,(at))

P'hu'cvng_ phap sir dung cong thirc thé tich
; o * 1 - b .
'hé tich cia khéi chop V =§S.h < h= %Y- . Theo cdch nay, dé€ tinh khoang

ach tir dinh ctia hinh chép dén mit ddy, ta di tinh V va s.

Phwong phap sir dung céng thirc ctia tir dién vadng

o s& cta phwong phdp nay 1a tinh chit sad: _

;1a sir OABC 12 tir dién vudng tai O (DAL OB, OBLOC, OCLOA) va H 1a

inh chi€u cda O trén mit phiang (ABC). Khi d6 dwirng cao OH dwoec tinh

dng cdng thirc: | |
1 = . 1 2 i

- OH> 0A* OB* OC? :

hi y: Khodng céch giltra dwdng thing va mit phing, giita hai mit phing

ong song sé& dwgc quy vé bai toan tinh khodng cach tir 1 diém dén 1 mit,
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Vi du 1. Cho hinh chép SABCD c¢é day ABCD la hinh thoi tdm O, canh a, g
BAD=60°, c6 SO vuéng géc mit phing (ABCD) va SO = a.
a) Khoang cach tir O dén mit phang (SBC).
A 2 B. 2V57 c. a2 p. aV3
' 4 19 4 2
b) Khodng céch tlr dwong thing AD dén mit phdng (SBC). |
A. ""—2@ B. 3-&‘@ a2 p, 257

2
4 19

C.

Hwéng dan gidi
‘a) Ha OK L BC= BC L (SOK)

Trong (SOK) ké OH 1 SK = OH L (SBC)

———ly Uy

=d(0O,(SBC))=0H. -

"
)
Y

.

-

Ta c6 AABD d2u =>BD=a=>BO=~g-;

———emloaa

e
&~
)

__________________

AC=a\/§=§oc—__~?_§i . Y

Trong tam giac vudng OBC cé
1 1 .1 _16 av3

= — + = (:}OK=
OK? OB* OC* 3a"._ :
1 1 1 19 av57
T t id ong SOK c6 = + = & 0OH =
rong tam gidc vudng co R~ 05 O_Kz 207 T
a\/57 R

vay d(O,(SBC))=0OH=

19 |
b) Tac6 AD//BC = AD//(SBC) = d(AD, (SBC))=d(E,(SBC)) AB=a+2
Ké EF//OH (Fe SK).DoOH L (SBC)=> EF L (SBC)

= d(AD,(SBC)) - d(E,(SBC)) = EF =20H = 2a1\;5_7
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u 2. Ttr dién OABC c6 OA, OB, OC d6i mét vudng géc, OA = 2a, OB = 33,
)C = 4a. Khoang c4ch tir O dén (ABC) bing:

Hwéng dan gidi

- 3 1, 1,1 1. 1 1 _ 6l
d’(O,(ABC)) OA* OB* OC’ 4a’ 9a® 16a’ 144a’

12a
ay Khoang cach tir O d@én (ABC) 13 — .
W oe (ABC)a 77
hoang cach, doan vuéng géc chung cia hai dirfmg thing chéo nhau

) Trwong hop 1: achéobvaalb,
yng mit phiang (Ot) chira b

udng goc véia va cita tai A. _
*Aduyng ABLD, bB ‘
hi d6 AB 1a doan vudng géc | A

chung clia a va b,
b) Trwing hop 2: achéob (avab khdng vudng gbéc véi nhau)

Dyng mat phang ((x) chira b va song song véi a. 4

Dung hinh chiéu vuﬁﬁg goéca’' cuiaalén (o).
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S ) Hwéng dan gidi

Tir S ké SH L BC tai H

_ a3
2

— SH L (

Tam gidc ABC vudng cin tai A
~ AH 1 BC; AH =%BC=%a.

BC LSH
: BC L (SAH
“ Bc1 AH}:> LiSak]

Ké HK L SA taj K.

Khi d6 HK Ia dwdng vudng géc chung clia SA va BC,
1 _ 1 4 1 :4+i=16
HK? SH?* HA? 3a? a? 332

d(SA,Bc)=HI<_—.a‘f.

BAI TAP TY LUYEN
1. Cho tir digén déu canh a. Khodng cich tir tim mit ciu ngoai tiép tu' dlen
duwdng thing chira mét canh clia t& dién bing:

a\/— a3 a2 a2

A. — B. C. : R e

4 2 4
2. M6t hmh 1ap phurong ndi tiép mit ciu ban kinh R. Khodng cach tir tim m
cdu t&i mit phing chira mét mit ciia hinh Iap phwong bang:

\/_ 3R 2f 3R f 3R . V3R

A — _ 3 e

3. Cho hinh chop tam gidc déu S.ABC cé canh day b?mg Sa, canh bén bang 2
Khodng cach tir S dén (ABC) la:

3a

A—z— _ B. a | - C.El\/i
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ho hinh chép S.ABC c6 day ABC la tam gidc déu canh a, cac canh bén deu

s )
dng 5. Goi (O ( ) la mat phang qua A, song song véi BC, va vuong goc véi

p (SBC), 114 trung diém ciia BC. Khoang cach tir I dén mit phing (@) bing:

. av2 B. av2 c. a2 D a2

] 2 3 4

ho hinh chép ti gidc déu S.ABCD c¢6 cac canh bang a. Véi ACHBD =0O.
Khodng cdch tir S dén (ABCD) bdng:

#_-;/—5 B. a/2 C.a | D. 2a
Khodng cdch tir O dén (SCD) bdng
avé B..a 6 C'a\[.?: D-a\@
3 6 6 3

Ménh d& nao sau day diing?

. Khoang cach tir A dén (SCD) bang AD
. Khoéng céch tir A dén (SBC) bing AC
Khoang cach tir A dén (SBD) bing AOQ
. Khodng cach tir A dén SC bang AC

Gid st khodng cdch tir O dén (SBC) bang V6. Khi d6 canh hinh chép bdng:
A 3 B. 4 C.5 . D.6

Cho hinh chép SABCD c6 déy 1a hinh thoi tim O, canh a, géc BAC =607,
d@ong cao SO =a. Khoafig cich tf@ O dBn mit phing (SBC) bang:
a/57 a\f57 | o a«f57 a\/57
B. ' C. : D.

8 - o 19
T& dién OABC c6 OA, OB, OC dbi mbt vuﬁng géc, OA = a, OB = OC = 3a.
Khodng cach tir O den (ABC) bing:
8a 7a\/11 3a\11 - 5a

e B. . .
2, 11 11 6
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8. Cho tw dién ABCD c6 AB=AC=AD-=2a. Tam gidc BCD vudng cin ta
va BC = av/2 . Khodng cach tir A dén (BCD) bang:

Aa\/_ _a\/— .a\[g 2

9. Cho hinh lip phuong ABCDA B canh a. Trong cidc ménh dé sa
ménh dé nao ding?

A. Khodng céch tir A dén (A’BD) bing =

B. Khoang céch tir A dén (CDD’C’) bing av2
3 % § 4 . " 3a

C. Khoang cach ti A d&n (BB'C’C)bang 5

D. Do dai doan AC’ =a\3
10. Cho hinh chép t& gidc S.ABCD c6 tit ca cac canh déu bing a. Khoan

cach gitra CD va (SAB) bang:

& a\/— B. a\/_ av3 _- ‘a\/g

11. Cho hinh 1ap phwong ABCDA B'C'D" canh a. Khoéng cach gitta AC v
mat phang(BA C' ) bang:

a\f B a\/g ' C a D 2a
A T2 2 B
12. Khoang cAch gitra hai canh d6i trong tir dién déu canh bang 2a la:
4
A av2 ~B. 2a-—-\§— C. —; D. 4a

13. Cho hinh chép S.ABC c6 SA L( ABC). Tam gidc ABC vudng tai B,SA=a, -
BC = 2a, AC = 3a. Khodng cach giita SA va BC bing: ;

A.a B. 2a C. aV5 D. 3a |

"14. Cho hinh chép S.ABCD c¢6 ABCD la hinh vudng tAm O canh a vé.

SA 1(ABCD), SA =a.
14.1. Khodng cdch gitva SB va CD la:
Aa B. 2a C.3a D. av/3
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4,2. Khodng cdch gitta SA va BD la:

s a2 B. av2 ¢ 22 p, 22
2 3 4
. Khodng cdch giita SB va AD la:
: a\@ B. a2 _ C. a5 D. #
 Khodng cdch giita SD va BC la:
. 4a B.3a C. 2a D.a
Cho hinh ling tru ABCA’B'C’ c6 ddy (ABC) 14 tam gidc déu canh 2ay/3 .

a\/6

inh chi€u clia A’trén (ABC)Ia trung diém I clia BC, bié’t.A'Im--———.
hoéng cach gitta AA’ va BC bing:

3a~,ﬁ \E . C. éa\/_

B. 3a—
7 - 2

» Cho hinh lang tru tam gidc déu ABC.A'B'C’ ¢6 tat ca c4c canh bing a.
Khoang cach gitta AA’ va B'C béng:

D. 2a

Aa B.2a C. a3 p. 22

phéng (A’B’C’) triing véi trung diém ctia B’C’. P dai doan vudng goc chung
clia AA’ va B'C’ bang:

Cho e dlEﬁ 0ABC c6 AOB AOC BOC 90” va OA OB=0C=a,
Khoaﬁg céch giira OA va BC bang:

A axE. . B a\/a | C. avd D E\—/E’-

2y ", T2
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20. Cho tr dién ABCD c6 tam giac ABC 1a tam gidc déu canh a, AD vudng gﬁ
BC, AD=a va khoang cach tir D dén BC b?mg a. Khoang cach giita AD v
BC bang:

ax} a\) a\/ ax/40

8

21. Cho hmh lap phuong ABCD A'B'C'D’ canh a. Xét cic ménh dé:
(1). Khodng céach giita BD va A'C' bdnga

a\/2
2

(2). Khoang cdch giiva BB’ va AC bang

Ménh dé nao dang?
A. (1) va (2) déu sai | B. (1) va (2) déu dung
C. (1) ding va (2) sai D. (1) sai va (2) ding
22. Cho tir dién déu, Xét cAc ménh deé:
{1). Poan ndi trung diém hai canh d6i dién vubng géc véi hai canh d6
(2). Poan ndi tir dinh dén tAm mait déi dién vudng géc véi mit d6
(3). Hai canh déi dién vudng géc véi nhau
Ménh dé nao ding?
A. Chicé (1), (3) ding B. Chi cé (3) diing
C. Ba ménh dé déu ding D, Ba ménh dé déu sai
23. b dai doan vuéng géc chung clia hai canh d6i trong mét tir dién déu can
a bang:

A. a\/_ a\/— G a'\/g ays

- 24. Cho hinh chép SABCD c6 ddy 1a hinh thang vudéng ABCD, vudng tai
va B. Cho AD=2a, AB=BC=a, SA=a va SA vudng géc véi mit phin
[ABCD] Bo dai doan yudng gbc chung ciia AB va SC bang
A a6 = 2y . p2S

. l 2 I -

25. Cho t& dién OABC c6 OA, OB, OCdm mot vudng goc véi nhau '

OA=0B=0C=a, ] la trung diém cta BC. P dai doan vudng goc: chung:
cia Al va OC bang: :

avb | .a5 _ C.af D-a\'?/g__
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ho hinh 14p phwong ABCD.A'B'C'D". Goi O, O’ 13 tdm ctia hinh vudng
CDva A'B'C’D’. Ménh d& nao sau day sai?

Khoéng cach tir A dén (BB'D'D) bing AO

Khoang céch gitra AA’ va BD’ bang AO

Khoang cch giita (AA’B’B) va (CC’D’D) bing AOV2

Khoéng cach tir A dén B’'D béng AO.

ho tir dién S.ABC c¢6 SA L(ABC). Tam gidc ABC cén tai A. Goi I 12 trung
m BC, dung AH LSI. Ménh d& nao sau day sai ?

Khodng céch tir S dén (ABCD) bang doan SA
BC.L (SAI)

Khodng céch tir B dén (SAC) béng doan BC

Cho hinh ldng try tam gidc déu ABC.A’B’ C’ Goi M la trung diém cia BC.
et cac ménh dé:

1) Khodng céch gitta AA’ va (BB’C’C) bing khoang cach gitta CC’ va
1 A*B’B).

2) Khoang céch tir B dén (AA’C’C)bing hai 1an khoang cach tir M dén
AA'C'C).

f;nh dé nao dung?

1) ding va (2) sai - B. (2) ding va (1) sai

(1] va (2) déu ding D. (1) va (2) déu sai

Gh’o hinh chép t gidc déu S.ABCD c6 ACNBD =H. Xét cac ménh da:

) Khoang céch gitra CD va (SAB) bing khoang cach tir D dén (SAB)

) Khodng cach tir B dén (SAD) bing hai I4n khoang cach tix H dén (SAD)

) Khoang céch tir H dén bdn canh SA, SB, SC, SD bang nhau
énh d@& nao diing?

Chi cé hai trong ba ménh dé trén sai

Chi ¢6 hai trong ba ménh d& trén diing

Ba ménh dé déu diung -

'Ba ménh dé déu sai
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30. Cho hinh hop chir nhit ABCD.A'B'C'D’cé6 AB= a, BC=Dhb; AA
Khing dinh nao sau day la sai?

A. Do dai dworng chéo BD’ bing va® +b? +c?
.
B. Khodng céch tir A dén mit phing (CB'D’) bang 5 va?+b*+c?

C. Khoang cach giita hai dudng thing AA’ va CC’ bing va® +b?
D. Khodng cach gifra hai dwomg thing AB’va CD’ bangb

PAP AN VA HUONG DAN GIAI

1.D |2.A |3.B |4D |51.A|52B|53C [54D |6D |7

8.A |9.D |10.A (11.A |12.A |13.C | 14.1.A | 14.2.B | 14.3.D

15.A |16.D | 17.D | 18.A | 19.¢ |20.c |21.B |[22B |23.B |2

25.A|26.D | 27.D | 28,C | 29.C | 30.B

a ) i
AC=a,0C=-=A0= \g M _AM M 2 M=

=

oC AO

2. 2R=2a\3 =a=

&=
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a3
2
C6 O.SBC [a tir dién vubng

6. oc:%,oh

i1 1.1 4 4 1_19
h? OC? c:)}a;2 0SZ a2 3a al 3a
ﬁh:a
19
s 11,1 ,1 1 Lo 3Vl
h? a* 9a%? 9a* 9a° 11

8. AH=,[(2a%)-a® =aV3

10. Ap dyng bai 5 ta 06 d(CD’(S_AB))=d(C-(SAB))=2d(O,(sAB))= a\?{g -
11, d(AC;(BA'C'})=d(C,(_BA*C’))=d(B;,(BA'C‘)) |

-
-
P

12. OB_-—- OA = JABZ OB?

g

- MNL.AB = OA.BM

= MN.2a = z\Eza‘/_ MN =av2

166



d(SA,BC) = AB=a+/5
d(SB,CD)=d((SAB),CD)=d(D,(SAB))=DA=a

2

(SA, BD): OA = az

d(SB,AD)=d((SBC),AD)=d(A,(SBC))= AH = aV2

d((SAD),BC)=d(B,(SAD))

2

I

d(SD,BC)

a
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17.

168

IH =IA" 51n60°—a—£ V3 _3a
2 4
18,
d(AB,CC")=BC=a
19.
«/" 3
TR I i
JE '
a 3 a
MN.OA=hAM ¢ MNa=-%a.[> = MN=-%
J3 N2 V2
20.
2
AH=a\[§,AI=aJ§:>DI: o _§i=a\/1_3'
2 4 16 4
D Al = HRAD = HE e B3 3—2—3- HEK =




: Diing phwong phép toa do hoéa.

1 2: D& thdy AABCIa tam gi4c déu, goi K 1a chan dudng vudng géc ha tir O
I KIa trong tdm tam gidc ABC, Dwng hinh binh hanh AMCI, suy ra :

ALOC) = d(AL(OMC))= d(K, (OMC))

e [ 1c? 0K? 1 1 1 1
K,(OMCQ)) = ,[————— (d(K,MC = + +

(K( =i+ 0K2[ ( M J=16; OK’ OA’ OB’ 0C?)
1) AO L (BDD’B)

2) d( AA’,BD’) = d(AA',(BDD'B')) = AO
e AC 2A0 _

3) d((ABB'A’),(CC’D'D)) = BC = o= =AOV2
A L (ABC); BC LSA;BC L AI= BC 1 (SAD
Al) L (SBC), giao tuyén SI, AH L SI =AH L (SBC)
(AA’,(BB'C’C) = d(AA,CC") = d(CC’,(AA'B’ BJ]
. _, dB,(ACC'AY) _

d(M,(ACC'A"))

G ., BD d(B,(SAD))
1) dung do CD/ (SAB); (2) cé — 2_::5 d(H, (SAD))

3)dotirdién S, 14 t¥ dién déu.
A diing theo cong thitc tir dién vudng; C ding do d(AA’, CC") = AC
‘Ddting do d(AB’,CD’)=d ((ABB’A’),(CDD'C’)) |
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Bai 3. Thé tich khéi da dién
I. LY THUYET
1. Thé tich khéi choép

Thé tich ciia kh&i chép c6 dién tich ddy S va chidu cao h1a V :él-s.h‘:

Mot s§ dang dudng cao khéi chép thwong gap
+ Canh bén SA vubng géc véi day, h = SA. _
+ Mdt bén (SAB) vudng géc véi ddy. Khi dé goi H Ia hmh chiéu vuoy
g6c S xudéng AB, h = SH. :
+ Hai mat bén vudng goc véi day thi giao tuyén gitta 2 miit phﬁn
dwdng cao.

+ C4c mit bén cung tao véi ddy mot géc o. Thi chan dudng cao ha
dinh chép xudng ddy 13 tdim dwong tron noi ti€p day.
+ Céac canh bén ciing tao véi day mdt géc o. Thi chan du‘crng cao ha
dinh chép xudng day la tam dlrong tron ngoai tiép day.

2. Thé tich khd&i ling tru
Thé tich ctia khdi 14p phwong canh a 1a V=23 _
Thé tich ctia khéi hop chir nhat c6 dd daibacanh a, b, cla V=ab¢ .
Thé tich ctia khéi ldng tru c6 dién tich day B va chiéucaohla V= B.
+ Lang try ding thi chigu cao » 14 canh bén. |
+ Cho hinh chiéu cta 1 dinh xuéng 1 mit day thi chiéu cao chmh I
doan ndi dinh véi hinh chiéu dé.

3. Cac phwong phdp tinh thé tich
a. Tinh trwc tiép bing céng thivc
- Xac dinh chiéu cao
- Xac dinh ban kinh day
b. Sir dung ti sé thé tich
Cho tir dién SABC, cac diém A’, B’, C’ lan lwot thudc SA, SB, SC thitac
VSA'B'C' = SA' . SB' . SC'
V. SA SB SC

SABC
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du 1 (Cdu 36 d& minh hoa 2017). Cho hinh chép ti gidc S.ABCD c6 day

“ABCD 1a hinh vuéng canh a, canh bén SA vudng géc véi day, SA =+/2a.
~Tinh thé tich V cta khéi chép S.ABCD.

3 3 : 3
N2 g oy i2a C. V=+/2a° D. v =22
6 4 3
| Hwéng dén giGi .
3
p dung cbng thitc ta €0 Vo inens =—;—.SA.SABCD = «/ga .

. Dap 4n: D.

Vi du 2. Cho hinh ch6ép S.ABC ¢6 mit bén SBC 13 tam gidc déu canh a,

canh bén SA vubdng géc véi mit phing day,
ctia khéi chép S.ABC.

A a’\2 B a*\2 a3\2 ' a2

86cBACbang120°, Thé tich

: .. C. _ D.
12 g Y- - 8
-_ S Huéng dén gidi
Cdch 1: h . e
Tacé V,,,. = -;-SMBC.SA - §

Ap dung dinh 1y ham sé c6sin cho tam giac ABC
. Tacé: BC* = AB* + AC? - 2AB.AC. cos 120°
< a’=2AB%- 2AB2(—-%-)

©a?=3AB’ = AB=2Y3

C
=5 o
; ' . »
?I.:"-SAABC = lABAC sin 1200 = —1- a'\/g, a\/g .-‘\/—5- = o ‘\/3—
2 23 3 2 12
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Vay V.
W ey B 3 36
Cdch 2:
Goi Ila trung diémBC = AI L BC, SI.L BC
1
VSABC‘ = 5 SpapcSA
" Spppe = 2BCAI--EaAI

Tacétan60°=13—:[-@x/§ a/2 = Al =

Al Al 243
= Sanc = 2’y3
AABC — 12
z 2
SA=SI* - AP = a¥3 _[ : } _av6
| 2 243 3
V2
Vay Vg e = 36 i

Vi du 3. Cho hinh chop SABC c6 day la tam gidc vubng cén tai B, AB =a
canh bén SA vuong goc véi mat phang déy, gbc glu'a 2 mat phang(SBC)

S.ABM tinh theo a la: _ _
aﬁﬁ B 33\{5 c a3\/§ a®+/3
12 " 18 © 36 - 48

: Hwdng ddn gidi

Cdch 1: Ta c6
((SBC),(ABC)) =SBA =30°
Goi H la trung diém AC

= MH//SA = MH L (ABC) A
VSABM = Vgapc — VMABC
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te ma.le

AABC"
3

MH

1 a
BC =EBA,BC=?
i S e e PR B B
57 a 5
a’/3
ay V, =
Y Vsasm 36
1 11 1 a a* a3
dch 2: Vg g, =§Vs..wc =5‘§_SA'SABC =EE-E= 36

.-?.'-dlil 4. Cho hinh chép S5.ABCD c6 day la hinh thang vudng tai A va B,

'AB = BC = a, AD =2a, SA4 vudng gbc v&i mit phang day, SA = 2a,

‘Goi M, N lan lwot 1a trung diém cta SA, SD. Thé tich cta khéi da dién
bang: '

aS

5 3

a |
'-A! = B- = Cc. —
3 | 6 | o
- ' Hwéng dén gidi
VABCDNM = VMABC + VCAI.DNM
1

Viasc = “gsmsc MA

3
=1 lpgaBclsa=2
372 27776

1. 1 {(AD+NM)AM
Veapnm = ESADNM Cl== > _CI

,'1(2a+a)a a’
3 2 =
3 3 3
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Vi du 5. Cho hinh chép S.ABCD cé day la hinh thang vuéng tai A va D
AD =CD=a, AB=3a, canh bén SA vudng gbéc voéi mit phang day. G6¢
gitta SC va mit ddy bang45’ . Tinh theo a thé tich cla khéi chép S.ABCD §

a®\2 B a®\2 C 2232 5 4a°\2
3 "6 "3 3
Hwdng dén gidi
(SC,(ABCD)) = SCA = 45°
V. _=lg _ga

SABCD 3 ABCD”

(AB+DC]AD _(3a+a)a g

AABCD ~ 5 o )

ASAC vubng cdn tai A

— SA = AC=+AD? +DC? =+2a* =a2
3

Vi y V. o 28 \E

SABCD
a3

Vi du 6. Cho hinh chép S.ABCD cb day 12 hinh vudng, canh bén SA vudng gb
véi mit phing day. Thé tich ciia khéi chép S.ABCD 14 bao nhiéuy, biét:

a) AB = a, géc gitra SD va mit phing (SAB) bing30°.

. 3 3 3 3. /2
A, &= g, 23 c.z‘“/5 p, 23
3 6 3 3 .
b) BD = 2a, géc giita mit phing (SBD) va mit day bing60°.
L oad 3 3 3
AL 3 2 p. &8
3 6 - 3 3

 Huéng dan gidi
a) (SD,(SAB))=DSA =30°
AD 1

SA 3

C6 tan30° =

:SZ:SAza@
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1

: 1
Vsascp = 3 Sascp-SA = 3 a’SA

3
S W

3

‘Goi O=ACABD
(SBD), (ABCD)) = SOA = 60°
2 +BC? = AC? =BD? < 2AB’=4a’ = AB=2a\2 =5

anscp =2a’
3
SA=OA.tan60° =ay3. V,, = -;-SABCD.SA _2a%3
u 7. Cho hinh chép SABCD d4y ABCD 13 hinh vudng canh a, SA L (ABCD),

A=a A, B, C, D lan luot Ia trung diém ctia S, SD, SA, SB. § I3 tdm hinh

udng ABCD. Thé tich khéi chép S'A’B'C'D’ 14

3 3 3

— B2 C= -

12 18 24 36
Hwéng dén gidi

SA L (ABCD) =SAL(A'B'C'D'),5A' L(A'B'C'D")
1

Q

I 2
a a a
.SA':-...SA:—_; S e )B!.AID.!‘: Lo S 9
F 2 2 A'B'C'D A 2 2 4
tA T 1 a2 a Ela
vaver =3 Saveo-S'A 31274

thé tich ctia khéi chép SABCD, biét rang
- ABCD 1a hinh vuéng canh a, géc gitra mdt SBD va mit ddy bing 60°.

Az B, 2V2 .26 p, 26
AT Y ) T 12
| Huwdng dén gidi
© Ké SHL1AB(He AB)(H 13 trung diém ctia AB)
. = SH 1 (ABCD)
& 175
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Ké HI L BD (Ie BD)=SI L BD

C6 S,pep =a*, SH=HItan 60°

11ﬂ1=14:*-~5kc:=‘3“5:>S}5wl="’“/g ;
4 4 _ 2 p
1 a3\/g R

Vay Vs ABCD — 3 SABCD SH = 12

Vi du 9. Cho hinh chép SABCD c6 day 1a hinh thoi, mit bén SAB 13 t
gidc déu va nam trong mét phang vudng goc v&i mat ddy. Thé tich k
chép SABCD la:

~a) Biét: AB=BC=BD=a

3 . 3 ) : w3 ‘ 3
AZ p.22° .23 p.2
3 3 3 4
b) Biét: AC=2a,BD=4a _
a*\15 J15a° L 2a%\15 a’\/5
- 6 Bc_"é'_'_ Cl_'_'__""""_" DI 6

Hwéng dén gigi
Goi H ]1a trung diém cua AB vi ASABdéu = SH L AB

a\/—

a) ASAB déu canha = SH =
S 0 =25 05c =2.~21—.AC.BO (O=ACABD)
 =2A0BO=2VAB*-BO*.BO .|

_ 2 -

2 2

A 1 a’
VaY Veins =§SABCD‘-SH='Z '

b) Suep = IACBD—%Zaﬁla 42’
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bA=%AC=a,OB=%BD=Za,AB= OA? +OB? =a\/g

ASAB déu = SH = AB.% = a‘iﬁ
2a3JE
/Y Vs apcp = 3

du 10. Chép tam giac déu SABC c6 day la tam gidc déu canh bing a, cic
anh bén tao v&i day mot goc 600, Thé tich ctia khéi chép la:

a\/_ 3\[" _ a’ a®
D. —
27 12 5[ 9
- . Hwéng dén gidi
i0i M 1a trung diém ctia BC va H 1a trong tAm tam gi4c ABC.
_'hi dé: AH =-§AM =%; Ta c6: SAM =60° nén SH=AH.tan60 =a,
a’+/3 1 a’3
ABC — 4 Do dé: V5o = 3 7SHS 5 = "

g 11, Chép tam gidc déu SABC c6 day la tam gidc déu canh bing a, cic
anh bén tao v&i day mot goc o. Thé tich ciia khéi chép la:

a’tano G atano/3 C a’tano I a’tano
S 9 12 "3 C12
Huwdéng dén gidi
0i M 1a trung diém ciia BC va H 12 trong tam tam giac ABC.

Khidé:.AH=-§~AM=a;/§ |
.2 y |
a c6: SAM = o nén SH = AH.tano = -—\B/Etan(x D = - f
1 | 1 aV3 \/— a’tanc
086 Vupe = 35H S asc =3 _3't 12

u 12. Cho hinh chép SABC ¢é cic canh ben bang nhau cling ho’p voi day

6¢ 600, day 13 tam gidc cAn AB=AC=a vABAC =120, Thé tich ctia khéi
hép d6 1:
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3 3 . 3 2 3
3o ; Bt g2 . P2k
4 3 -. 3

Hwéng dén gigi
Goi M ]a trung di€m BC va H la tAm dudng tron ngoai tiép tam gidc ABC
SH chinh la dwdng cao ctia hinh chop. :

45

Sapc = -;-AB.AC.si:n]ZOO va BC=2BM =2 ABsin60” = a\f_

HA=R= aigc —a = SH =HA.tan60° = a3
1 1,
Do vay: Vg, = 3'SI—I SABC 2%

Vi du 13. Cho tir dién ABCD c6 c4c canh AB, AC va AD d6i mot vudng g6c¢
nhaw; AB=6a, AC=7a vd AD =4a. Goi M, N, P twong itng 1a trung-d
cac canh BC, CD, DB. Thé tich V ctia tit dién AMNP 1a:

A. V—ga B. V =14a’ c.'v._%:f
‘Hwéng dan gidi
Tact: Vuen = % AB.-é-(-:—E‘E = 28a’
'V, .n DP DN 1 1 ;
AN, —=V ==V, =7a
VD.AB(-: BD DC 4 D.APN 4 D.ABC
Twong tw, ta cling ¢6 : V_ ,,,, =7a® vé Vikpy =72°

T désuyra: V, ,,p =28a°-37a°>=7a> |

Vi du 14. Cho lang try ABC. A'B'C'cé day ABC 1a tam giac vunng cin ta
AC =2a.Hinh chiéu vuéng géc clia A'trén mit phdng (ABC)Ila tr

diém cia AC, dwong thang A'B tao véi mét phﬁng (ABC)mét goc b
45°. Thé tich kh&i lang tru ABC.A'B'C' tinh theo a la:
- Hwéngddn giai
Do tam gidc ABC vudng cin tai B nén AB=BC= a\/_“
~ Goi H latrung diém AC= A'H .L(ABC)
-Suy ra géc gitta A'Bva (ABC) 12 A'BH =45°
Nén tam giac A'HB vudng cin tai H
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'BH=%Ac=a:>A'H=a

\ 1
4y: Vipcape =A FLS e =a'Ea 2.av2 =a°

u15. Cho ABCD.A'B'C'D' I lang try dimg c6 day 12 hinh vusng,
m gidc A'AC vuBng cin, biét A’C =a . Thé tich ABB'C' bing:
Huwéng dan giGi

2

'C=a va AA’AC vudng cin ::»zﬂx'z"X=AC=a\/5

> BB’ =a-—-.2-2-. M3 AABC vudng can: AB = BC=§ =BC=2

| e g s
vo=LBEBC 222
T2 8

3

N

LN a
Vs =7ABS 0 =

3 - 48
16 (Cdu 35 d& minh hoa THPT quéc gia 2017),
ét A'C =a+/3, thé tich khéi 1ap phuwong ABCD.A'B'C'D' 13-

3
V=2a° B. V= S\Ea - GV =333° D. V= %aa

Huwéng dén gigi

c6: AC=AA'W2
L A'C=AATAC =3AAY = AA'=4 =>V=2a’

| BAI TAP TY LUYEN
Mot hinh t@ dién déu c6 chidu cao br?lng —? thi thé tich cda né bang:
G120 12 | "4 4

Mot hinh lédp phwong cé dwdng chéo (doan thin
Mot mit) bing a. Thé tich cia ng bang:

Y - 2

g n6i hai dinh khong ciing

2°
- Cs = . D.“—'—-
27 9 6v3 9
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3. Mot hinh chép tam gidc déu cé canh day bang a, duong cao cta hinh Ch
béng dwong cao clia tam giac day.
Thé tich khéi d6 bang:
a’ NE a’ a’
A — B. G— D. —.
‘ 3 6 4 -8
4, Thé tich cfia khéi hop ABCD.A’B'C’D’ 1a (biét rang (A’BB’D’) 12 khdi t
déu canh a) -
a®\2 a?\/3 a’\3 a’\2
B. 5 C. = D. 5

2

lan luot 1a trung dlem clia B'C’ va C'D’. Miit phang (AEF) chla hinh hop
thanh hai hinh da dién (H) va (H’), véi (H) 1a hinh da dién chira dinh
Thé tich hinh (H) 1a:

A 25abc B. 47abc C. abc D. abc
72 72 72
6. Thé tich khéi tir dién déu canh bdng 1 cm béng:
A. ﬁcma B. —"[én::m3 C. :'/-_g-t:mS D. 2cm?®.
6 12 12

7. N&u mdt khéi tir dién déu c6 chidu dai canh bén ting 1én K Ian thi thé ti
tdng lén: :
s
C. Vak IAn D. k? Ian
12 .
8. Cho hinh hop chit nhit ABCD.A'B'CD’ c6 AB=a,AD=2a,AA’=a.Thét
cta khéi tir dién AB'D’C’ la:
3 C |
A. -E—;— B. 2a° e o4 2% D. K&t qud kh?
9. Thé tich ctia khéi chép tit gidc déu c6 té't ca chc canh bing a la:

SJ— 3\/’“ 3\/_ 3\/_
10. Cho khm ling tru tam gidc déu c6 tat cé cac canh déu bﬁng b Thé t

khoi lang tru dé la: : |
b3 c b3\/,§ .

3
b33 B

4 2 = 6

A.klan B. k® 1an

A.
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A. rh - C = D. Két qua khac
ho hinh chép t gidc déu S.ABCD, AB=1cm, gbc gitta mit bén va day
ang 60°. Khi d@6 thé tich ctia khéi chép bing:
. 2cm® B. 24/3 cm?® C. 2—3\{-_3—131113 D. %crrﬁ

':Cho hinh chép tam gidc déu S.ABC. Biét SA =2cm, gbéc gitva mit bén va

; it day bing 60°. Khi do thé tich ctta khéi chép la:
' 24

—-—cm B. -—~—cm C. —=cm?® . D. 24/6 em?®
77 55 V3 |

Cho hinh chép cyt t& gidc déu ABCD.A'B'C'D' ¢6 A'B'=a,
B=AA':§. Thé tich clia n6 bing:

7a%2 a’2 C a®J2 5 7a%/2

24 - 24 : ' 48 ' 48

n lwgt 13 trung dlem ciia SA, SB, SC, SD. Ti s6 thé tich cﬁa hal khm chop
S A'B’C'D’ va S.ACBD la:

L B. - C.

D.
s 6

1
2

e

Khl dé ti 56 thé tich ctia kh61 cdu va khéi tru tu'o'ng Ung la:

Y.l Vel oY 2 bis=t
V, 2 V, 3 "V, 3 vV, 9
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18. Cho khéi lap phwong ABCD.A’B’C'D’ Goi O 13 giao dlem ctia AC va ]
Tinh ti s8 thé tich gitra tr dién OBCD va khéi l4p phwong:

Al B L c. L D, L
6 8 12 24
19. Cho hinh chép S.ABCD c6 thé tich V véi ddy ABCD 13 hinh binh ha

Goi A’,B’ Ian lwot la trung di€m cic canh SA va SB. Thé tich ti d

A’B’BC bang: :
A. ). B. E'f C. y-— D. E
6 8 15 9

20. Cho hinh ling try tam gidc ABC.A'B'C' c6 thé tich V. Goi I Ia tam
hinh binh hanh ACC'A". Thé tich t dién ABB'I bing:

AY B. ¥ ¢ &Y D, ¥

6 , 3 3 2

21. Cho hinh chép tam giac S.ABC. Goi A',B' Ian lwot 12 trung diém cia ¢

hai phin d6 bang: _
A. & B. L S C. 1 D. =
2 '3 | | 4 3

22. Cho ling tru tam gidc ABC.A'B'C". ‘Mit phang di qua A,B va tru
diém canh B'C’ chia l4ng try thanh hai phin. Ti 58 thé tich hai phin d6 |
AL B. ~ . B p. &

5 12 4 5

23. Hop lang try ngii gidc ABCDE.A'B’C’'D’E ¢6 thé tich V. Goi M, N, P, Q,
la trung diém AA’, BB, CC’, DD’, EE’ thi thé tich ling 't
ABCDE.MNPQK bing:

aly B. Ly C. 1v D. iv
2 4 10

A B'vaB'C’ thi thé tlch khéi chop D’.DMN bang: .
AY B. ¥ G Bt
2 4 8 : 16
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o hinh chép S.ABC cé day 1a tam giac vudng & B.SA L (ABC). Biét rang
AB=3,SA =4. Khoang cach tir A dén (SBC) 1a:
-z B, = e ; M
. 5 5 5 25
Cho tir dién déu ABCD canh a. Piém M thudc mién trong ctia khéi ti dién.

m,, My, M, m;, twong Gng 1a khodng cach tir diém M dén cac mit

V3 g, 2V6 . . 0SS
3 | 2
ho tir dién OABC d6i mot vudng géc véi nhau. _
oil OA=a, OB=b, OC=c. Piém M thudc mién trong tam giac ABC. Goi
z twong ng la khoang cach tir M dén c4c mit phing (OBC), (0OCA),
B), khi d6 biéu thirc nao sau day la diing? ,

D. a\fg

.X+X-+—z—<1 s A
a b c a b c

ZadiZs D. —+<+>=

a b ¢ a b c

ho ti¥ di¢n déu ABCD. Piém M thudc mién trong cia tir dién. Goi X,V,Z,t
tirong g 13 khodng c4ch tir M dén cic mit (BCD), (CDA), (DAB), (ABC).
Goi a, b, ¢, d twong rng 1a khoang céch tir A, B, C, D dén cdc mdt (BCD),
(CDA), (DAB), (ABC) thi: - -

i+X+E~1-£~<1 & B.—)£+X+E+1=1
a b ¢ d a b ¢ d
EedwBylay | v i Xt
a b «¢-d : ca b e d

Cho hinh chép ti¥ gidc S.ABCD c6 canh SA =x, tit ca c4c canh con lai c6
d6 dai bing 1. V&i gia tri nao cta x thi Voasep dat gid tri 16m nhat?

A x=+3 B.x:-‘g’-. c. x.=2—;@ | D. x =4+/3.

‘Cho hinh Idng tru xoay trf)'n, ban kinh day la R, dwdng cao OO'=h (O
O’ la tdm cla c4c day). AB 1a mot duong kinh di déng ciia dwong tron

O), CD 1a mgt dudng kinh ¢8 dinh clia dwong tron (O'), goi o 1a goc giita

AB va CD. Véi gid tri nao clia o thi tir dién ABDC c6 thé tich 16m nhat?

L B. =" C. =2 D. o =1x.
3 2
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31. Cho tir dién ABCD c6 d 12 kiwéng cach giita hai dwong thang AB va
CD. Géca1a goc gifra hai dwdrng AB va CD, thé tich ti¥ dién dat GTLN khi
 gocathay doi la: :
A.V_, =ABCDd B.V__ = —%AB.CD.d

.V =1AB.CD.d D.V__ =-1-AB.CD.d

32, Cho hinh chop SABC ¢6 SA L (ABC),BC L AB.

Goi: SA =a, AB =b,BC =c; B’ va C’ twong rng la hinh chiéu vudng gbc c;
didm A trén SB, SC; V12 V' 14 thé tich ctia cdc khéi SABC, SA’B’C’. Khi d6:

Vr a2 3.2 Vl aZ az
. 2 2 ST et 22
V  a’+b® a’+b +c? V a*+b* a*+b*+c
C Vl aZ D Vr 32
V  a?+b*+¢? V a2+b

33. Cho hinh chép S.ABCD cé déy 1 hinh vudng canh a, SA vudng géc véi day
va SA= a. Goi M, N [an lwot 13 trung diém cfia SB va SD; 1 1a giao diém c
SC va miit phing (AMN). Thé tich kh&i chép MBAL la:

L2 s G b
12 18 24 36 :

34. Khdi chép tam gidc SABC c6é ddy ABC la tam gidc vuong cén dinh C va.SA

vudng gbéc véi mit phing (ABC), SC = a, sin gbéc giira hai mat phang (SCB]’

va (ABC) dé theé tich khdi chép 16n nhat la:

A.l B.l c_[@. D_ﬁ
2 3 3 2

35. Cho hinh chép SABCD ddy ABCD I hinh vuéng canh a, SA.L (ABC
SA =a, diém Me AD, E< CD, AM = CE = . Goi N I trung diém clia BM, K
giao diém ctia AN va BC. Thé tich khéi chép SADK Ia:

3 3 3\/5 a3
A 2 B. 2&_ 8 D. 2
3 3 6
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Cho hinh chép déu S.ABCD, 0 Ia tam ddy, M la trung diém cida SO, khodng
cach tir M dén mit phing (SBC) bingb, AB = a.
Thé tich hinh chép S.ABCD la:

B Vet BB B.v-1 Y2a'b
3 Ja?—16b° 3 JJa? -16b2

vl 22% b vol_ 42
3 Ja? —16b? T 3a2_16b?

DAP AN VA HUO'NG DAN GIAIL
2B [3.D |4A |5A [6.B |7.B [8.a |o9.c l10a
12.D |13.A |14.A |15.A [16.A |[17.D |18.C |19.B | 20.A

22.A |23.A |24.C |25.B [26.B |27.B [28.B | 29.a 30.C
32.A |33.D [34.C |35.D |36.C '

V=V

c 5.A'BC'D' "VS,ABCD

2 3
=lgoarlgofa 722
3 3712
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e
3R

17. Thé tich khéi cdu V.

-(2R')"" = 6R .

—%
2.

VT

ThE tich khéi tru

[Q T

|

d(0,(ABCD))=—a

19,
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1 11
_VI.BAB' =EVLBAA'B' = '2“:.2' C.BAA'B'

1 1

1 \ :
ZZ(V“'VC.B'A'C')=E V_"?_,V

11 1
'"'Vs.aac = ZV

uy ra ti s6 thé tich ctia 2 phin

3

\ ABMB'A'N — VABNA' * VB.A'B'MN

1 33
g Venon + gV

1 1

ZV ".ABB'A' ""ZV

L @ 1 5

—=V+=-V==v

43 4 12

| J— s 8 v

D.D'MN:EDD S ='3‘DD 'ESA'B‘C'D'“":g
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ABAS 12

T JAB'+AS? 5

2 3
)a f = 31;5 (4p dung bai 6)

25. d(A,(SBC))=AH

26. %(mﬁ +m, +me+m,

, ' aveé
= m, +my +m.+mg, =———-3

27, xbc+yca+zab=abc
3 3 3 3

X Z
=—+Z+—=l y
a b c

29. V, uep = %d(S,ABCD).SABCD < %.1.1 =
SB L (ABCD)

D4u “=" xdy ra < |SC L (ABCD) «
| SD 1 (ABCD)

ABCD — VAC'BD‘.A'CB'D E VA.A'DC "'VB,B'CD - Vc.c‘ AB VD.D‘AB

2
1 1, x*+y* 1, (2R) 2 _,
=—xyh<-h——=-==-h-——==R*h
8~ 8 @ Bz 3
Dﬁu“="xz‘tyraﬁx=y@ABJ_CD<=¢»a=g
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1. Ap dung céng thire V =—;—AB.CD.d.sinoc séAB.CD.d

] 2 ] 2 ' 2
AC= Jb2+C2;—B—S—=—a— Eﬁ_ a CS_ a

aZ

Vsage _SB' SC'  a? a
Vsasc SB'SC  a?+b? al4blye?

IC Js AO _
IS'JO AC
S 1,1, 1
IS 2 IS SC 3
Vam = Vs,uc "V.v..mm - Vl.mnc
11 2
= Vs.anrc '5':'2' S.ABC 3 Vs.mc
1 11 11 4°
EVS.ABC = EVS.ABD =I'2'-§-5A-5uco =%
4. SA =a.sinq
CS=a.coso 2

=143 6in o(1-sin? ) =lag(5in°"" sin® o)
P 6

J3 A

Vi € sinx =

(xét ham f(t) =t~ te [0;1])

= - = — =
BB b’  SB al+bi CC bi+c’  SC
2

SI
1 a*
SADK =§‘SABCD =_2'“
1 1 a? 3®
= Vsaox =35A8,, = 345 =%

a’+b? +¢?
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Bai 4. Mdt tron xoay
AT CAU ‘
inh nghia _ : . : ;
ho mot diém O c8 dinh v mét s8 thue dwong R. Tdp hop tat cad nhitng
ém M trong khéng gian cich di€ém O mdt doan bing R duoc goi 13
it cdu tdm O bén kinh R. Nhw viy mit ciu tdm O, ban kinh R 1a:
S{O;R)={M /OM =R}

ay v&i 1 diém A bat ky: _

€u OA<R thi A & bén trong mit ciu.

Néu OA=R thi A thudc mit cau.

Néu OA> R thi A & bén ngoai mit ciu. -
Nha"n xét: Cho diém M thudc mit ciu dwong kinh AB thl ta cé

Vi trf twong d6i cia mdt cdu va mdt phdng - |
Cho mdt cau S(0; R) va mdt mit phang (P). Goi H 12 hinh chi&u vudng

Véi d >R thi midt cau (S) va mat phing (P) khong c6 diém chung
Véi d = R thi mit phing (P] tlep xtc voi mat cdu (S). Khi d6 ta goi (P)
a ti€ép dién.
Véi d < R thi mdt phang (P] cit mat cau (S} theo mét du‘b‘ng tron (C)
v&itdm H va ban kinh r dwgc x4c dinh nhw sau:

H la hinh chiéu vuéng géc ctia tAm O 1én mp(P)

Ban kinh: r= vR?—~0OH?.

i tri twong déi cia mdt cdu va dwong thdng
Cho midt cau S(0; R) va dwong thing (A). Goi d = OH 1a khoang céch tiy

0 dén (A)thi ta c6 c4c trudmg hop sau:
Véi d>Rthi (A)va (S) khéng c6 diém chung.
Véi d=Rthi (A) tiép xtic véi ( S),.

Véid<Rthi (A) cdt C tai hai diém A, B phén biét,
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3. CaAc tinh chit ctia ti€p tuyén
Pinh Iy 1: Qua di€ém A thudc mit ciu S(O; R) thi cb vd s0 ti€p tuyén véi mat c‘é‘
(S). TAt ca cAc tiép tuyén Ay déu nam trong ti€p dién cta (S) tai di€m A.
Dinh Iy 2: Qua diém A & bén ngoai mit ciu S(0; R) thi c6 v6 sd tiép tuyén v&i my !
cau (S). D6 dai cidc doan thing ké tir A t6i cac ti€p diém déu bing nhau.
4. Dién tich, thé tich

Dién tich ctia mit cau: S =47z.R*
Thé tich ctta khdi ciu: V m—~3—-R3

5. Cach xic dinh tim va ban kinh mit ciu ngoai tiép khéi da dién
a. Da dién c¢é nhitng mdt la tam gidc vuéng cé chung canh huyén i
Khi dé tAm mit cau ngoai tiép 1a trung diém canh huyén va bén kin

bing %d@ dai canh huyén.

b. Da dién Ia hinh chép S.ABCD (ddy ciing la cdch xdc dinh chung cho hinh chdp) -
Bwéce 1. Dwng truc A ciia dwdng tron ngoai tiép mat day (A vubng go;
voi mat phang (ABCD) tai tAm dwdng tron ngoai tiép). ' S
Bwéc 2, Dwng mit phing trung trwc (P) cia mdt canh bén (néu cé can
bén ddng phing véi A thi trong mit phﬁng dy ta chi cin ké du'o'ﬁ )
trung trwc D. clda canh bén). :
L4y giao di€m I cia A v&i (P) (hodc véi D). Ta c6 I cach dBu céc dinh S :
A, B, C, D nén I 1a tAm mat cau ngoai ti€p hinh chép S.ABCD.
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oi OvaO’'la 2 tam cﬁa 2 day. C6 00’ 1L hai day.
oi I'la tim mét cdu ngoai tiép ling tru ding.

:){AII =AL.AI=A"T=A"I=_.=A"1 (1)

AT=A"T (2)

1) =1e 00’ ,(2)=>Te(d) (v6i D Ia dwong trung tryc cla AAI" trong mit
hing (AA'100"). |

uy ra I 12 giao diém ciia D va 00".
uy ra I la trung diém cua 00’ -
lu 1. Cho hinh chép S.ABC c6 ABC la tam gidc vudéng tai B va SA vudng goc
day. Goi M va N Ian Iwgt ] hinh chiéu vudng géc ctia A 1én SB va SC. Biét AC c6
ai la a, khi d6 ban kinh mat ciu ngoai tiép khdi da dién ABCMN la:
2 B 3 e B p. &2
"3 2 - 2 - 2
| ' Huwéng dén gr&:
L(ABC)=SA L BC

BC 1 AB
M LSB=> AM 1 (SBC)= AM LCM

uy ra AAMC vubng tai M.
wong tw ta cling ¢6 AANC vuﬁng tai N, cé AABC vudng tai B.
ay hinh da dién ABCMN ndi tiép trong mit ciu dwdng kinh AC, taAm |

} = BC L (SAB) = (SAB)J_(SBC)

'-‘:i'la trung diém ctia AC va ban kinh R = f‘i

“du 2. Cho hinh chép S.ABC c¢6 du'o'ng cao SA = a, day ABC la tam glac
u canh a, Khi dé bdn kinh m&t ciu ngoai ti€p hinh chép 1a:

e o a7 a3l o a3l
A, 7 - _ € - =5
- Huwéng dén gidi |
+:Goi I.]a tdm tam gidc ABC, qua I vé& d // SA. Goi H 14 trung diém ciia SA,
qua Hvé d'//Al, dn d'=1 =113 tAm dwong tron ngoai tiép véi ban kinh la
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Vi du 3. Cho chép tam gidc déu S.ABC canh day AB = a, dudrng cao SH
Tinh theo a va h ban kinh hinh ciu ngoai tiép hinh chép.

A h* + a? B. 3h*+a? C. R=3h2+a2 D. R=3ﬁ2+a
6h 2k 4h 6
- Huwéng dén gigi | B
Tam O cta mit ciu ngoai ti€p t& dién S.ABC la giao di€m clia truc §
va trung trwe clta canh SB thuéc mit phang (SHB). S '
Goi M la trung di€m SB. Ti gidc OMBH noi tiép suy ra: /i
SB? ‘ -

SO.SH = SM SB = u--z__

2

= R=0S8S= o8 trong dé:
28H

‘‘‘‘‘
b T

I | 2 2 2
SB® = SH? + HB> =k2+[-?2:.“_2‘/§.] =2 8 3H ta”

-y,
-

2 P ’ X w s . 3h2 +a2
Vay ban kinh hinh ciu ngoai tiép S.ABC 1a R R

mit bén va ddy bang 60°. Tinh ban kinh mit ciu ngoai tiép hinh chép S.AB
p

A28 B, /4 c. e p. 74
12 13 1Z - 15 .
Hwéng dén gidi -

Ap dung cng thitc & vi du 2. Nhw vy, cin phai xdc dinh chitu cao khéi ch

1 1 av3 a
h=—-AH.ta 600 =—, 2 =—
e
Véy ban kinh mit ciu ngoai tiép hinh chép S.ABC la:

2
S(E) +a?
Rthd 278 pueinp

é2 12
5
Vi du 5. Cho hinh chép tam gi4c déu S.ABC, c6 canh d4y bing a va g
hop béi canh bén va day bang 60°. Tinh ban kinh mdt cau ngoai tiép hin
chép S.ABC.

A, 22 B, 24 e
A 5

Op;
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Hudéng dan gidi
y dung cong thirc & vi du 2. Nhw vay, can phai x4c dinh chidu cao khéi chép

h_-i—AH tan60°-—-§ i\@

. 2 2
ly, ban kinh mit ciu ngoai tiép hinh chép S.ABC 13 R =§_E‘.62. ﬁ%.
. A

u 6. Ban kinh mét cau di qua 4 dinh ctia tt¢ dién déu ABCD c6 canh a la:

a8 P R b, af6

Hwéng dén gidi

Goi G la trong tdm tam gidc ABC, khi do6 tAm
madt cau ngoai ti€p cin tim 13 giao diém
ita truc cia tam gidc ABC (duwong thang di
jua G va vudng goéc véi (ABC)) véi mit
| ang trung truc AD.

0l M 1a trung diém ciia AD. Ta cé:

DM .DA = DI.DG = po = PM-DA _ a6 _

| DH 4

ﬁu 7. Ban kinh mit cau ngoai tiép hinh ling tru tam gidc dgu

BC.A'B’ C' €6 tét cé cic canh la d. Bén kinh cta né la:

21 a\/_ - a\/_ . g, @21

4 6 T
Hu’d’ng dén gigi | | |

0i 0, 0’12 tAm 2 tam giac ABC va A’'B'C’.

a c6 tAm I mit ciu ngoai tiép ling tru 13 trung diém 00",

6 ban kinh: |

; _ o 2
-3':IA4—-VOA2+OTZ= [%—-{—3} 1} ——--a 7 «»—a£

6
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Vi du 8. Cho ling tru tam gidc déu ABC.A'B'C’ c0AB=a, mat pha

Huéng dén gidi
Goi AAGNBC=M
{A M1 BC

MA | BC [AABC cén tai A)

= ((A'BC),(ABC)) = AMA ' = 60°
Goi G’ 1a trong tdm AABC

— GG/ /AA' = GG' L (ABC)
Xét AGG'Mvudng tai G’

C6 gbc (GMG") = 60°

= GG'=G'M.tan 60° =E~AM tan 60° =-]—'-a—\/_§—
3 3 2
Ap dung cdng thirc cdu 3 =R PZ—;.
'BAI TAP TY LUYEN

. Chotam giadc ABC. Quy tich tAm céc mit cau di qua ba di€m A, B, C 1
A. Dudng thing vudng géc véi-mp(ABC) tai tryc tam tam gidc ABC.
B. Pudng thing vudng géc véi mp(ABC) tai trong tam tam glac ABC.:
C. Puwong thing vudng goéc voi mp(ABC) tai tAm dwdng tron ngoai t1e

tam gidc ABC.
D. DPudong thing vudng géc véi mp(ABC) tai tdm dwong tron ndi tié

tam gidc ABC.
. Cho hinh 14p phwong ABCD.A'B'C'D'. Goi (S) la mét cau di qua bén dlé

A,C,B',D' . Trong sd cic diém B,C',D , diém ndo ndm trong mit cau (S)?

A.Diém B B. Piém C
C. biém D D. Khong c¢6 diém nao



o tr dién déu ABCD. Goi (S) 12 mit cAu duwong kinh AB. Piém ndm
ong mit cau (S) la: |

. Trung diém canh BC B. Trung diém canh CD

rong tdm tam giac BCD D. Trong tdm t& dién ABCD

ho t& dién déu ABCD, O la trung di€ém canh AB. Goi (§) la mat ciau

m O tiép xuc véi dudng thang BC. Ménh dé nao sau day sai?

Mit ciu (S) tiép xGc véi dwong thing AD

. Mit ciu (S) tiép xtc véi dwong thing AC

'Mit cau (S) tiép xic véi dwong thang CD

, Mt cau (S) tiép xtc véi dwong thing BD

rong ciac ménh dé sau ddy ménh dé nao ding?

,Moi hinh chép tam giac ludn c6 mit ciu ngoai tiép.

. Néu hinh chép ti¥ gidc c6 mdt cau ngoai ti€p thi ddy cta hinh chép
hai 1a hinh chi¥ nhat.

.-Hinh lang tru ¢6 mit ciu ngoai ti€p Khi va chi khi ddy cta né l1a da
iac ndi tiép dwong tron.

'D. Ca ba ménh dé A,B,C déu dung

énh dé nao sau day sai ?

A. Moi hinh hép chir nhat ludn c6 mit ciu ngoai tiép.

‘Hinh l#ng tru déu ludn c6 mit ciu ngoai tiép.

. Hinh chép déu ludn c6 mat cau ngoai tiép.

. Hinh chép cut ¢6 mit ciu ngoai tiép khi mat bén cta né la hinh thang can.

ho tam gidc vuéng ABC véi canh huyén AB=a. Mit cau di qua ba
ém ABC c6 ban kinh bé nhét bing:

i a B. 2 C. 2a D. 2%
_ 2 : . 2

__a\/- av3 aﬁ | a2

B. N +b2+c
D. Va* +bz—-c
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10. Ban kinh mit ciu ngoai ti€p hinh t dién déu canh a bang: |
axfg an a3 a3
A — . — C.— :
3~ 4 4 -

11. Cho hinh chép SABC c¢6 duong cao SA=2a,day ABC la tam giéq?
canh a. Mit ciu ngoai ti€p hinh chép d6 c6 ban kinh béng: |

a3 2a3 2a+2 203
Al =T Bl Cl T D- 3
3 3 K 6
12. Cho hinh chép SABC c6 tit cd cic canh déu bing a. Mit ciu n

ti€p hinh chép d6 cé ban kinh bang:
a3
2.

A. a B. a\ﬁ

C. # D.

13. Mit ciu ngoai tiép hinh 1ap phuong canh a c6 ban kinh bing:

2a3"
A. a3 B. “23 a3

: D. _
3 _ 3
14. Cho hinh chép tam giac déu S.ABC c6 canh bén bang a va canh d4
a2, Mit ciu ngoai ti€p hinh chép d6 ¢ ban kinh bang:

A. a3 B. a3 a3 o 2“6

. D.
2 3 3
15. Cho t¥ dién déu ABCD c6 canh a. Goi AH 12 dwdng cao clia ti
va S 12 trung diém doan thang AH . M3t ciu di qua bén diém S, B, C
c6 ban kinh bang: :

a

C.

a3 a6 av6

A. 3 B. — C. — Dy

“‘F_- 2 4 3

16. Cho hinh 1ap phwong ABCD.A'B'C'D' c6 tdm O va c6 canh bén

B4n kinh mit chu ngoai tiép hinh chép 0.ABCD cé ban kinh bing:

a2 a2 - 3a -

A.— B. — C. 2 D. —

4 T2 \ a2 PR

17. Cho tir dién d&u canh a. Khoang cich tir tdm mit cdu ngoai ti€] £

- dién téi mit phang di qua mdt mit clia ti dién bang:

A a\/a B a\@ | C a3 av3

" 12 "4 o4
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. Cho tw dién déu canh a. Khodng cach tir tAm mit cdu ngoai tiép tr
dién téi dudng thing chira mét canh clia t& dién bing:

av3 a3 av2 a2
BI C- T DI
2 4 2 4
Mot tir dién déu ndi tiép mdt cau ban kinh R thi canh cda tir dién d6 bing:
2J6R J6R V6R 2( 3R
N Bi g &% D=3

:',' Cho tr dién déu ABCD c6 canh a. Goi O 13 trong tdm tit dlen do va

2 s p »
(S) 1a méit cdu tAm O béan kinh -i/; . Mat phang (BCD) cat mit cau
(S) theo dwodng tron c6 ban kinh bang:

. i "B | .
a3 B, a\/_ c. 2 3 D. a\/g
3 6
Mot hinh lap phuc'ng nodi ti€p mit ciu ban kinh R thi canh ctia hinh

AR -2\/§R - '~/§R \/§R

3 3 | 6 4

\@R V3R V3R 3R
A — B, — —_— D.
2 3 4 6
Mot hinh 1ap phwong ndi tiép mit ciu ban kinh R. Khodng cach tir tim
mat ciu t&i duong thang chita mdt mat ctia hinh lap phwong bang:
J6R 23R V3R V3R
— B. —— C. — D, —
3 3 4 . 6

A. xa2 B. 4rza® C. 2za* D. 2a°
-Cho ti¥ dién déu ABCD canh a. Mot mit ciu tiép xic véi cac dudng thing
AB,AC,AD lan lrot tai cic diém B, C, D. Béan kinh mt ciu d6 bang :
a3 B 22 C.avz p. 22
2 3 2
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26. Cho hinh t& chop t& giac d8u S.ABCD cé tdt ca cdc canh déu bang '
Mot mat ciu tiép xic véi cac dwong thdng SA, SB, SC, SD Ian hwot't
cac di€ém A, B, C, D. Ban kinh mét ciu d6 bing:

a a2

S C.

. 2 | 2 |

27. Mgt hinh bét dién d8u canh a 6 ndi ti€p dwoc moét mit ciu ha
khong? Néu c6 thi ban kinh R cla mit ciu d6 bang bao nhiéu?
A. Khong B.C6, R=a

A a B.

C.Cé, B=al2 D.Cé, R= “22

28. Cho hinh bat dién déu canha. C6 hay khéng mét mit ciu tiép xtic v
tdt cd cdc canh clia bat dién d6? N&u c6 thi ban kinh R ctia mit ciu d¢
bing bao nhiédu?

A. Khéng c6 B.C6, R=2

2 i
C. C6, R=32— | D.C6, R=av2

29. Cho hinh 1ap phwong ABCD.A'B'C'D" c6 canha. M6t mit ciu tiép x
voi ba duong thing AB, AD, AA' lan luot tai cac diém B,D va A
Ban kinh mit ciu d6 bing: -

: - a av?2
A. a B. '-2- C. “‘5—' .

30. Cho hinh 14p phwong ABCD.A'B'C'D' 6 canha. M6t mit ciu tié
xuc v&i ba dwong thing AC, AD', AB' Iin luot tai cac diém C, D' va B
. Ban kinh mit ciu dé bing: | e

a | .a 2 |
Al B. o Cn s D- . 2 .
e 9 = Sy a2 !
31. Cho hinh chép d&u S.ABC c6 canh bén bidng a va canh day b‘a‘mgaiﬁ_
Mgt cau ngoai ti€p hinh chép dé c6 ban kinh bing: :

a Y6 B o6 ¢, a3 p. 23
M s — = =
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32, Cho hinh chép d&u S.ABC c6 canh bén bing a va canh day binga+/2.
Khoang céch tir tim mt cau ngoai tiép hinh chép t&i mit phéng (ABC) bing:

a«/g a\ﬁ D a\E
)

A. B. — C.

6 4

33. Cho hinh chép d8u S.ABC cé canh bén bing a va canh day bingav2.
Khodang céch tir tAm mat cau ngoai ti€p hinh chép téi mit phdng (SAB) bing:

At B. 2 c. af3 p, &3
: © 2 3 4 2
34. Cho lang try tam giac déu ABC.A’B'C’ c6 tét ca cic canh d8u bing a.
5 Ban kinh mat ciu ngoai ti€p lang try d6 bing:
Jia

5 3o Ve N
: 3 6 . 3

35. Khodng cich tir diém O t&i mp (P) bing 3. Mit ciu tdm O ban kinh 5
. cit mit phang (P) theo dwdng tron c6 ban kinh bing: |

a6
3

C.

A4 B. 3 G1 D. 2
5 36. Mdt cau (S) ngoai tiép hinh lap phwong ABCD. A'B’C’'D’ canh a. Khoéang
© cach tir tAm mat cAu t&i mit phdng (BDA’) bing:

I

An -'__a\fg BI _a\/—"g‘ = 2 2 -
2 3 4 6

C.
37. Cho tir dién déu ABCD canh a va (S) 12 mit ciu di qua trung diém céc
canh AB, BC, CA, DA, Bdn kinh mit ciu bing:

PR L B &3 c. &¥2 p. 4Y2
- 2 3 "4 2

- PAP AN VA HUO'NG DAN GIAI
C {2.D [3,D |(4.C [5.A [6.D [7.B [8.A [9.A ]10.B
.B|12,C |13.B |14.B [15.C [16.D [ 17.A | 18.D | 19.A | 20.C
.B |22.B |23.A|24.C |[25.D [26.A [ 27.D|28.B | 29.D [ 30.A
.D|32.B|33.A[34.C [35.A[36.D | 37.C

IB =~IM? + MB* zMB=E

9
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8. 1C>GC=a\/§

10. R=IA

a 2
GD=—4=>AG=a,|—
V3 V3

= ALAG= AH.AD
NN I R
3 4
11.

AG="L = 14=+IG* + AG?

V3
‘\J 3 : «/3

a\/3
2

13. R:IA:%Asz

14,
Bo=AB_aV2 _ o [FTpe
= |z 2.9'2
\/_
'S SG = SH.SB
LI P
32 2
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a 2 1 a a
HC=HB=_";AH=—.AH=—~. [Iz——-:_._
3 2 2 3 6
2@ L2
. 2(BH*+BA*-AH*) "3 3 g
4 4 2
'S1.SH = SK SB=>.S‘I-———-—-—.S'BZ 1“—:;»51:9[@:3
/6 2°2 4
a3 a 1 1{a3Y 3a
. 00=202 o1 0T = OMOC' S 012 = pe = [ 22| opr=22
— oloI= J5=3 3 2 f=g
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a6 __ 4R 2RVG |

19. Ap dung bai 10 tacé R=-"2 s g=22 _
b dung | 4 J6 3

20, r=CM=-—23_=9Y2 "‘/_

23
a3 2R

21. Ap dung bai 13, R-.————:>a=___

Yy

‘ . - 2R a
22. Ap dung bai 21, a=—==>d===
waE V3 2

e ke

R_ 4 5 2R _RV6
V3 2

24. Mit cau tié’p xUc tdt ca cic canh cla lap phwong

@R—-‘-’i S.=47R' = (“"F] = 274"

23. Ap dung bai 21, a=

GD=-:AG = a\g ma ALAG = AD?

v3 |
= Al a\/g =a* = Al = a\/_ =ID=— 3
26.1C=a=R
29,

a2 1 1 1
s e

V3 T 0D* DA* DI

1 1 1

= =—+—=>R=qg+2
ZaZ aZ R2 : \/_

0D =

3
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Ap dung bai 25, -

R= ax/_-\/—_—a

p dung bai 25, R=a 2.§=a
2. Ap dung bai 14, IG=|SG—I.S'|= _a__ﬁ =
3.
- Ap dung bai 14:
512993 56
2 V3
2
SM=JSC o = a7 | T2 | 22
2 2
av3
H _SI_ IH _"7 _a
GM SM ~ g2 aJ2z 2
23 2
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35. R=+5~-3?=

36.11a trong tdm tam giac AA’'C
= Al =201 :>d(O;BDA') =—';t-d(A;DBA') =%h

Ap dung céng thitc tir dién vudng

1 1 1 I a
— =t +4-—=h=—=>d(0;BDA") =
hz az a?. az \/E ( )

_a
23

a\/—

.37.Ap dung bai 18, ::>R————

B. MAT TRU

1. Pinh nghia
Mdt tru tron xoay : '
Trong mit phang (P) cho hai dudng thﬁng dva A ¢c6 d//A va cach nhau
mét doan la R. Khi quay (P) quanh A thi d tao nén mit tru tron xoay
truc la A, d 1a dwdng sinh.
Hinh tru tron xoay '
Cho hinh chit nhit ABCD quay quanh canh AB thi dwirng giy khuc (A
DC, CB) s& tao nén hinh tru c6 truc (hay 12 dudng cao) 1a AB, dwon
sinh 1a CD va ban kinh day la BC.
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Khéi tru tron xoay
Phin khéng gian gxé’x han b&i mét hinh tru (v ca hinh tru 4y) xédc dinh

m®dt khéi tru twong &ng.
Dién tich xung quanh ctia hinh tru: S,; =2nR.h

Thé tich khéi tru: V =7R%h

Trong d6: R 1a ban kinh dwong tron ddy, h 1a dd dai dudng cao.

du 1. Trong khéng gian cho hai diém c¢68 dinh 1a A va B. Tap hop cac
diém M sao cho tam gidc AMB c6 dién tich S khéng déi la:

A. Mit tru c6 truc 1a dwdrng thdng AB va c6 ban kinh déy la R B
B. Mit tru cé truc 1a dwéng thang AB va ¢ ban kinh déy la R= %
'C. M3t tru cé truc 12 dwdng thing AB va c6 ban kinh day la R= %

48

D. Mit tru c6 truc 1a dwong thing AB va c¢6 ban kinh day 1a R-—E
Hwéng dén gidi

25

| AB | o

Tap hop cic dlé’m M sao cho tam gidc AMB cé dién tich S khdng déi la

Tacd S = IABd(M AB)=>d(M,AB)=

'tﬁp céc diém M cach déu AB mot khodng %SE bPé chfnh la Mat tru cé

» trucla duwong thang AB va c6 bdn kinh day la R= i;
Vi du 2. Cho hinh tru cé ban kinh ddy la R = 2 cm, chx‘éu cao 1a h = 3 cm.
Dién tich toan phﬁn cua hinh tru la:
A. 10w B.12n C.20m ' D. 167!:
Hwéng dén gidi
rp =Sy, +28, =2ZRh+2.7R* =27.23+2.722" =207

/f du 3. Cho hmh tru c6 dién tich xung quanh 12 207 vé cht‘éu caola h = 5.
. Tinh thé tich ctia khéi tru:
A. 507 B. 100% C. 25x - D.20=®
Hwéng dén grdr :
GoiR1a. bén kinh day. '
Hinh tru c6 dién tich xung quanh 1a 20x - 207: 2ZR5=R= 2.
Vay, thé€ tich ctia khéi tru: o
V=nRh=745=207.
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Vi du 4. Cho hinh try c6 ban kinh ddy Ia R = 5cm, thé tich 1a V = 1007 (cm3). C4t
hinh try béi mdt mit phang song song véi truc hinh tru thi cé mée
hinh chir nhat ABCD vé&i A, B thudc dwdong tron day tdm O v
AOB =120°. Dién tich cia thiét dién (cm?) 1a:

A. 53 B. 104/3 C. 20 D. 2043

Vi du 5. Cho khoi tru c¢6 ddy la cdc duwong tron tdm (0}, (O’) c6 ban kinh
12 R va chidu cao A=R+2. Goi A, B Ian lwot 1a cac diém thudc (0) va
(0’) sao cho OA vudng géc véi O'B. Ti s6 thé tich cua khéi ti dlén
OO’AB vé&i thé tich khoi try la: :
A. —i— B.-—l—— C. -1— D. i

27 67 3z 67
Hwéng ddn gidi
Ta c6:
1

O'BL(0O'0A)=>V, 0 = SO'B.SOO.A=-§R1RRJ'={3R3

M

Thé tich khéi tru V,, = RV2.2R? = R*z\/2

Vay thé ti s8 can tim 13 Yoos . L :
Vs 67
'BAI TAP TU LUYEN

1. Cho mit try tron xoay (T), truc 1a A . M6t mit phing (@) vuong goc
véi A s& cidt mit try tron xoay theo mét giao tuyén la:
A. Pudng tron - B. Elip C. Parabol D. Hypebol.

2. Cho hai diém A, B c6 dinh. Tap hop nhitng diém M trong khong gian
sao cho dién tich tam gidc MAB khéng déi la:
A. Midt nén co truc AB _
B. Mit truc cé tru AB va ban kinh R= %
C. Hinh tru cé chiéu cao AB |
D. Mgt dap so khac

3. Mot khéi tru ¢ ban kinh ddy r="7cm, khoéng cach hai d4y bing 10cm
Khi cit khéi try b&i mot mit phang song song voi truc cach truc S5cm
thi dién tich cta thiét dién la:

A. S=34cm*  B.S=36cm® C. S=2131 o’  D.S=406 -
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. Cho hinh tru c6 ban kinh day la du'o'ng sinh I =10cm. Khi d6 dién tich
- xung quanh cua hinh tru la:

A S, =607cm? B. §,, =707 cm’

I c s, =sozem? D.S,, =907 cm’

1 & Cho hinh tru c¢6 ban kinh ddy 1d R=2cm;dién tich xung quanh
S =327 cm®. Khi d6 d6 dai dwdng sinh la:

A.l=6cm B. [=8cm C. [=10cm D. [=12cm

. Cho hinh tru cé duwdng sinh [=8cm , dién tich xung quanh
., =447 cm® Khi d6 ban kinh day 1a:

A. R=13—lcm B. R=4cm C. R=4,5c¢m . D. Rz%cm

Cho hinh tru ¢6 ban kinh day 14 R =3cm, dwdng sinh /=5cm. Dién tich
- todn phén cta hinh tru la:

A. S,, =34xem’ : B. S, =%ﬂ'cm2
CS,= 487wcm’ D. S, = 64zcm’
Cho hinh tru cé duwong sinh I=2c¢m, dién tich toan phan S, =-;E cm”.

Ban kinh ciia tru la:

A. R=1cm B.Rz]+ﬁcm‘
R=—z%iicm . D. R=—-2—q:-i cm

A. &=1 ~ B. P =l | _ G
SR _ 8- 2 3 :

Mét Kinh tru c6 ban kinh déy la avacé thlét dién qua truc la mot hinh
vudng. Dién tich toan phin cda hinh tru la:

S, =2ra’> B.S,=4zd’ C. S,=6zxa’>  D. S,p =87a’

t”l.nc"
U] =

D. 2= =
S,

wis
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11. M6t hinh tru cé ban kinh day R =2cm va dudng cao 2+f3cm , A va B3
hai di€m trén hai dwong tron ddy sao cho géc hop b&i AB va truc cia

hinh tru 1a 30°
11.1 Dién tich toan phin cha hinh try la:

A, S, =8mcm’ B. S, =(8ﬂ:+\/5)cm2
C. S, =87fBem* D. S, =8z (1+/3)cm’
11.2 Khoang céch gitta AB va truc cua hinh truy la: ' |
A.d=\2cm  B.d=-Bcm C. d=2cm D.d=5cm :
12. Thé tich kh&i tru c6 ban kinh ddy R =2cm, dwong cao h=3cm la:
A.V=6xcm’ B. V =87 cm’ '
C.V =12zcm® D. V =16z cm’

13. Cho khéi tru cé thé tich V =64cn’, ban kinh day R =8cm . DPuwong ca
ctia khdi tru la: |
A, h=lcm B. h=—2—cm D. h=icm D. h_—‘-ﬁcm._':

T S 0m T : % =

14. Cho mit ciu ban kinh R va mét hinh tru cé ban kinh 2R va chigu cag

-?’-2'}3-. Kni d6 ti s§ thé tich cta khéi céu va khéi tru twong ung la: |

V. 1 V. 2 V. 2

A et B, ¢ =— C. === D. ===
v, 2 vV, 3 . .. V-3 Y ey

15. M6t hinh tr‘u c6 ban kmh day 2cm va c6 thi€t dién qua truc la mﬁ

hinh vudng cé thé tich 1a:
A.V =6zcm’ : B. V =107 cm’

C.V=16rcm’ D. V =20z cm’
16. Thé tich ciia khéi ldng tru tir giac ngoai tlep khoi tru co ban kinh d4
2cm va cé thiét dlen qua truc la mét hinh vudng:
iy
A,V =32cm’ ‘B.V= 360m AR C V= 64-cm D.V=-%—-cm“_’-'
17. Cho hinh ladng tru xoay tron, ban kinh day 1a R , dwdng cao O0'=
(O va O' 1a tam cia cic ddy). AB 1a mot du'trng kinh di dong cf.’l
dwdng tron (0), CD 1a mot dwong kinh c¢6 dinh cia dwdng tron (0
goi a 12 géc gitta AB va CD. Dién tich tam gidc ACD la: “ 5
A. dt(AADC) =K + R*sin’ & " B. dt(AADC) = RV + R sin* &
C. dt(AADC) = R\VK* + R*sina D. di(AADC) = RVh+R?sin*a
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Cho hinh tru c6 day la hai dwong tron tdm O va O' ban kinh R,

hidu cao R+2 . Trén hai dwérng tron (0) va (0" c¢6 hai diém A, B di
ong sao cho OA va O'B hgp v&i nhau mot géc o khong déi. Do dai
a doan AB la: '

_AB=2R "~ B. AB:,%ﬂinzar
' . ' 1 . ,a
AB = Rsina D. AB=2R -é-+sm E

Cho tit dién déu ABCD canh a. M6t mit tru di qua hai diém A, B va c¢6
ot dwong sinh 1a CD. Khi d6 truc ctia mit tru [a dwdng thing di qua:

. Trung diém AC

. Trung diém AB

Trung diém BC , ' '

. Tam dwdmg tron ngoai tiép tam gidc ABM, trong d6 M 1a trung dlém CD

qua dinh B, C, D, A’, B’, D*? _ .

Khéng cé B.C61 CC02 D. C6 4

Cho lang tru tam giac déu c6 tdt ca cac canh déu bang a. Thé tich cla
nh tru ngoai ti€p l3ng tru dé6 bang: |

3za’ ma | c. 3za’ | p. 27a’

4 3 2 3

Ti s8 thé tich hinh ciu va thé tich hinh tru cing ngoai ti€p mdt hinh
p phwong bang: -

3@ B. \2 C.\3 D. 7

PAP AN VA HUONG DAN GIAI

Cho hinh lap phwong ABCD.A’B’C’D’. C6 bao nhiéu mat tru tron xoay

2.B 3C (4C (5B |6D |7.C {8D |9.C |10C

1D |11.2.B | 12.Cc |13.A | 14D |15.C |16.C |17.B | 18D | 19D

D |21B ZZC

=72 -5 =26 :3’S;ms;d=en =2x. 10 40‘/_

=27Rl=27.4.10= 80z(cm) | |

. =27RI=32x=27.2]1=1=8(cm)
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6. S, =27RI=> 447 =27.R8=>R =%(cm)
7. S, =2.RI+27.R* =27.3.5+27.3" =487 (cm*)

8.5, =27RI+27R' =2 =27.R2+27.R = 4R’ +8R =1

:>R=\/§"2 =\/%“4 (cm)
2 4 _

9. S, =47.R%; S, =27.2R3R=127R’ :.&ﬁc_ -

Wi

10. Thi€t dién qua truc I1a hinh vuéng
=1=2R=2a= S, =2A.RI1+27R"* =27.0.2a+2x.a> =67a"

11.1 5, =27RI+27R* =27.2.2\3 + 27.2* = 87(1+ /3 ) (cm?)

11.2 BA’ = 2; d(00";AB)=d (00" ABA"')=+3

12. V=7R*h=.2"3=127(cm")

13. V= n"th =>64= 7r82h:>h-—(cm)
14. V. =4xR*;,V, =27.2R. 3—254-2::[21?)2-—14%1?2 f=-%_

15. Thiét dién 1a hinh vuéng =>h=2R=4 (cm)
=V =72Rh=1.2"4=167(cm’)
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V=(2R)' =4* =64

AH-x/AH + HH'" =Jh* + R*sin® a; S

4n D thdéa man.

R\2

w.a’

T a a
R=—;h=a=>V=naR*h=rm.—.a=
ge e Jé 3

b valy
" TeT 3" T3 2

4 (aBY z.a3\/_ (a Jz _:rr.a3_

1 »
e Z.CD.AH-—-R h.R%.sin* ¢

:Cho AB // 00’= AB= RJ‘ 2;=0. Thay vao 4 dap 4n, thdy chi c6 dap
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C. MAT NON

1. Mat nén tron xoay
Binh nghfa: Trong mit phing [P) cho hai dudng thang !
va A citnhautai O va tao véi nhau mot géc o, trong dé
0° <o < 900,

Cho (P) quay quanh A thi d tao nén mit nén tron xoay B

véi truc 1a A va d 1a dwong sinh, O la dinh, 2o 1a géc & dinh
2. Hinh nén tron xoay va khdéi nén tron xoay:

Xét tam gidc OAB vudng & A. Khi quay xung quanh

dwong thing OA, dwdng giy khiic (OB, AB) tao nén

mot hinh nén cé dinh 1a O, truc (hay dwdng cao)

14 OA, ban kinh day la OB va dwdng sinh 1a AB.

Ph#An khéng gian gi¢i han b&i mdt hinh nén

(va ké ca hinh nén dy) dwgc goi 1a khéi noén,

Dién tich xung quanh cta hinh nén:

Dién tich xung quanh cia hinh nén béng tich s6 cluia ntra chu vi déy v

dwdrng sinh.

Do d6 taco: | 8,, =nRl

Trong d6 R 1a ban kinh day ctia hinh nén, 7 1a dwong sinh.

3. Thé tich khdi nén
Thé tich cia kh&i nén bang mét phin ba tich s6 cla dién tich mat d
v¢i chiéu cao.

Tacé v =% n.R2.h, trong d6: R 12 ban kinh d4y, h 1a chi®u cao ctia hinh nén.
Vi du 1. Cho hinh c6 dinh I3 S, dwdng cao 14 SO va A, B 1a hai diém thudc dwon

tron d4y. Cho biét ala khoang cach tir O t6i AB va SAO=30°;SAB=60". -
b¢ dai duwdng sinh l1a:

A. “;5 B. a2 C.\3a 'D.22a

Huwéng dén gidi
SA =SB, géc SAB=60° = SAB | tam gidc déu= AB=1
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. AO=1c0s30°, c6 d(O,AB)’ [AO (‘ZBD =1=aV2
. \

i du 2. Cho hinh nén c6 ban kinh dédy la 25 cm, chiéu cao 1a 20 cm. Dién tich
thiét dién tao b&i mit phing qua dinh hinh nén va cich tim mit day mot
- doan bang 12-cm 1a:

A. 300cm’ B. 400cm’ C. 500cm’ D. 600cm’
Huwéng dén gidi
01=4(0,(P)) =120m
L 0j=d(0,(AB))=—29L _ _15cm
' S0* —-0r1?
- JB=VOB®*-0J% =20cm  §]=/50*+0J* =25¢cm -

:'- =8, =%SJ.AB = $J.JB = 500cm’

canh gécvudnglaa
" a) Thé tich kh&i nén 1a:

A V2 B. & c_ﬁ D &
. 3 6 _ 8 12
b) Dién tich toan ph#n cta hinh nén la:
A T2 B, W2 c.:2 - D.xm
3 4 2
. c) Dién tich thiét dién(P) qua dinh hinh nén va tao v&i ddy mot goc 60° Ia:
A 23 B. 22 .2z p, 313
6 3 2 3
_ Hmf'ng ddn gidi
H 2 2
a)Cé R= SA2+SB af h_\/spﬁ R? = ; th_—l*/é—%

c) GoiJ 1a trung diém AB,

\F \[5 _ a?\/2
(P) '

OJ =h.cot60° = ]_q
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Vi du 4. Cho hinh nén cé dwdng sinh véi d6 dai 1a a va a 1a géc glu'a du'o-

sinh v&i mat day.
a) Thé tich khéinén 1a

1 ! 1 .
A. —?:a‘ta3 cos” asino B. gnas cos’ asin® o

G %nas cosasin® o | D. %mf cos® ausin® o
b} Dién tich xung quanh cia khéi nén la

A %-ECOSC{..az B. mcosa.a® C %'Itsin o.a* D. msina.a?

Huwéng dén gidi ‘

a) C6 R=acoso, h=asinoo=>V= ;ﬂth'— Bna cos? asino

b) S,, =nRl=mncoso.a®

Vi du 5. Cho hinh chép tam gidc d&u S.ABC c6 canh ddy 13 a, wac uewu wau

ddy mét goc 1a 45°. Dién tich xung quanh ctia hinh nén noi tiép trong hin
chop la: 5

A. gﬂzﬁa B.%nﬁaz C. %n«.@az D. L n2a?

Hwéng dén gidi
Goi r Ia ban kinh dwong tron néi tiép ABC

EVE V3
6 6

=>h=rtan45°’ =
=8,, =l =nrh? +r? =%a2

BAI TAP TU’ LUYEN

1. Mot mat nén xoay cé bao nhiéu dwdng sinh?
A.l B.2 C.3 D. V6 sd
2. Cho mdt mat nén tron xoay N ¢6 truc 1a A, dinh O, Mot mét phing (@) khon;
di qua O vavubng gécvdi A sé cit matnén N theo mét giao tuyén la: :
A. Mot diém _ B. Myt dwong tron
C. Mgt elip D. Mot parabol
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. Moi mit phing di qua truc A cét mét nén N theo hai dwong sinh tao véi
" nhau mdt géc o, néu géc giira A va dwong sinh 112 30° thi gia tri clia o 13:
i A.15° B. 30" C. 60° D. 90°

Cho mat nén N, mét mét phang (P) cit moi dwdng sinh clia mit nén thi
~ giao tuyén ctia chiing la:

- A.Duongthing B.Dwdngtron  C. Elip D. Parabol

. Cho miit nén N, mdt mit ph:—"’mg (P) cAt mit nén va (P) song song véi mot
du'b’ng sinh duy nhéit thi giao tuyén ciia chung la:

'A.Pudngtron  B.Elfp C. Parabol D. Pwong thing

. Cho hinh nén ¢6 ban kinh R=2cm, duwdng sinh I =4cm , Khi @6 dlen tich
- xung quanh ctia hinh nén la ;

A. 27mem? B. 47zcm? - C. 6zem?® D. 8zcm?
. Cho hinh nén cé dién tlch xung quanh la S, =127cm?, dwdng sinh I=2cm.

- Khi d6 ban kinh day ctia nén la: |
A. R=4cm B. R=6¢m C. R=8cm D. R=12cm
/8. Cho hinh nén c6 dién tich xung quanh 13 S, =10zcm?, ban kinh day

- R=3cm, Khi &6 dworng sinh ctia hinh nén la:
A.Z=?cm B. !=4cml - C.l=6cm D R=l= 7cm

Thiét dién qua truc clla mot hll‘lh non la mét tam giac vuﬁng can canh
huyén bang 8cm,

1. Dién tich xung quanh ctia hinh nén 1a

A. S,, =167cm’ B. S, =16\/37cm?

C. S, =16+27cm? o . D.S, =16v/S7em®
2. Dién tich toan phin cita hinh nén la _ - '

A. S, =167(N2 ~Dem? B. S, =167(v2 +1)cm’

C. S, =167(3-Dom® D. S, =162(/3 +1cm?

9.3. Thé tich ctia khéi nén 12 3 -

2 m’ B, 1/’—6‘4.771'&1'13 C. V--«1’-7:‘;:1{:-01143 D. V—§-31,£cm
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9.4. Mot thiét dién qua dinh nén tao véi ddy mot goc 60°. Khi d6 dién tich ¢
thiét dién nay la:

4 3242 o e 412 2
3 : 3
C. S= 44;[2— cm® D. S =f|‘-'~5—?:‘/—§m:2

10. Cho hinh nén cé dwdong cac SO =4cm va ban kinh day R=2cm. Goi M
mot diém trén doan OS, ddt OM = xcm(0 < x<4), _ '
10.1. Dién tich ctia thiét dién (D) cit b&i mit phang di qua M va vudng géc.
véi SO la: | '

A S= -4’5 (4—x) cm’ B. S = % (4—x)*cm?
C. S =7(4-x)cm? D. S =7(4+x)’cm?®

10.2. Thé tich ctia khéi nén (H) dinh S va d4y 12 thiét dién (D) 1a:
A. V=l-'n:(4ﬁl-—3\c)3 cm® " B.V =-i-11:(4—x)3cm3
C.V= gn@ x)* cm’® D. V=—1~1—-n:(4-x)3 cmi’

11. Cho hinh cdu ban kinh R, mot hmh nén xoay chleu cao x ndi tiép tro':
hinh ciu. Thé tich clia hinh nén la:

AV =é7:x2(2R-—x) B.V =%sz2(2R-—x)

C.V__=%ﬂ'x2(2R—x) ' D.V =éiz‘x2(2ﬁ'——x)

12. Cho hinh ch6p cyt c6 chidu cao 4 va hai ban kinh dy Ian lwot1a 2 va
12.1. Dién tich toan phan cta khéi chép la:

A. S, =4m(5J13 +17) B. S, =27(5V13+17)
C. S, =72(513 +17) D. 5, =Z>(5V13+17)
12.2. Thé tich ctia khéi chép cut Ia | |
A 112%  B.V=9327  CV=8%6zr  D.V=102lz
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PAP AN

1.D 2.B 3. |4.C 5 | 6.C 7.B 8.A 9.1.C | 9.2.B
9.3.D|94.A|10.1A10.2.D |11.B | 12.1.A | 12.2.A

. S, =nrl = 87t(cm?)

S
.Co qu=nR14:R=-ﬁw=6cm:>Dép 4n: B

S
I= ‘q=£:>Dépén:A
TR 3

S

L2R=8& R=4cm=l= 4+/2

8
V2
A 2R=8@R=4cm:>[=—§-

S

4

5

. 8, =8, + Sy =1632n+7R? =160(~2 +1)cm® = Dép 4n: B

V= -;—,h.sddy = % NP —R* R = “6:"‘ (cm®)

Goi cac diém nhw hinh vé.

Goi I 14 trung diém ciia AB= OI L AB.
Ma |

SO LAB=>AB L(SOI) |
= ((SAB), (ABCDY) = (SI, OI) = SIO = 60°

+0I =h.cot60° = —=
. h 8
SI=——=
sin60° /3
S8 =%SI.AB=¥

Pap 4n: A
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10.

ua M
10.1 (P) {j ;o = Thiét dién 12 dwdong tron ban kinh R,

co R_SM _ o _204-x)_4-
R' SO 4 2
=5, =nR" =—}(4—x)2(¢m2)=>ﬁép 4n: D

10.2

i1 1 n
V(H) = 5;5’]'1’{;5'!@r — 5(4_:’6)'2(4_)‘:)2

_ . 3 3
—12(4 _x) (cm™)

bap an: D

11.
R?=R*—=(x-R)* =2Rx—x*

=V = é—x.ﬂ:R L =%xn(2Rx—x2_) = %Tﬁxz(ZR —Xx).

B.ép_én: B
12,

12,1 G01 ACNBD=S, (H) 1a hinh chép bé,
(K} 1a hinh choép lén.

B Iﬂf _,%_-};He;szﬁsr 156-: SI'-—%
' Dién tich xung quanh ciia hinh chép cut 1 :
7.ID.SD —7.I' B.SB = 1.20+/13.
Dién tich toan phéan cia hinh chép cutla:
w20V13 + 7. ' B? 4+ .ID* = 4n(5\/13 +17)

12.2. Vg e =Very = Vi, = 1127
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CHUONG IV. TU DUY GIAI NHANH
MU VA LOGARIT

Bai 1. Ham s6 l6garit va ham sé mii
LOGARIT
Pinh nghia: . I
Cho hai s& dwong a, b véi a # 1. S8 ¢ théa min déng thitc a® =b duoc goi la
16garit co s6 a ctita b va ki hiéu log, b,
Tahiéu log,b=c ¢>a° =b véididukién a,b>0vaa=1,
Nhdn xét:
-Choa,b>0,a#1 thitacé:
log,1=0,log,a=1,log, LI ~1,log,a* =x(xe R), a%" =p (B>0).
a 5

-Choa,b,c>0vac#1.Tacéd: log,a=log. b=a=b
Néu c>1=>log a<log.b = a<b.

Néu O0<c<l=log,a<log, b« a>b.
Néuc>1=log,.a>0& a>l.

NéuO<c<l=log a>0e0<ax<l.

2. Cac tinh chit
Cho a,b,c>0, g#1.Ta cé:

log, (bc) =log, b+log, c; log, B log,b—1log, c;
c

log, % =-—log, b} | o log, b° =clog, b -
log,,x =lgx =logx; | log, x=Inx; |

log, b =~log, b(véine N*)  log,b=-log,b (k#0);
- |

b= .logc.b ¢ log a.log, b=log b (c #1);

log :
log_.a

B =¥ < e

log, b=log , b log, b= (véia>0,b>0,a#1,b#1).
“ log, a | , :
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Vi du 1. Tap gi4 tri cia x dé& cic bidu thivc log, (4—-x2) c6 nghia la:

A 2<x<2,x#+1 ' B, —2<x<2,x#1
C.2<x<2 DL 2<x<2
Hwdng dén gidi _
Tac6 log, (4—x*) cénghiakhi 4—x? >0 e —2<x<2
Dép_én:D
Vidu 2. D& biéu thirc log,,, (x* —1) c6 nghia thi didu kién ciia x Ia:
| o >=2 r>1
A x>2 B. x>-2x=%#1 C.I:x : D.‘i[x
: x>1 -2<x<—1
Hwéng dén gigi -
x»=1>0 x>Lx<—-1 _ 1
Biéu thirc trén c6 nghia < {x+2>0 < dx>-2 ¥
= ' —2<x<~1

x+2#1 - |x#-1

Dap an: D.
Vidu 3. Biéu thitc P =(Ina+log, e)’ +In? a~log? e sau khi rit gon ta dwoc:
A P=1 B. P=2log, e | -
C. P=2Ina D. P=2+2In*a -
| Hwéng dén gidi - L

P=(Ina+log,e)’ +In?a—log?e
=In*a+log}e+In*a—log?e+2Ina.log, e =2+2mn%a

Cach khac, dc biét héa gén a = e khi d6 ta c6

» =(1né+10ge €)' +Ine—logle=4+1-1=4

Théy chi c6 D théa man. -

Dép 4n: D.

Chu y: Néu thaya = e vao cic ph‘-lI'O’l‘lg 4n A, B, C, D ma c6 cic két quéa trung

thi ta chon lal abdng 1 gla tri khac, se tim dwoc dap an
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u4.Cho a>0, b>0 va théa min a® +5* =7ab. Khi d6 ménh d? duing 13:

A. log B2 =*§'(2108'a+10gb) B. loga+b =%(310ga+]0gb)
.loga+b=%(loga+210gb) D. loga;b=%(loga+logb)
Hwéng dén gidi

.
‘Tacb a®+b* =Tab ¢ (a+b)’ —2ab=7ab & (a+b)’ =9ab & (“;b] =éih

2
:.;-zﬁlg(a;b) =1g(ab)ﬁ21ga—;_~é= a+b=}2-—(lga+lgb)

{du 5.Cho m=log,3 vi n= logZS
*Gia tri ctia biéu thivrc A =1log, 2250 theo m, n la: |
‘A 142n+2m  B.1+n+2m C. 14+2n+3m D. 1+2m+3n

Huwéng dén gidi
‘Tacbd 2250=2.9.125=2.3%5"

‘Do dé A=1log,2250=log, (2.32.53 )'= log, 2 +log, 3> +log, 5° =1+ 2m+3n.
Dap 4n: D |

Céch khdc: Dung may tinh Casio thay m=log,3 va n=log, 5 vao céc

; phwong én d€ tim két qua.

HAM SO MU - HAM G LOGARIT

Ham s& mii | _

.?Cho a 1a mét s6 thuwe dwong va khac 1. Ham s6 y=a1"‘ dwoc goi 13 ham sé
mii v6i co s§ Ié a.

’ ’

Pao ham clia ham s& niﬁ: (e‘) =e"; (a*) = a“‘-lna (a>0, a* 1)
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Ham s6 dong bi€n khi a >1; Him s8 nghich bién khi0 <a <1.

2. Ham s& légarit
Cho a 12 s6 thwc dwong va khac 1.

Ham s6 y =log_ x (vd&ix > 0 ) dwoc goi 1a ham s6 l6garit véi co sé a.

Pao ham ciia ham s6 16garit: (Inx) it : (log, x) = e (voix > 0).
% xIna
Véi a>1= ham s§ ddng bién.
V&i 0 <a <1=> ham s8 nghich bién.
V6i ham hop, thitacé (Inu) =2 ; (log, u) =
_ u ulna
Téng qudt:
1 ; ’ . ) uq
In|x|})'=—: - (Injul}'=—
(infs) =2 (1nf) =
1 u'
log, |x])'= . log_|u|)'=
(log, |) xlna (log, |«]) ulna
Vi du 1. Pao ham ciia ham s8 y=3""% la:
A. 3In3cos 2x.3""* | * B. In3cos 2x.3"
C. 21In3sin 2x.3""% D. 2In3cos2x.3""%**
' - Hwéng ddn gidgi
y'=(3"%")'=3%?"(sin2x)".In3 = 2In3cos 2x.3"**
Dap an: D. :
Vi du 2. Pao ham ctia ham s§ y=logz.x+loglx- la
: 5 ;
) 1 % 1 B. In2+In3 C. In2—-1In3 D. 1 .. les
xn2 xIn3 - _ x _ .. xin2 xIn3
| Huwéng dén gidi _' o
y'=|log,x+log, x | = 1 + i = - . Pép anD.
3 xin2 1 xI2 xm3 ="
3

Vi du 3. Pao ham ctia ham s8 y-—-ln(xz-i-\/m) 1a: _ =
C s(FREa) o s(Frae)

Ay =
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x(2_. x* +a? +1) D x(Z\/x2+a2 +a)
\fx2+a2.(x2+\fx2+az) Ll \/x2+az.(x2 +Vx2+a2)
Huwéng dén gigi

x +~Jx2+a2_)' P - x(z x2+a2+1)

— 2.f+ﬁ2_

N x2+\/x2+a2 x2+\/x2+£22 _\/x2+a2.(x2+\}x2+az)

d(ln('Xz‘+~fm.))’

x=1
Dung phim CALCgén: X = 1, A = 1, ta dwoc két qua:

' ﬁx.gthllzlazﬁsdq.

hay x =1, a=1 vao cic phwong 4n A, B, C, D. Thiy C c6.gi4 tri trung véi két
jua trén.

BAI TAP TU LUYEN

dp xac dinh ctia ham s8 y = _[log, 2! la:
VT xS

« (L4e0) B. (04%) C.(=Si+es) D, (e;4e0)

A rd . s . 9. - Fod 1 ‘xz +1 | »
ap xac dinh cita ham sé y = _{log, | log, la:
: 5 x+3

C(4-2)u(z7) B. (=2:—1)u(2:7)
 (-3-2)u(z6) D (3-2)u(27)

ap xac dinh ctia ham s6 y =log, i 1a:
—~x+1
. (1;2) B. (0;1) C.R - D. (2;e)
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4. T4p x4c dinh clla ham sé y = [log", la:
2 x+4
A. (—oo;—4)U(L;+e0) B. (0;-+c0)
C. (—4:1) D. R
5. Gia tri clia log, (a*v/c) biét log, b=3;log, c =-21&:
A. 11 B. 8 C.5 D. 4
53112 .
6. Gia tri cua log, 2 \{b_ biét log, b=-3;log,c=2la:
C
A 11 B. 8 C.—5 D. 4
7. Cho log,15=x; log,,18 = y. Khi d¢ gia tr] clia log,s 24 theo x, y la:
5-2y 5—y
"2x(y+1)—4y+1 S x(y+1)—4y+2
5—-y D 5-2y
" 2x(y+1)—4y+2 " x(y+D—4y+1

8.Cho a*+ b*=¢*, a>0; c>b>0vactb#l. Khi @6 ménh deé ding 1a:

A. log ., a+log _,a= %logﬁb a.log,_, a.

B. log,,,a+log._,a= -;—logm alog,_,a.

C. log,,,a+log,,a=log_, a_.logcﬁb a.
D. log,,, a+log,, a=2log ., alog. ,a.
9.Choa>0, b>0, x>0, a#1, ax#1. Khi d6 ménh dé ding la:

A. log,, (bx) = 108, 0+ 08, % B. log,, (bx) = Ik, P+108, ¥
C. 2log,, (bx) =282 08X D. log,, (bx) = 282t 08, %
l+log, x | 1+log, x )
10. Cho m =log, 3va n=log, 5. Gi4 trj ciia biéu thirc B = log, {360 theo m,n
B iy ' og o d -
GoLidlmeln | p L1 .1
Z 3 - 2 3 6

11, Pao ham clia ham s8 y=x"" la:
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" B. "'1(1nx+ "1)
X

D. x*? (1nx+ x—-Z)
X

PAP AN:VA HUONG DAN GIAI

4.A |5.B (6.C |7.C |8.D |9.D |10.D

. (a°b*Nc)=1log, a® +log, b* +log, Ve =3+2log, b +-—;-10gq c=8.
- ﬁp an: B.
' S%fz? 2

-5+310gab 4log, c = 5+ (~3) —42=-5,
] o
: ‘ép an: C,

a

hap cac Dap an:roi dlllng CALC, X=A,Y=B.
ﬁp an: C

;':an de tim két qua.

Tacé ny=(x—2)Inx.
Lﬁy dao ham hai vé ta dwoec:

(In y)’=|:('x-~2)1n x]' ‘:?:’?'ﬁln"x'-i-'x'x

‘ [ x-—2] | x_i[ x—Z) S
= y'=y| Inx+ =x""| Inx+
: ' x ) Y :
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Bai 2. Phwong trinh - Bat phwong trinh mii va 16garit
1. Phwong trinh mii
Phworng trinh mii dang co’ ban
a’ P =a*P & F(D)=g(x)(0<a=#1)
a’P=be f(x)=log, b (v6i b>0)

) {f(x) = g(x)

1+ >0
a(x)’® = a(x)*" < 4

a(x)=1

f(x),g(x) c6 nghia
Mét s6 phwong phdp giai phwong trinh mii
1) Bién d6i d€ dwa vé cing mot co sd.
2) Pit &n s6 phu (dwa vé phwong trinh dang quen thudc).
3) Dung phép toan légarit héa.
4) Dung tinh don diéu ctia ham sé: .
+ Xét phwong trinh dang f(x)=g(x) néu f(x) don diéu ting (gidm) tr

khoang (a;b) va g(x) don diéu giam (ting) trén khoang (a;b) thi phirong'
trinh £ (x) = g (x) néu c6 nghiém thi nghiém d6 1a nghiém duy nhit.
+ Xét phwong trinh dang f(x) = 0 (*) néu f(x) don diéu trén khoang
(@;b) thi phwong trinh (¥) c6 nhigu nhit mét nghiém trong khoang ( a,b
+ Xét phwong trinh dang f(u)= f(v) néu f(x) don diéu trén khoéng"";
(a;b) thi phwong trinh f(u)= f(v) = u=v. |
Lwu y: Str dung Casio tim nghiém nhanh phwong trinh f(x)=0.

Nhip ham f(x) dung chirc ning SOLVE (SHIFT + CALC), gangiatri X —:_
Hodc sit dung chic nang bang TABLE (MODE + '7) "

Dtmg phim CALC thi gia tri.
Vi du 1. Nghiém phwong trinh 3*2** =721a:
A. . x=0 B. x=1 C,x:% D.xmﬁ..
Hwéng dén gidi 5

Céch 1: Str dung SOLVE (SHIFT + CALC) ta nhdp ham 32" —72
Gan gia tri X = 0 ta dwoc ket qué '

T
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{0 vy x=2 la nghiém ctia phwong trinh.
Y ¢c4ch 2: St dung chitc ndng bang TABLE (MODE + 7) nhap f(x)=3*2""-72

Quan sat dap an: cho & dang cdc s6 ty nhién 0, 1, 2 va hiru ti %

Vay ta gén gia tri khéi déau, két thic va buéc nhay:
;‘START:G; END:2; STEP:%

fi’a duoc bang gié tri:

.Cﬁé sé bat . i

du 2, Téng c4c nghiém cda phwong trinh 2.9* -5.6" = -3.4* 1a:
A x=0 B. x=1 C.)cz-:% - D x=2
. Huwéng dén gidi -

dch 2: Str dung SOLVE (SHIFT + CALC) tanhap ham 2.9"-5.6" +3.4" nhwsau
= Gan gia tri X=0 ta duwoc két qua:
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Cuassbat ¢ e
2x9“*5x6§13x4“

| %= 0
1lop= 0

= x=0 12 1 nghiém cda phu'o'ng trinh.
Tiép tuc gan X =10 ta dwoc them ket qua

Cirasd bt :

_ %xﬂ“~5xsx+3543
L L-R=

=> x=1 12 1 nghiém cia phwong trinh.
Ta biét phwong trinh c6 nhiéu nhit 2 nghiém, vy d6lax=0vax=1.

Vay tong cac nghiém ctia phwong trinh la 1.

Pap éln: B |
Vi du 3. Téng binh phwong cac nghiém ctia phwrong trinh 9" -4.3*+3=0 .'.
A. x=0 B. x=1 C x=2 D. x=2

Hudéng dén gidi _
t=1=>x=0

Cdch 1: bat F=r= 9"—4.3x+3=0=>r2—4t+3=0@{
t=3=>x=1

Cdch 2: Sty dung SOLVE (SHIFT + CALC] ta nhap ham 9* —4.3* +3 nhu sa

[Cﬂa bt o
E 9“e4x33+3 =
=x=01a1 nghlém ctia phu'orng trinh |
Coasdbgt
9?‘: _4){3?{.{-3 er o
A= i -1
I8 o o A 1

=> x=1 1a 1 nghiém ciia phwong trinh.
Vay tong binh phwong cic nghiém cia phwong trinh 1a 1.
Déap an: B. o :

oox=1

Vi dy 4. Nghiém ctia phwrong trinh 5% .8 * =500 1a:
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Tx=2 x=2 , x=3 Fe=3
% Bl Cu Dl
| x=log,5 x=-log,5 x=log.2 x=—log,2

Hwéng dén giai

x=1

acé log, (5’237] =log, 500 < x+3iii.1og5 8 =3+1log, 8
X
(500=5.100=520=5"4)

x+5" 1 3105, 2 =34 2105, 2
X

y x* +3.(x—1).log, 2 = x.(3+2log, 2)
A= (log, 2+3)

x=3
x=—log, 2

ch 2. Nhap ham 58 * —500 — CALC —>gén X 1a cAc gia trj trong D4p 4n:
; 2-1 B
Voi X =2=5%82 —500#0—loai AvaB
logs 2-1
Véi X =logs 2= 5°%%.8*%? —500%0—1loai C
Dap an: D. |
Phwong trinh logarit
. Phworng trinh Iégarit co’ bdn
logax=b & x=a® (voi a>0,a-1)

| ) | [fx)=g(x)
lagaf(x)—log.g(x){:){f(x)>0
o (f(x)=g(x)
log, t(x)=log,  g(x)e<f(x)>0
O<a(x)=1

. Mot sé phwong phdp gidai phwong trinh légarit
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1) Bién ddi dwa vé dang co ban.

2) Pt 4n s6 phu (dé dwa vé phwong trinh ma ta biét céch giai).
3) Déi chiéu diéu kién réi nhin nghiém.

4) Pwa vé phwong trinh mi.

5) Dung tinh don diéu ctia ham sé6.

St dung cac chirc nang trén mdy tinh cam tay:

1) CALC
2) SOLVE
3) TABLE
Vi du 1. Nghiém ctia phwong trinh log, (x—3)+2log, 3.log, x =2 thda man:
A. Chia hét cho 5 B. LA s& nguyén té
C.Las8 vo ti D. La s8 chdn
Hwéng dén gidi
Cdch 1: :

Pidu kién: x>3
Phwong trinh < log, (x—3) +2.%1{»g2 3.log,x=2

< log, (x—3)+log2_x= 2

e log, (x=3)x=1log, 4

=4 (.x—3)x=4

x =—1(loai)

& x*-3x—4=0
' x=4

Vay nghiém cta phwong trinh da cho la: x=4. _ % e o

Dap an: D. i v T
Cdch 2: Str dung SOLVE E 'j'-.
Vi du 6. Nghiém ctia phwong trinh log, (x+4) log,r2 Vvx+1=2-3log, 2 1a:

A1 B.2 _ “C. log, 3 | D.3

Hu‘o*ng dén gidi ' '

Cdch 1: '

Piéu kién: x> -1 . -

 Phwong trinh <« log, (x+4)—log, (x+1)=1log,16—1log, 8
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x+4 x+4
S log,| — |=log, 2 =2
gd[x+1] 4 x+1

S x=2
Vay nghiém cia phwong trinh la: x=2.
dch 2: Nhap ham log, (x+4)-log, Vx+1-2+3log, 2 s& dung CALC

Géan lan lwot cac dap 4n vao X

Nhén thdy véi X =2 — dwoc két qua 0.

Vay x=2 langhiém.

ich 3: Str dung SOLVE

du 7. Téng cac nghiém ctia phwong trinh log; (x+1)—6log, Vx+1+2=0la:

Al B.3 C.4 , D.2
| Hwéng dén gidi

Piéu kién: x>-1 _ _
Phuong trinh < log} (x+1)—3log, (x+1)+2=0

[logz(x+1)=1 {x+1=2 |:x=1
=Y =3 & .

log, (x+1)=2 x+1=4

CALC) gén X O P
[ Cira's8 bét

[ (1osaxe15) <81

Tiép tuc tim cic nghiém con lai SOLVE (SHIFT + CALC) gan X =10 ta duoc
[cuasdbst | o

A

Vay téng cic nghiém la: 4.
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bap an: C. _
3. Bdt phwong trinh mii, b4t phwong trinh 16garit
Bdt phwong trinh mii co’ ban

a* <b< 0= v6 nghi€ém

b<0
a">b>0& (q%l)_(xf-loga b) >0
Bdt phwong trinh logarit co ban

a*>0(Vvx)=> {“ > = v6 56 nghiém

(a-D(gx)—f(x)) =20
log, f(x)<log, g(x) =1 f(x)>0
| g(x)>0
Phwong phdp gidai chinh _
- Dwa vé dang bit phwong trinh co ban
- Pbatan phu
Ngoai ciac phwong phép trén thi trong cac bai toan trac nghiém bit phlrcrn
trinh n6i chung, ta cé thé sir dung phwong phéap:
Chon cdc gid tri tir cdc ddp dn thé ngworc lai dé bai.
Vidu 1. T4p nghiém ctia bdt phwong trinh 2% >3 la:
A. (log, 3;+) B. (log, 2~1;-+<)
C. (log, 2;+00) D. (log, 3—1;+o)
Huwéng dén gidi |
Cdch 1: 27" >3 &> (2-1)(x+1-log,3) >0 > x> log, 31
Cdch 2: Thir cac dap 4n bang chitc ning CALC
Nhﬁp ham 2**' -3
Ta sip x&p d4p 4n véi bién theo thit tyr ting din
log,2—1—1log,3— lalog32+>10g2 '
" Ta s& thir véi dap 4n c6 bién nhé nhat. |
Tac6 v6i x=log,2,1-1=> 2"&>""'—3<0 (loai).
Ta cé véi x =log, 3, 1:> omii-t_35 0 (théa man)
Dap an: D.

i . o S
Vi du 2. Nghiém ctia bat phwong trinh log, x___é{jﬁ 20 la:
X

3
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A.1<x<2 B.2sx<3 C1lsx<3 D.0<x<3

Huwéng dén gidi
dch 1: |
2 4
wPibien T2 s O
X
2
+ Khi d6 log[f——?-‘fi%zo
3
2 2
s log, 2o EF o o g ag X —BEHE o
3 3 x

X =3x+3S x> 2" ~4x+3<01<x<3
+ Két hop véi didu kién ta dwgc nghiém 1< x<3

. . ' 2 2 - .
dch 2: Thi¥ cac dap 4n bang chitc niing CALC, nhap ham log e o

1

3 x

- Ta sap xép dap 4n v&i bién theo thit ty ting din 0 —>1—2 -3,
Ta s@ thir véi ddp 4n c6 bién nhé nhit.

2
Ta c6 voi x=0,1 = log, 0 03'10'1-!_3 <0 khéng thdéa man, loai D.
3 .
_ . :
Ta c6 véi x=1=log, -1-—%% =0 thda min, loe,_li B.
3
: 5 ,
DEloai A, Cta thit x=3 duoe log, > —>3%3 _ 0 Joai A.
; 3
Pdp an: C. _ :
BAI TAP TU’ LUYEN |
Tich cac nghiém ctia phwong trinh log? (4x)+log, % =8la:
A gL g © D s
128 64 8 ) 32

2. 56 nghiém ctia hu'.orng trinh: log,, [E) +logix =1 la:
| <

A0 B1  C2 . s Digs
Tap nghiém ctia phwong trinh lo g (x* —x—6)+x=log (x +2)+4 la:
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A. {4} B. {{og2} C. {log3} D.
4. Tap nghiém ctia phwong trinh in [ ( x’—x—6 )Jm +1]= 0 la:
A. {-2;-1} B. {-1} C. {-1,3)} D. {-1,-2; 3}
5 Téng tat ca cic phan tir thudc tdp nghiem cla phu'o'ng trinh
log, x.log, x =log, x* +log, X *—6 la:
A.2 B.3 C.5 D.17

6. Phwong trinh log (x+1)= zgg— c6é nghiém 14 két qua nao sau day?

A x=2 B. x=3
fetc =% - D. Phwong trinh v6 nghiém
7. S8 nghiém ciia phwong trinh In(3x* +5|x| ) =2 1&: :
A. 0 ~ B.1 C.2 - D.4
8. Tich cAc nghiém cta phwong trinh log, x.log, X.log , x.logg X =-§— la: :
A9 B.1 C. % D. 27
9, S nghiém ciia phwong trinh 1+2log, 2.log,(10-x )= : < la:
S : og, X
A0 B.1 C.2 D. Hon 2.
10. S8 nghiém nguyén clia phwong trinh 3 -3 -3"+3=0 la
' A.2 - B.3 C.0 D.1
11.Tép nghlem ctia phwong trinh 4*™ =8* (m la tham s6) l1a:
A. {-m} B. {m} C. {2m} D. {-2m}
-1 =1 7 #L
12. Phwong trinh 4 * +6 * =9 * cé nghiém la:
J5-1 | | 2
A.x=1 B.x=1[ -
ogi_( > ) | og 513
J5-1 3
C.x= log% 5 D.x= logﬁ?'l_i

-1 Sl
13. Phuwong trinh 4* —3" 2 =372 —=2*"' ¢6 nghiém la:
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Phuwong trinh 9% — 2% = 2% _32*1 ¢4 nghiém la:

A. =§ ]3.x=E C.x=—% D.x
. 4 3 3

N w

5. Khang dinh nao d6i véi phwong trinh 3* =4 ~x la sai?
A. Phwong trinh c¢6 nghiém trong khoang( 0; +e<)
' B. Phwong trinh vé nghiém trong khoang(—o;1)
- C. Phuwong trinh v6 nghiém |
D. Phwong trinh ¢6 nghiém duy nhéat
6. Phwong trinh 0,7* =(0,7 P**** ¢6 bao nhiéu nghiém phan biét?
A0 B.1 C.2 - D3

7. Phu'cmgtrinh( 7+\/4—8)I +( ?——«/‘E)

A.x=0 . B.x=0vax=1
C.x=0vax=log, 48 ' D.x=0va x=log,7

X

=2 cOnghiém la:

8. Tong cic nghiém clia phwong trinh 3".2__"z =1 la: -

A. =log,2 B. —log,3 C.log,2 D. log, 3
9. Tich cdc nghiém ctia phwong trinh 3* +4* =5* la:

A0 | B.2 C. -4 D. -2

0. TOng céc nghiém cha phwong trinh 69* -13.6* +64* =0 1

A.0 B.2 C. -4 D, ~ 2

1. Nghiém cla phwong trinh 5*.8*1 =100 1a:

x=2 x=2 x=3: - x=3 |
A- Bn Ci ' D- s
x =log, 10 x =—log, 10 x=log,, 5 X =~log, 5

2. Nghidm ciia phuong trinh log,(9~2" )=3—x la két qua nio sau day?
A. x=1 hay x=3 B.x=2 hay x=3
C.x=0 hay x=3 D. Phwong trinh vo nghiém
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23. Phuwong trinh log, E.log2 x —log, L }—+iog2 Jx 6 nghiém la:
X V32 |

A.x=1hoacx=3 ' B.\/§
C.ﬁ D.x=£hoéc %=1
2 8

24. Phwong trinh 292 = x"2° —x? c6 nghiém la két qua nao sau day?

A. x=1 hay x=2 | B.x>0

C. x=3 hay x =2 D. Mot két qua khéc
25, Phuong trinh 4" = x ¢6 nghiém Ia: - | -

A1 | B. 2 s D. 4
26. Phuong trinh 120 =6(0,7)"+7 c6 nghiém la:

A0 B. x=log,0,7 C. x=log,,7 'D.7
27. Phuwong trinh log, [1+log'3 (2‘ -—7)] =1 ¢6 nghiém la: |

Al B. 2 C.3 D. 4

28. Pé phwong trinh (m+1)16* ~2(2m-3)4* +6m+5=0 ¢ hai.nghiém I's
d4u thi m théa man diéu kién:

A. —1<m<:6§ B.—%«:m-:% C.-4<m<-1 D.1<m<4:
29. Cho phuong trinh 4* —m2*** +2m =0. Néu phwong trinh c6 hai nghi‘ém-;
X,,X, thbamén x,+x, =4 thi m c6gidtrila: |

A1 B.2. - ¢4 DB
30. T8ng cic nghiém ciia phwong trinh (\f2+«/§ ) + ( 2—3 ) =412

A.0 B. 2 C.3 o D.6
31. S8 nghiém ciia phwong trinh 2* -3 =1 la: A
Al Lo B2 T C.3 D. 0

32 Gia tri m nao du'(n dﬁy de phu'cmg tl‘ll‘lh (3m-2)2"" = 1 cu dung mot
nghxém'? ' i

A -2 B1 V2 D.3
33. Nghlem cla phu‘o'ng trmh 3“ 8""2 =6la: -
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A x=1;x=2+ B.x=1,x=2~
e log,3 - ' log,3
L x=1;x==2+ 2 "Dox=1'x==2— -
log, 3 - log,3
Nghiém clia phuong trinh 5* =3 1a: | .
=log, 5 B. x=log, 3 C. x=log,3 D. x=log,5
3 S o 3 5
Téng cic nghiém clia phwong trinh 3% —2.3< ¢ +377 =0 la:
B. 2 _ : C.3 D.0
- 1 2x+3 1 1+3‘ 1 :H-E 1 x+1
2 2
. Nghiém ctia b4t ph trinh:| = = >{=| -|= la:
L e (2) (3] (3) (4] :
A, x2mD B. x> Cx<2  pox>-2
: 2 2 2 2
Nghiém ctia bat phwong trinh 43" > 2742 13 két qua nao sau day?
'A.x::-g B.Jv{>--'?1.l0<g'2E
2 2 2
X > 2;2 | D. Mot két qua khac
B&t phwong trinh 227! 427 —22° 5 27 _2%* (¢4 nghiém la k&t qua nio
sau day?
A x> L o B. x< i
3 3
C.0<x <% - D. BPT v6 nghiém
9, B4t phwong trinh 83% +94"_+1 >9" 6 nghiém 12 két qua nao sau dﬁy'?
A x<-1 hay x>l B - 'B.le
¥, 9 - 9
C.x<16 | " D.0<x<16
Nghlem cua bat phu'ofng trmh (x*+x+1) <1 la:
A x>0  B.x<0 - Cox<-1 D.0<x<1
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41, B4t phwong trinh («Jz -ﬁ) g (Jz + ﬁ) >4 c6nghiém 12 k&t qua nag

sau day?
A. x<2—+/3 hay x>2++/3 B. xe [ —2;2]
C. x<-2 hay x=>2 | D, Mot két qua khac
42, B4t phwong trinh 54" +225" —7.10* <0 c6 tip nghiém la:
A -1<£x<0 B.0<x<1 C.2<x<-1 D.15x<2"
43.B4t phuwong trinh 4* <32 + 4" ¢6 tap nghiém la:
A. 0<x<1 B.0<x<4 C.0<x<9
44. B4t phwong trinh 4™ —16* <2log,8 c6 tip nghiém la;
A. R\[0,log, 3] B. R\[0,log, 3]
C. R\[0,log, 3] D. R\[0,log,, 3]

45, Bit phwong trinh (2 +\/x2 _—7x+12)(—2——lj <(V14-2x*-24 +2)log.x-f-%-
_ X

c6 nghiém la két qua nao sau diy?

A x=4 B, x=2
C. x=3 ' D. BPT v6 nghiém
46, V&i gia tri nao cha a thi log,, ,(2x—1)+log (x+3)>0tai x =47
' a>1
A.a<1 - B. a=1 G .2 1 D, 0<ax
' : ' ' 0<a<5 '

47. Giai bit phwong trinh: log, (125x ).log% x <1 (1) cho nghiém 1a két qua

nao sau day?

A —4<x<1,0<x<5 ‘ B.—E-_};«:x<1,1<x<5
C. Bat phwong trinh v nghiém - D.x<1 hay x>5 ;
48. Bit phwong trinh log (5x* ~8x+3)>2 (1) ¢6 nghi¢m 1a két qua nao sau da
A. x> 2 c s B. - <xx<1
-2 ; 2
; 1 3 3 ) ‘ o - a . -
C. > i 5 hay x> 5 | D. Bat phwong trinh v6 nghiém .

49. Nghiém ctia bit phwong trinh log, 2(3-2x )>1 la:
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.f(']'<x<§- B.0<x<1 | C.x>§— D.1<x.<§
2 , Iy 5

_._?_-‘<—— ’ . B. x<2

x>2 . | ~ D.BPT v nghiém

> —2 ¢6 tip nghiém la:

__2< x<0 o Bxe (O;I)u(%;fi) '
.x:>_-.4 _. | N ) o D. xe (—2;.0)u(l.};1)u[§;4J
ap ngh:em cua bat phu'cmg trinh logl \f— < log, ; la: |
[0:4] B.(0:4] c. (0:2] D. (eo;4]
4p nghiém ctia bt phwong trinh ,Znﬁ:/—[::-f—tl 201

A. [1+0) B.[04) . (0:4) D. [1;4e0)

. 2:4‘“’] B. ['5-,1 Cs [O,E) - D. [wm;é)
8 8 8 "8

-Nghiém ctia bit phu'cmg trinh 32 305 o [ -
A.x>-—2 B. x>0 G x>100 . D."x$~L

~ 100
96. Nghiém ctia béit phwong trinh {x—l)lg 2+lg( 2"+ 1) < lg(72" +12) 1a:
_:_:Ax<1 B.x<3 = C.x<4 . Dux>3

ff? Bat phu'o'ng trinh 3"’“3" +x“’*3" <6 c6 tap nghiem la:

—,/3 B.|=.3 C ..,._.,3 D.|—,3?
8 Bit phwong trinh log, (3" +2]—t—log 2-3>0 cbtidp nghiém la:
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58. B4t phwong trinhlog, (3" +2)+log, ,2—3>0 c6 tdp nghiém la:

A. x->‘log23 B. x >log, 2 C.x>0 . D.x>1

59, Piéu kién dé phwong trinh log %—:—3 =0 la:
A x:S'O B. x<0 C. X531 D, x<1
x21 x>1 xe2 X2

PAP AN VA HUO'NG DAN GIAI

'.B l2.c [3.A |4.c |{5.D |6.D |{7.C |8.B

11.C {12.D {13.B (14.D | 15.C [ 16.C | 17.A | 18.B

21.B {22.C | 23.D | 24.D ([ 25.D | 26.C | 27.D | 28.C

31.A132.B{33.D|34.C |35.A{36.A [ 37.B|38.A

41.C [42.B [ 43.B |44.B |45.D |46.C [47.B | 48.C | 49.D

51.B |52.B | 53.C | 54.C | 55.D |56.B | 57.B | 58.B | 59.B

x=2 .
1. (¥) = log,4x+2log,4x=17T¢<=| 1 = D:—ipléln: A
T 128
t=1 _
2. t=log3x=>t2+L-——t-ﬁ=l¢=> t=0 = Phuwong trinh cé 3 nghi
t+1 t+1 e - -

Pap 4n: D, o C
3. (*) e log(x—3)=4-—-x (NK: x >3) & x=4. Dap an: A.
4.Luuy x+120< x=—1. Pédp 4n: C.

5. (10g3x—2)-(log2x—3] ;0.;:;[ . Péap an: D.

6. Cdch 1: Thir nghiém & A,B,C thiy khong théa man = DAp &n:D.

Cdch 2: +)xe (0;1)=> log, (x+1) <0< log% = v6 nghiém
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+)x>1=>log (x+1) =M=logi=log3—log2
logx. 7

& log[2(x+1)]>log x;VP <log x (dolog3 = 0,477)

=> PT vd nghiém = Dé4p 4n: D.

2+5]x|=2¢=>|x|=~;—¢:x=ié = Dép an: C.
]. ; 4 E .. ; 1 - ‘o
08, x=-£10g‘, x; log;x=16& x=9; x=—§ = D&p én: B.

wu y: log?” x=b < x=a** nén ilxz =1. Do d6 chi cin nhin s§ lwong
j)ira s6 dé€ két luén.

8;x=2 = Pap dn: C.

x=-2;x=1 = Dap an: A,

220 — 2% ey 2(2x—m) =3x @ x=2m = bap 4n: C.
[. 1~
2

: _ '2- =1 t= (loc_z'i)

Cdch 1: t=[Z| = ' = Pap 4n: D.

‘ [3J S5 3 L
t————z (:)x—.— Og-‘@z‘—IZ' .

Cdch 2 : Dung CALC thir nghiém. = P4p 4n: D.

Diing CALC thit nghiém. = DP4p 4n: B.

Ditng CALC thi nghiém. = D4p 4n: D.

Phwong trinh c6 nghiém duy nhit x=1= Dap an: C.

Nghiém ctia phwong trinh x = 0;3: =_-—§~ = Pap dn: C

t=(7-as) =>:+_§.—_2_=n=1=>_x='0 = Dap an: A.

Cdch 1 : Dung CALC thi nghiém = P4p 4n: B.
Cach 2 : Lay logarit co s6 2 hai v€= Pép 4n: B
?. x=2 la nghiém duy nhit= Péap an: B.
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20. x=1;x=—1;r=(%) = Dap éh:A..

21. Diing CALC thi¥ ngiém=> D4p 4n: B.
22, Cdch 1: Dung CALC x=0;x=3 = Dép an: C,

Cdch 2: Phwrong trinh & 9—2* = 2% =% = DAp4n: C.
23. Cdch 1 : Dung CALC thir dap 4n=> Pap an: D.

Cdch 2 : (1-log, x).log, x—3log, x+%=—;—-lj—;-log2 x

: 1 1log, x
< log; x(log, x+3) = 5 log, x = EngE
log,x=0¢> x=1 '
= = @10g2x=]0g2-{-3~ <-~>x=£:> Péap 4n: D
| log, x+3=1log,\3 8 8 '

29, 4 —m2*? +2m=0(*) P4t 2 =r>0
e 2 —4mt+2m=0(2) . P& (1) c6 2 nghiém x,+x, =4 thi (2) c6 2

: ‘=dm* —2m >0
nghiém ¢, va ¢,théa méan 1.4, =16 & {A &S m=8
_ 2m=16

= Dap an: D.

s0. (V225 +{ 2_\5):4.
Bét(\/2+~/5)x=t(f>0)—>r2—4:+1=o@{’=2+‘5 [“2

<= :
t:2-~/§ . _x:—z‘

= Dap an: A.

31. 2*—(\/§)x=1@2x=1+\/§@1=[1)x+[3/2§]x(*) v B

2

o = |y >0=> Nghichbién
2 2 2 \ 2 o s o g

| [ﬁ) ; Kﬁ) x:l' = 1n..‘@{—‘-/i_§-)x < d_;:s_Nghich bién

2 2 . 2
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www.facebook.com/groups/TaiLieuOnThiDaiHoc01

ét (*) : V& phai 12 ham héng, v& trai 1a ham nghich bién.
=» C6 nghiém duy nhat x=2

— Pap an: A.

1

Bm-2)2 =1k = —
3m-2

t’hu'o'ng trinh cé duy nhit 1 nghiém & — =lem=1

= Dap 4n: B,

3,877 =6 %4 xlog, 3=1+log, 3

x+2 ? 2
& x*log, 3+ x(2+log,3)—-2~2log,3=0
x=l_
=) - 2
log, 3
Pap an: D, |
=3 x10g35=x+1ﬁx=—-1—-=10g5 3 = Péap 4n: C.
log, 5—1 5

. a2 . 2 g = . 3::2 ) 3x+l5
5, 3.1; __2.3 +x+ +32x+l =O{=;" _2+ - =O
' 3" +6 3

x=-2

=> Dap an: A.
R RO
BICHRE]E A ORORS

fsJ‘“ 3243 [3)2 5
—| >—=|—] & x<~=
4 27 4 2
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37.

434537 22"+’@§—>27J5¢=:»x> 0 2l

X

~ Pap an: B.
38. 22x~1 22x — 221—5 > 27-.\' __23—:

15

S 2% 2527120 23*>256-::=>x>§

= DPap an: A.

39. 8.3V Lg% 5 g¥r (4 > )
J" Nx
3 Vai-z a2
@8+93J*h3y,_=> -1 <3V L3

@Jx—Yx<2e x<16
Két hop diéu kién ta duwgc 0<x<16.
= Pép én: D. '

] x>0
5 &S x<—1
X“+x+1<1

I +x+1>1"
x<0

40. (Jc2 +x+1)"r <le = Pap 4n: C.

x* + x+1=1(vd nghiém)

[xZZ
< _
<= f S

—
[\
+
‘fm

) 22
|y

= Dap 4n: C.
42, 5.4 +2.25 -7.10* <0

2x x X | ;
@5[3) 2—7.(2] soﬁzs - <1 0<x<1
S 3 5 5)

= Pap 4n: B.
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‘ X 53.2‘\/;-#.: +4l+~j; (x 2 0)

4* <1
471 ~16" < 2.log,8 & 44" 4 <3 & <
4% >3

x<0

x>log,3

Pép 4n: B.

5. Dung CALC & Casio thay cac dap én:=> Péap an: D
. log,, . 2x—1)+log (x+3)>0 tai x=4

e log,,,, T+log, 7>0 & . B

log,(2a+1) log,a

[ a>1 (lubnding) 1 : _
O<a<l Oq> s a>1
> - & <a<l |
lo 2a+1 &
g7[‘?( ‘ ] 0 adpge1 L1985
log, a.log,(2a+1)
= Pap én-c
17. log, (125x). Iog25x<1(0<x;t1)
e |2 31| Liog? ;c<l=)(3+10 x).Jog, x<4
. log, x i £s gs gs

@—4<log5x<1=>—1;<x<5 mi x#1
5

=Pdp édn: C
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_ i 0<x<l

) 5x*—8x+3<x? <x<l

48. log, (5x* ~8x+3)>2 & & -
x>1 3

x>=

L{sz —8x+3>x" 2

= DPap an: C.
[ 0<x<l
23-2x)<x

49. logx[2(3~—2x)]>lq=> @l<x<§ = Dap an: D.

x>1
| 123-2x)>x
50.x%log, 27.log, x> x+4 (O<x#1)

@3x2>x+4@ x<“§
: 2
x>2
K&t hop diéu kién ta dwoc x>2
=>Dap an: C. :
<4
51. log, ——>—2 [0<%
8—2x x#1
”J' O<x<1 -
3 <—. O<x<1
8=2x x , fins
1 &\ 4 = Pdap an: B,
4>x>1 —-—<x<4.
4 3 3
>_
| 18—2x X?

1 l I 1 N p s
52, Iogéj;_<log%§-(x>0)<=7;-2-2- @0§xs4 _::»f)ap an: B
53. In:’f%;ilzc)(woy
% .
x+x+1 x+1
S ——>l o ——>0=x>0
Jx Jx o

= Dap an: C.
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log,; 3x > log,, (5(1-x)) (0<x <1)

& 3x<5-5x ¢=>'x<§

ét hop ditu kién ta dwoc: 0<x <-'-§-

= Dap an: C.
- 3logx+2 <3log.¥2+5_2

[

ey 9.3logx < 35.3'216gx )

2
i al S -
< > (vn,)

o >;;-1= logx>-2 ¢:.>_.x>—1—

= Pap an: D. _
(=D1g2+1g(2™ +1) <1g(7.2°+12)

Thay x & cac dap 4n (Dung CALC & Casio)
= B thoa man
=> Dap an: B.

I LA L6 24 <6 ey <3

e log; x.log; x<1 « (log, ,vc)2 <1 ®-l1<log,x<1 @%SxSB
-=Dép an: B.

log, (3" +2) +2. log. ,2~3>0

t<]
bat log(3*+2)=r-—>x+-2—'-3>04=[
: t t>2

@ Plogz (3‘”+2)<1® 3*+2<2

1 log, (3" +2)>2 [3"+2>4
[ vo nghiém

| x>log, 2

- DPép 4n: B.

=




59. 1ogiig-"-'-3:0
4F =D 3

Piéu kién ctia phwong trinh:

(42427 =250
4* +2% =2 4*=2"~-2>0
—_—>0
4°=2=2" &3 [4#4+27-2<0
4-27-2+0 4*—2*-2<0
| 45 =27 =220
[ 2552
2" <=2 . 0
=N —1<2x<14=#'2 <14=) *<
_ 22 x>1
25#2
| 1271 |
— P4p an:B B
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- 'Bé’mg nguyén ham

1. Khai niém

Bdng nguyén ham
1) Idx =x+C

& 5) J'e"aix =e*" +C

o7 J.cos xdx=sinx+C

3) I%=ln|xl+€(x¢0)

CHU'O'NG V. TU DUY GIAI NHANH
NGUYEN HAM, TiCH PHAN

Bai 1. Nguyén ham va tich phan

If(x)dx = F(x)+C SF)=f();

If(x)dx F(x) —F(b) F(a)

ol

TR |
2 “dx = +C (ax=-1
) J.x, a+1l. ¢ )_

fF-—T+c

X

x -_ a*
6]-"“ dx_lna

8]'fsin xdx =—cosx+C

9 '[ dx =J(1+tan2x)dx=tanx+c
& cos®

10) |- d = [+ cot? x)dx=-—cotx+C

sm X

4 y=f()=dy=f (Ddx
e =L g2 o1y 10922 127
xdx 2d(x +1)= 4d(2x +3).

Ie”dx:ex—}-c

J' f(x}f (x)dx = Id(ef“’)—ef‘x)+c

dx
2x+1

V1 du 1. Cho 7, _J'
A- 11 =—§ln|2x+1|

C. 7, =2In|2x+1+C

B. ], =iln|2x+1|-l{(?-
D. I, =%In|2x+1l+c
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Hwéng dén gidi

Cdch 1: I, =j—dx—=le=lln|2x+1|+c. |

2x+1 27 2x+1 2 |
Cdch 2: S« dung dao ham tai diém x = 2 clia cAc hdm s8 & d4p 4n va
1 1
so sanh véi f(2)= =—
‘ ;@ 2x+1 5
Pap an: D.
Vi du 2. Cho 7, = [-S% khi g6:
2¢% +1 |
A. I, =2m|2e" +1|+C B. I, =2¢"In|2¢* +1|+C
C. 1, =—;—ln|26" +1]+C D. I,=4In|2e* +1+C
Huwéng dén gidi
P s 2e* 2¢" +1)'dx ;
Cach 1: 1, = [0 _Lp2eds 1c(2 ) 1)y o
2e"+1 272" +1 29 2e741 2

Cdch 2: Str dung dao ham tai mot diém.
2. Phwong phap déi bién sé

b : b ;
Cdch 1: Tinh [g(x)dx = | f[u(x)] w (x)dx

p |
[ £ydt véi a=ua); B=ub)

batt =u(x).
Cdch 2:

E=g=pt =0 = dx =u'()dt

Tinh [ f(x)dx ; Ditx = u(t) wmb—stm B

b B '
= [ f()dx= [ f[u®]u @®)dt.
4x-1
V2x+1+2

3
o(fx+1) - - ;¥
( 5 )—2(2x+1)+5J2x+1—101n(\/ﬁﬁ+1)+c

Vidu. Chol = dx, khi d6 phwong an dung 1a:

A.
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2(2x+1)+5v2x+1-10In(v2x+1+2)+C

B. 3
3
2{vV2x+1 .
i o —(——T—l—2(2x+1)+5\/2x+1—101n(v2x+1+2)+C
o (V2x+1 3
D. —(-—-—ﬁ-)—-2(2x+1)+5\/2x+1—l_01n(V2x+_l +2)+C

Huwdéng dan gidi
2 :
Pitt=v2x+1 — x=’—2—1—»> dx = 1dt,

. | |
=t 3tdt—_]'[zt 4t+5-——-1—(—)-)dt

t+2 t+2
3
2{V2x +1
= ( 3 )—2(2x+1)+5\/2x+ 101n(\/2x+ 1+2)+C
' Pép dn:C.

. Nguyén ham va tich phan tirng phan
© St dung cong thirc J.udv =uy— _[vdu

" .P(x) du = P'(x)dx

1
dv emx-ﬁ-ndx V= __emxﬂz
H

J‘ P(x).e™"dx — {

v= o = P

b P B Bl
P(x).sin(a x+ b)dx — o =
-! LEREEE) {dv='sin(ax+b}dx " 'v=—lcos(ax+b)-
: y=pP(y - [B=P@dx
[ P(x).cos(ax+b)dx — | = 1
. dv=cos(ax+b)dx v =—sin(ax+b)
a -

. 1-

u=Inx du=—dx

j P(x) In xdx —> {
= Plitde

y= j' P(x)dx.
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Vi du. Cho F(x) = [ xe"dx. Khi d6 gia tri clia F(x)la:

A. xe*+e*+C
C. xe* =2¢*+C

Hwéng dén gidi

o fu=x = du=dx
pat _
dv=edx = v=eé'

I, =Jxe"dx2x.e‘w—_{'e"dx=xe";'-—e“+C.

Pap an: D.

4. Ki ning sir dung mdy tinh Casio trong tich phan

* Ham chira gid tri tuyét déi

Lwu ¥ D& &n gia tri tuyét déi ta dung
phim SHIFT + Hyp (ham Abs ) '
Vi du: Cho tich phan

1=j(|x+1|_|x.-z'|)dx |

Pidu vio chd tréng I= ...
Nhép tich phan trén Casio

Khi d6 ta dwoc két qua Ta du'o'c ket quﬁ
T ik, gt AN ___H:.th FY 2 6[!1 B N:;th A
= PV 3 199$+x
UEITEIDEIDEB -
BAI TAP TY LUYEN '
3
oplx=2) . :
1. Tlnh_[-T;—dx ta dwoc két qua nao sau day?
X . ;
* - 3(x-2
A. x——3x+61n|x|+i+c .—(-x—s—)——-l-C
4 X 8x”
x* 6 4 X 6 12
e BX————+ b a2 Bie
€ 2 T T x & -4 T
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| 5 ]
Vi du: Cho tich phén [ = J' 1998-+'x2
11998 +x
Khang dinh diing 1a
A I<1 'B.1>1998
Glrl DI

B, —xe*+e&"+C
D. xe*— " +C

*Ham c¢é mil bdc cao

: 1998
Str dung Casio nhép tich phén.




1

rong cic ham s4 sau, ddu 1a mot ngﬁyén ham ctia ham s& f(X)y=——
. 14sinx

o X

23111-—2- %

. F(X) = < = " B. H(X) =2tg§
sin —+cos— ;

2 2

« G(x) =1In(1+sinx) D. K(x) =In(1+ cosx)
rong cic ménh dé sau, ménh d@ nao sai?
x? +6x+1 X2 +10

‘A Ham s8 Fo) =X -

13 én ham ctia ct ot
2x=3 ST M cung me

ham s&.
Ham s8 F(x) =5+2sin’x;G(x)=1— cos2x I3 nguyen ham cua cung mot

“ham sé.

. C.Hams6 F(x) =+/x* —2x+2 1a mdtnguyén ham cila f (x) = ——2—"

=TTy

.,-D. Ham s8 F(x) = sinv/x Ia nguyén ham clia ham s& y = f(x) = cés '\/; |

: : "I
bédu la mét nguyén ham ctia ham sé y = f(x) = ?
| ' Vx?+1

A.F(x)=InvVx*+1 - | B. F(xX)=vx*+1

C F() =2V +1 oL D.F)=ga s
Ba‘iu la m{jt nguyén ham cta ham sé f(x) = xe* ?..
A F(x)= 2_e’f’ : o B. F(x) %-;-E*z'

C. F(x)=2x% S ' D. F(x) =e* +xe

‘6 Trong cdc ménh dé sau, ménh d@ nao sai?

I. Ham s6 F(x) = %ﬂ va G(x) = X “3? 12 nguyén ham clia.ciing mét
i X— -
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II.Ham sé F(x)=- pr 12 ~ va G(x) =10+cotg2x la nguyén ham cida ciy
- in . _ i

mot ham sé. :
II. Ham s8 F(x)=7+2sin’x va G(x)=10—cos2x 1a nguyén ham cg
ciing mot ham sé. ;

IV. Ham s8 F(x)=8+ 12 va G(x)=-10+tan’x 12 nguyén ham cﬁg

cos’x
ciing mét ham s8. | _ .
A1 B. II ¢cmw DIV
7. M6t trong cdc nguyén ham clia ham s8 f(x) = xe™ 1a ham s&: -
A. F(X)=xe™—e™ = - B F(x)=-xe™ —e™
C. F(x)=xe™ +e™ D. F(x)=—xe™ +e™
8. Nguyén ham clia ham s6 f(x) = xInx la ham sé:
A F(x)=2 ;“x—éx-’wc B. F(x)=210%, ¢
C. F(‘x)"=x_lnx'_—'x2 +C v D F(x) = 2 h}x*'—;—xsz
9. HAm s6 nao sau day la mgt nguyén l‘_iém ctia ham 5_'6' f(x) = Sin 2x7
A. F(x)=2cos2x - o B. F(x)=sin’x
C. F(x) = —%cos 2x B . D. F(x)=-2cos2x
10, Mét nguyén ham ciaham s6 y=£(x)=9*+3x* la:
A. Fx)=9"+x* | B. F(x)=9 Inx+x°
9:( i : ' 9x :
C. F()=c+x’ D. F(x) =—+x’
(x) g T - (x) 5 rX_
11, Mgt nguyén ham cia ham s8 y = f(x) =e*™ cosx 1a: -
A.F(x)=e"™cosx =~ . - B. F(x) = e**
"C. F(x)=e"™ D. F(x) =e™™
: o ax ’
12. Nguyén ham cda ham s6 y = — =z 1a ham s6:
e + |
A F)=InEe>+1)+C  B.EX "=-_12-1n(e2% FIpeC " - 8
C. F(x) =(e* + ) In(e* +1)+C D. F(x)=2In(e* +1)
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Nguyén ham ctia ham s& y =£(x) =x(2x* +5)"° 1a:

cos’xsin’® x

8. Pau 1a mét nguyén ham cia ham s§ f(x) =e*sinx?

11 . 2 11
e (2x2 + 5) B. F(x) = 2X +5)
22 44
1 11 2 11
B(x) = 2X+5) b F(x)= 2 +5)
33 55
, Nguyén ham clta ham s6 y=£(x) = xi la:
! e*+3
1 .
A FGo=2 e +3))
1
C. F(x) =-§(x-1n}e* +3) D. F(x)=(x+Inle’ +3|)
. Cdc ménh dé sau, ménh dé nao sai?
I.j\/2x+1dx=-§1f(2x+1)3 G
3
I1.[sin® xdx =22+ C
x+1 1
1| ————dx=—In|x*+ +
'[x2+2x+7 2 n|x 2.x+7| ¢
A.l B. 1l C. 11 D, 1valll
Tinh I = f xe*dx, ta dwoc két qua ndo sau day?
A. xe*—e*+C  B.ex+e*+C X<, ¢ D. xe* +C
Mot nguyén ham caham sé y= f(x) = SOk Ia:

© A. F(x) = tanx+cotanx B. F(x) = tanx-cotanx
- €. F(x) = cotanx-tanx D. F(x) = —tanx-cotanx

‘A F(x):e sinx +e* cosx B.'F(x):e sinx-e* cosx
- 2 2
G F(x) =e"sinx+e" cosx D. F(x) =e” sinx-e* cosx
o :
EZ_I‘? Nguyén ham cta ham sé f(x) = lnsar. X Ja:
e cos” X '
A. F(x)=—tanxIn(sinx)—x+C B. F(x) =tanxIn(sinx)-x+C
€. C.F(x)=tanxIn(sinx) +x+C D. F(x)=—tanxIn(sinx)+x+C

-
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20.Gidtricta I= dx la
\/sinx+cosx
A, I ==24sinx—cosx +C B. I=2+/sinx—cosx +C
C. I=+sinx—cosx+C D. [ =—/sinx—cosx +C
: 1
21. Nguyén ham ctia ham s6 y = la ham sé:
guy Y= x+3)(x+2)
o O o b0, B, F(x) =~ 2l C
x+3 2 [x+3
¢, F) =12 C D. B(x) =P 2 vC
S |X+3 X+2
22. Nguyén ham ca ham s6 y = 7(x) =2 13 ham s8:
cx+d
A F=242% y xrditc
C C
B. F(x)=—ci+bcza1nlcx+dl+c .
a C :
C. F(x):—-i"-+b"_2“d Inlcx+d1+C
C C
D. F(x) =22 +(bc—ad)Inlcx +d | +C
C
23. Mot nguyén ham cla ham s@ y = 282 .
x+2
A. F(x))=3x+4Inlx+21+C B. F(x))=-3x+Inlx+21+C
C. F(x)=3x—Inix+21+C D. F(x)=3x+Inlx+21+C
24, Mot nguyén ham cia ham s6 y = =
Ot nguy 0 y=f(x) Gt iD)
K Flaye— R e B. Fiy=——m[**2|:c
a+b |x+a a-b |x+a
C. F(x)= B .l P D. F(x)= w SME s P
a+b |x+a a-b |x+a
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Mot nguyén ham ctia ham s8 y = £(x) = cos?mx la:

i F(x)ml(x+sin2mx)+c B. F(x)=l(x+—1—sin2mx)+C
- 2 2 2m

F(x)=i(x———1—sin2mx)+C D. F(x)—-—l-(x—sin2mx)+c
' 2 2m 2
P j x+In (1+\/_)
Tinh tich phén 7 =
i Vx
I =6In3- 41n2+§ B.1=61n3~1n2+-§
. I=1n3—41n2+-é8— D. I=1n3—1n2+-§-
z
Tich phan I:Ixcosxdx 12
0
, PEl B.1=" gy Ny O F=Ti
TS 2 2 3
Tinh tich phan: I = j(l +cos x)xdx
]
2 2 2 2
=% _» B.1=" Cr=2 3 D.r=% 1
2 2 2
Tinh tich phan 7 =J(x+l)ln xdx
1 X
2 2_ 2_
O T .. Y i .
4 4 3 3
I
Giatriclaasaochol = I(x+°03 x)sin xdx la
A a=0 B.a=1 C.a=2 D.a=-3
1
2x+1
. Tinh tich phén sau I =
- £ '[[1+\/3x+1
28 2. 3 28 1, 3
s i - B I =——=In—
27 3 2 27 3 2
2 2 28 3 2
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1
32. Tinh tich phan | (x+3e*)e*dx.
AR

A }'=f3‘°’+—ez—i B.Iz.eg—E
_ 4 4
G L=t 2 D.7=¢-3
4
‘3
33. Tinh tich phén J(x2+ x+1)xdx.
0
A 7=-1672 B. 1= 1792 c. r=1672
60 60 63
¢ dx
34. Tinh tich phan: /= | :
S+ DV3+2x— X
2
A. 1=§ B.I:%(ﬁ+\/§)
c.r=-33 D. I =2 (7 ~/3)
- 2
35. Tinh athéaman I = I dx =2.
o 1+sinx
A.a=x B.a=-7x Ca=2x
36. Tich phan 7 = [2Xr20xtl, ),
xX“+xInx

1
A. ] =2+In*+1
B. I=2+In(e+1)

37.Tich phan I =
(\/gcosx-l-sin x)

02 [ H St | 33

B el
4

C.I=Lms
2
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C. I =Iln(e+1)
D. I =2In(e+1)

. .
COT.(JC—'—G*J
- dx la:

B. I=lln3
4

4




1 x
Tich phan I =[£Xaxla:
. 0 €

A.I=l—3 B. I=2—g C.I=2—i D.I=-2—
e e e R
y . t(x+Dnx .
Tinh phan / = [=22-—dx 1a:
X
1
A-I=l B.I=§ C.I:g D,[=2’_
3 4 2 5

f=

A I1=6 B. [=-3 G.1=3 - D.I=-6

2 3 -
1, Tichphan 1= [Z "2 %41y,
1 X

A. 1:-;-—1113 B./=In2 C. ;=%+m2 D./=2In2
in3 .
Tich phan I = [ |e* —2|dx 1;
G
" A I=1n2—-2In3. B./=4In2—In3.
C.I=4In2-2In3. D. /=4In2+2In3.

1
543, Tich phan I =

A I=1 B.7=In2 C.I=2+In2 D.7/=1+In2

+e")dx1é:

2

1
Tich phan 1 = [ x(x* +¢*)dx1a:
0

. A.I:l B,I:E C.I:E ]),1:_?1
; 4 4 3 4

JSE 10

b p dx .

245, Tich phdn [/ = | ———— bang:

- : 'Ix-—Zx}x—l 2
A.2In2+1 B. 2In3+1 C.2In2-5 D. 4In2+1
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DAP AN

1.A

2.B

3.D

4. B

5.B

6. B

7.B

8.A

11.C

12.B

13.B

14.C

15.B

16. A

17.D

18.B

21.A

22. A

23.C

24.B

25.B

26. A

27.A

28.A

31.A

32.A

33.A

34.D

35.A

36.B

37.B

38.B

| 41.C

41.C

43.D

44.B

45. A
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Bai 2. Uéc lwgng va cac dang dic biét

§

é

% . Diing bit diang thivc d€ wérc lwong

5};;_-!:-.'::

Em<fO<M=m| dxsj‘ fdx< M [ dx=>ma-b) <[ f(x)dx<M(a—b)

S

/i du 1. Tinh tich phan j ¢ x dx.
0

A. -—l-(e-l) 'B. —1~(e—1) C. l(e—l) D. 1(6-—])
2 3 4 5
Hu'é'ng dén gt‘df
Ap dung bit dang thitc &* > x+1=e* > x> +1

:::>J.e xdx>j : +1xdx--3—

ol 4

| S0 s4nh véi cac dap én, ta chon d4p 4an A.
1

Vi dy 2. Tinh tich phén 7 = [—2_.
Vxi+8

"A. Ind4-In+/8 B. Inv3-In4 C. In4—In3 D.In4—1n+/2
Hwé'n,g dcafn gidi

@ Nhéan xét: Vi 0<x<1=>——<

Ta c6 cong thirc tong quat: '[J—— =In |x+ x* +a?

Bap an: B,
2 L&p cac tich phan dic biét

<1=>-—!—<I<1

fnh chdt 1: N&u f (x) lién tuc va 1a ham 1é trén [~a;a] thi [ f(x)dx=0.

| Hwéng dadn gidi
L Nhém xét: Ham sé f(x):go_;'x_}n(}_:j_] ,
: : 1+ x
-1 1]
Lién‘tuc trén | —;—
[ 2 %2
F(x)+ f(—x)=0= f(x) laham 1&
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Tinh chat 2: Néu f(x) lién tyuc va 12 ham chén trén R thi:

I=| ﬁfx(i)ldx:_[f(x)dx voi m>0,Yae R

1
Vi dy. Tinh tich phan 7= [—
. ? (e +1)(x +1)

A.Z:— " B.O C.1 D.e

i 1
Nhén xét:_f :ix
A

=tan™ (1)—tan™' (0) = % Pap an: A.
Tinh chdt 3: Cho f(x) 12 ham chin va lién tuc théa min

i b 3
fla+b=x)=—f(x) thi I=[f(x)dx=0 (md& réng tinh chét 1)

2
Vidu. Tinh t1ch phén I = j (1+'smx]dx
Q

1+cos x

A.0 B. e c.% D.1

BAI TAP TY LUYEN

1. Néugoi I = j thi khdng dinh nao sau day la dang?
e

Q9+ x
A l=1 B. I=§ C. 1=In9 D. I=In3
B |
2.Goi I= I -2p2 dx thi khing dinh nao sau day 1a dang?
X
0
A1=0 B.l=1 c.1== D.1=%
4 3
+1—[x—1
3. Tinh tich phan I = j = Ix I
|x+1[+|x 1|
A. 0 B.1 | C. V2 +1 D. -1
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. Tinh tich phan I = | sin

foul )

A.0 B.1 C. 7w D. -7
1 2 Yy
.Tﬂmtmhphm11=ij*“+ﬂ VxloxHl,
3 x +1
A. 1l B.0 C. -1 D. 2
:thtmhphan1==j§§3ﬂny
e
A. ~7 B. 7w C.0 D.1
% 5 3
x . +3% +1] S L2 : s A 1N A
. Néugoi I = I = x2 Oxdx thi khang dinh nao sau day la dang?
. COS“x
i
A.1=0 B.1=1 C.l=2 DJ:%
1
~ . -x+]- ~ & 5 ~ Fa
.Néugoi I= I In o1 dx thi khang dinh nao sau day la ding?
x—-
4
A.1=0 B.I=1 C.l=2 D.1=3

, € +1
- |
Ali B. ..gi. i C‘z D.—l—-
120 480 6
1~ |
0. Tinh tich phén 7 = |
< 1427

Y. B. 0 C. = D. 2
3 3
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x* [sin x|

11. Tinh tich phan I = (2
P 'l‘:f 1+¢*

A. 72 B. 2 C. 7:—% D.e

- 12. Tinh tich phén I =

Sty

(Q/sin x.-'—ifcosx)dx.

A. 0 | B. e c.% D. 1

. 13. Cho ham s6 f(x) lién tuc trén R va théa man: f(x)+ f(—x)=3-2cos

0 N

Tinh tich phan I= | f(x)dx.

k2

2

A 3% _, B. ~ =] Ny as
2 2 3 2

14. Tinh tich phén I'= j{——zl‘;——tanz(cos x)]dx
| ¥ | cos® (sin x)

A. 0 | B.e G~ D. 1
2
z 2
15. Tinh tich phan [ 27" gx.
4341
A. 0 B.2 c. L D.1
| 2
£ x*+1
16. Tinh tich phan | dx.
J 1427
" |
A.0 B. 2 C. 3 D. 1
3 1
17. Tinh tich phan J' dx z
a4 +1) (X +1)
AL B.Z e C.rx D. 1
4 2
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E
8. Tinh tich phan j BIXPAIACCATX e
2 l+e
g
I B2 C.0 D. 1
63 61
r
6 6
9. Tinh tich phan }S‘“ pree
65 +1
T4
A.i’i B_i{f_ 7w D. 7-1
16 32
DAP AN
LD | 2D | 3.A | 4A | 5B | 6C | 7.A
8.A | 9.B | 10.D | 11.A | 12.A | 13.A | 14.C
15.C | 16.C | 17.A | 18.A | 19.B
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Bai 3. 'ng dung tich phan

1. Ly thuyét

a. Dién tich hinh phdng giéi han béi

b
Cong thire: S = ﬂ f0)—g(xldx
Luu y: Truchoanh & y=0
+ Cén duédi thiu a = 14y nghiém x, bé nhit
+ Cén trén thiéu b= 14y nghiém x, 1&6n nhit

+ Thiéu a va b= cén tir nghiém bé nhit = 1é&n nhit.
XxX=a

b. Tinh thé tich khéi tron xoay tao béi (D): quay quanh Ox
X

’ b
Cong thirc: V = [ 7£?(x)dx

x=a
x=b

y=5(x)
y = f(x)
Vidy 1. Dién tich gi¢i han bdi dwdng y=x%, y=x la:

A 3(dvdt) B %(dvdt} C. —;-(dvdt] D. _31_ (dvdt)

Néu (D) = V= :r:j| -1 (x)|d).'

Hwdéng dén gidi




-" — 2 —

* y{ du 2. Dién tich giéi han béi cic du'{‘:mg{ y=F =k g
y=2x+1
1 1 1

B. — (dvdt) C. — (dvdt) D. — (dvdt)
6 2 3

Huéng dén gidi

| =1

CXét X —x+3=2x+1e= X -3x+2=0& [x 5

: _ S

A, 3(dvdt)

2
[ -3x+ Z)a’x‘ =~é~ (dvdt)

1

S = ﬂ(xz —x-f-3)--(23|c-+-1)'dx=_$“|1JJ‘:2 F3x+2!dx =
L 1

y=xlnx

quanh truc Ox la

. Vidu 3. Thé tich ctia khéi tron xoay khi quay H:{ y =0

xX=e
3 3
e _2 (avtr) 28 4% avtt)
29 27 29 27
58 2 ' 58 2
| sy (e 22 (dvtt
28 27 (vt 28 T vt
Huwéng dén gidi

5¢° 2
95 2 (avie
27(")

Xét xInx=0 x=1 :>V=jx21n2xdx=
1 29
y=(e+1Dx

- Vidu 4. Tinh dién tich gi¢i han bé&i cic duong :
| | y=(+e")x

B. % +1(dvdt)

A. 5-1 (dvdt) -
D. e—1 (dvdt)

Huwéng dén gidi
x=0

Xét (e+1)x=(1+e")x < x(e* =€) =0 @[ 1
x=

[ x(e* — ey = £ —
_!x(e e)dxl—2 1

C. e—2 (dvdt)

i
5
ko
&
74
b
4
3

S =j’|(1+e*)x—(e+1)x|dx = _le(e" —e)ldx=
0 0
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BAI TAP TU LUYEN

1. Tinh dién tich hinh phing giéi han bé&i dd thi hAm s§ y = Xkl Va cac try

x-.-..
toa do
A. 1'=3InE B. I=3ln§-—1
2 p)
C.I=1né—1 D.I=3ln§—l
2 7

2, Tinh dién tich hinh phing gi&i han béi parabol y=x*—2x, dwdng thin
y = x—2 va truc tung.

A r== B F=" &.Fed D T=7,
3 4
3. Tinh dién tich hinh phang dwoc giéi han b&i cic duwdng: y=Inx; y=0;x=¢
A.§=2 B. §=1 C.S=~1— D.S=§-
2 4

4. Gi4 tri nao ciia a dé€ dién tich S cta hinh phing gi¢i han béi dwongy =x-1
va 2 dwdong thiang x=a, x=2a (a>1) bing 4? |
A.a=1 B.a=2 C.a=3 D.a=4
5. Dién tich hinh phing giéi han béi parabol(P):y=x*—2x+2 ,tiép tuyen
voiné tai diém M(3;5) va truc Oy 1a gia tri nao sau day?(dvdt)
A. 4 B. 27 _ C.9 D.12
6. Dién tich ctia hinh phang gi¢i han béi cac dwong: x=0,x=2,y =0,
y =x* =3x* +x+2 bing (dvdt):
5

A.2 B - C.3 D.4
7. Dién tich hinh phéng dwoc giéi han béi (H)={y =+/x,x—2y=0}. -
A1 B. % C.3 D. 4
2
8. Dién tich hinh phang gi6¢i han bdi 3 dwong cong y = x*, y = %, y= E
! X

cé gia tri nao sau day? (dvdt). , =
A. 8In2 B. 2In2 C. 6In2 D. 4In2
9 Tinh dién tich hinh phing gi¢i han db thi ham s6 y=x>—3x+2 va dlmng

thing y=x—1.

A.1 B, C.3 D. 4

(VRN
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ién tich hinh phing giéi han b&i 2 parabol y =x* —2x,y =—x* +4x 12 gia
nao sau day ? (dvdt)
4 B. 27 C.9 D. 12
&u goi V 12 thé tich ctia khdi tron xoay cé dwgc khi quay hinh phing
c giéi han béi cac dwdongy = x va y* =2x xung quanh tryc 0x thi
ing dinh nao sau day la ding?
v=Lz B.v=2Z cv=3% D.V= 4z

3 - 3 3
N&u goi V 12 thé tich cta khéi tron xoay cé dwgc khi quay hinh phéng
dwoc gidi han béi cac dudng y=0;y=x va y=4-x xung quanh truc 0x thi
khing dinh n3o sau day la ding?
v= 32 B.V="27 o s 22 D.v= 37

3 3 3 , | 3
48. Néu goi V ]a thé tich ciia khéi tron xoay cé dwgc khiquay hinh phang
dwoc gidi han bdi cac dwongx ==5;x=0;y=0vay= —J25-%* xung
quanh truc Oy thi khdng dinh nao sau déy la ding?

A. V=E§—O B.V =2—52£ C. V=1—§5-9r . D.V=2507

B.e C.2e D.2e—1
PAP AN VA HUO'NG DAN GIAI

2.A 13.B 14.B |5C |6.A |7.B |8A |9.B |10.C
12.D | 13.D | 14.B | 15.C | 16.B | 17.B | 18.B | 19.A

0

9. xz—3x+2=x.—14=x2—4x+3=04:>[x. 5
d x=

S = T|x2 —3x+2—(x=1)|dx= j‘|x2 —4x+3|dx = %(dvdt] (ding Casio).
1 1

271




CHU'O'NG VI. T DUY GIAI NHANH
HINH TOA PO KHONG GIAN

Bai 1. Mit phang

1. LY THUYET
1. Phwong trinh mét phing
M:it phing (P) di qua I =(x,,,,2,) c6 vécto phap tuyén
‘n, =(A,B,C) (A*+B*+C*#0) c6 dang:
| A(X—X)+B(y=y,)+C(z—2)=0 (D)
& Ax+By+Cz+D =0 (2)trong d6 (D =—-Ax, — By, —(z,)
Dang (2) dwgc goi la phwrong trinh dang téng quat clia mat phang.
2. Phwong trinh theo doan chin
Phuwong trinh mit phing qua 3 diém c6 toa dd (a;0;0), (0;5;0), (0;0;
a.b,c #0 1a cac giao diém clta mit phdng véi 3 truc 0x, Oy, Oz c6 dang: -
X +2 4% =1 (phwong trinh doan ch#n)
| a b c
3. Cac dang bai tap _
a. Phwong trinh mt phdng (P) di qua 3 diém
A=(x,3,2); B=(%,9:.2) C =(x;, ¥:,2;) Khong thang hang.

+) a = [Iﬁ, ;[E'i]

+) St dung phwong trinh (1) —> phuwong trinh (2).
2. Phwong trinh mit phing (P) diqua A=(x,,7)

a) Mit phing (P} diquaA L CD & n, =CD

b) Mit phing (P)diquaA / (Q):Ax+By+Cz+D =0 < n, =§;

c) Mit phing (P) L 2 mit phéng (Q); (R) cho truéc trong do.
(Q): Ax+By+Cz+D=0 Pl
' . . ¢=¢rnp=[ng,nﬂ]
(R):A'x+B'y+C'z+D'=0
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du 1. Phwong trinh mét phing qua 3 diém A(1;0;2), B(3;,~11),C(4;2;-1) la:
A Sx+3y-T7z-19=0 B. 5x+3y+7z+19=0

C. 5x=3y+7z-19=0  D.5x+3y+7z-19=0

Huwdéng dén gidi

Goi 7 12 VTPT ciia (ABC) thi n=|AB,AC |=(537)

‘i}'ﬁy phwong trinh (ABC)la: 5x+3y+7z-19=0. Pép an: D

Iy 2. Cho ba mit phing (&) :2x+ y—z—1=0; (B):3x—y—z+2=0;

¥): 4x—2y+z-3=0. Diém chung duy nhit ctia(a),(8),(y) 1a:

. M, (1;-2;3) B. M,(1;—2;~3)
- M,(1;2;3) ‘ D. M,(-12;3)
Huéng dén gigi
5 2x+y—z=1
idi hé phwong trinh véi3dnx,y, z: {3x—y—z=-2 .Pipan: C.
4x—2y+7=3

u 3. Trong hé toa d§ Oxyz, cho A(1;2;-2),B(3;2;1),C(1;3;4).
0i P,Q, R lan hro't 12 hinh chiéu ctia A, B, C 1én cac truc 0%, Oy, Oz. Phuong
inh mit phang (POR) la:
«x+4y+2z—-4=0 B.4x+2y+z-4=0
L 2x+y+4z—-4=0 D. x+2y+3z-3=0
' Huwdéng dén gidi
heo bai ra ta c6 toa d6 cac diém P(1;0;0), 0(0;2;0), R(0,0;4) |
Véy phuong trinh (PQOR) 1a phwong trinh doan chin:
:i-£+——)—’+£=1@4x+2y+z-4=0
=1 2 4
¢ Dap 4n: B
: M (x,y,z)—2— M (x,0,0)
Chi y: hinh chiéu cta 1 diém M (x,y,z)—2- M (0, y,0)
: M (x,y,z)—%—>M(0,0,z)
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3. Vi tri twong ddi cia hai mit phing

Cho 2 mit phang (@): Ax+By+Cz+D=0 va (ﬁ):A’x'+B’y+C'z+D’;%
(@) cét {B): A:B:C # A":B":.C’

A B C D
e — = e
(@) song song (B) &~ L=m=m* 1
< A B C D
t (:-—-—-—:—:—-———:—

4. Khoang cich tir mot diém dén mét dwong thang

Cong thirc khoang cach tir diém M(x;y;z) d€n mit phing
(a):Ax+By+Cz+D"-0 la:
Ax+By+Cz+D
d(M, (@)= | - i
VA +B* +C*
d(M,()) < MM, (VM, & (@))

Vi du 1. Trong hé toa d5 Oxyz, cho hai mit phang (P) va (Q) lan luotc
phuwong trinh: 3x~2y—-5z-3=0 va 3x-2y-5z+7=0. Diém M(x;j}
cach déu (P) va (Q) khi va chi khi M thudc mit phing:

A 3x-3y-5z—-10=0 B.3x-2y-5z+2=0
C.3x~2y—5z+4=0 D.3x—2y~5z—4=0
Hwéng dén gidi

Ta thdy (P)//(Q) nén diém M (x;y;z) cach déu (P) va (Q) @M e (R)
mit phang ndm chinh giita 2 mit (P) va (Q). '
Khi d6 n, =(3;-2;-5)= (R):3x—2y—-5z+c=0

-3+7

Do tinh cht nim chinh gitra 2 mit (P) va (Q)nén c= =7,

“Pap an: B.
Vi du 2. Cho mit phing (o:) Xx+y—2z+1=0 vA M(m;l;m). Tim m d

khoang cich tir M dé€n mit phing (&) 12 bé nhit?

Am=8 B.m=2 C.m= -4 D.m=0
m+1-2m+1 . |m—2

9 dCM; (@) =] 7 |=|J€|zo

Diubingxdyra < m=2

Pap an: B.
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hum mét phang .

ho hai mét phang (P) va (Q) cdt nhau theo giao tuyén la dudng thang d. Tap
gp cac mét phéng chita-d goi 13 chiim mit phing x4c dinh bai (P) va (Q).

du 1. Cho 2 mit phing (P):x—2y+z—1=0va (Q):2x+y+z+5=0.
hwong trinh clia mdt phang phén gic ciia géc nhon tao béi 2 mit phang d6 la:
L 3x+y+2z-2=0 B. 3x—y+27-2=0
3x+y+2z+2=0 _ D.3x—y+2z4+2=0

Huwéng dan gidi
oi d 1a giao tuyén ctia (P) va (Q) thi d thuéc (R)
VTCP ctia d 13 &, =| 7,,m, |=(~31;5), chi c6 VTPT & 2 dép 4n B va D Ia

udng gbéc voi Q ;

&i dap Ién B, chon mét diém bat ki trén d6, gid st A(0;-2;0), thiy
(A, (_P)) = :;-6_ =d(A,(Q)) nén mit phing 3x—y+2z-2=0cé thé 1a phén
4c géc nhon hoc phén gidc goc ti tao b (Q) va (P). Véi dap 4n D, chon
ém A(0;2,0) thiy d(A'(P)=—=#d(A"(0)) :% nén khéng thé 1a

J6

ap &n D, P4p 4n: B,

Goc gitra hai mat phing |

AA'+BB'+CC'

Cos((P)(Q) = | == o ——
VA*+B +C°VA“+B*+C

BAI TAP TU LUYEN

=0 B. 3x~2y—6z—-6=0

”C 3x=2y—=62+6=0 D.3x-2y+6z—-6=0

%_;"I‘rong hé toa dé Oxyz, cho A(S5;1;3),B(1;6;2),C(5;0;4) va D(4;0;6). Mt
phéng () diquaABvasong songvéi CD . Phwong trinh clia mp(a) 1a:

A 10x-9y+5z-74=0 B. 10x+9y+5z~74=0

=0 - D.—10x+9y~5z-74=0
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3. Mt phing di qua difm A(L;—2;1) va song song véi mit ph
(P):4x—3y—2z-5=0, c6 phwong trinh 1a: )
A 4x-3y—-z-5=0 B.4x-3y-2z~3=0
C.4x-3y—-2z-8=0 | D.4x-3y—z-9=0

4. Cho di€m M(-32;-1) va hai mit phing (&) :x+3y=5z+3:
(B):2x~y=2z-5=0. Goi (P) 1a mjt phing chita diém M, vubng goc v
ca hai mat phing (@) va (8). Phwong trinh ciia mijt phang (P)la:
A. x+8y+T7z+12=0 - B.x+8y+7z-12=0
Cllx+8y+7z+24=0 D.11x+8y+7z-24=0.

5. Mit phang di qua A(2;3;0) song song véi Oy va vudng géc véi miit phin
(P):3x—y+4=0, c6 phuong trinh la:
A 3x-y+z=0 B.3x-y+5=0
C.4y-3z-1=0 D. z=0 _

6. Trong khong gian Oxyzcho ti dién SABC c6 SA vudng géc véi mit ph
(ABC).Chotoa dé S(1;2;-4),A(2;~1;3). Phuong trinh mit phiing (ABC)
A. x-3y+7z-26=0 - B, x-3y+8z-14=0 '-
C x+3y-7z-26=0 D. 2x+y—-5z—-18=0 "

7. Trong hé toa d6 Oxyz, cho A(1;-1;4),B(3;3;—2). Mit phing trung truc ct

doan AB c6 phwong trinh la:
A . 2x+4y—6z-3=0 B. x+2y-3z+1=0
C.x+2y-3z-1=0 ; D. x+2y-3z-3=0 .
‘8. Mt phing (P) d6i xitng véi mit phing (Q):4x—3y—Tz+3=0 qua diér
I1(1;~1;2).Phwong trinh ctia (P) la:
A 4x-3y—-7z-7=0 , B. 4x—3y~7-8=0
C 4x-3y-=7z+11=0 D.4x-3y-7z=0
9. Cho mit phdng ():x+2y+2z—1=0.
Mit phing (a") :2x—my+4z—6+m=0 khdng cit mit phing («) khi:
A. m#—4 B.m=-4 Cm=4 D.m=4
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0. V&i gid tri ndo cda m, n 8 haj mdt phing (&) : 2x+(m—1)y—-37-7=0 v3
(&%):(n+1D)x—6y+67z+3=0 song song nhau?

A m=4n=-5

Cm=4,n=3

» Cho hai mit phing:

(@):2x~my+3z+m—6=0 va (8)

Két luan nao sau day ding?

L@y y(B)=m=1. _

L (@) tring véi (B) e m=1. | o

IL (a)cat (B) & m=1.

. Chi |, B. Chi Il C. Chi I11.

2. Cho hai mit phing:

(@) :2x=my+3z—6+m=0 va (5)

K&t luan nio sau day ding nhat?

A(@/B=m=1.

C@catBlem=1, D. Ca B va C déu dung,

. Haimatphing —3x+2y4741=0 va 3x-2y-z-1=0:

A. Cdt nhau nhung khong vuéng géc véi nhau
B. Song song vé&i nhay
C. Tring nhau

D. Vuéng géc véi nhay
- Cho hinh Iap phuong ABCD.A'B’C’'D’ canh 1, Goi M
khodng c4ch tir diém A dén mat phing (A’MD) la:

B- m=—4,ﬂ=5
Dm=-5n=4

:(m+3)x—2y+(5m+1)z~10=0

D.H valill

H(me+3)x— 2+ (Sm+1)7-10 =0,

Bao=B)em=1.

1a trung diém BC ta c6

A (L;0; 0),[%;0; OJ _ B. (1;0; 0),(———;11-‘; 0; OJ

C (L0 0),(21;0;0) D. (—1;0;0),(—%;0;@

6 Khoéng cich giita haj mit phang (@) : x—

Fh

Y+z+1=0va
(@):x—y+z+10=0 la:

- A35 B. 343 C.5 D. 55
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17. Cho hai mit phing (@):x+5y—-2z+1=0, (8):2x—y+z+4=0. G
gbc nhon tao béi (@) va (B) thi gid tri ding clia cos ¢ la:

Ag B,._‘/_g. c,_‘.@. D,_.‘/.i
6 6 5 5

18 Viét phwong trinh mit phang di qua hai diém A(0;0;1) va B(3;0;0) tao v
mit phang Oxy goc 6007

A xt\26y+3z=3 B. x—/26y+3z=3
C. x+5y+3z=3 D. x-5y+3z=3
PAP AN VA HUO'NG DAN GIAI

1.B |(2.B |3.D |[4.C [5.D |6.A |7.C |8.C |9.B

11.D |12.D | 13.C |14.A [15.D [16.B | 17.B [ 18.A

1. A(2;0;0),A,(0;~3;0) = Puanay = (3:—2,—6) = (AAA) :3x -2y~ 62—6 =0
2.Papan: B
(@) c6 VIPT n=[ AB,CD |=(10,9;5) va di qua A(5;1;3) nén
():10(x~5)+9(y—1)+5(z-3)=0&10x+9y+5z-74=0.
3. Pdp an: D. (&) qua Ava // voi (P) nén (a') co cung vécto phap tuyen voi [P)
4. D4p an: C. Vécto phéap tuyén cta (P) la n, ——[na,nﬁ]
5. P4p an: D.
Mot vécto chi phwong cua Oy la u= (0;1;0)
Mbt vécto phap tuyén cia (P) 1a = (3; -1; 0)
[ u,n]1a vécto phap tuyén clia mit phing cin tim.
6. Pap an: A.
SAla vécto phap tuyén ciia mit phing cin tim (SA vudng géc véi ddy)
Mat phﬁng can tim di qua A va c6 vécto n=SA
yé Bap an: G

AB 1a 1 vécto phap tuy&n clia mit phing trung truc ctia doan AB, I trung.
diém AB, Mit phang trung trirc dwoc tinh theo céng thitc:
Ax—x,)+B(y—y,)+C(z—2,)=0

8. bap an: C.
(P) song song vé&i [Q) nén 2 mit phang néy déu c6 VTPT (4;-3;-7)

Liy diém A bét ki thudc [Q] roi 1dy A’ d8i xitng A qua I va kiém tra xem
thudc mét phang nio trong 4 dip an

Gi sit chon A(0;1;0) = A'(2,-3,4)e (P):4x-3y-T7z+11=0.Ddp am: C.
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; ,Bép an: B.
| fai mat phing trén khéng cit nhau «> tring nhau hoic song song. Khi d6
12 2

; 2 m—1 -3 -7
A0, PAp 4n: A. Hai mat phang son ng & —=——=—% —
0.P4p AR RN SoNg & " — 2 " 3

), Gan toa do véi A'(0;0;0), A(1;0;0), D1;0;1D), M (1;1‘,%)
=(A'DM):-2x+y +2::: 0
~2.1]

d(A,(A'DM)) = ———é-—-—a- Bapan A.

Goi M (0;0;0),(P):x+2y+2z+2=0
d(M,(P)=MO'

a+2

=lafe| -1

i = Pap an:
11 6 Pap an: B. Chon A bdt ki thudc (&), tinh khoéng cach gitaAva (a')
1.2-5.1-2.1

J30/6 =6

:17. Dép an: B. Cos((@); (B)) =

118, Dap 4n: A,
- AB=(3;0;-1)
Goi 1 vécto phép tuyén clia mit phang (P) cin lap, ta cé:
n_(p-;= (a; b;c) (a® +b +c2 > 0)
{© =3a-c=0/(1). Mot vécto phép tuyén ciia (Oxy) 1a (1;1;0)
P _ la+b _1

Cos () (019)) = =2 2)

Tie (1) va (2) ta c6 hé, gidi hé ta dwoec mdi quan hé a; b c.
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Bai 2. DPwong thing

1. Dang viét phwong trinh dwdng thing (Phwang trinh tham s6, ph u'cmg
trinh tdng qudt va phwong trinh chinh tdc)
1. Vécto chi ph wong

Né&u vécto u = (a b,c)#0 (@ +b*+c* #0) thdamin: u cb gialad ho3c <6
gia / d thi gm u 12 vécto chi phwong cta d.
Ki hiéu: ud =(a,b,c)
2, Phwong trinh dwong thdng
Néu duomng thingd di qual= (x,, y,,2,) c6 vecto chi phwong u, = (a,b,¢)

X =Xx,+at .
a) Goi h¢ phwongtrinh { y =y +bt (fe R) 1a phwong trinh dang tham s§ ciia
z=7z,+ct
b) Véia, b, c %0 thigoihé 220 = y;”f’ =%"% 13 dang chinh tic cta
a c
dwong thing d.
Chii y:

- Dwdng thing trong khéng gian khéng cé khéi niém vecto phép tuyén

- Chuang trinh hoc theo Ban co ban chi cé phwong trinh dang tham sé, Ban
nang cao c¢6 thém phwong trinh chinh tic.

-Di€m M e d & M (x, +at, y, +bt, z, +ct)

- M6i dwdrng thing d c6 v6 s8 vécto chi phwong 6 dang
- ku, =(ka,kb,kc) k+#0,ke R
Vidu 1. Phuong trinh dwdng thing AB qua A(1;2;1), B(0;3;5) la:

x=1 x=t

=it x=~t

A (y=3+t¢ B.{y=3+¢ Ciy=3-t D.{y=3+1

7=5+4t z=5-4¢ z=5+4t z=5+4t

| Hwéng dan gidi |
Tacod AB (- 1;1;4) 12 1 VTCP ctia AB.
. x=—t

Vay phwong trinh dudng thing AB 1a: { y=3+¢ . Pap an: D,
' z=5+4¢
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idu 2. Cho A(L;-1;1), B{—1;2;3) va (P):-2x+y+3z~1=0. Phwong trinh d
o di qua A va song song v&i (P), vudng gbéc v&i AB.

A. -1 y+1 z—1 B, x—1=y+1=z—1
; ~7 2 4 7 -2 4
C. —1=y+1=z—1 D. xf—1=y+1:z—1
' 7 2 4 7 2 —4

Hwéng dan gidi

n, =(~2;1;3); AB=(~2;3;2)

. Puongthang d//(P) va vudng géc véi AB nén chon
. &, =[n. 4B |=(7;2:4)

x=1_y+l z~I1
7

- Phuong trinh dwong thing d 1

Pap an: C. ;
i du 3. Cho M (L;1;1), N (3;-2;5) va mit phéng (P):x+y-2x—6=0, Hinh

chiéu vuéng géc ctia MN 1én (P) cé phwong trinh la:

A, x—2=y—2=z+1 B, x—-2:y—22z+1
-7 3 2 i3 3 -2

C. x——2=y—2___z+1 D. x—2=y~2=z+1
7 3 2 7 -3 2

Cczch 1: Goi M, N’ Ian lwot 13 hinh chiéu ctia M, N xuéng (P)
. Giai phuong trinh giao diém, tim dwoc M '(2;2;-1), N (121 % O)
Phuwong trinh hinh chiéu cén tim chinh 12 phu*crh’g trinh dwong thing M’N’;

x—2 y—=2 z+1

M’'N’: == =
7 =3 2

Cdch 2: CAc cAch thir d4p 4n
" Kiém tra VTCP ctia dwdng thing cé vubng géc véi VIPT clia miit phang (P)
hay khong?
Tim 1 s6 diém thudc dwdng thang & dap 4n dé xem cé thudc (P) hay khong?
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I1. Dang bai vi tri twong déi gitva hai dwdng thing, gnra duro*ng thing y
mit phang.
1. Vj tri ciia 2 dwdrng thing

Cho A, diqua M,(x,,y,,2,) ¢6 VTCP u(a,,a,,a,)
Cho A, diqua M,(x,,,,2,) ¢6 VICP v(b,,b,,b,)
- Néu [, v .MM, #0 thi 2 dudng chéo nhau

- |[mv] MM =0 o
- Néu thi 2 dwdrng cit nhau
a,:a,.a,#b b, b,

A
-Néu g, :a,:a,= b :b, : by va hé¢ phwong trinh clia {A‘ v6 nghiém thi
2

2 dwdng song song (c6 thé 14y mot diém thu(')c dwong nay thir toa do véo
duwdng kia xem c¢6 thda mén hay khong) :

' :
- Néu q,:a, :a, =b,:b, :b,va hé phuong trinh chia {AI c6 nghiém thi

2
2 dwong trung nhau (thi mét di€m thudc dwdng nay vao phuwong trinh
duong kia xem c6 théa mén hay khéng)
2. Vi tri cfia @wong thing va mit phing
Cho A diqua M (x,, y,,2,) V& VTCP: u = (a,b.c)
Mait phang (&): Ax+By+Cz+ D=0, VIPT n= (A,B,C)#0
- Néu nu#0 Aa+Bb+Cc#0 thi A cit (a)
- Né&u n cuing phuwong ﬁ<_=>a:b:c=A:B:C thi A cit (@)

- Néu HHE=G & A song song (@)
Me (@) .

M e (@)
Vi du 1. Pwdng thing A qua A(1;2;1) cit Ox va dwong thing

d: 283 -2 2273 yoanh 46 glao difm cia A va Ox13:

- Néu {”'“zo = Ac(@)

A. x, = " B. x,=—3 ' Cx,==2 D. x, =6



; Huwéng dan gidi

| Goigiao difm can tim 13 B(x,0,0); d di qua C(~3;0;3) c6 VTCP la

u (11;2). ViAB citd thi [ BA;u | CA=0e x=-2

Y- Thirlai digu kign ty 18 ctia 2 VTCP thdy thoa mén. Pap 4n: C.

IL. Dang bai khoang cach tir mét di€ém dén mot dwong thing, khoing

- cach giira 2 dwong thing chéo nhau - doan vuéng géc chung

. Khoang cich tir mét di€m M (x,;y;z) dén dwong thing Adiqua
I(xy3Y,52,) €6 VTCP ﬁ = (a;b;c) l1a:

]
d(M ,A) ==l
iy
hut y: Néu mit phéng (P) chira A sao cho khodng céch tir M (x,;y,;z,) dén
(P) 1é6m nhét thi d(M,A) =d(M ,(P)) |
Vi du: Khoang cich ti diém A(2;-1;0) dén dwong thing

d:x+1:y—3__z+1

= la:
2 1 -1 .
A. 0 B./29 C.5 D. Pap 4n khic
Hwéng dan gidi
u,; IM
Ap dung cong thirc d(M,d) = L—-f‘|_.—]—’ =4/29.
¥

Dap 4n: B

' 2. Khodng cach giira hai dwdrng thang chéo nhau
Cho hai dudng thang chéo nhau a, » khi d6 khoang céch giita chiing dwoc
tinh theo céng thirc:

(14,14, 1. N

d(a;b) =

{ua Uy ]|
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BAI TAP Ty LUYEN | |
1. Tim phwong trinh dudng vudng géc chung hai dwong thing chéo nhau -

x=3—4t x=6t'
(d):{y==2+tva(d"):{y=1+2'
z==1+1 z2=2+2t
A = 1 _z+l B x—1:y+1*z-1
1 2 2 1 2 2
AL _y+l_z e s ol B
1 2 2 2 2 2
2. Cho hai dudong thang d, :-‘f—:y—_i—l-:gl;] vad,: x_11=yT_1=—f-.Bié’m

Aed,, A'ed, va AA' vudng gbc véi d, va d,. Toa dd clia A la:

A. i;i;ij B. (l;-—i;—E C. _1;2;2 D. l;--2;E
44 4 4 4 4 444 4 44

3. Cho hinh ldng tru dimg ABC.A'B'C’ biét A(a,0,0) ; B(-a,0,0); C(0,1 0} va
B’(-a,0 b] voi a, b>0, Tinh khoéng céch gitra B'C VA AC'.

3ab el
A ——= B. —— G i
Jaﬁ +b2 Ja?- +b? a’ +b? 3ab(a+b)
4. Cho diém A(0,0,a+/3); B(4,0,0); C(0,a~/3,0) (a>0) MIa trung diém BC.
Tinh d(AB,0OM).
2 2 2 -2
A.a\/l_S g &3 c_an D.aﬁ

15
5.Cho 3 diém A(-4:4;0), B(2;0;4), C(1;2;~1). Khodng cich tir C dén du’é’ng

thing AB biéng:

aAvB BT c. V26 p. V19 |

+1 y=3  z+1
I

6. Khoang cach tir diém A(2,-1,0} dén dworng thing d : > la:

' 155 155 6
A0 B..— C. — D =
' 6 6 135
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x =2t
_ -1 —
KhoéngcéchgifraZdLrEmgd:xl =2tk 2 lvéd': y==1+t(reR) la:

z2=2-—¢

2 B'_\/_E_ c__z D._‘@
2z 3 4

Cho hinh binh hanh ABCD c6 C(~=2;3;5); D(0;4:7) va giao di€m ca hai

dwdng chéo la M (J; 2;-;—) . Phwong trinh canh AB la:

x—4 y-1 z x—4 y-—1 .z«.2
A. = e B_ - =
- =g -1 2 2 1 2
C. x—4 _y-1_z+2 D. x-—4=y-——1=z'+2
-2 1 2 -2 -1 2

3
Dwong thang A qua A(L;2; 1) cit Ox va du'crng thing 4 : x;— =~)2—7-=-5-
Hoanh df giao diém ctia A véi Ox 1a:
A x,=0 B.x, =-3 C xp=-2 D. x,=-6

10 Cho dudng thing d: x;l — y;3 =2 ;3 Phu*o*ng trinh chinh tic clia

dwong thdng A vudng géc véi d, cit d va nim trén mat phang
(@):x—y+z-2=0la:

_{;I-_3=_}£=£ B x—5_y+1 z—0
5 1 6 "5 ~1 -6
x+3_y+5 z x+3 _y+5_z
5 -1 -6 "5 1 6

1. Cho dudng thdng d diqua A(L;1-2) , song song véi (P):x—y—z-1=0

- A X=1_y=1_z—
vavuonggécvo'lA:x o W ix

. Phwong trinh ciia 4 1a;

2 1 3

~1..9-1_Z+2 S x—1_y+1_2z+2
2 5 -3 b2 5 3
-1=y--1=z+2 D x—1=y--1=z—-2
2 -5 3 "2 5 -3
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12, Cho A(1;2:1), B(3;1;0) va €(3;~1;2). Phwong trinh chinh tc cia dwong
thang Avuéng goc v&i mdt phing (ABC) tai A la: | |
x=1_y-2 z-1 B x+1 y+2 z+1
2 —4 -4 | | 4 -}
x=1_y+1 z-1 D x—1 _ y-2 z-1
-3 -1 1 ! 1 1

A.

C

13. Xac dinh vi tri twong d8i cla hai dwong thing d,,d,

x=-1-2¢ .
X ¥y z
d, N T d, 51yt (te R)
. z=14¢
A. Tring nhau B. Song song C. Cit nhau

14. Trong khong gian Oxyz cho A(2;—11); B(—2;3;7) va dwongthing d c6
x;2 = y:zz = ?_J;I . Kh&ng dinh nao ding ?
A. Dudng thing AB cit d
B. Pudng thing AB va d ndm trong cliing mdt mit phing
C. Pudng thing AB va d triing nhau
D. Pudng thﬁhg AB va d chéo nhau.
15. Trong khéng gian Oxyz cho hai dwdng thing:
3x=z+1=0
{2x +y=1=0

phwong trinh

s &y
Khang dinh nao ding ?

A. d,,d, citnhauva gécgitva d,,d, 1a 60°
B. d,,d, chéo nhau va géc giita d,,d, 1a 90°
C. d,,d, cit nhau va vudng géc véi nhau

D.d.d, sbng song v&i nhau
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x=5+21
b6 Cho hai dwdng thing d,,d, c6 phuwong trinh d,:{ y=1-1, ,
z=5-¢

x=3+2t,
d,:qy=-3-t, (t,,eR)
. z=1-t,
Khing dinh nao ddng ?

L A Hai dudng thing d,;d, chéo nhau
B. Hai duwodng thang d,,d, song song va mit phiing chita hai dwdong thing
cé phwong trinh la: y—z+4=0
- C. Hai dudng thing d,,d, citnhau véigiao diém 1(7;0;4)
D. Hai dwong thang d,,d, trung nhau
7. Cho mit phing (P,): x+(m—1)y+2mz—m+3=0 va dwong thing
x=1-3¢
d<{ y=2+t (teR)
z=—1+41
. Tép S gdm tét c cdc gid tri clam d€ d va (P,) citnhaula

E _ 9 _ __9 : _ 2 _ -2
;% A.S=R \{Z} B.S-R\{T} c.s_ﬁa\{g} D.S=R \{—é-}

T s g e L

PAP AN VA HUG'NG DAN GIAL o
érlc 2.C 3. A 4.A 5.B 6.B 7.B 8.D
©9.C | 10.C | 11,A | 12.D | 13.C |- 14.B | 15.B | 16.A
17.A

1. Dép 4n: C. |

2, Pap an: C. Tham s6 héa A( m; 1-m; 1+#m) € d,; A’(1-n; 1+n; n) € d,
. Timvécto AA" theo hai tham s m; n, ta c6: AA " E; = 0; E‘.c_lz =0
gidi h¢ dwoc m, n, suy ra toa d6 di€ém A,
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3. Pap an: A.
Dwng hé truc toa do Oxyz, voitruc Ox la dwong thang AB, O( 0; 0; 0)1a
trung diém AB, truc Oy 1a dwong thang OC, truc Oz vudng géc véi (0BC),
0z// BB’, B' thudc ( Oxz).
thvaohetructaco C'(0; 1; b); C(O 1; 0); B'(-a; 0; b); A(a; 0; 0)
B'C = (a;1;-b); AC = (—a;1; ;b); [B'C;AC"] = (b;0:a)
Phucng trinh mét phing qua AC’, // v6i B’'C 1a: bx +az =0
d(B'C;ACY = |b.a+0.0+ a.O[ ab
a? +b? Va? +b?

‘4. Dap an: A.
Chuin héaa=1

Cé AB = (1,0,—/3); OM(—% l?- OJ ﬁ(ho,c)):mms,om:ié_i
[[AC; 4B
5. Pap 4n: B. (c6 thé 4p dung cong thirc d(C, AB) = ——= Vi3 )

Viét phuong trinh dudmng thing AB: qua A va c6 1 VTCP u,, =AB, sau d6 tim
hinh chiéu clia C1én AB ( CH L AB, He AB), do dai AH I3 két qua can tim.
6. Dap an: B.
Tim hinh chiéu H ctia A trén d, dé dai AH la khoang cach tir A t6i d.
7. Pap an: B.
Lay A b&t ki thudc d, tim hinh chiéu H ctia A trén d’ véi H thuoc d’ va AH
vudng géc véi d’, suy ra H. D6 dai doan AH 13 khodng cach can tim.
8. Dap an: D.
Lay d&i xu'ng C qua M duoc A ldy d8i xitng D qua M dwoc B, viét phuong -
trinh AB. o
9. bap an: C. Xem vi du dang 2.
10. Dap an: C.

+] Giao diém ctia d va A cling la giao diém cdadvaer. Tacé u, s =[ug,n, ]
uﬁ [na,ud] (-5,1,6), nén ta loai ddp 4n A va D. Thit M (5;-1; 6)e A, vao

phuong trinh & thiy khong théa man nén loai dap an B.
11. Dap an: A

n(l,~1—1) 1a 1 VTPT ctta (P); #(2,1,3) 13 1 VTCP clia A
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Vidvuodng gbc véi A va song song voi (P} nén VTCP cia d Ja LTd. = [u—lﬁ]

(Bdm may: Gan vécto (1,-1,-1) cho VctA, vécto (2,1,3) cho VetB rdi nhan 2
vécto VctA x VctB )

2. Pap 4n: D

1VTCP a =[AB;AC] = thir dap 4n thiy D c6 vécto chi phwong diing=> D
3. Dép 4n: C. Ap dung cong thitc

Hai dwong thing khong thé trung nhau hodc song song do ti 18 VTCP khic
nhau=> C hodc D, cho 1 diém tham s& H thubc d,, thay vao d, = vb
nghiém = cit nhau.

4. Pap an: B

Cho d c6 1 VTCP v(2,~2,~3)

AB c6 1 VTCP 14 u(2,-2,-3) | |

Vi 2 VTCP ty I¢€ nén d va AB hodc trung nhau hodc song song, nhung 2
dwong thing nay khéng cé diém chung nén khéng thé trl‘mg nhau.

j Vay két ludn 2 dwirng thudc ciing mit phang 1a dung.

] 15. Pép an: B.

Goc gitva (d,:;d, ) = gbc gilra (ud ,udl )= hai duwdng thing vudng goc, ap
dung cong thirc = hai dwdrng thing chéo nhau.

6. Pap an: B. Ti 1é VTCP bang nhau = song song ho#c tring nhau, hé
phwong trinh vé nghiém = song song.

| 17. Dap sn: A. 1 VTCP u, =(=3;1;4); 1 VIPT n, =(,m~1;2m), d va ( P,) cit

—_— 9
nhau < n, u, #0 < miz
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Bai 3. Mat ciu
Mat cdu tdm I = (a; b; ¢), ban kinh R (R > 0) c6 phwong trmh mat cdu &
dang chinh tic la: :
(x=a)’ +(y—-b)* +(z—c)* = R*
1. Dang bai: Phwong trinh mét ciu biét tim I (m; n; p)
a. Mat cau ti€p xic véi mit phing (P): Ax+By+Cz+D =0
|Am + Bn+ Cp + D|
| VA +B*+C? _
b. M3t cau cat mit phing (P): Ax+ By +Cz+ D =0 theo mot dwong tron 6

Ban kinh: R =d([;(P)) =

ban kinh R’ cho truéec.

B&n kinh mit ciu: R® = R2+[d(1,(P))]

c. Mét ciu tiép xiic véi duong thing d: 2— =

. ud,MI:Il
Ban kinh mét cau: R=d (1,d)=~——— |

d. Mt ciu cat dwdng thang d theo 1 dﬁy cung c6 dd dai  cho truéec:

2
Bén kinh mit cau: R? = (é) +[d(1,d )]2

Vi du 1. Cho mét phing (P): 2x+ y—2z+15=0. Viét phwong trinh mit ciu cé
tAm I(1; -1; 2) tiép xtic v&i mit phing (P).
Hwéng dén gidi
2.1+ (-1)=2.2415]
J2 P22
Nén mit cau c6 phwong trinh 1a (x~1)> +(y+1)2 +(z—2)>=16
x+3 _ y+2 = z—8
_ 2 -2
trinh mit ciu ¢6 tm I(1; -1; -2) va tiép xiic véi dudng thang d 1a...

R=d(I;(P))=

. Phwong

Vi du 2. Cho dwong thiang d c6 phwong trinh:
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Hwéng dén gidi
#(3,2,-2); M (=3;=2;8)e d; MI(4;1;~10);

R i B T R

huwong trinh mat ciula (x=1)* +(y+1)*> +(z+2)> = 49.
. Dang bai: Phwong trinh mét ciu c6 tim I thudc dwdrng thing d
X _ Y=Y _27%

, va théa méan diéu kién cho truée.
a b c

xX=x,+at

+Tirgia thi€tsuy rad: { y =y, + bt = tAm I(x, +at; y, +bt; z, +ct)
Z2=2z,+ct '

+ Sir dung c4c congthirc ¥ dang 1 =timt=7?

- = tam [ =7, ban kinh R = ? = phwong trinh chinh tic ctia mijt ciu.

1 du 3. Cho dudng thing d: i 8 o O ,

- 4 -2 -2 _

[ mit phang (P): x+ 2y-2z-2=0, mit phdng (Q): x+2y—-2z+4=0,

P 'Viét phwong trinh mit ciu tAm [ nim trén duong thang d va tiép xic véi 2
‘mat phing (P); (Q).

Huwéng dén gidi
T gia thiét = I(2+3z 1—2¢;1-2¢) nhén thdy (P)//(Q)

| = d((P) =d(;(Q) =R =5d((P>;(Q>> .

Giai phwong trinh tim dworc t=— 1 khi d6 I(— 1;3;3), R=1.

| Khi d6 phwong trinh mit ciula (S): (x+1)* +(y— ~3)} +(z—3)* =1
3. D@ng bai: Phwong trinh mit ciu tiép xiic véi mit phing (P)
:-. Ax+By+Cz+D =0 tai M(x,;,;z,) € (P) (cho truéc).

M L1 (P)

+ M3t cu ti€p xtic mit phing (P} tai M <
cau tiép xtc mit phing (P) {R=IM

;

L

; R Gl :
= Up, =np =(A;B;C)
R=IM
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I =(x, +At; y, + Bt; z, + Ct)
{ =(A*+B*+C)
+ St¥ dung cac cong thitc ¥ dang 1 tird6 timrat=?
= I =7 R =7= phuong trinh chinh tic cia mit cau.
| BAI TAP Ty LUYEN
1. Cho mit cdu (5):x* + y* + z° — 2xm+ 2my —4mz = 0, Khi m thay d8i thl tﬁm
I ctia (S) dao dong trén:

A. Duong thing c6 phwong trinh x =~y =~;—
B. Mt phang c6 phwong trinh x+ y+2z=0
P
1

I

C. buong thang c6 phwong trinh meI = 2
D. Mit phéng c6 phwong trinh 2x—2y=2z+1=0
2. Mét cau () qua cac diém A(1;0;0),8(0;1,0),C(0;0;2) va D(L1;2).
_ Ph.u'cmg trinh mit ciu () la: | |
A, x2+y2+z2—x—y+2z+1¥0 B. xz-l;yz-i—zz—x-—y'—-Zz;O |
C. x*+y? +z2—x—y~22—1;0 D. x*+yi+ zz—x+j) 2z+1—0',‘_.. :
3. Cho ttr dién ABCD cb A(3;6;~2), B(6;0;1), C(—1;2;0), D(0;4:1). Tam I clia
mdt cau ngoa tiép tr dién ABCD c6 toa dé: e o
A. I(3;-2:1) B. 1(3;2;~1) C. I(=3;2;1) D. IG=21)
4. Cho tir dién ABCD v61 A(2;0:0), B(0:4;0), C(0;0:6), D(2:4;6). Tap hop .

cac diém M (x;y;z) théa min IMA+MB.+MC‘ +MD] =4 I3 mét caucd: -

phwong trinh: - |
A. (x-1)° +(y=2)"+(z=-3)* =1 B. (x—1)" +{y+2) +(z-3)" =1
C. (x+1)" +(y+2)" +(z-3)’ =1 D. (x—1)+(y+2) +(z-3) =4

5. Cho A(1;0;0), B(0;2;0), C(0;0;3).Tap hop nhitng diém M (x;y;z) théa
min MA® + MB? = MC? 1a mit cau ban kinh Bﬁng: B

A 4 B. 24/2 C. 23 D. 32
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. Phurong trinh mét ciu tam 1(0:4,-2) va diqua A(-2;1;1) la:

A X+y +72-8y+47-3=0 B. x*+y* + 722 ~8y+47~2=0
C X’ +y"+ 22 +8x+2y—dz~1=0 D. x*+y*+ 72 ~8y—47~2=0
Trong khéng gian cho A(3,-2, =2); B(3,2,0); C(0,2,1); D(-1,1,2).

Phurong trinh nao sau day 14 phwong trinh mdt cdu tAm A v3 tiép xtic véi
mét phing (BCD).

A (x=3+(y+2)* +(z+2)* =9 B. (x=3)’ +(y+2)* +(z+2)* =25
C (x+3) ' +(y=2)+(z-2)* =14 D. (x=3)"+(y+2)* +(z+2)* =14
Phwong trinh mét cau di qua A(L1;0), B(~11;2), C(5;-12) va c6 tim
thudc mét phing (P): x+y+z-4=0 Ja:

A (x=1)" +(y=1)"+(z-2)" =4 B. (x~1)" +(y~2)" +(z-1) =4
C (x=1) +(y=1)*+(z=2)" =2 D, (x—4)+y +(z~2) =4
Phwong trinh mit cau di qua A(0;1;0), B(1;0; 0),C(0;0;1) va tdm I thube
mét phang (P):x+y+z+3=01a:

A X+ Y+ 72 42x+2y+27=1=0 B. x* +y*+2°~2x=2y-27-1=0
Gy P =242y +2741=0 D. x*+y* +7° —4x~4y+7-1=0
0. Phurong trinh mit cu qua A(J; 2,—4),B(1; =3;1),C(2;2;3) vacétam I

 thue mit phing (x0y) Ia: | |
A (x=2)' +(y-1)"+(z-1-10=0 B, (x+2)" +(y-1)’ +2=15=0
C(x+2)" +(y~1) +22 =26 D. (x—1)"+(y-2)"+22=50
'-fll. Phwong trinh mit ciu di qua A(3;1;0), B(5;5,0) va c6 tam I thudc truc

Ox1a: ' ; S
A X4y 422 ~x—y—z=3 B (x+10)'2+y2_+_z2—15=0
C. (x=10)"+y*+22+50=0 D. (x~10)"+ y*+ 2> =50
i 12. Phuong trinh mit ciu(S) tim 7 (4:0,-1) va tiép xiic véi mit phéng

(P):3x+4z-3=0 Ia: '

A X +y +7°—8x+27+16=0 B. X’ +y*+72—8y—2-16=0
C X’ +y*+7224+8x—=2z-16=0 D. x*+y*+ 72 —4x+47+16=0

e

me-a i s e o
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Mit ciu véi du'b'ng thﬁng va mit phing :

13. Mdtcau: x>+ y* + 22 —2mx+4my +4m?> ~1=0, tiép xtic v&i mit phang
x+ y=z—2=0 khi va chi khi tong cédc gia tri m bing:

A. -2 - B. 2 C. 4 D. 4 :

14. Cho mit cau (S) tim 7(~2,-1,1) va di qua A(0,0,2) vi mit phing

(P):\2x—y+z=0. Ménh dé nao sau day la ding?

A, (S) cét (P) tai hai diém phan biét (S] tiép xiic véi (P)
C. (S) 1a (P} khoéng cat nhau D. (S) cit (P) theo mét dlro'ng tr
15. Cho mit ciu (S)"(,wc—l)2 +(y+1)*+2z* =11 va hai dudng thdng
(d) :Lx~= y;—l ,( d,) —x~i-l-=%*f Trong cdc mit phangsau day,

mat phang nao song song véi (d,),(d,) va tiép xtc véi (S).
(I)3x—y—z+7=0
()3x+y+z-=7=0
(III).3x~y—2z—15=0
(IV)3x+y+z+15=0
A. (1) va (ID B. (I) va (IiI) C.(IMva(av) D. (1) va (I\U
16. Cho mit cau (S) c6 phwong trinh x? + y? + 72 =2x=4y—062=0. . = &
Mt phing (P) di qua giao diém ciia mat ciu véi ba truc 0%, Oy, Oz (khéc L
g6c 0). Phwong trinh ctia mijt phing (P) la:
A.3x+6y—-12z—-12=0 B.12x+3y—-6z+12=0
C.6x+3y+2z~12=0 C.6x-3y—2z+12=0
17. Cho mit cau (§):x* + y* + 2% +2z~10y—2z—1=0va dudng thing
xX—m y-f-l z+1

ey 3 T~
DéE d cat (S) tai M va N ma dé dai MN Ién nhit thi gldtrichkamvalla:
A.m=-3;I=1 B.m=2:1==2 Cm==-3;1=3 D.m=1;[=3
18. Cho (S) Ia mét cau tdm 7(1,2,3) quagfcOvaDla dwong thing ¢6 phwong
x=14+¢
trinh { y =2-2¢. Ménh d& ndo sau d4y la ding?
z=0
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A. D Ia tiép tuyén ctia mit c3u (S)

B. D cit (S) tai A(2,0,0); B(0,4,0)

C. D va (S) khéng cit nhau

D. D song song véi du*cmg thang IquaO

19. Cho mit cAu (S): x* +y* + 22 —6x—2y+4z+5=0 va diém M(4;3;0) € (S).
Tiép dién ctia (S) tai M c6 phuwong trinh :

A x+2y+2z+10=0 B. x+2y+2z-10=0

Cx—2y+2z+2=0 D. x-2y-2z-10=0

0. Cho mdtcau (§): x> +y* + 22 +2x+4y—4z=0 va

- mét phing (@): 2x—y+2z+8=0. C6 hai ti€p dién caa (S) ciing song

song véi (&) d6 la:
A 2x-y+2z-4=0va2x—y+2z+4=0
B.2x-y+2z+13=0Vv3a 2x—y+2z-5=0
C.2x—y+2z-13=0va 2x—y+2z+5=0
- Do 2x-y+2z+412=0va 2x—y+2z-8=0
" 21 Cho mit cu (S) c¢6 phwong trinh x* + y2 + 72 —2x - 4y—6z=0.
:  Pudngtron giao tuyén clia (S) véi mit phiang (Oxy) c6 ban kinh 13:
’ A.r=+/5 B.r=2 C. r—\/g D.r=4
22, Cho dwdng tron (C) 14 giao ctia mit ciu (8): x* +y+722-4=0va mat
phang (P) : X+2z~2=0.(C) c6 tdm H vabankinh r bing:
A. H(1:1;0), r=+/2 B. H(L;0:1), r =2
c H(O;L1), r=+/2 D. H(1-0-—1) r=+2
3. Cho dwdng tron
(CY=(P)N(8); (8): (x=3)* +(y+2)* +(z—1)* =100; (P): 2x =2y -7z +9=0.
Tam H cta (C) la diém nao ?
A. H(1;-2;3) B. H;2;-3) G H(1;2;3) D. H(-1;2;3)
¢ 24. Chomatcau (8): x*+y*+z>=2x—4z—4=0 va ba diém A(3;1;0),
. B(22;4), C(~1;2;1) nim trén mit ciu (§). Tam H ciia dwdng tron ngoai
tiép tam gidc ABC 1a diém c6 toa do:
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PAP AN VA HUGO'NG DAN GIAI

1A | 2B | 3B | 4A|5D|6B|7D]|8A| 9A]10c

11.D | 12,A (| 13.B [ 14.B | 15.B | 16.C | 17.B | 18. | 19.B ZOC

21.A | 22.B | 23.D | 24.A

1.Tam I c6 toa d6 (m;—m;2m) nén sé& thudc mit dwong thing x = ~y==

Lwu y: | cling ndm trén mit phdng x— y—2z =0 nhung quy tich ctia | 5
khong phai 14 mét phing trén, ma chi 12 1 phan mit phﬁng chinh 1a duong.

z
thing x=—y==,
g ¥y >

3. Cdch 1: Goi toa d9 I(x,y,z) va giai phuwong trinh 3 &4n béc hai:
IB* =IA=JC* =IDP,
Cdch 2: Thir @ap 4n, chi co6 ddp an Bthéamin: IB=JA=IC=ID = \/_
Cdch 3 : Goi phwong trinh mét ciu dang tong quét rdi thay toa d6 4 diém
vao gidi hé 4 &n 4 phwong trinh (ding mdy Vinacal s tinh dwoc hé nay)
4. Chitrng minh diém M théa min d3ng thic trén ludén cich diém G(l 2,3) mog
khoang cach bang 1. :
5. Goi toa d6 M(x,y,z). Vi:
MA? + MB* = MC* |
& (x—1)? +y2 + 7+ x° +(y=2%*+2° =J|:"1+y_2 +(z—3)
& (x=1)’+(y-2)+2z2> =22 -62+9
S x=D)+(y=2)"+(z+3)* =18
Vay quy tich M 1a dwong tron tdm 1(1,2,-3) ¢6 ban kinh bang 34/2.
6. Tém 1(0;4;-2) ban kinh R = IA. , _
. Phwong trinh (BCD) 13 x +2y+3z =7, d(A, (BCD))=+/14.
8. Cdch 1: Goi toa dd I(x,y,z) giai hé bic nhit ba &n
Cdch 2: Tam I phai thudc mit phang (P) nén loai dap 4n D
Néul(1,1,2) thi R®=IA* =4=JB*=IC* = d4p4nA
Cdch 3: Ta c6 thé thay triyc tiép toa do 2 diém A, B, Cvao cac phuwong an.
9. Nhén thdy chi c6 tAm clia phwong 4n A thudc (P) nén dap an: A. '
10, 11. Twong tw cdch lam bai 8
12. d(I,(P))=R=1
=) : x> +y*+7°-8x+2z+16=0
Péap an: A.
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3. Pap an: B
dtcau: x* +y* + 2% —2mx +4my +4m* —1= 0, tiép xtic véi mit phing:

2 +
+y~-z-2=0=d(,mp)= Rﬁlﬂ:%' ~.h=nz+1«mmzz“'z*xg

Ay tong cac gid tri can tim ciam 13 2

= (S) tiép xtic védi (P)

. C6 (I),(I) thda man ti€p xic (S)
Co:

- 3.1-1.1-2.1=0
3.1~2.1-1.1=0
6. (P) di qua (2;0;0); (0;4;0); (0;0;6)
- => Thi¥ 3 toa d6 vao cac dép 4n.

=> (I).(II) théa méin songsong (d,),(d,)

P& MN max thi MN=R, d phai di qua tdm cta (S)
1(-1,5,1) thude d <> "11'”‘ - 5”3” - “1’ em=21=-2

R=10=714 o
d(.d)=3 = (d) cat (S)

{i. Goi M(1+a;2-2a;0) Thay M vao (S) gidia
& -9.
. Thir dap 4n: Xem mit phing nio di qua diém M, chon B, C.

'E - Mat phing nao ma khoang cach tir tdm (S) dén mat phing d6é bidng ban
ﬁrg kinh mit ciu 13 dap 4n ding,

'%’ Tam I{-1;-2;2) ban kinh R= 3, Ta thi¥ xem khoéng cich tir I dén cic mat
hang trong dap 4n c6 bang 3 hay khéng.

V 1

- (S) ¢6 tam I(1;2;3),R =+/14

}E d(1,0xy))=3

[ = r=yR =d*(1,(0xy)) =5
;
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22. Cla giao tuyén clia mit phang (P) : x+z—2=0 va mit ciu (S):
x*+y®+2z*—4=0 tdm I(0,0,0) ban kinh R=2, vi c4 4 dap an déu c6 r gi6n
nhau nén ta chi xét dén cac toa do clia H, thir xem di€m H nio thoa man IH

vudng géc véi (P) thi thiy chi c6 d4p 4n B thda min.
23.

x=34+2¢
c6 dang < y=-2-2¢
z=1-t

» /1(P)
viet (d) {qua I(3;-2:1
Goi H(3+2a,~2—2a,1—a)e (d)
Thay H vao (P)
>>a=-2
~> H(-1;2;3)
béap 4n: D.-
24. Twong tu bai 23




Bai 4. Cac bai todn vé goc

4 Goc giira hai miit phing.

© Cho 2 mit phing c6 phwong trinh: (@) : Ax +By+Cz+D=0va
3 (B):A'x+B'y+C'z+D'=0
| - Goi @ la gbc gitra hai mét phang trén, ta cé:

|AA+BB+CC'

J(A*+ B+ C*) A+ B*+C?)
Goc gittadwong thang va mit phang
 Cho mit phing (@) ¢6 1 VTPT n va dwong thing d c¢6 1 VTCP a thi goc
nhon @ taobdi () vadla:

cos@p =

n.a

sin @ = Z——
I

|—._.

.la

. Géc gitka 2 dwdng thing:
- Cho hai dudng thang dy ¢6 VTCP u, va d, c¢6 VTCP u, thigéc nhon ¢ giita
d, va 4, la:

COSP = y=r1=
u, uzl

&% Cach tinh _ :
| Cdch 1: Tinh todn thong thwong: St dung cac cong thirc bén trén
. Cdch 2: Str dung mdy tinh Casio (Xem lai phin ki ning si¥ dung Casio)
;Vldll 1. Cho hai mit phang & : x=2y+z-4=0; B: x+y\/§ z=0
¢ . Timgéctao béi o va Stinh theo don vi d6 1a:
. Huéng dén gidi
[MODE] [8] [1] [1] M& VctA gén (L—v2:1)
[SHIFT][5][2][2][1]: M& VctB gan (1;4/2:—1)
Viét bi&u thirc tinh to4n o
[SHIFT][cos][(] [SHIFT][5](3] [SHIFT][5][7](Dot) [SHIFT][5][4][)I[:1[0

[SHIFT][hyp](Abs) [SHIFT][5]{3]D)] [SHIFT][hyp](Abs) [SHIFT][5]{4] ])]
Biéu thitc hién 18n man hinh c¢6 dang

cos™ (VctAVetB : (Abs(VctA) Abs(VctB))
Két qua la 60°.

3
o
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5. Cac dang bai
a. Dang bai géc giiva dworng thdng va mdt phang
Vi du 1. Cho dudng thdng d 12 giao ciia hai mdt phang (P):x—y+2z-2=0va
(Q): x—2z+1=0, mitphing (@) :x—2y+3z—4=0.Tinh goc taobdidva (

A.cos8 = il B. cos9=5—-J—§— . € sinrﬁ':-—l— D.sint?:é-,—\[i
14 14 - 14 14

Huéng dén gidi
M3t phing () ¢6 VIPT: (1;-2;3)

pwemgthangdce1vrera=|| = 1|1 1F =@

uwon an c au= ,

BEISHRS SRR o 2= I o
[2-6+3| 1

Ap dyng cong thitc trén ta cé: sinf =

J1+4+191+4+9 14
Péap an: C
x=5+t :
Vi du 2. Géc gita dudng thing d:{y=—2+7 (€R)va

z=4+\/§r

mit phang (P):x—-y+x/§z—7=0 la:
A.30° B.60° C. 45° D.90%
Huwéng dan gidi | L

Goi o la goc gitra d va (P), ap dung cong thitctacd:
| |Aa+Bb+Cd ll 1+("“1)1+*/—ﬂ 0
=— => o= 30

VA +1E.s‘z+c2 \/a +b2+c «f+1+2~/1+1+2 2

sing =

Pép an: A.
b. Dangbai tim diéu kién tham s6 dé' théa mén diéu kign vé géc, lﬁp

phwong trinh dé théa mdn dieu kién Vé goc.

y=1;

Vi du 3. Cho hai dwdng thing d, :— 1 _.._,=_1_l’ dz;-_ngl

a2,
L

-1
Phu'crng trinh mét phing(a) chu'ad va tao an 5 goc @= arcsm

|-x+y+z=0 B x+z=1 c.x-+_y_f+_'-2z=-3 D —x+2y+2‘3-=;0
"12y-2=0 1 y+z=2 "|2x+y+3z=4 |2x—y+2z=0

sl
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Hwéng dén gidi
Cdch 1: Tinh todn truec tiép |
Vi(a) chita d1 nén phwong trinh t6ng quat cliia(ex)1a:
ax+by+(a+b)z=a+2b
K&t hop véi didu kién vé gbc gidi phwong trinh bic 2 chivaa, b :

N2 |2(a+b) [a 0
V3 26 b +ab) 3

. R v lx+z=1
% Vay c6 2 mat phang théa mén dé la: . P4p an: B.
% ' y+z=2

- Cdch 2: Thik ddp én
""" " Hwémg 1: Tim VTCP clia d1va kiém tra sw vuéng géc véi VTPT ciia cic mit
* phéng trong dap 4an, chon dwogc d4p an B, D va C, Kiém tra thém didu kién

. khac dé loai tiép.

T

T

g ‘l’.v'-'.

% Hwéng 2: Tim diém thudc d1 va xem né c6 thudc cdc mit phang trong dap
- 4n khong, sé chon dwoc B, C. Khi d6 k&t hop thém digu kién vé géc dé loai

| dapanC, |

L BAI TAP Ty LUYEN

31. Cho dwdng thing d 14 giao cua (P): x—y+z—2= 0va(Q): x—2z+1=0, mat
}: phing (@) :x—2y+z=4=0.Géc @ tao bdid va (&) théa min:

; Asing=Y2L B. sin 6= C.sinf=——D.sinf=—

| 14 V3 3.3 6

2 Cho dwdng thing 4 : e Wi

va mit phing

-2
(@) :x+y=2z+3=0.Goctao boid va (@) 1a:

A 60°  B.45° C. 30° D. 90°
- x=1+2¢

3 Trong hé truc toa do Oxyz, cho du’b’ng thang: d:{y=-1+3¢ va
z=2=1
(@) :3x—y +7~1=0.58 do clia gbc gilta d vi (cr) biing: (chinh xAc té1 phiit)
A.9°16' B. 16°12" C. 16°15"' D. 16°20"
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2x—y+3z-1=0
x—y—z¥2=0 o
(@):3x—y+z—1=0. S6 do ctia gbc gitta d va (@) bang: (chinh x4c t&i phut) -
A. 16°14" B. 16°12" C. 16%15' D. 16°20"
5. Cho dudng thang d trong hé truc toa dé Oxyz c6 phuwong trinh

x-1-2 = 3’;1 = zjgz.(}gi ¢ la géc nhon tao béi d va truc Oz. Gia tri clia ¢ 13:

4. Trong hé truc toa dd Oxyz cho dudng thing d :{ va

T /n T :
A = B. = €~ D. Mbt gia tri khj
6 3 4 S e
- 6. Cho dwdng thing d, 12 giao ciia hai mit phingla (P): mx—y+z-2=0v3
(Q):x+2y—z+43=0; d,: ¥=2.-Y_ 2F1 oo o ag d Ld,.
. m 1 m-2
3+4/17 -3+4/17
A m=- B m=——_
4 9
J17 £3 —3+17
Cm= _ D.m=—""—0
4 | 4
7. Cho (@): (a~2)x+2(a+3)y~(a* +6)z+2a*+2a+6=0 vi
x=1+3¢

A: y=z—%z (teR)
z2=3-t¢

Gia tri ctia a dé€ géc tab boi A; () bang ¢ = arcsin%: -

2+ + oy 2+
A_a:-._z-'__'&_@: .B' a:j;_é\/_ﬁ., C. a=-=2 : D..a=._.2;_7.\/1f_‘_1_.:

_ x=1+3t -

8. Cho (ar):(a—2)x+(2a—-4)yj—2'--_ls—2d2+2a+6=0 VaA: j:z—%r (te H&j
| | z7=3—t

Gia tri cha a dé géc fao- béi A; (.d’j bﬁng ¢?=. arsingﬁ.

Aia=-1 . - B.a=0 . C.a=2 D, D3p 4n khéc .
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Phuong trinh mit phing («) vudng géc OM tai M biét OM =2 va OM

o véi ba truc Ox, Oy, Oz an lwot tai cAc goc bing 60°,45°,60° 1a :

A VBx+2y—/3z-8=0 B. V2x+ y++2z-v2 =0

C. x+x/5y+z—4=0 D. x+«/5y+22—4=0

). Viét phwong trinh mit phéng di qua hai diém A(0,0,1) va B(3,0,0) tao véi
‘mét phang Oxy géc 600,

A x+26y+3z=3 B. x=26y+3z=3

Co xx5y+3z=3 D.x=8yk3z=3

. Trong hé truc toa dd Oxyz cho b6n diém

A(3,-1,0); B(0,~7,3); C(-2,1,-1); D(3,2,6).Cau nio sau day ding?

A. ABCD 1 mét tit gidc B.ABLCD

C.AD L BC D. DABC 13 ti¥ dién trwc tim.,

. Cho hinh lap phwong ABCD.A’B'C'D’ biét A'(0,0,0); B'(a,0,0); D'(0,a,0);
a>0,Goi M, N Ian lwot 13 trung diém AB va B'C.

a. Tim phuong trinh mat phang qua M va song song véi AN, BD’
(theo tham sé a) ' |

A. x+4y+3z——-??a=0 B. x—4y+3z+22£=0

B. ~x+3y+4z¥7—;=0 : D. —x+3y+4z+Z§?=0

b. Tinh thé tich ti¥ dién ANBD',

3 3 ) 3 3
K B. L G- p. =
12 6 N 4
¢. Tinh géc va khoang céch gitra AN va BD',
A qo—arccr:a&l B (‘v—arc:coﬂi
o 9 ' - J3_
C. ¢=arccos— D. ¢ = arccos—=
5 3 ? 33
3. Cho trong hé truc toa d6 Oxyz, mét hinh l4p phwong OABC.O’A'B’C’ c6
A(a,0,0);B(a,a,0);C(0,a,0);0'0,0,a).
Cosin ctia géc gilta hai m3t phang (AB’0’) va (C'OB) Ia: .
A. % - B.1 ¢o D. li-a-
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PAP AN VA HU'O'NG DAN GIAI

1.A 2.C . 3.A  4.B 5.A “6.A
8.D 9.C | 10.A 11.D 12a.A 12b.A
13.B
Lo, =[n,n, |= (23]
. LT?: V21
Sinf =f—0r—>L =
| ]
bap an: A.
2, |
(d.(a) = l“n' L. Pap 4n: C.
sin (¢4 e ap an:
e Inal 2 P
3,
sin(d, (a'))-l_. — "15 = (d,(@)) = 9°16'
B N ) |
4.
}:(2;—1;3),23’(1;—-1;—1) ->Z§:[}.B]=(4;5;-1)
_;;n . J
sin(d, (@) = l_f 462 16712 P4p 4n: B.
u,l.n, 77
5.
u,, =(0;0;1) NE)
— =cos(d,0z)=—. Pap 4an: A
6. S
udl [ m,u(g}] (-1 m+] 2m+I), (d) 1, )::>ud My, —0@?11"3#{
Bép an: A
7

o7 o9

, ”’T’ 7.\/(4.%—2)2"-5-4.(a+3)2-i-(czz+¢5)2

sin @ =
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e \/(a--z)2 +4(a+3)" +(a’+6) =[a? - 9|

_  pa S
& 35a° +20a-5=0 @a____?_?_x/_l—_‘_]"

bap an: D.

1 35

. Twong tw ciu 7, Ta cé: 5 =
| E\j(a-2)2+4(a—-2)2+1 2

16

~2)* +1=
“8e=2) 2205

(#6 nghiém)
- Dép an: D.

- C6 d(0,a) =2 = C théa min.

Dap an: C,
0. _
(P):ax+by+cz+d =0 (a*+b* +¢? =0)

d=—
(P) qua A,B:>{ ¢

c=3a

& | Py
Vo +b*+2.1] 2

& 3¢ =a* +b?

& 264° =b?
Chon a=1=>b=+/26 :>(P):xi\/2_6y+3z=3_
Pap 4n: A. | |
1.

COS((P)! (OKYD' =Cos 600 =

AB = -3;-6;3) — —
P61 Dép an: B.
CD =(5;1;,7)

12. Cho a =1
-~ B'(1;0;0), D'(0;1;0), A(0;0;1), D(O; L1, C'(1;1,0), B(1;0;1)

—am(i;o;lj, Nﬁ(i;}—;o)_ |
» V2 2

S ol




12a,
AN =(1;%;—1J,E"= (=11 ~1)

n, = [Eﬁ,fﬁ] =(%;Z;%)

— (P) qua M [%;0;1] cé dangx+4y+3z ——%=0
Dap 4n: A.

 12b.
AB =(1;0;0), AD' = (0;1;-1)

>V =%":AB, AD | .AN’ e é

Pap 4n: A.
12c.
cos(AN, BD") = [AN-BD]_ V3
- ANBD 9
Pap an: D.
13.

Goi P(O;O;b)e Oz
rany =| AB.AP | =(ab;ab;a®)

n

" Chon 71 = (b3b;a)

In{PAH)'n_va. 4|
cos((PAB),(x0Oy)) = — =
( ) | Mo .l%] Ja? +2b% 1
=b=— |
2
AO =(—-a;0;0)
: .a'.’u

Ve.ous =%{AO.[AB,AD]|£ ol |
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CHU'O'NG VII. TU DUY GIAI NHANH PHAN SO PHU'C
Bai 1. SO phirc va cac khai niém

Dang dai s6

S6 phirc c6 dang z = a+bi(a,be R) dwoc goi la dang dai s6 clia s8 phirc z.
Trong dé a dwoc goi 12 phin thwe va b 13 phin 4o ciia s6 phitcz.
Ta c¢6 cac khai niém sau vé s8 phu'c

- S6 phitc thudn do (s6 40) néu a = 0, thuan thuc (s6 thuc ] néub=0,s60
vira la s& thyc vira 1a sé thuin do.

- Hai s8 phitc bing nhau néu phan thyc bing nhau va phin 4o biing nhau.
- S&phiclién hop cla z =a+bi (a,be R) dwoc ki higula z

z=a-bi;, z+2z' "'z-i-z gx'=gz'

- S8 phitrc nghich ddo ctia z =a +bi (a,be R) 12 5
z

- Modunclia z=a+bi(a,be R): |z| =+ a® +b*
[0 N fe] I_|T_

Vi du 1. Cho s6 phitc z théa man (1+i)’ z=2—4i. Tim phan thuc cia z 1a:
A -2 B.—-3 o s D. 2

Huwéng dén gidi '
Dung mdy tinh Casio chuyén sang mdi trudng phu'c (MODE + 2) .

(z atO)

Nhap biéu thirc ==

dwgc két qud z=—2—i
(1+z) :

Pap an: A.
Vidu 2. Cho

z " o e . Sl
3‘_ =5+i, médun ctia s6 phitc w =z* +z la:
- e

A. 3426 B. 13166 C.3J626 .  D.13J626
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Hwéng dén gidi

Cdch 1:

Tac62z3 =5+i=>z=13— 13:=>w—(13 ~13i)° +(13+13i) =13-325;
-

Vay |w|=v13*+325" =13./626 26 . Dép 4n: D

Cédch 2:

Bim may tinh MODE 2 (du’a vao mdi truwomg phikc), nhip (2~ 3:)(5 + ;)

= z=13-13i, sau dé gidn-cho A rdi bAm Shift Abs

(A® +conjg A) —»= 13\[6.2& (bdm shift 2.d€ xuit hién conjg - 14y s8 phu'c lién

hop)
Vi du 3. Cho sé phircz =3-2i . Phén thyc va phﬁn 4o clias6 phu'cw =iz—z lar

A. Phin thucla —1, phdnd01a -1 B.Phinthwcla —1,phindola 1

C. Phanthycl1a —2,phindolal D. Phin thyc 1a — 1, phin do la 2

Huwdéng dén gidi
Diing Casio nhap biéu thirc i(3—2i)—(3+ 2i) ta dwoc két qua ~1+i.
Dap an: B. |

Vi du 4. Cho s6 phirc z théa mén (1-2i)z +11_T3I =2~-i,Phin do ciia s6 ph&
i

W=Zd= la:
2+ 20
10 8 3 5
Hwéng dén gidi
Bitn d6i 7=—1%i_ i LA
12
e 1= 1 7
Dung Casio nhap biéu thivc | 2—i— l:(1-2i)==+—i gan cho A.
1+ - |
Tiép tuc dung Casio dé tinh w, nhip biéu thirc A+ *—-—1————
_ : | conjgA+2i
7y -:1
DWE———
10 10
Pap an: A.
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pririe

I. DPang hinh hoc
Cho s phttc z =a+bi khi d6 ta cho twong trng mbi s6 phitc z véi mot diém
M (a;b) trén mit phing toa dd Oxy. Diém M (a;b) dwoc goi 1a diém bidu

dién s8 phitc z=a+bi.

Ta cé mot sd cic tinh chit sau:

- M biéu di®n s6 phirc z, M’ biéu dién 7z’ khi d6 MM '=
- Céc di€m trén truc hoanh biéu dién s8 thuc, cac dién trén truc tung bidu dién

: s6 do. Mt phang Oxy bifu dién cac s8 phire dwoe goi 1 mit phing phitc,

Vl du 1. Tap hep diém M biéu dién s6 phu’c z thoa mén ]z 21+1| -|zz+z —-1’ la:

L
i
a5

w3
¥
g
£
B
b
e
£

8-
¥
i
i
&

i

A. Prabol: y=x*-1 B. budng thing: x—1=0
C. Prabol: y =2x* D. budng thang 2y-1=0
Huéng din gidi

Cdch 1: GQ] M (x; y)biéu di&n s& phitc z
:>|x+yz-21+1|=|z X+ yi +:—I’

& (x+1) +(y=2)" = (x+1)’ +(-y-1)

& 2y-1=0 |

Cdch 2: |z|=|iz|=|~iz| = |z—2i +1|=|z+1+ nén M nim trén dwong trung
trwc cua AB v&i A(-1; 2) va B(-1;-1) nén trung diém AB thudc tap hop cin
tim, tir d6 ta thdy chi c6 dap an D théa mén.

Pap 4n: D.

_Vi du 2. Tap hop dlem biéu dien s6 phirc Iz 1+z| IHary=2x-1"
5;__ ‘A. Parabol y=x? |

B. Pudng thing

C. Pwdng tron tAm I(1; -1). B4n kfnh R=1

D. Duwong tron tdm I(-1;0) vaR=1

Hwéﬂg ddn gidi
Goi M{x,y] la diém biéu dién sé phtic z.

[+ yi—1+i =1 |(x~ D+i(y+D| =1 (x—D* +(y+D)* =1
Pay 1a dwong tron tAm 7 (1;— 1) bén kinh R = 1. '
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Vi dy 3.Trong mit phng phitc cho tam gidc ABC vudng tai C. Biét rang A, B
in hrot bi€u din cdc s6 phive: & = 2T 42 ==2=21 gp; 46, C bidu didn
s6 phitrc: ¢
A z=2-4i B. z=-1-2i C. z=1+i D. z=-2+2;

Huwéng dén gidi TRy

Ta c6 do A, B lan lwot biéu dién cic s6 phitc z; =—2+4i,z, =—2—2i nén

- A(-2;4); B(~2;-2). Goi C-(x;y) cb AC(x+2;y—4); BC(x+2;y+2)khi
d6 tam giac ABC vudng tai C

&> ACBC =0 (x+2)" +(y—4)(y+2)" =0(¥).

Khi 46 ta xét (x; y) ={(2-4),(-1-2).(1;1), (-2 2)}1a toa db diém C twong

rng v&i cadc phwong 4n. Nhin thﬁy cdp (1; 1) thda man (*).Pap 4n: C.

IIL. Dang lwong giac
S8 phitc z = r(cos @ +isin @) trong dé r>0 dwoc goi la dang lwong giac cta

s6 phirc z#0. r=|z|.
z=r(cos@+isin@);z'=r'(cos @'+ising"
z.z2'=r.r'(cos(@+@") +isin(@+@")

~§=—.’4;(cos(¢——¢>*)+fsin(.<a-¢')) (z'#0)

Z" =r"{cos(ne) +tsm(ngo))

Vidu 1: Tim dang lwgng gléc clia s6 phu'c sau z=1+/3i
Huéng dén gidi

2

Cé 2 cach, v&i cach thong thudomg tacd z= 2[-;— +-—\/~§—’- iJ = Z(c:os%-f— i sin%
Str dung chi¥c nidng Pol dé tim mddun va argument clia 1 s6 phire _

Viy dang lwong gidcclia z =1+ J3ilaz= 2(005 -3”- +isin %) |
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sin17° +icosl7?

- Vi dl_l 2,56 phitrc z = —— c6 dang dai s§ 1a:
: | cos28’ +isin 28° _
2 2 2 2
Huwéng dén gidi

Bam Mode 2 d€ vao méi trudrng phitc.
Str dung cdc phép toan trong méi trwong phirc bang (SHIFT 2) de glal toan
Cu the ta co cac thao tac trén Casio sau

L ORI B D Math A (i
~Einti7) +:. GOS { 1‘?b
- COS(ZB)+iSin(28"
0.7071067812+0. }

Bép an: D.

I BAI TAP TY LUYEN |
{ 1. Tim modun clia s6 phitc théa mén didu kién z—2z =3+4i

A Y7 B. /5 ¢ p, 35
3 2 4
{ 2. Mddun ciia s6 phirc z=1-3ila: |

A5 B. V10 ILE%E" | ll%?
3. Cho sé’IphL’rc z=2+i. Médun ctia s8 phirc w = z° ~11a:

A5 B. 245 (LZ%E- 113%5

Z
i 4. SO phttc z théa min —— =z——{3+i}1a:
P =P i 2( )

 Az=4-i B.z=4+3i ~  Cz=4-2i  D.z=4+
5. Cho s8 phitcz théa méin: (2+i) z =4—3i.Mddun clia s6 phirc w =iz +27 :
A 22 B4l ¢.v32 D5

6. Cho s phircz thda mén (1+7) z+2z =2.Mddun clia s8 phitc w =z+2+3i l:

A9 B.5 C.4 D. 3
7. Tinh (1+i)*™ c6 két qua la:
A -2 B, ol C 2% D, 2%
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8. Tinh can bac hai s6 phirc z =8+ 6i két qué:

A.[z] =3+ | B. I:Zl =3—f. C. [ZI =—3+I D. [:Zl =3~ |

z, =—3—i 2, =3+i 2, =3—i 2

9. Tinh (1+1)2006 k&t qua: "
A- 22003 i B. __2-2003 ll c- 22003 D. _220{}3

10. Céc ménh d& sau, ménh dé nao sai.
I. Cho z 14 56 phitc z = a+bithi | z =l z |
IL. z,,2,1a hai s6 phirc thi |z,.2,)| =|z].|z,]
I1I, Hai s6 phitcz va z lién hop véi nhau thi (zg) =z P

IV, Cho hai s phirc z,, z, thi arg(z,.z,) = arg z,.arg z,
A.l B.II C. 11 D. IV
11, Trong cac s6 phirc sau, sé nao Ia s6 thuec:

A. (S3+i)=(v3-i) B. (2+iV/5)(2-iv5)
V2 +i D V2-i |
V2-i "2+
12, Cho s6 phitc z #0. Biét ring s6 phtrc nghich dao cla z bing s phikc lién
hop ctia né. Trong céc két luan nao ding?

C.

A ze R B.z 13 1 s6 thuin 3o
C. |4=1 D. |z]=2
13. Téng i* +i**' +i*** +i*** béng:
A i B. —i C.1 - - D.O

14. Cho s6 phitc z=2~2+/3i.Két ludn nao sau day la sai?
A. S8 phirclién hop cliaz1a2(1++/3i) B.Mbt cin bac hai cliazla V3—i .

¢ L_Bi+1 | D.7 =64
oz 8 :

15. Cho hai sé phitc z,=2- J3i, Z, =4+ 3i . Lwa chon phwong 4n ding

Alg+3[28  Bly-z|=5V7T  Clg.z]=5 D. _jl_m_w{_j_?_
| bl
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6. SO phirc nao sau diy ciling la s§ thuc?

1-2i 1+2i o 14+2i 12
A z= + B. z= -

3—-4i 3-4i : .« 3—4i 3+4i
D. z=1_,2!,—1+2l C. Z=1+2z+1—-21.

3—-4i 3+4§ 3—4i 3+4i

7. Cho hai s6 phitc z, =1+1i,z, =1—/. K&t luén nao sau day la sai?
?:1’ B.z,+z,=2 C.JZI.Z2|=2 D-IZI—ZZI=\/‘5
8. Cho hai s6 phtrc z, =4+3i,z, =—4+3i,2, = z,.2,

Lwa chon phwong 4n diing

A. zzg 13.,:53_-—=|-zl|2 Cz+z,=2+2, D.]z3|=25
9, Tim ménh dé sai:

_A.|—z_|=0¢rz=0

B. Tap hop diém biéu dién cac s6 phirc z thda man didu kién |z]=1 13
dwdng tron tdm O, ban kinh R =1
C._zl. =2z, =)|zl| =|z2\
D. Hai s8 phirc bing nhau khi va chi khi phin thwc va phin 3o twong trng
béng nhau,
1 20. Trong mit phang Oxy cho diém A biéu di&n s8 phitc z, =1+2i, B la diém
: ~ thudc duwong thang y = 2 sao cho tam giéc OAB can tai O. B biéu di&n s6

phirc ndo sau day: " | L
 A.z=-142i  B.z=2-i C.z=1-2i  D.z=3+2i
21, Tromg mit phéing phikc cho hai diém A(4,0); B(0,~3) Piém C théa
. main O_C.="C‘ﬁ+b_B. C bi&u di&n s phirc: |
A.z=4-3i - '- - B. z=-3+4i
C.z=4+3 D z=-3-4i
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22. Cho céc két luan sau, két ludn nao sai: .
A. Hai s6 phtrc z,,z,¢6 |z,| = |z2| thi cic diém z,, z, biéu dién trén mit phﬁn

phitc cling ndm trén dwéng tron goc toa do.
B. Phan thyc va phén 4o cia s phirc z bdng nhau thi z nim trén du‘frhg
phén giac géc phan tw thit nhit va thi ba.
C. Cho hai s8 phtrc u va v va hai s phirc lién hop u va v thi ww=vu
D. Cho z, =a+bi,z, =c+dithi zz, =(ac—bd)+(ad +bc)i
23. Trong mit phang phitc, goi A, B, C lin gt 1a cac diém biéu dién clia cac
s6 phitc z, =~1+3i, z, =145}, z, =4+i. S6 phirc v&i diém bidu didn D sa

cho tir gidc ABCD 1a m6t hinh binh hanh la: -
A. 2+3i B. 2-i C. 2+3i D. 3+5_a' -

24. Biéu di&n s6 phtrc sau duéi dang lwong gidc z =1—+/3i két qua:

A.z =2(cos£+fsin£) B. z=2[c0s—£+isirl—--fE |
' 3 3 3 3

C.z= 2(—cos£+isin-—'£ D.z=2 cosz—isin-z
3 3 3 3

25. Cho z, =3(cos15° +isin15%), z, = 4(cos30° +isin30°). Tich z.z, bing: -
A 12(1-0) B. 6V2(1+1) C. 3W2(1-2i) D. V2(2+i)

26. Cho z, =3(c0s20° +isin 20°), z, = 2(~cos110° +isin110°). Tich z.z, bing:

» " 10 ke
27. Biéu dién z= (\/3_’—5) dang lwgng giac la:
A2% [cos—5—+zsxn jﬁ) B. 21" [coss—x-i-isins—x]
- 3 3 2 B

C. 2“’(cc}s—ﬁ{{ﬂ‘sm—lo—jr D. 2“’ coleer  sin 10”)
a2 3 TS 3 ]

DAP $6 VA HUONG DAN GIAI
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z=a+bi(a,be R) = z=a—bi; z—2z=3+4i & —a+3bi =3+4i

- |la==3
P 4 =>|z|=1f3"+E=—‘{~_gl.
b=-— 9 3

3
Dap an: A.
. 2=1-3i=|z|=1+9 =10 = Pép 4n: B.
3, w=2"—1=(2+i)' -1=2+4i;|w|=4+16 = 2/5 = P4p 4n: B.
4.Gol z=a+bi (a,be R) = E=a—bz’
z-_— 4 'ﬁ(a+b1)=(a—bi)——3-—}-i
1+i . 1+i Z 2

a=4 )
ﬁ{b—l = z=4+i = Dép an: D.

=4—3i
2+i
:>|w|=\/ﬁ = D4p 4n: B.

=1-2i = 7 =14 2i, w=iz+2z =i(1—2i) + 2(1+2i) = 4+5i

« 2

. z=a+bi(a,be R)=> z=a—bi;
(+i).z+22=2 & (1+i)(a+bi)+2(a—bi)=2

b=+1
Pap an: B. :
E 7. (1) =[(1+z)2]2°“4 =(2i)"" =2" = D4p 4n: B.

=+1
@{a = z=1+i = w=(1+i)+2+3i =3+4i,|w|=v9+16 =5,

#9. (1 + l')ZEI()(S - |:(1+ i)z ]1003 ” (2f)1003 5 21003-!.[003 = 71003 (""'i)

Dap 4n: A.
¢ 10.1Vsaivi: arg(z.z,) =@, +@,;arg 2,218 2, = (.0, Pap 4n: D,

j_-11. Thély dép an B : (2+/5)(2-iv/5) = 4+5=9 = D4p 4n: B.

12 z=a+bi(a,be R): E=}—4=;a—bi='
: Z a+bi

i —ea’ +b’ =1e|=1.
" Pépan: C '
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13, i+ +i**? i = (1 +i+i* +i*) =0 = Pap an: D.
14.Pip4nDsaivi: 2’ =(2—-23i) =—

15. z,+z, = 6+(3—ﬁ.)_s =z, +zz|_=\/36+(3_@)2 <8=>Asal

% -2, %—2—(3+\/§)i:>l’z1—-zzl=\/4+(3+\/§)2 #5/7 = B sai.
2,2, =8+3V3 +(6—43)i = 2,.2,| # 5= C sai.

5 _2-V3i_8-33 6+4V3. _|z|_+7

A =—=>D ding. Pap an: D.
z, 4+3 25 P P & 2ap

1+2i I e

_ 3*45 3+4i 5 :
17. Thi¥ cAc d4p 4n ta thdy & dap 4n D: z, —z, = 2i; |z, -2, =2. V@ydép énDsan
Pap an: D, : ;
18. Thir cdc dép 4nta thdy D z, =7,.7, =~25=>|z,[ =25 = Papan:D. =
19. z; =z, :>Iz,|'“|z2|la dang, ]z,|_—|zz|=> z; = Z, 12 sai. Vay d4p 4n C sai =

Pap an: C.
20. Diém A(1;2); B thudc dwong thing y=2=> B(r;2)

OA=(1;2); OB =(r;2); AOAB can tai O = OA = 0B & 0A” = OB’
t=1 (loai)
t=-1

= B(-1;,2)= z=-1+2i=> Dap an: A.
21. OA=(4;0);0B =(0;-3); 0A+ OB = (4;—3) = OC = C(4;-3)

= z=4-3i = Dip an: A.
22, 7.z, = (a+bi)(c+di)=ac—bd + (ad + bc)i ..—->z1 .Z, =ac-bd —(ad +bc)1

= Pap an D sai= Péap 4n: D : > g !
23. A(=1;3); B(L:5); C(4;1); D(x: )

AB=(2;2);DC =(4-x1-3y)

ABCD1a hinh binh hanh & AB=DC

4—x=2 x=2
= =
{1—y=2 {y:—l

=>z=2-i

= Pap an: B
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16. Thir cacdap antathdyDtac6: z= = Dap én' D.
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4. z=1-3i=2 l—ﬁz =2 cos£+1sm < — ChQHB.
2 2 3 3

5.z,.zz=3.4(003(15“+3O°))+:‘sin((15“+30°))-—12[£+z£} 632 (1+4)

=> Chon B,

(Vi cos70° = —cos110°;5in110° =sin70°)
= Pap éan: C

\10 ' | r o
e (] {2
S [in-']—}—isin(—_sx)"' ‘

W\ 3 3

bap an: A.
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Bai 2. Phwong trinh trén tip sé phirc

L. LY THUYET
1. Can béc 2
@ duoc goi la cin béc 2 cta s6 phircz & @* =z
Vidu: (2+3i)" =—5+12i. Vay—5+12i ¢6 2 ciin bic 2 Ia
@ =2+3i0, =-2—-3f

Lveuy: ze R
+)z>0 thizc6 2 cinbic21a vz va —/z
+}z=0 thizchicé 1cinbic2120

+) <0 thizc6 2 cinbac21a \izlva - z|
Vidu 1. Céc can bac hai cta s6 phitc z =21-20i 1a:

A.5+2i va =5+2i B.5+2i va -5-2i
C.5-2i va —=5+2i D, =5-2i va -5+2;
' Hwéng dén gidi

Cdch 1: Goi x+ yi (x,ye R)1a mdt cin bac hai ciia z.

2 _ 2 _
Ta cé6: . 1 [
2xy==20 (2)

2)ey =—£. Thay y =—-I—Q vao (1) ta duoc
i #

x’--liz.(—’=21 & x'=21x*-100=0 & x> =25 x =45
X S

x=Dy==2;x==5=y=2

Pap én: C. :

Cdch 2: ST dung chirc ﬁ‘a‘mg Pol trong Casio chuy&n z =21-20i v& dang
lwong gidc. Ti€p dén sir dung phim Rec dé tinh cin bac 2 ta dugc:

028

Anbic21a w=5-2i.

Vay z=21—20ic6 1 c
Pép an: C.
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Truwdng hop 1: A =0=> (1) c6 nghiém képx, =x, =;—b
a

-f?f_ Tru'o'ng hcrp 2 A - 0 e (1] luon cb 2 nghxgm phén blét

g{__ % = —b—0o . =b+o
o AT R T
¢ Taclng xem lai 1 vf dy trong phin K1 niing casio

;rVi du 2. Cho z,, z, 12 hai nghiém ctia phwong trinh

X+ 2(1+D)x+5—10i = 0. Tim ménh dé sai trong cac ménh d@ sau:
. & +£2___66+81

T
A 5E

- Buéece 1: Tim nghiém z;, z,
' + Tinh c&n bic hai clia A"’
;. =COA'=({+1)>=5+10i ==5+12i

i .Sk dung chitc nédng Pol dé" txm médul vél argument cia A

A z +z; =—10+28i - B. L

- & Z 25

. C 7 +2) =106-46i D. 7,7} + 2z, =~30+10i
f‘ Hwdng dan gidi

Ll s S ot

nhz’ip ?f* —

Vay phu'crng trinh c6 hai nghiém la
' =—(1+1)+2+3: =1+2i

2, =—(1+i)—=(2+3i) =—3—4i

Do ta dang cin tfnh can bac 2 nén nhap VX ,— néu la can bac n thi ta sé



Tagan z;, > A,z, —» B
Khi d6 ta tinh ting dap 4n
Azl + 2z} =—10+28;
bBugc két qua diing

A, % __66+8i
Z, z 25
Duoc két qua

Dap an: B.

BAI TAP TU LUYEN.
1. Goi I3 2 nghiém phikc ctia phwong trinh 2(1+z)z -—-4(2—:)2 5~ 3: '

Tinh A—lz,l +|22' duoc k?.'ftqué Ia:

A.9 B. +21 C.8 | D. 22
2. S8 phtrc ndo sau day 1a nghiém clia phwong trinh z?—z+1=02?
V3 1 1 i fF 1
Az=1-Y2y g -2 2 Cz=—-2"i D, z==-3;
FETg =2t HET T "t
A+i)x—3y= .
3. Hé phwong trinh:;. , . conghiém Ia
| x+i(1.—1_)y=f—z
(io1=2 1-2i 1+2i N
A. > Bl 5 C. 3 D.
_1-2 o142 1-2 _
*—-—5 | 5 & “—"—*5 b
4. Nghiém ctia phwong trinh 7% ~27+1—2; =0la: - Vi ey
z,=i—2 =i+2 L=i+2 Z=2=i
A {Z' % B {z’ P { Sl D. { oy
|2, ==i Nz, =—i |z, =2~ 2, ==




5 Cho phuwong trinh z*-2=2i(z-2).Goi z, z, lan lwot la hai nghiém cua
phwong trinh, K&t luan nao sau day la diang? -

A P4z =8+4i B. z2.2,°=4

" C.z°+2z,°=-8i D. z’z,+2,°2,=32+16i

. Giai phwong trinh (3+4i)x = (1+2i)(4+i) c6 nghiém la:

45 19 44 19, 42 19 41 19
B B. —+—i C. —+— D, —+—
25 25 25 29 25 25" 25 25
Khai can bac hai sé phirc z=-3+4i ¢6 két qua:
z,=1+2i z, =1+2i z;=1+2i iz =—1+2i
A. . B. . C. ) D .
Z, =1-2i =—1-2i Z, =—1+2i Z, =—1-2i
. Phwong trinh 3z> —6z+15=0 c6 nghiém phic la:
A z=1+2i va z=1-2i B. z=1+2i
C.z=2+2ivaz=2-2i . D. z=2+2i
. Lap phwong trinh béc hai ¢6 hai nghiém a=4+3i; §=-2+4i cb két qua:
A 22 —(2+4i)z—(11+2i)=0 B. 22 +(2+4i)z—(11+2i)=0
C. 22 —(2+4i)z+(11+2i)=0 D. 2 +(2+4i)z+(11+2i)=0
0. Gidi phwong trinh 2x* +x+1=0 c¢6 nghiém la:
1 ; | U .
=Z(-—1—ﬁz) x, —Z(1+\/:fz)
A. L B. )
:Z(_1+ﬁi) E =Z(1—ﬁf)
1 , -1 .
c xl=Z(—1+sf7_£) 5 xl=z(1—ﬁz)
1 ' 1
; =Z(1‘—ﬁl) : ) ‘xz =Z(—1—ﬁl)
1. Phuong trinh x* +(2-3{) x~6i =0 c6 nghiém la:
4 [, =3 ” x, =—3i | " 'x1=—2+3:'. b, x1=2—3i.
| x, ==2 x, =—2+3i | x, =—2-3i" X, ==2-3i
12. Phuong trinh bac 2 ¢6 2 nghiém x, = a+bi;x, = a—bi 1a:
A.x* +2ax+a’ +b* =0 | B. x* +2ax+a’>—b*=0
C.x*~2ax+a’+b> =0 D. x* —2ax+a’-b* =0
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13. Cho z,,z, 1a hai nghiém cta phuwong trinh: x* +(2—i)x+3+5i=0 , ¢4
ménh dé sau, ménh dé nao ding: '

: 94+27i
A 72 +72=-3-14i B_.z_l+ﬁ=_7 u

2 % 14
C. z +2z; =—(53+46i) D. z{ +2} =—155-24i

14. Phuwong trinh bac hai c6 hai nghiém z =342/ va z, =2+3j 1a:
A.z*—(5-5i)z+13i=0 B. z*—(5+5i)z+13i=0
C.722—(5+5i)z~13i=0 D.z*—(5-5i)z~13i =

15. Nghiém cua phwong trinh z3-8=0 1a:

[z, =2 : =2

A. |z, =1+-/3i B. |z, =—1++/3i
z, =1—/3i _z3=—1—\/§i
(7, =2 _ g, =2

C. |z, =—1++/3i : D. |z, =1++/3i
z3=—1—~/3_’i z,j=1—\/_3-i

16. Trong C, phuong trinh z*+4=0 c6 nghiém la:
A. £(1-9), £(1+0) B. £(1-2i), £(1+2i)
C. +(1-30), £(1+3i) D. £(1-4i), £(1+40)
17. Cho phuwong trinh z® +bz+c=0. Néu phuwong trinh nhin z=1+i Iam

mét nghiém thi b va ¢ bang:
A.b=3,c=5 B.b=1,c=3

C.b=4,c=3 D.b=-2,¢c=2

18. Cho phwong trinh z* +az? +bz+¢c=0 Néu z=147 va z=2 1a hai nghxem
ctia phwong trinh thi a, b, ¢ bang: :

A.a=—4,b=6,c=-4

B.a=2,b=1,c=4

C.a=4,b=5,c=1 D.a=0,b=-1,c=2
PAP AN VA HUO'NG DAN GIAI _
1.A | 2.¢c [ 3A|4B|5c|6cCc| 7.B]|8A]| 9.A10A
11.A | 12.C | 13.A | 14.B [ 15.B | 16.A | 17.D [ 18.A |
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200+1).2* =42 ~i).z—=5-3i =0

1 1
4=7373

Sir dung Casio ta tinh dwoc: 3 s
7y =———i

2 2

= |zo[* +|z,| =9 = Dép an: A.

—-z+1=0= 2 2 ( Str dung may tinh Casio)
1 3,
y = ———1
2. 2
= Dap an: C -
1+i)x-3y=i
W )r-ay = 3y—(1-)(A+i)y=i+i(l+i) = y=L2;
x+(l=-Dy=—i . 5 5
; ; 1 2, o«
:>x=—z-(1—1)y=§-—-§z = Pap 4n: A.
775 —27+1-2i=0,
= . , Z]=l'+2 5
- Str dung Casio ta cé: . = Dap an: B.
: zz=—[
Phwong trinh & 22 =2iz+4i-2=0
‘Theo dinh Iy Vi-et, ta c6: 7, + z, = 2i; 2.2, =4i—2
Thir d&p 4n thdy C théa min,
: 1+2i)(4+i
=( I)( £)=-4—2+12£=>Dépénzc.
3+4 25 25 .
St dung Casio ta ¢é (1+2i)° =-3+4i = Pép 4n: B.
| : 2 - z=1+2i W |
Str dung Casio ¢6: 32> ~6z+15=0< {—0; = Dép an: A.
z=1-2i

&+ ff=2+4i; @ f =-11-2i = Phwong trinh cin lap: .
£ ~(@+ Pr+ af=0 e 7 ~(244) -11-2i =0
I >bapan: A
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10. Sir dung Casio ¢6: 2x% + x+1=0 & 4 4 = pipan:A
__1_47,
4 4

- 11. Dung Casio thir cic d4p 4n thdy x =3i vA x=—2thda man = Dip 4n: A,
12, x,.x, = a’ +Ia'2;x1-.x2 srdy
Theo dinh 1y Vi- ét thi x,, x, 1a nghiém ctia clia phwong trinh:
X =2ax+a*+b*=0
Pap an: C.
13, Theo dinh ly Vi- ét z,.z, =3+5i;z + 2, =i—2

Thay vio cic dép dn thdy: z° +2z,> =(z, +2, )2 -2z,z, =—3-14i
= Pé4p 4n: A. '

14. z, +2z, =5+5i;2,.2, =13i
Phwrong trinh cin tim: z* —(5+5i).z+13{ =0 = Dép 4n: B.

15. Str dung Casio=> Pép 4n: B.

16. Thit cdc ddp an ta thiy A ding= DPép an: A.

17. Thay z=1+ivao phwong trinh:

| (1+i) +b(+D)+c=0b+c+(b+2)i=0

b+c=0 =—2
= =
b+2=0 c=2

= Pap an: D.
18. Thay z =1+i va z =2 vao phwong trinh:

8+4a+2b+c=0 22;4
(A+0) +a(l+i +bA+D)+e=0 | _ "

= DPép 4n: A.
Cdch khdc: Thay a,b,c trong cac dép 4n vao phuong trinh va tinh nghi¢gm
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CHUO'NG VIIL. PHUONG PHAP TU DUY
GIAI CAC BAI TOAN THY'C TIEN
1 . C4p s6 cong u,u =u +(n—1yd.
| Téng clia n s hang dau cla cdp s6 cong dwoc goi la t6ng riéng thir n.
n(u1+u ) n 2u1-i—(n—1)d
g 2 '

Ta co: S’ri =u +u,+..+tu =

n-l

.Cap sd nhén: u; u, =u,q

: u (" —1)
Tacd S =u +u,+..+u =u +urdatu = -1-—1

, i
. Bai toan lii suit ngian hang '
Thong thwong c6 hai hinh thic tinh 1di gom lal don (phan lai ctia méi ki
dwoc tinh trén so tién gbc ban dau) va ldi kép [phﬁn 13i cha ki sau c‘Iu'orc
tinh trén s6 tién gdc ki trwére cong véi phian 1ai cia Ki tredc).
Gia st s6 tién gbc 1a A; 1&i sut r%/Ki han givi (c6 thé 1a ths’mg, quy hay nam)
+) Lai don: Tién 1di cia ki trrédrc khdng dwece tinh Vao von ciia ki tiép theo,
dén ki han nguoi giri khﬁng ridt ldi ra.
S6 tién 1ai nhan dwoc néu giri theo hinh thirc 1ai don sau n ki han giri la
n.Ar, so tién nhin dwoc ca goc va lai sau n ki han gfn la
C=A+nAr=Al+nr)
+) Ldi kép: P&n ki han ngwdi giki khong rit tién 1ai ra thi tién 1di dugc tinh
vao von ciia Ki tiép theo
S8 tién nhan dwoc ca goc va ldi sau n ki han givi véi hinh thikce 1ai kép 1a
A(1+r)", s8 tién 1ai nhdn dwocsaun ki han gvila C= A{(l -+ r)" —1]’

Tu'o’ng tw cé thé xay dwng cho cdc bai todn ma s6 tién gbc bi gidm di tir ki
han giri thi k.

i du (Cdu 21- P& minh hoa THPT quéc gia 2017). Ong A vay ngan han ngan
hang 100 triéu dong, véi 1ai suat 12%/nam. Ong muén hoan no cho ngan
hang theo cich : Sau dling mdt thang ké tir ngdy vay, 6ng bat dau hoan no;
hai I&n hoadn no lién ti€p cach nhau ding mot thang, s6 tién hoan ng & mbi
I4n 12 nhw nhau va tra hét tién no sau diing 3 thang k& tir ngay vay. Hoj,
theo cich d6, s6 tién m ma & ong A sé phél tra cho ngén hang trong mdi lan
hoan n¢ 12 bao nhiéu 7 Biét ring, Ial suit ngan hang khong thay déi trong
thoi gian 6ng A hoan no.
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(1,01)’

100.(1,01)°

A.m= (triéu @dng) B. m = —~—"(triéu dong)
(1,01) -1

13 3
1, o 120.(1,12)° .. .. |
. C.m= ———100 AL (triéu déng) B o= —“*-———( s ) (tridu déng) .
3 (1,12)" -1 S
i | Hwéng dén gidi
i P=100 triéu, 12%/Nam= 1%/thing, r = 0,01, rP = 1.
: Ta gia str cac thang la:

1/03 —tael 5 1/04 i Lairp; m=m +rp

Tra géc m; = Con ng P-m1

01/4 —ee2 5 1/05 Lai r(p-m, ) m=m,+r(p—m)
Tra géc m, 4&% no P-m1-m2

01/05 —2=£2 5 1/06 :Liii r(p—ml-m2) m=m,+r(p—m,—m)
M Tranétgéec my=p-m —m,

T

Theo dé

=m+rP=m,+r(P—m)=m,=m1+r); my=m,(1+r) =m (1+r)*
(1+7)°

(d+71)° ~1

rP

— = m=m +rP=rP.
(Atrry =1 rEmTrE=n

m+m,+m,=P=ny =

Pap an: B.

Céng thirc chung: m, =m(1+r)*" va s8 tién trong mbi lan dong sé la:

. k

my+m,+myt.m, =P = m, :H-:Ijk—ﬁ m=m, +rP =rP.z%
Nhén xét: Ddi v&i bai todn vé tién 13i thi quan trong nhét 12 ta xac dmh
dwoc tién g6c cho lan ki han tiép theo. '

4. Bai toan wng dung tich phin
Cac dai lwong vat 1f c6 md&i lién hé toan hoc véinhau, ta ¢6 thé xem dai’
lugng nay la dao ham cta dai lwgng kia tai mét thei diém nao dé. Tir d6 cb
sw lién hé vé nguyén ham va tich phén trong viéc tinh gié tri cac dai lwong
d6, Chiing ta thudng gdp nhét 1A sy lién hé giita quang dwdng, van tc va gia tdc
ctia chit diém trong qué trinh chuyén déng.
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5 Bai toan cwe tri

¥  Trong thyec té€ ta ludn c6 nhu ciu t8i wu mot van dé nao d6, don gidn nhit
d6 1a loi ich mdt cich t6i da va chi phi mdt cach t6i thidu, Chinh vi vay cac bai
todn vé tim gia tri lén nhét nhé nhit ludn can thiét trong d&i séng hang ngay.

BAI TAP Ty LUYEN

- Biét ring ti 18 lam phat hang ndm ctia mét quéc gia trong 10 nim qua la
5% .Nam 1994 tién nap x3ng cho mét 6 t6 1a 24,95 USD. Niam 2000, tién
nap xang cho xe 6 td6 dé phaila:

A. 33,44 USD B. 23,44 USD C. 34,43 USD -D. 43,34 USD
Til¢ ting dan s6 hang ndm cda In-d6-né-xi-a l1a 1,5%. Nim 1998, dan s6
cla nwécnay la 212 942 000 nguwdi . Dan s8 ctia In-d6- ne xi-a vaonam
2006 la:

A.240 091 000 B. 250091 000

C. 260 091 000 D. 230 091 000

8 : s o 2 ? 1A
= B;et rang ti 1&

thé tich khi CO, trong khong khi ting 0,4% hang nim. Nim 2004, ti 1& thé
tich khi CO, trong khéng khf Ia:

A. 373.107 B. 373.10° C. 273.10° D. 373.1077
14.Biétring ti1é gidm dan s6 hang ndm ciia Nga 13 0,5% Nim 1998, dan s6
i chaNgala 146 861 000 ngu’m N&m 2008 dan s& ctia Nga sé la:
A. 139899 000 B. 149 699 000
4§ €. 159899 000 - D.139699 000 :
1 5. Ap sudt khong khi P (do bing milimet thiy ngén , ki hiéu 1a mmHG) suy
gidm mil so vé&i d6 cao x (do bing mét), tirc 12 P gidm theo cdng thirc

P s I:;J.e'.ti
Trong d6 R, =760mmHg 1a dp suit & mirc nwéce bién (x = 0),i lahésé
suy gidm. Biét rang & @6 cao 1000m thi 4p sudt khong khila 672 ,71mmHg.
Ap sudt khong khi & d6 cao 3000m (gin dung] 1a:
A. 530,23mmHyg B. 630,23mmig

C. 430,23mmHyg ' D. 330,23mmHg
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S e

R

o TS

1  sin(zt)

6. Vén téc clia mot vat chuyén dong 1a v() . (m/s). Tinh quang'jf’f

dlr(mg di chuyén ctia vt d6 trong khodng thoi gian 1,5 gidy (1am tron két
qud dén hang phén trim) l1a:
A. 0,34(m) B. 0,034(m) C. 0,34(cm) D.3,4(cm)
7. Mot vat di chuyén véi vén tée cia mdt vat chuyén dong 12
2

v(t)=1,2+z L
t+3

(m/s). Quang dwong di chuyén clia vat do trong khoéng;

thoi gian 4 gidy (lam tron két qua dén hang phan tram) 1a: :

A 11,81(m) B. 12,81(m) C. 11,21 D.12.21
8. Trong céc hinh tru ndi ti€p hinh ciu b4n kinh +/3 cm, hinh tru c6 thé t[ch

16n nhit Ié

A. 3t cm’ B. 2ncm’ C. 4ncm’ D. 5tcm?

9. Cho con lic 10 xo dao déng véi phwong trinh : x=3 cos(Em‘+§) (m)

Tinh dd 16n gia téc cha vat tai thoi diém ¢ =5s.
A. 67 B. 7x* C. 8z D. or?

10. D€ 1am mdt lon ca phé Birdy, ngidi ta phai 1dm mot lon hinh tru cé thé
tich thwc 1a 200m! bing nhém, gid nhém 1a 70.000 ddng trén mot mét
vudng . Héi lon ca phé ¢é chiéu cao bao nhiéu dé€ s6 tién lam lon 12 {t nhat?

AR g c 20 SED
T 7 ¥/ -

11. Thé tich V ctia 1kg nwéc ¢ nhigt dd T (T ndm gitta 0° va 30°) dwoc cho
bé&i cong thirc €
V =999,87 —0,064267 +0,008504372 — 0, 00006797 (cm®). D& nuéce c6 khéi
lwong riéng 1én nhét thi nhiét d6 lic d6 1a: (tinh gin ding) .
A.T=0,96(°C) B.T=39665(°C) €. T=~209665°C)D.T~196(°C) |

12, Luvu lwgng xe 6 t6 vao dwomg ham duoc cho béi cong thirc
290, 4v

f(v)= - xe/gidy),
L 0,36v2+13,2v+264[ /8idy)

Trong d6 v(km/h) 12 v4n t8c trung binh ctia c4c xe khi vio dwrdng ham,
Vén t6c trung binh ctia cdc xe khi vao dwdng hdm sao cho lwu lwgng xe 12
16n nhét va gia tri In nhit d6 1a:

A. 27,08 (km/h); 8,9 (xe/gidy) B. 27,08 (km/h); 9,8 (xe/gidy).
C. 25,08 (km/h); 8,9 (xe/gidy) D. 25,08 (km/h); 9,8 (xe/giay)
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13. Mot ngudi ném xién mot vién d4 1én khong trung theo quy dao parabol c6
phwong trinh y=-2x*+8x—3 , vi trf vién d4 di chuyén gin véi truc toa dd
Oxy . Khi dat vi trf cao nhdt, dwoc biéu dién 12 s§ phirc nao?

A. 7=2+5i B. z=5+2i C. z=1-4i D.z=4-i

§ 14. Trong tit ca céc hinh hdp chi¥ nhat c6 dién tich toan phan 13 96 , thi hinh

hop chitr nhat cé dién tich 16m nhit la:
A, 64 B. 125 . 27 D. 216

- 15. Théy gido Nam givi ngdn hang 100 triéu véi ldi suat 10% mot nam, va lai

hang ndam dwoc cong vao vén, sau 5 ndm thay giri thém100 triéu nira vao
tai khodn . Hoi sau 10 ndm thay Nam nhén dwgc bao nhiéu (14y gia tri gan
nhit)?

A. 420 triéu B. 421 triéu C. 422 triéu D. 423 triéu

16.Vao 10:00p.m , ngay 30/1/1952, khi stt dung may tinh tw dng Western

U.S National Bureau of standords, nguwdi ta dd tim ra s§ Mersenne M, :
2! —1 1a s6 nguyén t& . Héi khi viét & hé thap phan, s6 M., c6 bao nhiéu
chir s6? :
A. 155 - B.156 C: 157 D. 158

17. Hang ngay myc nwéc cia mdt con kénh 1én xudng theo thiy chiéu, o sau
h(m) ctia myc nwéc trong kénh tinh theo thoi gian #() trong mot ngay

~ cho b&i cong thivc A= 3cos (%+%J+12 xac dinh trén [16;21]
- Myc nwérc trong kénh th&p nhit tai theri diém t bang:
A. 17 B. 18 C. 19 D. 16
18. Mot vat chuyén dong véi gia tée v(r) m/s ,cégiatdc a=1>+t (m! sz).
Vén téc ban dau clia vatla 7m/s. Héisau 7s, vén t6c cda vat 1a bao nhiéu
(tinh gia tri gdn nhit)?
A. 398m/s B. 400m/ s C. 399m/ s D.256m/ s
19. Sau khi phét hién bénh dich, cac chuyén gia y t€ wéc tinh s nguwdi nhiém
bénh ké tlr ngay xudt hién bénh nhin diu tién dén ngay thir tla:
f(t)=45—¢r .Néuxem f'(¢) 1atdc @6 truyén bénh ( ngwdi / ngay ) thi
t8c d§ truyén bénh s& 1é6m nhit vao ngay thit: |
A 12 B. 15 C. 20 D. 25
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20. Mot ngon hai dang dat tai vi tri A cich b& bién 1 khoang AB = 5km. Tren
b& ¢6 mot cai kho & vi trf C cach B mét khoang 1a 7km. Ngu'o'l canh haj -
dang c6 thé cheo do tir A d&n M trén bo bién véi van téc 4km/h rdi di b_ﬁ
dén C véi van t8c 6km/h (hinh v&). D& ngwdi d6 dén kho nhanh nhit thy
BM bing :

.
B M _ c

A. 26 B. 24/5 . C. 243 D. 242

21. M{t cdng ti bAt dong sdn ¢ 50 can hd cho thué. Biét ring néu cho thué
mdi cin hd véi gia 2.000.000 dong mot thang thi moi can hd déu cé ngu'erl .
thué va ct mdi Ian ting gia cho thué mai cin hd 100.000 ddng mét thang
thi c6 thém hai cin ho bo réng. D& thu nhép cao nhat, cong ti d6 phai cho
thué mdi cin hd véi gia mot thang la: _ _ :

A. 2.100.000 B. 2.200.000 - €. 2.225.000 D. 2.250.000

22. Mot khu riing c6 tri¥ lwgng g5_4 10° mét khéi . Biét téc do sinh trudng
ctia cac cdy trong rirng dé la 4% mdi ndm . Héi sau 5 ném khu rirng dé sé

c6 bao nhiéu mét khéi g6? , _
A.4,8666.105  B.5,8666.105 C.6,8666.105 D. 7,8666.105'

23, Mét chét diém chuyén dong theo quy luat s = 6t —¢* . Thoi diém t (gidy)
ma tai d6 van tdc v(m/s) ctia chuyén déng dat gia tri 16n nhit 1a:
At=1 B.t= 2 - C.t=3 . D.t=4
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24. Mot hanh lang gitra hai nha ¢ hinh dang ctia mét ling tru ding (hinh v&).
Hai m3t ABB'A’ va ACC’A’1a hai t&m kinh chit nhéat dai 20m, réng 5m. Goi x
(mét) la do dai canh BC.

Thé tich 16n nhat cia ldng try c6 thé dat dworc la:

A. 250 B, —— C. 300 D.100

£ 25. Mot con ldc 16 xo dao ddng véi phwong trinh: x =3 cos(2m‘+§) (m). bd

1én cia gia toc cha vat tai thod diém t = 5s 1a:
A 67° B. ~87° C. 87* D. ~67°

26. Mot vén dong vién tip luyén mot moén thé thao bao gdm ca chay phdi hop
v6i boi tlr géc ndy sang géc d6i dién ctia mot hd nwée hinh chir nhat chidu
rong 50m, chiéu dai 200m. Sau khi chay dwgc quing dudng x thi ngudi diy
chuyén sang boi dé&n dich. Gi4 tri clia x dé thoi gian ngwoi dy vé dich nhanh
nhét la bao nhiéu? Biét vén téc boi la 1.5 m/s, vén tdc chayla 4.5 m/s.

A ! M
x

S0 m

: W2 P ETTITNE vd W &
A. 50 B. 100 2 €150 ' - D.200
27. C4t bd hinh quat tron AOB (hinh phang ¢ nét gach trong hinh 1.3) tir mét
maéanh cic tébng tron banh kinh R'rai dan hai ban kinh OA va OB ctia hinh
quat tron cdn lai véi nhau dé du'(rc mot cai pheu c6 dang mét hinh nén. Goi
x 14 gbc & tAm cila quat tron’ dung 1am phé&u (h.1.3), 0< x<27.
Thé tich 16m nhat ctia hinh nén 1a:
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A. gﬁﬂRB B. 3~-‘-(—-2-:75R'“‘ C. &xﬁ - D. §-~2~zr:1!2.3 ”
27 Z7 ' 18 18

28. Mot soi ddy chiéu dai L dwoc cat thanh 2 doan: doan 1 uén thanh hinh

‘vudng canh a, doan 2 uén thanh dwong tron ban kinh r. D€ téng dién tich

ctia hinh vudng va hinh tron nhod nhit thi ti s6 2 1a:
r

Az B. 2x C. 3z D. 47
PAP AN VA HUO'NG DAN GIAI

1.A | 2A | 3.B [ 4.D | 5.A | 7.A | 6.A | 8.C | 9.A | 10.A]

11.B | 12.A | 13.A | 14.A | 15.A | 16.C | 17.D | 18.C | 19.B 20.]37'1.-:_:5;;

21.D | 22.A | 23.B | 24.A | 25.A | 26.D | 27.A | 28.A

1. Cong thirc tdng quat C = A(1+0,05)" USD; Tién nap x3ing nim 2000 cho &
to dé la 33,44 USD . bap an: A.
2. C = A(1+0,015)"; Dan s@ ciia In-d6é-né-xi-a vao nam 2006 1a 240091 000.
Pap an: A.
3. Pap an: B.
4. Pap an: D.
5. Dap an: A.
Trwéc tién tim ¢ tir ddng thirc
672,71 =760.""%(i =~ 0,00012)
Tir d6 p = 760.e%0-00012
6. Dap an: A.
2 Lw0,34(m)
T
7.Pap an: A. 0,8—-13In3+13In7 =11,81(m)
8. Ki hiéu chiéu cao, ban kinh ddy va thé tich ciia hinh tru ndi tiép hinh ciu
lAnlwotlah,rvav.khido, Vv =zr’n . '

2 2 . 3
Virt=R -1 nenver| -2 |n=x| R0-E|.
4 4 4

Bai toan tré thanh tim gia tri 1ém nhét ctia ham sé
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W ATR? 2R
V(h)=x| R*’h~— |,he (0;2R). V__ = khi A===.Khi R=+/3 thi
y=r{ R e 02R). v, 5 1= 35k 7= 5

dwoc két qué, Pap 4n: C.
9.C6 a=x"(t)=-12x> cos [2m+§-J (m/ sz)

Tai t =55 = |a|=6x". Dap an: A,

10.C6 hrR* = ioo +27ZRh = ;rR2 400 = f(R)
= f'(R)=2x —ﬂ = f(R)=0&R= ./ = f(R)min & R = ,sz
Pap an: A.

11. P& kh6i lwong riéng ctia nwée 16m nhit thi thé tich cia 1 kg nrée phél nhd
nhét. Ta c6 V,,, dattai T =3,9665(°C)

bap an: B.
12.DPap an: A.
2
F) =290 iSOV 20 s
(0,36V* +13,2v+264)
V264
'W)=0v=—
f'v) =06
P 264
f dat gia trilén nhatkhi v= = 27,08 (km/h)
f[——“z?J ~ f(27,08) ~8,9

13.Ddp dn: A. max y=5& x=2=>z=2+5i
14.Pap 4n: A. ’
Stp =2(ab+bc+ca)=96

& ab+bc+ca=48. Lai c6 3/a*b*c* <ab+bc+ca

b+bc+ca)
@abcs\/(a : ) wblis i =6
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15. Pap 4n: A.

Sau 5 ndm, thay Nam c6 téng s6 tign la: A = P(1+r)* =100(1+0,1)° ~161 triéu._";

5 nam ti€p theo thay gido cia Nam ¢6 A'=(A+100)(1+10%)’ =420 trigy,
16.Dap an: C
S8 clia My, 1a [log(2™ ~1)]+1=157 56 = €
17. bap an:D.
h =3cos(%£+i;—]+12. C69<h<15 = min h=9%& cos(zg—f+£] =-1

re]16;21) 3
B2 piian s lo_din =>t=16(k =2)
6 3 6 3
18.Pap an: C.

Cdch1:Co a=v'(t) =3 +2t=2>v=F_+*+C
Vg =T=2c=T7=v(7)=7+7+7*=399m/ s

Cdch 2: v(t) =T+ j: (31® +20)dt =399m / s
19,
£(2)=900=31 f () =0 & ¢ =15. Ngay thtr 15 thi t6c d6 truyén bénh s8

1én nhat,
20.

Dt x=BM 0< x<7 khidé AM =x*+25.MC=T—x
Thoi gian nguwdi canh hai ding di tir A dén C la:

\/x+2 7x

T(x)= 2 (gio), 0<x<7
Hams6 T dat gia tri 1én nhét tai didm x =25
Dép an: B.

21,

Goi n 1a s6 nha bi bé réng,ne N
SO tién cong ty thu dwoc hang thang la:

T = (2000000 +g .100000)(50 — )
=—50000#%" + 5000007 + 100000000
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~b 500000
=T oSn=—=2"""""" =
i 2a  2.50000

Khi d6 gi4 thua méi cin hé 1a: 20000004 g 100000 = 2250000 (ddng)
Dép an: D.
22. Goi tri¥ lwgng g6 ban d4u la V, » t6c d6 sinh trwdng hiing nim chia rung 13

i phantrim.Tacé:
— Sau 1 nam, trit lwong gé 1a

Vi=Vo+iV, =V (1 +i);
1 - sauznim,tri Iwong gb 1a :

Vo =Vi+iV, =V,(1+0) =V, +?);

gt — Sau 5 nam, trit lwong gé 1a :

V, =V, (1 +i)’.

: Thay ta dwoc

Vs =4.10°(1+0,04)° = 4,8666.10° (m?).

Dap an: A.
¥ 23, Van tc chuyén dongla v=s' tirc 13 v =127 — 3> .
Ta c6: v'=12—6t,
vV'=0&1=2,
Ham s6 d6ng bién trong khoadng (0;2) va nghich bién trong khoang
I (20) |
5 Van téc dat gié trj 16n nhitkhi £ =2
Ddp an: B.

24. V =5xv100—x* (m*),0< x <10
Hinh ldng try c6 thé tich 16m nhat khi x = 53 (m).
' max
V=V({5EJ2)= 3
xe (0:10) (5v2) = 250(m*)

25. a=x"=-1277 cos(27rt+—;£) : Thayt =5vaoa, tim duwgc ,a,'z 67* (m/sz)

% 26. Quéang dudng boi la: \/(500__ X7 +50°

A Loty A e
i e eipieabe S R e e
e e e i DTG ),
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J(zoo x)? +50?

Thei gian di ca quing dudmg la: f(x) =

,5 1,5
25 25
fi(x)=0 < x=200——== Minf(x) < x =200——==182(m)
V2 J2
bap an: D.
27. V—gﬂ'rzh— X*NAr? —x*,0<x<2x

Tatim xe (0; 2:«'.':) sao cho tai d6 V dat gia tri 16n nhét
R x(87° —3x?)
7* " Jan* —x*

Vé&i 0< x<27x,tachd

Ve

24/6

V'=0<_.>37;2_3_f =0<—->x=——3—x=1,63:r

26

Hinh nén cé thé tich 1&n nhit khi x = ~3—ﬂ: =1,637

TR YV V(z‘/— ] 23 s

xe (0 2::) 3 27

28. Tongdlen tich 2 hinh 1a: @* +7r* =a® + -2 =
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