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LO1 GIOI THIEU

Cac em hoc sinh va toan thé thiy c6 thin mén!

Ki thi tuyén sinh dai hoc ndm 2017 la ndm d4u tién thi theo hinh thitc trac nghiém. Véi
mdt dé thi 50 céu, thi sinh sé dwoc lam trong 90 phat. Nhw vay mdt cau hoi chi dwoc
phép 1am trong thoi gian 1 phiit 48 gidy 1a khoang thoi gian cuc ki ngén. D& hoan thién
hét dé thi trong mot khoang thoi gian ngan nhuw vay thi vai trd ctia may tinh Casio la déc
biét quan trong.

Trong cudn sach nay tdc gia xin giéi thiéu 33 Thu thuét may tinh Casio d€ giai nhanh
cac dang todn tric nghiém 12. Mbi thu thuat tng voi mot chu dé. Trong mdi chu dé duoc
chia ra lam hai phan: cac vi du dau duoc thiét k&€ ¢ dang don gian, hoc sinh chi dwoc biét
duoc thi that, bAm may tinh Casio la biét dugc dap annao la dap an dang A, B, Chay la
D ma khong can biét cach lam tu luan.

Phén hai 1a cac vi du duoc thiét ké ¢ dang nang cao, dang han ché sy loi hai cia may
tinh Casio, d€ lam duoc cac bai todn nay thi doi hoi sy phdi hop cao gitra twe duy tu ludn
va tha thuat may tinh Casio

Cudn sach chia lam 5 phan phu kin chwong trinh 16p 12 (d6ng thoi la toan bo chuwong
trinh thi Pai hoc ndm 2017) trit chwong hinh khdng gian dwoc tac gia gidi thiéu trong
cudn “Bi kip giai nhanh hinh hoc khong gian” cling tac gia. 5 phan trén bao gom:

- 8 Thu thuét tw duy Casio tim nhanh Gid tri 16n nhét gid tri nho nhét, tinh déng bién

ngich bién, cyec tri, tiép tuyén, giéi han, dao ham... cia ham s&, tim nhanh tiém can, sy

twong giao ctia d6 thi ham s6

- 9 Tha thudt tu duy Casio tim nhanh nghiém, s& nghiém ctia phwong trinh béat

phuong trinh Mii-Logarit, so sénh 2 dai lwong Mii-Logarit, tinh gid tri biéu thirc Mii-

Logarit...

- 6 Thii thuat tu duy Casio tim nhanh nguyén ham, tich phan, dién tich hinh phang,

thé tich khéi tron xoay, quang duong vat chuyén déng, giai cic bai toan han ché may

tinh casio

- 5 Thu thuat tu duy Casio giai nhanh bai toan vi tri twong d6i, géc, khoang cach, thé

tich, hinh chiéu vudng goc trong hinh toa d6 khong gian Oxyz

- 5 Tha thuat tu duy Casio giai nhanh bai todn tim s& phitc, médun, s& phtic lién hop,

s6 phttc nghich dao, acgumen s8 phtic, biéu dién hinh hoc s6 phtte, quy tich diém biéu

dién s8 phtic, tim min max mddun s8 phitc, giai phuong trinh s6 phitc..

Hon nita, cdc vi du minh hoa trong cuén sach déu cap nhéat nhat theo ciu tric cua By
Gido duc — Dao tao. Cdc vi du dwoc trich tit ngudn uy tin 1a dé thi the Pai hoc ctia cac
trudng chuyén trén ca nuwde vira thi cich day it hom nhu: chuyén Khoa hoc tir nhién,
chuyén Lam Son, chuyén S pham, chuyén Vinh Phiic, chuyén Béc Ninh ...

Véi nhigu ndm kinh nghiém day online tai website www.moon.vn va di dau trong
viéc mo 16p luyén thi trac nghiém online va offline vao Dai hoc Qudc gia Ha ndi, tac gia
hi vong cudn sach sé gitip cac em hoc sinh rat ngan t5i da thoi gian hoan thanh d& thi va
tranh sai sot trong viéc tinh toan, dong thoi gitip cdng dong gido vién c6 ngudn tai liéu
tham khao quy gia.

Trong thoi gian hoan thanh tac phdm nay, t6i xin cam on héi gido vién off Ha Noi, anh
em gi4o vién online va ddc biét cac gido vién trong bd moén Toan ciia website moon da
dong vién vé mit tinh than, gép v vé mat kién thitc dé€ tic pham duoc ra mit ban doc.

Du di rat o8 gang, chin chu tirng cau chit nhung khong tranh dwoc thiéu sét. Rat
mong st ung hé va sw gop y chan thanh tir phia ban doc.



HAM SO VA BAI TOAN LIEN QUAN

T. CASIO GIAI BE MINH HOA BO GIAO DUC VA PAO TAO
LAN 2 NAM 2017

Ciu 1- [D& minh hoa B6 GD va PT lan 2 nidm 2017]

Puong thing nao duéi day 1a tiém can ding ctia ¢6 thi ham sd y = 2% +11
x+
A x=1 B.y=-1 Cy=2 D.x=-1
Gidi
.. 2x+1 S oA A al
Tacod: lim =-w = y=-] latiém can dung
ol x+1
aZ2Q)+1RQ)+1rp1+0.0000000001=
Math &
Z5+1

EF ]
-9999999993

= Dap 50 chinh xdc1la B
Chti ¥: Ta thwdng nham l4n dwong thing x=x, véi ¥, la nghiém ctia phuong trinh
mau s§ bang 0 luén 14 tiém cin ding 1a khong ding ! (Xem cu 8 thi sé thay 16 diéu
nay) (Xem chi tiét thii thudt va bai tip twong tw tai bai: Casio im nhanh tiém cdn clia do thi
ham s6)

CAiu 2- [Dé minh hoa B6 GD va PT Iin 2 nim 2017]
Db thi ham s8 y=x*—2x*+2 va d5 thi hdm s6 y=—x"+4 c6 tit ca bao nhiéu diém
chung
A. 0 B. 4 C.1 D.2

Gidi

S6 di€ém chung ctia hai d6 thi ham s8 chinh 1a s8 nghiém ctia phwong trinh hoanh d6
giao difm:x* - 2x* +2=~x"+4 & x' ~x* -2=0 (1)
May tinh Casio chi giai dwge phuong trinh bac 3, khong giai dwoc phirong trinh bac 4.
Vi vdy dé may tinh c6 thé lam duwoc ta tién hanh dit an phu r=x* . Khi d6 (1)
S1P—t-2=0

W531=pl=p2==
c] Math¥ MathWa

AL= Az=
2 -1

V6it=2=x" =2 x=1J2 , V6i t=-1= x’ = -1 (v6 nghiém)

Toém lai ¢6 2 nghiém x suy ra 2 giao diém

= Déap s6 chinh xacla D

(Xem chi tiét thil thudt va bai tip twong tw tai bai: Casio giai nhanh sy tiwong giao cia hai dd
thi ham s06)



Cau 3-[Pé minh hoa B6 GD va PT lan 2 nam 2017}

>

>

Cho ham s8 y =f(x) xdc dinh, lién tuc trén doan [-2;2]
va ¢6 d6 thi la duong cong nhu hinh vé trén. Ham s6
f(x) dat cyc dai tai di€ém nao dudi day?

A x=-2 B. x=-1
C.x=1 D.x=2
Gidi
Nhin vao d6 thi ham s& ta thay ro rang: di€m cé hoanh d6 x=-1 s& sinh ra diém

cuiee dai ciia d6 thi ham sé&
Cht ¥: tranh nham 1an vé6i diém 6 hoanh d6 x =2sé sinh ra gia tri 16n nhét cta
ham s6

= Dép s6 chinh xac1a B

Cau 4-[Dé minh hoa B4 GD va DT Iin 2 ndm 2017]. Cho ham s8 y =x® —2x* +x+1. Ménh

dé nao duéi day dung?

A. Ham s8 nghich bién trén khoang [—%;1)
B. Ham s& nghich bién trén khodng (— oc;%)

C. Ham s8 dbng bién trén (%;1)

D. Ham s& nghich bién trén khoang (1;+ )

Gidi
Ham s6 bac 3 dong bién néu y'> 0 nghich bién néu y'<0. D& xét diéu nay ta sk dung
tinh ning dao ham cua may tinh Casio
Xét y'(5)>0= Dép s8 D sai
qyQ)"3$p2Q)d+Q)+152=

m Mith &
A (WS _noyE

2 (392 e+ 1)|p

=

Xét y'(-2)>0= Dép sd B sai

lop2=
Math &

m
A (w3 w2
2 (53 p%2 4| b
21
Xét y'(0)>0=> D4p s6 C dung A sai= Dép s chinh xacla C

Noo0=
Math &

S (R5-2xE e+ 1|0
1

(Xem chi tiét thi thudt va bai tdp twong tw tai bai: Casio tim khodng dong bién nghich bién

ham s6)



Cau 6-[P¢é minh hoa B6 GD va PT lan 2 nam 2017]

2

e X3 oAl 4
Cho hamso y= T Ménh dé nao dudi day dung?
x+
A. Cuc tiéu ctia ham s6 béng -3 B. Cuc tiéu cia ham s6 bz‘?mgl
C. Cuc tiéu cia ham s6 béng -6 D. Cuc tiéu ctia ham s6 bang 2
Gidi
2x():+1)—(x2 +3) B ¥ +2x-3

Tinh dao ham y'= . Ta chi quan tdm dén t&r s6 vi hoanh

(x+ 1)2

dd diém cuyc tri la nghiém phuong trinh tir s6 =0.
x=1

Giai phuong trinh x* +2x-3=0< I:

x=-3

Tiép theo 1a xac dinh hoanh d6 diém cuc tiéu la bao nhiéu ? Ta sir dung tinh néng tinh

dao ham
qyaQ)d+3RQ)+1$$0.9=
m Math &
o [ HZ +3]
dxl K+1 I x=0,9

-0. 108033241
Ta thdy »'(0.9)<0= Qua diém x=1 dao ham déi dau tir 4m (—) sang duong (+) =
Ham s6 c6 diém cie tiéu x =1 = Cuc tiéu (gia tri cyc tiéu) la: 2
= Ddép s6 chinh xac la D
(Xem chi tiét thi thudt va bai tdp twong tu tai bai: Casio gidi nhanh bii todn cuec tri ham s6)
Cau 7-[D€ minh hoa Bd GD va DT lin 2 nim 2017]
Mot vat chuyén dong theo quy luét s = —%f +9¢% véi ¢ (gidy) 1a khoang thoi gian tinh
tle ltc vat bat dau chuyén dong va s (mét) 1a quing duong vat di duoc trong Khoang
thoi gian d6. Hoi trong khoang thoi gian 10 gidy, k& ti lac bat dau chuyén dong, van
t8c 16n nhét ctia vat dat dreoc bing bao nhiéu (don vi m/s )?
A, 216 B. 30 C.400 D.54
Giai

Goi ham s8 cta vén t8c 1a v=v(¢). Quang duong vat di duoc tinh theo cong thitc

Hay ta hi€u s'(f)=v(¢) = v(¢) = —%tz +18¢
Bai toan ltic nay tré thanh tim gia tri 1én nhét cia ham s6 = v(¢) = —%tz +18¢ trén mién

thoi gian tir 0 dén 10 gidy. D€ lam viéc nay ta sit dung tinh nang lap bang gia tri
MODE 7 ctia Casio
w7pa3R2$Q)d+18Q)==0=10=1=



Math

B

FCH
B 52.5
1 * 54U
| Tl 52.5

Quan sat bang gia tri ta thdy gia tri 16n nh4t xuat hién 1a 54

= Dap s6 chinh x4cla D

(Xem chi tiét thit thudt va bai tdp twong tw tai bai: Casio gidi nhanh bii todn thiee t€ cyec tri)
Céu 8-[Pé minh hoa B6 GD va PT Iin 2 nim 2017]
2% ~1-vx* +x+3

x*~5%x+6

Tim tat ca cac tiém cin ding cta d6 thi ham s8 y =

A, [x=—3 B. x=-3 C.[x=3 D. x=3
X=-2

Gidi

Duodng thiang x =x, 1a tiém can ditng ctia @6 thi ham s& thi diéu kién can: x, 1a nghiém
ctia phuong trinh méu s8 bang 0

Nén ta chi quan tAm dén hai dudng thing x=3 va x=2

. o 2x—1—VxPH+x+3
Véi x=3 xét lim

x—3+ X’ =5x+6

a2Q)p1psQ)d+Q)+3RQ)dp5Q)+6r3+0.0000000001=
Math & :
ZH—1—ARE KT
HKE S
1.127016654:p10
L. , . 2x-1=+x'+x+3
Voi x=2 xét lim

X2+ x—5x+6

=+ = x =3 la mét tiém can ding

=+ Két qua khong ra vd cung=> x =2 khong la

mot tiém can ditng
r2+0.0000000001=

zﬁ—i-JﬁE:%+3
HE ~SK+5
-1. 1667

=> Pap s6 chinh xacla B
(Xem chi tiél thi thudt va bai tdp twong tw tai bai: Casio xdc dinh tinh dong biéh nghich biéh
ctia ham s6)

Chu 9-[D& minh hoa B6 GD va DT Iin 2 nam 2017]

Tim tip hop tat ca cic gid tri clia tham 86 thizc m d€ ham s8 y = ln(x2 + 1) -mx +1 d‘f)ng

Math &

‘biéntrén R

AGet] B clu] D [nee)

—m>0=me— =g(x) <> m< g(min)

Ham s6 dong bién < y'20 < — -
X" +1 x"+1

Bai todn tré thanh tim gia tri nho nhat cia ham s8 g(x)=

x 7 ra »
-—— . Ta stz dung chitc nidng
x"+1

MODE 7



w7a2Q)RQ)d+1=p9=10=1=
Math
"

o]

F (3
)
0

:]
|
1

Quan s4t bang gia tri ta thdy g(min)=-1 dat dwockhi x = -1
= Dap s6 chinh xacla A
(Xem chi tiét thit thudt va bai tdp tuong tw tai bai: Casio gidi nhanh bai todn dong biéh nghich
bién cua ham s6)
Cau 10-[Pé minh hoa B6 GD va DT Ian 2 nam 2017]
Bist M(0;2),N(2;-2) la c4c diém cuc trj clia ham s8 y =ax’ +bx* +ex+d. Tinh gia tri
ctia ham s6 tai x=-2
A. y(-2)=2 B. y(-2)=22 C.y(-2)=6 D. y(-2)=-18
Gidi
Ham s6 diqua diém M =2=a0+b.0+c.0+d=d=2
Ham s& di qua diém N(2;-2) = -2=8a+4b+c+d=>8a+4b+c=—4 (1)

Ham s8 ¢6 dao hamy' =3ax* +2bx +c. Hoanh d6 cwc tri 1a nghiém ctia phwong trinh

2,

y'=0 va thoa man hé thic Vi-et <{ 2 @)
£ —0=c=0
3a

. , , =4
Kéthop(l)va(2)taco: 8a+4b =a=Lb=-3
6a+2b=0
W518=4=pd=p=2=0===
Hath¥ ] Math &

K= Y=
1 -3

Vaytacd:a=Lb=-3c=0d=2=y=x-3x"+2= y(-2)=~18
= Péap sd chinh xacla D
Cau 12-[Pé minh hoa B6 GD va DT Iin 2 nam 2017]
Vi cac s6 thiee duong a,b bét ki. Ménh d€ nao dudi day diang?
A. In(ab)=Ina+Inb B. In(ab)=Inalnb  C. m(i) _Ina D. 1n(3) =Inb-Ina
b,/ Inb b
Gidi
Ban thudc cdng thitc c6 thé thdy ludn. Ban khong thudc cong thic c6 thé lam nhu sau.
Chon a=1.125,b=1.175 r6i lwu vao cac gid tri 4,8
1.125q)zZW1.175q)x

1. 1254 = .175+B
9 a7
S 40

Néu dap an A dung thi In(ab)-lna-Inb=0



hQZQX)PhQZ)EPhQX)TA .
InCABI-1nCAX-1ntk
0

Ta thiy két qua ra 0=D4p 4an chinh xacla A
(Xem chi tiét thi thudt va bai tap twong tw tgi bai: Casio xdc dinh tinh ding sai hé thitc mii —
logarit)

Cau 13-[Dé minh hoa B6 GD va PT lin 2 nim 2017]. Tim nghiém ctia phuong trinh
3 =27

A . x=9 B. x=3 C.x=4 D. x=10
Gidi
Do nghiém phuong trinh 3" =27 véi chitc ning SHIFT SOLVE
3"Q)p1$Qr27qrl=
Math

%H— 1 =27 4
L-R= 0
= R0 rang dap sd chinh xacla C
(Xem chi tiét thi thudt va bai tip twong ty tai bii: Casio tim nhanh nghiém phwong trinh mi-
logarit)
Cau 14-[D% minh hoa B6 GD va DT lin 2 nim 2017]
S6 lwong ctia loai vi khun A trong mdt phong thi nghiém duoc tinh theo cong thitc
s(t)=s(0).2" trong d6 s(0) 1a s8 luong vi khudn lic ban dau, s(t) la s8 luong vi
khudn A ¢6 sau ¢ phtit. Biét rdng sau 3 phuit s8 lieong vi khu&n A 1a 625 nghin con. Héi
sau bao 1au, k€ tit ltic ban dau s6 luong vi khuén A 12 10 triéu con? ‘
A. 48 phit B. 19phut C. 7 phit D. 12 phuit
o Gidi |
Ta c6 5(3)=5(0).3° < 625.000=8.5(0) = 5(0) =78125
s(z) _ 10000000

=128
s(0) 78125

Goi thoi gian can tim la ¢ phit. Ta c6 s(¢)=s(0).2' ©2' =

<2 -128=0=>¢t=7 = Béap an chinh xacla C
27Q)$pl128qrl=

- c} Math
% -128 ;
(Xem chi tiét thi thudt va bai tdp tuong tu tai bai: Casio giai nhanh bai todn thuc t&'lily mii —
logarit)

Céu 15-[D& minh hoa BY GD v DT Iin 2 ndm 2017]. Cho biéu thie P={xx*¥x* vei
x>0 . Ménh d& nao duéi day ding? , : |
1 12 1 2
A . P=x? B.P=x% C.P=x* D.P=x?
Gidi
Chon x=2



Néu dap s§ A dung thi 3 Xx
qP48Q)0q"3$Q)d0q"2$Q) 355$5pQ)"0.512=

O] Math A

e 2T b
0. (41430962047

Ra mot gia tri khac 0 vay dép an A sai

Néu dap s B dung thi

loooal3R24r2=
o) Math A&

e tx22 —x’é

Két qua ra 0 vay ddp an B chinh xac

(Xem chi tiét thit thudt v bai tdp tiwong tw tai bai: Casio tinh nhanh gid tri biéu thirc mii-
logaritt)

Ciu 16-[D& minh hea B4 GD va DT I4an 2 nim 2017]. Véi cic s6 thuc dwong a,b bat ki.
Ménh dé nao dudi day diing?

2a° 3
A. log, = =1+3log,a—log,b B. log, 2a =1+llog,a—10g7b
Ub - B b 3 7 -
2a’ 2a’ 1
C.log, - =1+3log,a+log,b D. log, o :1+§log2a+log2b
Giai

Chon a=1.125,b=1.175 thda man diéu kién réi lru vao cic bién A,B
1.125=qJzZW1.175=qJx

Math A O] Math A
ANS+A Ans+B
2 47
S 0

3
Néu dép s6 A ding thi: log, [219 ] 1-3log,a+log,b=0

i2$a2Qz"3ROx$$p1p3i2$Qz$+i2$Qx=

[C] Math &

lo9z| 282)-1-31c
0

K&t qua ra 0 = Dap s§ chinh xéc 2 A
(Xem chi tiét thi thudt va bai tdp twong tw tai bai: Casio xdc dinh tinh chist dung sai cua biéu
thiec mi-logarit)
Céu 17-[Dé minh hoa B GD va DT l4n 2 nidm 2017]. Tim tip nghiém $ ctia bt phwong
trinh log, (x+1)<log, (2x-1)
2

2

A. S:(2;+ OC) B. S:(—oc;2) C.S=(—;2J D. S=(—l;2)



Gidi
Dua bt phuong trinh vé dang xét dau: log, (x+1)-log, (2x-1) <0
2 2

2
D& xét d4u nhanh ta c6 thé st dung tinh nang lap bang gia tri MODE 7
w7gCi0.5$Q)+1$pi0.5$2Q)p1==p1=2.5=0.25=

i

0.5
I

1

Quan sét thdy khoang 1am cho vé trai mang d&u —1a (0.5;2)
= Pép s chinh xacla C
(Xem chi tiét thi thudt va bai tdp twong tw tgi bai: Casio gidi nhanh bt phwong trinh mi-
logarit)
CAu 18-[Dé minh hoa B6 GD va DT lin 2 nim 20171.
Tinh dao ham ctia ham 8 y =In(1++x+1).

A y'= ! B. y'=——1————

2M(I+M) 1++/x+1
C.y’=————-————1—-—-—— D. y'=———-2—————-———

&ﬁ(u\/ﬁ‘l) &ﬁ(u&ﬁ)

Gidi
Néu dép an A dang thi
. 1 . 1 _

[ln(lﬂ/?(?ﬂ—2\/;+_1(1+\/;+_1)<:>[ln(1+M)] 2@(1%/;3) 0.

Chon x =2 r0i st dung tinh nang tinh dao ham ta duwoc
qyh1+sQ)+1$)$2$palR2s2+1$(1+s2+1$)=

Math &

L1+ 1)) 8
1.182xii2

Két quara 1072 ~0 = Dap s8 chinh x4c1a A

(Xem chi tiét thii thudt va bai tgp twong tw tgi bai : Casio tinh nhanh dgo ham cia ham s6)
Cau 20-[Dé minh hoa B GD va DT 14n 2 nim 2017] | o

Tim tap hop tAt ca cc gia tri ctia tham s8 thyc m d€ phuong trinh 6" +(3-m)2" ~m=0

6 nghiém thudc khoang (0;1)

A. [3:4] B. [2;4] C.(24) D. (3;4)
' Gidi
N oA 1y A 1A 6" +3.27
Muén tim m ta sé tién hanh ¢6 lap m = S f(x)

Tim mién gi4 tri caa f(x) ta st dung chttc ndng MODE 7 trén mién x € (0;1)

w7a6"Q)$+302"Q)R2"Q)$+1==0=1=0.1=

10



@ @ Math
F(Ha Fig)
| 1 [ g iTH' 3. 4352
[ 0. ]}12. 1293 g 0.9}3.17033
3 O.212.2691 1 | y

Tadugc 3< f(x)<4 . Mam=f(x)=>3<m<4
= Dap s0 chinh xac la D

(Xem chi tiét thi thudt va bai tdp tieong tir tai baz Casio gidi bai todn turong gzao cua hai do thi)
CAu 21. [De mmh hoa Bo GD va DT lin 2 nam 2017]. Xét cac s8 thuc a, b théa man

a>b>l.T1rng1atr1nhonhat P... cuableuthuc P—-log( )+3logb( )

AP,=19 B.P, =13 , , c.Pm'=14 e D. P, =15

Chon b=1. 125 1di sit dung chuc nahg MODE 7 fim min caa biu thuc o

P=log 4 ( )+310gb(1 125)

1125

w71aQ)R1.1256$0Q)d$d+3i1.125$aQ)R1.125==1.2=3=0.2=

Fog |
|im33.555
gl t.u|15.g3g
3l 1.6l iE.093

Ta thdy gia tri nh6 nhat ¢ thé xuat hién 1a 15.039 gan véi 15 nhit
= Dap s6 chinh x4cla D
(Xem chi tiét thi thudt va bai tip twong t tai bai: Casio tim nhanh gid tri 16n nhdt gid tri nhé
nhdt ciia ham s6)

Ciu 22-[D%¢ minh hoa B6 GD vi DT Iin 2 ndm 2017]. Tim nguyén ham ctua ham s&
S (x)=cos2x

A, —;—sin2x+C B. ~—;-sin2x+C C.2sin2x+C D. -2sin2x+C
Giai

Ta hiéu néu F(x) la nguyén ham caa F(x) thi F'(x)=f(x) < F'(x)-f(x)=0

Chon x = —11;— r6i dung tinh ning tinh dao ham ctia Casio dé kiém tra

qw4qyalR2$j2Q))$aqKR12$$pk20aqKR12$)=

3 Math &

[ Esin(20)])|.._b

-1. 2Pl
Ta thdy 107 ~ 0 = D4p s6 chinh xacla A
(Xem chi tigt thii thudt va bai tip trong tir tgi bai: Casio Him nhanh nguyén him)
Cau 23-[Dé minh hoa B GD va PT I4n 2 nam 2017]
2
Cho ham s& f(x) c6 dao ham trén doan [12], f(1)=1 va £(2)=2. Tinh I=J'f‘(x)dx
1
7
A 1=1 B.1=-1 C.1=3 D.I=E

11



Gidi

2
D& dé nhin ta dat v=1'(x) khi d6 1= [v.dx .
1

Ta cé: f'(x)=v= f(x) la nguyén ham ctia v

:>1=f(x)f=f(2)-f(1)=1

= Dép s6 chinh xacla A
(Xem chi tiét thil thudt va bai tdp twong tw tai bai : Casio tim nhanh tich phin xdc dinh)
Cau 24-[P8é minh hoa B6 GD va PT Iin 2 nam 2017]
Biét F(x) la mdt nguyén ham ctia ham s6 f(x) =—li_ va F(2)=1. Tinh F(3)
X —

1

A. F(3)=In2-1 B. F(3)=In2+1 C.F(3)= D. F(3)=

(3
Bl

Gidi

Tacod: j.f(x)dx =F(3)-F(2)=F(3)=

N'—.\.u

f(x)dx+F(2)=1.6931..=In2+1

yalRQ)p1R2E3$+1=
I 2 Hi pos+]
1.693147181

= Dap sd chinh xacla B
(Xem chi tiét thii thudt v bai tdp twong tw tgi bai : Casio tinh tich phin xdc dinh)
Céu 25-[Pé minh hoa B GD va PT Iin 2 nim 2017]

Cho jf )dx =16 . Tinh I= jf (2x)d
A 1=32 B.1=8 C.1=16 D. 1=4
Gidi

4
Néu ciia f(x)=x. Khi d6 tinh [xdx =8. Vay d& phi1 hop d& bai thi ta chon f(x)=2x khi
o
4
d6 [2xdx=16
0

2
D& tinh f(2x) thi ta sita f(x) chd nao cé x bién thanh 2x = I= J.Z(Zx)dx =8
0

y2(2Q))ROE2=
HMath &

[Z2¢2%0tx
:

Math &

1)1 C2ex-136%)%
7505441089

= Dap s6 chinh xacla B
(Xem chi tiét thii thudt va bai tip twong tw tgi bai: Casio tinh tich phin xdc dinh)

12



Céu 26-[Dé minh hoa B6 GD va PT Iin 2 nim 2017]

4
Biét j de =aln2+bIn3+cln5 voi a,b,c la cac sd nguyén. Tinh S=a+b+c
L7+ x

A §=6 B.§=2 C.§=-2 D. S=0
Gidi

4
Tinh tich phan | x
3 X"+ x

yalRQ)d+Q)R3E4=

J‘d 7] Math &
SWE w —=l%
0. 06453852114

va luu vao bién A4

qlz
ANs+A
0.06453852114
16

Khido A=aln2+bn3+¢clns5e A= 111(2“.3”,5") 235 =t =22

15
QK"Qz~

EH

B Math &

%] Math &

16

ml-"

2222
3.5
= Dap s6 chinh xac1a B
(Xem chi tiét thit thudt va bai tap twong ti tai bai : Casio tnh tich phin xdc dinh)
Ciu 27-[Pé minh hoa B6 GD va PT I4n 2 nim 2017] y
Cho hinh thang cong (H) gi6i han bdi cic dudng

=243,

Déthé’y%: =235 = a=4b=~lic=~1=5=2

y=e%y=0,x=0 va x=In4. Dudng thing x=k (0<k<In4)
chia (H) thanh hai phan c6 dién tich S,,S, nhw hinh vé bén.
Tim k d€ S, =28,

A. k—-‘3‘11’14 B. k—ln2 /

g 7|
Ck=lnz D. k=In3
Gidi
Ind
Goi S la dién tich hinh (H) = [|er—0]dx=3
0

yqcQKMQ)ROEh4)=

F:}
Inidl
[E g |

Math &



k
Vi §, =28, matdng diéntichla3 =§ =2:>_[ e*ldx=2 . Thircacdap antacéd k=In3
0
yqcQK Q)ROEh3)=
Math A
1ni3)
[ 1% iy

2
= Dép sd chinh xacla D
(Xem chi tiét thii thudt va bii tdp tueong tw tgi bai: Casio tng dung tich phin tinh nhanh di¢n
tich hinh phing)
Cau 28-[Dé minh hoa B6 GD va PT lan 1 nam 2017]
Ong An c6 mét manh vudn hinh Elip ¢6 d6 dai —
truc 16n bing 16m va d dai truc bé bang 10m .

Ong mudn trong hoa trén mot dai dat rong 8m 8m

va nhan truc bé cta Elip lam truc d6i xing
(nhwr hinh v&). Biét kinh phi d€ trong hoa la
100.000 dong 1m”. Hoi dng An can bao nhiéu
tien dé trong hoa trén dai dat d6? (S6 tién lam

\__-_/

tron dén hang ngan)
A. 7.862.000 B. 7.653.000 C.7.128.000 D. 7.826.000
Giai
Xét hé toa d6 Oxy dit vao tdm khu vuon, phwong trinh Elip vién khu vuon la
2 2

L+L:1
64 25

Xét phan db thi Elip ndm phia trén truc hoanh ¢6 y =5,/1- )62

Dién tich S ctia dai dat ciing chinh bing 2 Tan phan hinh phang gidi han boi db thi
y=£(x), truc hoanh, duong thing x=-4 , duong thang x =4

5/1-% 0
64

2yqcbslpaQ)dR64Rp4E4=

Math &
4
22,

_AZ |
Bl1-57 |dx
= S8 tién can la 100.0005

76.5289182
0100000=

finsx100000
7652891 .87

= Dap s6 chinh xacla B
(Xem chi tiét thiz thudt va bai tdp twong tu tai bai: Casio tng dung tich phdn tinh nhanh dién
tich hinh phing)

4
:>s=2j dx = 76.5389182
—4

Math A&

14



Gidi

D¢ tinh s6 phuc lién hop ta st dung 1én CONJG

w2q22bO(3b+1))=
CHMPLE 0] Math &

Condaci=(3i+1))
~a-i

= Dap s6 chinh xacla D
(Xem chi tiét thii thudt va bai tdp twong tr tai bai: Casio tim nhanh cic thude tinh 0 phirc)
Céu 33-[P& minh hoa B6 GD va PT Iin 1 nim 2017]

Tinh médun ctia s& phitc z thda man z(2 “i),+ 13i=1

A |- 52 B. |- 34 cl=2 D. |2|=

w&’
E

Giadi
D€ tinh médun cta s6 phtic z ta str dung 1énh SHIFT HYP
gcalpl3bR2pb=
Pl @ Math &
1-133 I
Z2-1i

134

= Dap s6 chinh xac la A
(Xem chi tiet thi thudt v bai tdp twong ti tai bai : Casio tim nhanh cic thudc tinh so phuc)
Céu 32-[Dé thi minh hoa ctia B GD-PT Iin 2 nim 2017]

Kihiéu z, 1a nghiém phtic c6 phin 4o dwong ctia phuong trinh 42> ~16z+17=0. Trén

mat phang toa d9, di€m nao dudi day 14 diém biéu dién cta s8 phic w=iz,?

AM, G;zj B.M, (—%;2) C. MS(—%;IJ D.M, G;l)

Gidi
Tim nghiém phtc ctia phuong trinh 4z° —16z+17 =0 bang chtc ning MODE 5 3
wb34=p16=17===

@ Math¥ MathW&
Al= Az=
) 1.
2+=1 2-51
Vay z, =2+%i . Tinh w=iz, =«-;~+2i
w2b(2+alR2$b)=
iMPLf’. @ Math &
i[2+2i]

1 m:
=+2i

15



Diém bifu dién s& phitc w c6 toa do (—-é—;zj = Dép an chinh xacla B

(Xem chi tiét thi) thudt va bai tip tuong tw tai bai: Casio tim nhanh nghiém cia phwong trinh
8 phirc)

Cau 34-[Dé minh hoa cita B6 GD-PT lin 2 nam 2017]
Cho s8 phttc z=a+bi thoaméan (1+i)z+2z=3+2i.Tinh P=a+b v
A.P:% B.P=1 C.P=-1 D.P=—1
Gidi
Phuong triinh < (1+i)z+2z-3-2i=0 (1). Khi nhép s8 phtic lién hop ta nhan lénh

qz2
CMPLY B Math A

Coniadl
Stt dung mdy tinh Casio nhap vé trai cta (1)
(1+b)Q)+2q22Q))p3p2b

CMPLX

vEnnJgEx) - 21I

X 12 s6 phitc nén c6 dang X =a+bi. Nhap X =1000+100i (c6 thé€ thay a;b la s6 khéc)

r1000+100b=
CHPLX ] Math &

(1+i)A+2C0oNJgCAk
2897+8981

A ALl N , {2897=3.1000-100-3=3a-b-3
Vay vé trai ctia (1) bang 2897 +898i. Ta co: { 4

898=1000-100-2=a~-b~-2

Mit khac dang mudn vé€ trai =0 2{3a~b—3 =0 —a :l;b 3

a-b-2=0 2 2

Vay a+b=-1

= Dap s8 chinh xacla B

(Xem chi tiét thi thudt va bai tdp twong t tai bai : Casio tim nhanh cdc thugc tmh 56 phwc)
Cau 43-[Dé minh hoa B4 GD va DT Idn 2 nim 2017]

Trong khong gian v6i hé toa d6 Oxyz cho hai diém A(3;-2;3) va diém B( 1;2; 5) Tim

toa dd trung diém I cua doan thing AB

A I(-221) B. 1(1,0;4) C.1(2;0;8) D. 1(2;-2-1)

Giai
Ap dung quy tic trung diém ta suy ra ngay / (1,0;4) = Dap s6 chinh xacla B

16



Céu 44-[Dé minh hoa B6 GD va PT Iin 2 nim 2017]. Trong khéng gian véi hé toa do
|

X
Oxyz cho dudng thang d:

———m—

y=2+3t(1e R). Vecto nao dudi day la vecto chi phuong
z=5-1
cta d?
A, u(0:3:-1) B. u(1:3:-1) C.u(li=3-1) D. u(1;2;5)
Gidi
Phuong trinh dudong thing o di qua di€m M(x,;y,:z,) va c6 vecto chi phuong
x=Xx,+at
z;(a;b;c) la: y=y,+bt(teR)
z=z,+cl

Ap dung ta thdy ngay u(0;3;-1)
= Dap s6 chinh xac la A
Céu 45-[Dé minh hoa B6 GD va BT [in 2 nim 2017]
Trong khéng gian voi hé toa d6 Oxyz cho ba diém A(1:0;0), B(0;-2:0), C(0:0;3).
Phurong trinh nao dudi déy la phuong trinh mét phing (ABC)?
AL Y 2o B. .Y 2o ciy Lo 5 JE |
3 -2 1 -2 1 3 I -2 3 3 1 -2
Gidi
Cach 1 ta 6 thé st dung phuong trinh mit phéng theo doan chin = kd +—% +—§ =]
Cach 2 ta co thé stv dung phuong phap thir diém. Dap an A , B, D déu sai vi ba mit
phéng d6 khéng chuza didm A.
Céach 3 ta c6 thé stt dung Casio. Ta 6 n,, = [ZE’;;{@J =(=6;3;-2) . Chi c6 mit phing &
dap an C nhan vecto nay lam vecto phéap tuyén
w811p1=p2=0=w821p1=0=3=Wq530q54=
VTR
Ang

i g 3 -al

-
= Pap s6 chinh xac1a C
Ciu 46-[Dé minh hoa B4 GD va PT l4n 2 nim 2017]
Trong khong gian Oxyz, phuwong trinh nao dudi day 1a phwong trinh ctia mit cau ¢6
tam I(1;2;-1) va ti€p xuc véi mét phing (P):x~2y-22-8=0
Al (x+1) +(y+2) +(z—1)" =3 B. (x—1)" +(y~2) +(z+1)" =3
C.(x—l)2 +(y—2)2 +(z+1)2 =9 D. (x+1)2 +(y+2)2 +(z~1)2 =9
S - ' Gidi
Tim ban kinh R=3
aqe1O1p202p20(p1)p8Rsid+2d+2d=

O] Math &
[1v1l—ZxE—FH (~1])

NE42E 458
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Mt Giucd tAm I(1;2-1) bénkinh R=3=R =9

E = Dép s8 chinh xac1a C

i - (Xem chi tiet thit thugt va bai tdp twong tw tai bai: Casio tim nhanh khodng cdch trong khong
g Oxz) |
Ciau 47-[D¢ minh hoa Bé GD va DT Iin 2 nim 2017]. Trong khéng gian véi hé toa dd

x+1 'y z

Oxyz cho duong thing (d): ——:—~:1-5- va mjt phang (P):3x-3y+2z2+6=0.

1 -3
Meénh d& no dudi day dung?
A.d cit va khong vudng goc voi (P) B. d L(P)
C. dsong song vdi(P) D. d ndm trong (P)
Gidi

Ta c6 u,(1;-3;~1) va n,(3;-3;2). Nhap hai vecto nay vao may tinh Casio
w8111=p3=pl=w8213=p3=2~
var B _ v @
"I cammmenm “r 3 -3 EEE)
-1 Z
Xét tich vo hwdng 1., =10 = u, khong vudng goc véi n, =d,(P) khong thé song
song hoac trilng nhau = Pap s6 dung chi cé thé 1a A hodc B
Wq53q57q54=
vl

YotA-VetB
10

Lai thdy u_;, Z khéng song song v6i nhau = d khong thé vudng goc voi (P) = Dbap
s6 B sai
Vay dap an chinh xac la A
(Xem chi tiét thit thudt va bai tdp twong tu tai bai : Casio xdc dinh nhanh vi tri tuong doi ciia
duong thing — mat phiing)

CAau 48-[Dé minh hoa B GD va DT [in 2 nidm 2017] Trong khéng gian vd&i hé toa do
Oxyz cho hai diém A(-2;3;1) va B(5:-6;-2). Duong théng AB cat mit phéng (Oxz)

tai didm M. Tinh f s6 S
MB

A B2 =2 cMA_L p MA_
MB 2 MB 3 MB

: Gidi
Miit phing (Oxz) c6 phwong trinh y =0

MA 1 MA MA
B

- beé tinh ti 56 % ta st dung cong thizc ti s8 khoang cach (da gap ¢ chuyén d@ hinh hoc
» f‘l’<h6ng gian) |
Lo M4 _- d(4;(0xz))

. Tacd ——==————= bat k€ hai diém 4,8 cl h hay khac phia so vdi (Oxz
- acro"MB d(B;(Oxz)) at ké hai diem cling phia hay khac phia so 01( )

i Ta‘,'c“(’) th& diing may tinh Casio tinh ngay ti s8 nay

18



wlaqc0+3+0RqcO+p6+0=

D] Math A
| Q45400 ]
(T Wy
| =840 | 1

Ta hi€u ca hai mAu s8 ctia hai phép tinh khoang cach déu nhu nhau nén ta triét tiéu
Iudn ma khéng cin cho vao phép tinh caia Casio

= Dép s0 chinh xacla A

(Xem chi tiét thu thudt va bai tdp twong tu tai bai: Casio tim nhanh khodng cdch trong khong
gian Oxyz )

Cau 49-[D¢é minh hoa B6 GD va DT l4n 2 nam 2017]. Trong khong gian v6i hé toa dd
Oxyz, viét phuong trinh mét phang (P)song song va cach déu hai duong thang
d: 2= 2.y =

-1 1
A.2x-2z+1=0 B. 2y-2z+1=0 C.2x-2y+1=0 D. 2y-2z-1=0
Gidi

Mit phang (P) song song véi 2 dudng thing d.d' s& nhan u,,ux, lam cap vecto chi

=—di—= =

z , x_y-l z-2
T

phuong
= vecto phap tuyén ;77 = [ZZJ = (O;l;—l)
w811pl=1=1=w8212=p1=pl=Wq530q54=
i veim
r
| -1
a
= Dap s6 dang c6 thé'1a B hodc D
L&y diém M (2;0;0)thudc d va diém N(0;1;2) thudc d' . D& mit phang (P) cach

déu hai duong thing d,d" thi mat phéng () di qua trung diém cia MN la 1(1;%;1]
= Dap s0 chinh xacla B

- (Xem chi tiét thil thudt va bai tdp twong tw tai bai : Casio tim nhanh khodng cich trong khong
gian Oxyz )

T. CASIO GIAI BE MINH HOA BO GD-PT

LAN 1 NAM 2017
Khoa hoc: 101 THU THUAT CASIO + MEO GIAI NHANH TOAN

Cau 3-[Dé minh hoa B9 GD va PT Ian 1 nam 2017]. Ham s8 y=2x' +1 ddng bién trén

khoang nao?

A.[— OC;~%] B.(0;+ ) C.(%w oc] D.(-:0)
Gidi

Ham s8 bac 4 dong bién trén khoang (a;6) néu y'2 0 véi moi x thudc khoang (a;b).
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Xét ddu dao ham ta st dung chizc ndng qy
quQ)’\4$+1 $2=

(x4 41)| s

Math &

B4

Ta thdy »'(2)> 0= Dép s6 B va C c6 thé ding
u0p025=

et
dx i +1]|x

Math &

S
0= Dap 80 C sa1
s chmh xacla B : :
’ thuut v baz tap twcmg tir- taz baz Caszo xét nhanh tinh do ng blen nghzch bzen

Cau 5-[D&é minh hoa B6 GD va BT lan 1 nim 2017]
Gia tri cuc dai cia ham s6 y = x* =3x+2 la bao nhiéu
A.4 B.1 C.0 D. -1
Gidi
P& tim .y cue dai thi ta phai tim hoanh d6 diém cyc tri (la nghiém phuong trinh y'=0)
v6i chite nang MODE 5
wb33=p3=0=

A=

7] Math¥ =] Math¥ i

=~
k)
]

Ttz hai hoanh dd diém cuc tri ta im dwgce hai gia tri cye tri voi chite nang CALC
wlQ)"3$p3Q)+2rl=rpl=

5] Math & B Math &
KE TR+ K-+
I 4
Trong hai gia tri cyc tri 0 va 2 thi gia tri cuc dai 16n hon gia tri cuc tiéu
=Pap s6 chinh xacla A
(Xem chi tigt thi thudt va bai tép twong tw tai bai : Casio tim nhanh cyc tri ctia ham s6)
Cau 6-[D¢é minh hoa Bo GD va DT Iin 1 nim 2017]

2
A . . 7 n, 7 M A 3 "~
Tim gia tri nho nhét cia ham s6 y = x +1 trén doan [2;4]
X —

A. miny=6 B. miny =-2 C.miny=-3 D. miny:-lag—

G1u1
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Math

"’ F¥, n.]
g Be l]ElE'l
Bl 3.85 E.DE'1'1 _
S
- Q Math A&
AT =302
4

Ta thay rd rang gia tri nho nhat cila ham s 1a 6 dat dwockhi x=3

= Pap s6 chinh xac la A

(Xem chi tiét thi thudt va bai tdp tuong tw tai bai : Casio tim nhanh gid tri-lén nhat - gzu trz

nho nhit cia ham s6) o 4 e
Cau 7-[Dé minh hoa B4 GD va BT lin 1 nam 2017]. Biét rang duong théng y=-2x+2 cat

d6 thiham s y =x'+x +2 tai diém duy nhét, ki hiéu (x,;y,) la toa dd di€ém dé. Tim vy,

Ay, =4 B. y,=0 C.y, =2 D.y,=~1

Gidi

Thiét 1ap phuong trinh hoanh dé giao difm -2x+2=x"+x+2. Tim hoanh d¢ giao

diém ta st dung chirc ndng do nghiém SHIFT SOLVE

p2Q)+2QrQ)"3$+Q)+2qr1=

F] Math
_qy+; R
N
[-F= I

Tt x, =0= y, =2 = Pap sd chinh xacla C

(Xem chi tiét thu thudt va bai tdp twong tw tai bai: Casio gidi bai todn sy twong giao cua 2 do

thi ham s6)
Céu 8-[Dé minh hoa B6 GD va DT I4n 1 nidm 2017]. Tim t4t ca cac gia tri thuc ctia tham s&

m sao cho d6 thi ham s8 y=x*+2mx* +1 ¢6 ba cyc tri toa thanh mét tam giac vudng

cin

B. m=-1 Cm=—s D. m=1

. m= M.T\/_—(;
D6 thi ham bic 4 tring phuwong y =ax* +bx’ +¢ ¢d ba cyc tri tao thanh mot tam giécf
vubng cdn < b'-8a=0 < 8m’'-8=0<m=1 |
= Péap s6 chinh xacla D

(Xem chi tiét thiy thudt va bai tép twong tu tai bai: Meo gidi nhanh tam gidc cyc tri ham bic 4
tring phuwong) ‘

Cau 9-[Dé minh h'(‘)'é B6 GD va DT [in 1 ndm 2017]. Tim tit ca céc gla tr1 thu’c ctia tham

Xx+1
vmx® +1
A. m<0 B. m=0
C.m>0 D. Khéng c6 m thoa
Giai

s6 m sao cho d6 thi cia ham s6 y = co hai tiém can ngang.

Ta hiéu: Néu ham s6 cé tiém cin ngang thi limy =¢
X~z
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Véi dédp an A chon m=-2. D& tim tiém can ta sir dung k¥ thuét tinh gidi han vdi chitc
x+1

V-2x* +1

ning CALC cta may tinh Casio cho ham s6 y =

aQ)+1Rsp2Q)d+1r10°9)=
[R] Mzth
Math ERROR

CAc] rCcancel
C41C#]:GOLD

o Ta thdy lim

__x_t____

©Véidap s6 Cta chQn m=2 Khi d6 hém 8 ¢d dan‘g' y=

khong ton tai = bap so A sai. Tuong t-uz dap so B ctin

 x+1,
N2x +1 e
aQ)+IRs2Q)d+1r10"9)= SRR B
R Math &
s+l

AZ5Z 41
0, T0eTE1S
Vay d6 thi ham s6 c6 tiém can thl'r nhét y=0.7071...
rpl079)=

Htl
JziE 41
‘”, |'“ ']_I-“_I|III|':

E] Math A

Vay d6 thi ham s6 co tiém can tha hai y = -0.7071

= Pap s6 chinh xacla C

(Xem chi tiét thi thudt va bai tdp twong tw tai bai : Casio tim nhanh tiém cdn ciia d6 thi ham s6)
Cau 10-[Dé minh hoa B6 GD va BT lan 1 nam 2017]

Cho mét tim nhém hinh vudng canh 12 cm. Ngudi ta cit & bdn gde ctia tdm nhdm dé

bén hinh vudng béng nhau, méi hinh vuéng c6 canh bé“mg x cm, roi gdp tdm nhom lai

nhu hinh vé dudi day dé duge mét cai hop khong nép. Tim x d& hép nhan duge c6

thé tich 16n nhat. B n

A.x:6 B. x C.x—_—2 D x=14

It
(U8}

Gidi
‘Hinh hop c6 déy 1 hinh vuéng canh la 12-2x cm v ¢6 chigu cao 1a x cm. Vay s& 6
thé tich: V:lx(12~—x) H -
PE tim thé tich 16n nhat ma dé bai lai cho cac g1a tri clia m thi ta tién hanh thir dap an -
Voix=6=V =0 SR
alR33$Q)(12p2Q))r6=
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Rl Math A

Véi x=3=V=6

3=
@ Math A

-~

(u]

Tuwong tu voi x=2:>V:% , x=4:>V:—l§6—

R rang thé tich Ién nhat 1a 6 = Dap s6 chinh xacla A
(Xem chi tiét thil thudt va bai tdp hiong tu tai bai: Casio giai nhanh bai todn thyc t&cyc tri)

Ciu 11-[Dé minh hoa B6 GD va DT 1in 1 nam 2017]. Tim t4t ca cac gia tri thirc cta tham

s6 m sao cho ham sd y _fanx -2 dong bién trén khoang (0;—75]
tanx —~m 4
<0
m B. m<0 C.lsm<2 D.mz2
I<m<2

Giai
Al A S . ar . w, A %) Iy b N .
Pé& dén nhin ta tién hanh dédt n phu tanx=t. Véi x=0=1t=0, voi x=Z:>t=1 . Bai
. AT O A, t-2 . N oA
toan trd thanh “Tim m d& ham s§ y =—— do6ng bién trén (0;1)
t~m

Ham s8 phan thitc hitu ti ddng bién <>y >0« >0 m<?

(t-m)

Ngoai ra ham phén thic ¢6 diéu kién ton tai x #m < m khong thudc khoang chita x
m<0
< [m z1
Két hop 2 diéu kién trén ta dugc m<0 hodc 1<m<2
= Pap s6 chinh xacla A
(Xem chi tiét thi thudt va bai tdp twong tw tai bai: Casio xdc dinh tinh dong bién nghich bién
ctia ham s6)
Cau 12-[D& minh hoa B GD va PT Ian 1 nim 2017]. Giai phuong trinh log, (x—1)=3
A . x=63 B. x=065 C.x=82 D. x=80
Gidi |
Tim nhanh nghiém ctia phuong trinh nay ta nén sir dung chitc néing SHIFT SOLVE
i4$Q)p1$p3qri=
Math

109,40%-1)-3

= | 6E
[ -R= | f
= Pap s6 chinh xac 1a B

(Xem chi tiét thi thudt v bai tdp twong tw tai bai: Casio Him nhanh nghiém cia phuong trinh
mil — logarit) j

_T1
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Céu 13-[Dé minh hoa B4 GD va DT Iin 1 nam 2017]. Tinh dao ham cia ham s6 y =13

A y'=x13" B. y'=13".1n13 C.y' =13 D.y'= 13
' Gidi AT .
Néu dap 4n A ding thi (13‘)':)(.13x - (13‘)' X. 13x =0. Chon g1a tr1 X dal d1en a2
ay13°Q)$$28p2013"2p1= | ;
Math &
E?EI: IEH'JI xzz—.axll‘
407, 4764414

K&t qua ramotsd khac0 = PapdnAsai
 ThirdépanBuvei (13')-13n13=0
qu13"Q)$$2$p13d$Oh13)=

[Fi} Math A

r.’i - -...-.'
)] semz =13

-1, 45510

Két qua ra —1.45.107'"° ~ 0 (Do quy tac lam tron clia may tinh Casio)

= Dap s6 chinh xac la B

(Xem chi tiét thii thudt va bai tdp twong tu tai bai: Casio tinh nhanh dgo ham ctia ciia ham s6)
Ciu 14-[D8é minh hoa B6 GD va BT [4n 1 nim 2017].

Giai bat phwong trinh log, (3x—1) >3

A x>3 B.%<x<3 C.x<3 D.x>139

Gidi
Dua bat phieong trinh vé dang xét ddu log, (3x-1)-3>0<f(x) >0
i2$3Q)p15p3r2.9=

109, (3%-1)-
-0, 05514155419

Ta thdy f(2.9) <0= Dép s6 B va C sai
r3.1=

Math &

Math &

&

logz(3a-11-3
0.05311 135646

Ta thay f(3.1)>0= Dép an chinh xacla A

(Xem chi tiét thu thudt va bai tdp twong tw tai bai: Casio gidi nhanh bt phwong trinh mii —

logarit)
Cau 15- [De mmh hoa Bo GD va DT lan 1'nam 2017]

Tim tap xac dm.h D ctia ham ! y-—log2 (x =2x 3) :
QA.D,(— ~l]u[3+oc) aE e 'B[13] :
Cfraeml)u(Ete) .~ D (c13)
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Gidi

P& ham s6 logarit ton tai thi v* -2v-3>0. Ddy 1a 1 b4t phuong trinh bac 2 d€ gidi

nhanh ta cé thé st dung chirc nang MODE INEQ

wR1111=p2=p3==

o B ot Math
a-1adan

= R6 rang dap s8 chinh xac la C

(Xem chi tiét thu thudt va bai tdp tirong hi tai bai: Casio tim nhanh tdp xdc dinh ctia ham s6)
Cau 17-[D¢é minh hea B6 GD va BT Ian 1 nidm 2017]. Cho céc s8 thuc duwong a,b véi

a # 1. Khéng dinh nao sau day la khéng dinh ding?

A. log , (ab)= %log" b B. log . (ab)=2+2log, b

C. log . (ab) = }-log“ b D. log . (ab)= 1 ilog“ b
* 4 ¢ 2 2 .
Giai
Chon a=1.125.b=1.175 thoa man diéu kién r6i [wu vao cac bién A,B
1.125=qJzW1.175=q]x

) Mk A @ Wath &
ANS+A Aris+h
=2 47
= 40
Néu dap sd A dung log , (ab) - %log" h=0

ind$QZQx$pal R2%1Qz$Qx~=

Math &

109,z LAE: l—-l-lng,-,t*

1
Ta nhén dwgc log . (ab —llo b L
" 2 gu 2

= Dap s6 A sai
- Twong tw ta s& nhan dwgc ddp an D 1a dap an chinh xdc
1Q7d$QZQx$pa1R2$pa1R2$1QZ$Qx—

o — , e
109,z (RE)-2-21 ¢
- . S
I
(Xem chi tiét thu thudt va bai tdp twong te tai bai : Casio xdc dinh tinh chdt ding sai ciia bigu
thire mii-logarit)

Céu 18-[Dé minh hoa B6 GD va BT Ian 1 niam 2017]. Tinh dao ham ctia ham s§ y = x;I

(St dung twong tw kij thudt tinh nhanh dao ham ¢ cdu 13)
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Ciu 19-[P@é minh hoa B4 GD va PT Ian 1 nim 2017]

Cho hai s6 thuc a, b v6i 1 <a<b . Khing dinh nao dwdi day 1a khing dinh ding?

A. log,b<l<log,a B. I<log,b<log, a
C.log,a<l<log,b D. log,a<1<log, b
Giai
Chon a=1.125,5=1.175 théa man diéu kién rdi liru vao cac bién 4, B
1.125=qJzW1.175=g]x
. B Math & . B Math A
ANS+A Ans+E
o 47
S A}

Tinh log, 5 =1.3691... log, a =
1Qz$Qx=1Qx$Qz=
Math &

109, 0B - 1oaglAl
1. 3631590743 0. 7303552339

R6 rang log, a <1<log, b = Dap s& chinh xacla D

o] Math &

(Xem chi tiét thii thudt va bai tdp twong tw tai bai : Casio xdc dinh tinh chdt ding sai ctia biéu
thigc mii-logarit)

Chu 21-[D¢ minh hoa B4 GD va PT lin 1 nim 2017]. Ong A vay ngan han ngan hang

100 triéu déng véi 1ai sudt 12% mot nam. Ong mudn hoan ng cho ngan hang theo
cach: Sau diing mét thang k& tir ngay vay, ong bat dau hoan no, hai lan hoan ng lién
tiép cach nhau ding mét thang, s tién hoan ng & mdi I4n 13 nhwe nhau va tra hét no
sau ding 3 thang k€ tir ngay vay. Hoi theo cach d6, s& tién m (triéu déng) ma éng A
s phai tra cho ngan hang trong mdi lan hoan no la bao nhiéu? Biét ring lai sudt ngan
hang khéng thay d6i trong thoi gian éng A hoan ng

~100.(1,01)° (1.01)° 100.1,03 D 120.(1,12)"

B.m= R C. . -
3 (1.01)‘ -1 3 (1,12)‘ -1

"'Day la ba11 i suat vay T c’iong, _,"»'Sikia

»vaheodebentaco T—IOO r—l% OOI

sz

t I% mot thang, mbi thang tra m dong Khi do*

: : AT
dufoc tmh theo cong thuc m= ——(-——1————
S e (1 + r)

100(1+0 01) a
'(1+o 01) -1

Cau 23-[Pé minh hoa Bo GD va DT lan 1 nam 2017} Tim nguyén ham ctia ham s6

26

f(x)=+2x-1
A. Jf(x)dx=—§—(2x—l)«/2x—l+c B. jf(x)dx:é(zx—l)\/zx—uc
C.jf(x)dx=-% 2%-1+C D. If(x)dx:—;—x/2x—1+C



Giai
Tahifu [f(x)dx 1a F(x) thi F'(x)=f(x)
Vi dép én A ta thiy F(x) 2%(2x W
Né&u dap s6 nay ding thi F'(2)=f(2) < F'(2)-f(2)=0.
in$Qx=iQx$Qz=qua2R3$(2Q)Pl)s2Q)P1$$2$p3202p1—'5

Muth A
S [Zmm- 1R
1. Ta20505058
Két qua ra mét s6 khac 0 vay dap s6 A sai
Twong tw nhur vay véi dap s6 B
qyalR3$(2Q)p1)S2Q)p1$$2$p5202p1=

_.] Mauth A
I . ", ()
g;[? L’.-i"l SR

":_-_I. |:|.:| _1‘-

107" tahiéula o

= Dap s6 chinh x4cla B

(Xem chi tiét thii thudt va bai tdp twong tw tai bai: Casio tim nhanh nguyén ham ciia ham s0)
Cau 24-[Dé minh hga Bd GD va DT lan 1 nam 2017]. Mot 6 t6 dang chay véi van téc

10m/ s thi nguoi 1ai xe dap phanh, tix thoi diém d6 6 t6 chuyén dong chdm dan déu véi

van téc v(1)=-5t+10m/s, trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lic dap

phanh. Héi tit ltic dap phanh dén khi dimg hén, t6 t& con di chuyén dugc bao nhiéu mét?

A. 02 B.2 C.10 D. 20

Giai
Khi xe dimg hing thi van t8c bang 0 < -5t+10=0< t=2 gidy
Quang duodng 6 t6 di duocla S= I(—St +10)dt = 10m

0

y(p5Q)+10)ROE2=
_ 0] Math A
S EER 100

10

= Dap s6 chinh xac la C
(Xem chi tiét thi thudt va bai tdp hwong tw tgi bai: Casio trng dung tich phintim nhanh quing
dwong va nhiét lirong)

Céu 25-[D% minh hoa B4 GD va DT [an 1 nim 2017] Tinh tich phan /= [cos’ x.sinzdx |

A. ——in" B. —n* C.0 o po-b

Gidi

Tinh tich phan /= [cos’ x.sin xdx bang lénh y

i
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qw4ka))“3$OJQ))R0EqI<—

Math &

Jocnsiﬁ)“xsin(}b

0
= Paép s8 chinh xéc la C
(Xem chi tiét thu thudt va bai tup tuong t tai baz Caszo tim nhanh tich phan xdc dznh)

Tlnh tlch phan 1= _‘-x Inxdx =2. 0972

qw3yQ)hQ))R1 EQK—

J ATERTE
2. 097264025

= Dap s6 chinh xac la C
(Xem chi tiét thi thugt va bai tdp twong tw tai bai: Casio tim nhanh tich phin xdc dinh)

Céu 27-[Dé minh hoa B4 GD va DT Ian 1 ndm 2017]. Tinh dién tich hinh phing gidi han

Math &4

bdi d6 thihdm s6 y=x"—x va dd thihamsd y=x ~x
gl B.— c2 D. 13
12 4 12
Gidi
Xac dinh cdn theo nghiém ctia phuong trinh hoanh d6 giao diém

Pex=x-xoxX+x*-2x=0

w541=1=p2=0=—=
& Math¥ \ 0] MathVa
w1= =
1 -2
0] Math &
T ll S =
1]

o
Ung dung tich phan d@ tinh dién tich § = [|f (x)~ g (x)ax|+ | (x)- g (x) x|
-2 0

qC(Q)"3$PQ))P(Q)pQ)d)RP2E0$+YqC(Q)A3$PQ))p(Q)pQ)d)R0E1~

= Dép s0 chinh xac la A
(Xem chi tiét thi thudt va bai tdp twong tw tai bai: Casio 1tng dung tich phdn tinh dign tich

hinh phing)
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Cau 28-[D& minh hoa B6 GD va PT 1in 1 ndm 2017]. Ki hiéu (H) 14 hinh phing gidi han
boi d6 thi ham s& y =2(x —1)e* , truc tung va truc hoanh. Tinh thé tich V ctia khéi tron
xoay thu dwoc khi quay hinh (H) xung quanh truc Ox
A V=2 -4 B. V=(2¢-4)n C.V=e -5 D. V=(e'-5)n

' - Gidi
Truc tung sinh ra cin thit nhat x =0. T‘lm'giao diém ctia dd thi ham s8 y=2(x-1)e
voi truc hoanh (y = 0) sinh ra cin thi? hai.
Ung dung tich phan tich thé tich khéi tron xoay ta ¢

Vznj:lfz(x) 1dX*7tJ-

qKyqe(2(Q)p1)QK"Q)$)dpOROE1=

x~1)e ) 0|dx =7.5054... = (e’ - 5)

nfil(ze-13e%)%
7.505441089

= Dap 56 chinh xacla D
(Xem chi tiét thii thudt va bai tdp twong tw tai bai : Casio ting dung tich phin tinh nhanh thé
tich khoi tron xoay)
Ciu 29-[Dé minh hoa B6 GD va PT lin 1 niam 2017]
Cho 56 phttc z =3-2/ Tim phan thuc va phan 4o cta z
A. Phan thie bing —3 va phan ao bang ~2i
B. Phan thuec bang —3 va phin o bing -2
C. Phén thirc bang 3 va phan ao bang 2i
D. Phén thuc bang 3 va phan ao bang 2
Giai
St dung lénh CONJG tim 58 phte lién hop

w2q223p2b)=
CMPLL @ Math &

Condat3d-21)

2i

Vay ta c6 phan thyec la 3 va phén do 14 2

= Dép s6 chinh xac la D

(Xem chi tiét thi thudt va bai tip tuong ty tai bai : Casio tim nhanh cdc thudc tinh so'phikc)
‘Cau 30-[D& minh hoa Bo GD va BT lin 1 nim 2017}

Cho hai s6 phirc z, = 1+i va z, =2-3i . Tinh Mddun ctia s8 phtic z, +z,

A. V13 B. /5 C.1 D.5
- . Gidi
Stt dung lénh SHIFT HYP tinh médun ctia s phiic
 w2qelsbi2pdb= |
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(WL @ Math & -
| 1+i+2-3i |

=
113

= Dép s6 chinh xac la A
(Xem chi tiét thi thudt va bai tdp twong tw tai bai : Casio tim nhanh cdc thudc tinh s6'phiec)
Ciu 31-[D% minh hoa B6 GD va PT lin 1 nam 2017] \

Cho s8 phitc z théa man (1+i)z=3—i. Hoi diém

194

1z

; 5

biéu dién cta z 1a diém nao trong cac diém M, N,

P, Q & hinh bén
A. P B. 0 i !
M D. N I
Gidi f @
Tim z = ?_1 ~1-2i = Di8m biéu dién z c6 toa do (1;-2)
+1
w2a3pbR1+b=
CMPL D] Math &
S-i
1+i
1-2i

= Pap s§ chinh xacla B
(Xem chi tiét thi thudt va bai tdp twong tw tai bai: Casio gidi nhanh dang todnbiéu dién hinh
hoc s6'phikc)

Ciu 32-[D% minh hoa B6 GD va PT [an 1 nam 2017]

Cho s8 phitc z=2+5i. Tim 8 phttc w=iz+2

A.w=7-31 B. w=-3-3i Cw=3=Ti D. w=-7-7i
Giai
Tinh w=iz+z
w2b(2+5b)+c122.’)_+5b)w
CMPLY Math

ild+h 1)+EDnJuL2b

a1
= Pép s6 chinh xacla B
(Xem chi tiét thii thudt va bai tdp twong tw tai bai: Casio tim nhanh cdc thudc tinh s6'phirc)
Ciu 33-[D8 minh hoa B GD va DT Ian 1 nim 2017]. Ki hiéu z,,z,,z,,z, la 4 nghiém
phitc ctia phuong trinh z'-z'-12=0. Tinh t6ng mdédun cdc nghiém
T=lz,[+]z,|+]z;] +]z.]

A. 4 B. 243 C.4+23 D. 2+2J§

sz

ay tmh ch1 tmh duoc phuorng trmh bac 3 Ia t01 da, Vay de may tmh Iam V1ec duoc th]
; ,,;datt—z Khi dophuongtrmhbaclltrothanht —t-12=0." i S
‘ W531—p1—p12-——W




o} Math¥ D] Math¥WA
Ly J
oy — o o
Ml Mz

Jou
1
Ll

Vi t=422" =4=52=42 ,véit=-3>7 =3i' & z2=+3i
Tinh T =|z,|+|z,|+]z| +|z,]= 4+ 243
w2qc2$+qep2$+qes3$b+qeps3sb=

Z,

CHMPLY D] Math A ,
12]+]-21+] 31 |+
4205

= Pap s8 chinh xacla C
(Xem chi tiét th thudt va bai tdp tiwong tw tai bai : Casio tim nhanh cuc tri clia ham so6)
Céu 34-[Dé thi minh hoa ctia b GD-DT lan 1 nam 2017]
Cho céc s§ phtrc z théa man z]=4. Biét riing tap hop cac diém biéu dién cac s& phurc
w=(3+4i)z+i la mot duong tron. Tinh ban kinh r cta dudng tron dé.
Ar=4 B.r=5 C.r=20 D.r=22
, Gigi e e
«» Cach Casio '
D€ xay dung 1 dudong tron ta can 3 diém biéu dién ctia w', vi z s& sinh ra- w nén dau
tién ta s€ chon 3 gia tri dai dién cta z théa man |z| =4

Chon z=4-+0i (thoa man |z|=4 ). Tinh w, =(3+4i)(4+0i)+i

(3+4b)O4d+b=
_CMPL'/. _E.! Math A
C3+d1 )=d+1

12+171
Ta c6 diém biu dién ctia z, la M(12;17)
Chon z=4i (théa man |z|=4 ). Tinh w, = (3+4/)(4i)+i
(3+4b)Odb+b=

. OB Mt A
Catdd Ixdi+i
-16+131
Ta c6 diém biéu dién cta z, 1a N(-16;13)

Chon z=-4i (théa man |z{=4 ). Tinh w, = (3+4i)(-4i)+i
(3+4b)(p4b)+b=

MPLA R Math A

(44704 1+
16-11i

Ta c6 diém bidu dién cia z, 1a P(16;,-11)

Vay ta c6 3 diém M,N,P thudc duwong tron bidu dién s& phirc w
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Duong tron nay sé c6 dang tong quat x* +y’ +ax+by+c=0. D& tim a,b,c ta st dung
may tinh Casio véi chitc nang MODE 5 3
w5212=17=1=p12dp17d=p16=13=1=p16dp13d=16=p11=1=p16dp11d=—

= B Mattw v @ Mathw
B M AI:I e
=
-399

Vay phuong trinh dudng tron ¢6 dang x? +y? =2y —399 =0 & x* +(y - 1) =20?
Ban kinh duong tron tap hop di#m biéu dién s phitc w 1a 20
= Pap an chinh xacla C

Céu 43-[PDé minh hoa B6 GD va DT lin 1 ndm 2017]. Trong khong gian vdi hé toa dd
Oxyz cho mit phiang (P):3x—-z+2=0 . Vecto nao sau day 1a vecto phap tuyén caa (P)
A. ﬁ(—l;o;—l) B. n(3;-1;2) C.n(3-1,0)D. n(30 -1)

Guu

i uzong | mh mat phang Ax + By £Cz+ D= 0 6 vecto phap tuyen 6 toa d'o la (A B C)

E ‘ m, ‘gphang (P ); 3x - z+2 0 $8¢6 vecto phap tuyen la n(3 0;- 1) .
= Dap 56 chinhxaclaD ' e e e
Cau 44-[D¢ minh hoa B6 GD va PT Ian 1nim 2()17]

Trong khéng gian v6i hé toa d6 Oxyz cho mit cau (S):(x +1) +(y—-2)" +(z~1)" =9
Tim toa d6 tAm I va ban kinh R cua (S)
A.I(-1;2;1),R=3 B. I{(1;-2%-1),R=3  C.I(-1;2;1},R=9 D. I(};-2;-1),R=9

; ' Gidi :
o Mat c‘éuv(S):(x'—a)2 +(y=b) +(z-c)’ =R* c6 tim I(a;b;c) vabankinh R - i
' T_'J’ng dung (S):(x + 1)2 +(y —2)2 H(z- 1)2 =9 >tam I(-1;2;1) va ban kinh R”* =9=>R =3
' = Dapsd chinhxacla A o ‘
Cau 45-[Dé minh hoa Bd GD va PT Lin 1 nam 2()17]
Trong khéng gian véi hé toa 40 Oxyz cho mat phing (P):3x+4y+2z+4=0 va diém
A(1;-2;4). Tinh khoang cach d tir A dén (P)

A d=2 B. d=— Cd=—> D. 4=
9 29 V29 3
Gidi

Ap dung cong thirc tinh khoang cach tlr m6t diém dén mot duong thing ta ¢ d = \—/—;_g
aqc301+40(p2)+203+4Rs3d+4d+2d=

] Math A

J3Z+aZ 422
EJZ5
29
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= Bap s6 chinh xac la C
(Xem chi tiét thu thudt va bai tap twong tw tai bai: Casio tinh nhanh khodng cich trong khéng
gian Oxyz )
Cau 46-[Dé minh hoa B6 GD va PT I4n 1 nim 2017]. Trong khong gian véi hé toa do
-10 y~2 _z +2
ol
(P):10x+2y+mz+11=0, m la tham s& thuc. Tim tat ca cac gia tri cia m d& mat phing

Oxyz cho duong thang A c¢6 phuong trinh:

. Xét mat phing

(P) vubng goc véi dudng thing A

A m= B.m=2 C.m=-52 D. m=52
Gidi

Mt phang (P) vuéng géc véi duong thing A néu vecto phap tuyén cta (P) 1a
n(10:2:m) ti 1& véi vecto chi phuong ctia A 1a u(5:1;1)

B M fek=2=m=2

5 1 1
= Dap s6 chinh xac la B
(Xem chi tiét thi thudt va bai tdp tuong tw tai bai: Casio im nhanh géc cia dwong thing —

miit phing)
Cau Céu 46-[Dé minh hoa B6 GD va DT Iin 1 nim 2017] Trong khong gian véi hé toa dd
Oxyz cho dudng thang A c6 phuong trinh: lo:yl“:ler . Xét mit phing

(P):10x +2y +mz+11=0, m la tham s& thuc. Tim t4t ca cic gid tri cua m d& mit phéng
(P) vudng goc voi duong thang A
A . m=-2 B.m=2 C.m=-52 D. m=52
Gidi
M3t phang (P) vuéng géc véi dudong thing A néu vecto phap tuyén cta (P) la
n(10:2:m) ti 1& v&i vecto chi phuong ctia A 1a u(5:1;1)
o 10 0_2 m
5
= Ddép 56 chinh xac 1a B

=k=>k=2=>m=2

(Xem chi tiél thi thudt va bai tdp twong tw tgi bai: Casio tim nhanh g6c ctia dwong thﬁng -
mdt phing)

Céu 47-[Dé minh hoa B6 GD va BT [4in 1 nim 2017] Trong khong gian vdi hé toa do
Oxyz cho hai di€ém A(G;L:L) va B(L:2;3). Vi€t phuong trinh mit phing phing (P)
vudng goc voi duomg thang A
A x+y+2z2-3=0 B. x+y+2z2-6=0
C.x+3y+4z~7=0 D. x+3y+4z2-26=0

T e . . Giai B o |
M3t phing (P) vudng gic véi duong thing AB thi nhin AB(1;1;2) la vecto phép tuyén
M3t phing (P) lai qua A(0;1;1)
- =(P):(x-0)+1(y-1)+2(z-2) =0 x+y+22-3=0
- = Dap s8 chinh x4c 1a A
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Ciu 48-[Dé minh hoa B6 GD va DT [4n 1 nidm 2017]. Trong khéng gian voi hé toa db
Oxyz cho mit ciu (S) c6 tam I(2;1:1) va mat phing (P):2x+y+2z+2=0. Biét mit
phéng (P) cdt mét ciu (S) theo giao tuyén la mdt dudng tron c6 ban kinh bang 1. Viét
phuong trinh ctia mét cau (S)

A. (8):(x+2) +(y+1) +(z+1) =8 B. (S):(x+2) +(y+1) +(z+1) =10

C.(S):(x—Z)z +(y—1)2 +(z~1)2 =8 D. (S):(x~2)z +(y—1)2 +(z»1)2 =10

Gidi
Goi h la khoang cach tir tam I t6i mdt phang (P) va r la ban kinh dudng tron giao
tuyén. Khi d6 ta c6 quan hé R* =h* +1* v6i R la ban kinh mdt cau.

Ap dung cong thizc tinh khoang cach tir mot difm dén mot mit phing thang: h=3

aqc202+1+201+2Rs2d+1d+2d=
@ Math &
| ZxZ+1+2x1+2 |

JZE 12422

T ddsuyra R?=b? +r =9+1=10 =(8): (x-2)" +(y=1)" +(2-1) =10

= Dap 50 chinh xac1la D

‘(Xem chi tiét thiy thudt va bai tdp twong tw tai bai: Casio tim nhanh khodng cdch trong khong
-~ gian Oxyz )

Cau 49-[Dé minh hoa Bo GD va DT Iin 1 nim 2017]. Trong khong gian voi hé toa do

Oxyz cho diém A(1;0;2) va duong thangd c6 phuong trinh —I——l—:%:%—l— . Viét

.

phuong trinh duedng thang A di qua A vudng goc va cat d
A A.x—l_l_z—Z B. A x=-1 y z-2
R S U 11 -

ca Xzl oy z=2 DA =7
2 2 1
Gidi
Goi H 1a hinh chiéu vudng goc ctia A 1én duong thing d = H(1+t;t;-1+2t)
Ta c6 AH Ld = AH.u, =0 . Siz dung lénh SHIFT SOLVE tim t
1(1+Q)p1)+1(Q)pO)+2(p1+2Q)P2)qr1=

Math

1(1+%-1)+1(x-Cp
A= 1
L-R= b
| =t=1=>H(2L1)
. Puong thing A qua A(1;0;2) va c6 vecto chi phuong AH(L;1;-1) ¢6 phuong trinh

ST 1 T
= Péap s8 chinh xacla B
" (Xem chi tiét thi thudt va bai tdp twong tw tai bai: Caszo tim nhanh hmh chié vudng goc

‘ ~x 1 y__:zf—~‘2

trong khong gian Oxyz )
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T. CASIO TIM NHANH GTLN-GTNN CUA HAM SO

1) PHUONG PHAP

- Buwéc 1: D& tim gia tri 16n nhét gia tri nho nhat ciia ham s6 y =f(x) trén mién [a:b] ta
stt dung may tinh Casio véi 1énh MODE 7 (Lap bang gia tri)

- Bwéc 2: Quan sét bang gia tri may tinh hién thi, gia tri Ién nhat xuat hién la max, gia
tri nho nhat xuat hign 1a min ‘

- Chu y: Ta thiét 1ap mién gié tri ctia bién x Start a End b Step -I—J-l—_z)—‘l (c6 thé lam tron dé
Step dep)
Khi dé bai lién c6 cac yéu t8 lugng giac sinx.cosx.tanx... ta chuyén may tinh vé ché do
Radian

2) Vi DU MINH HOA

VD1-[Thi thit chuyén KHTN ~HN [an 2 nim 2017]
Tim gia tri 16n nhat cia ham s6 y =x' -2x* —4x +1 trén doan [1;3]

A. max = % B. max=-2 C. max =-7 D. max =—4
Gidi
< Cach 1: CASIO
. ) . , L TP 3-1
» St dung chite nang MODE 7 ctia may tinh Casio véi thiét 1ap Start 1 End 3 Step To

w7Q)"3$p2Q)dp4Q)+1=1=3=(3p1)P19=

o] Math
| ) F o
gl 1. 1052 |-Ua514
dll.2i1051-4.998

> Quan sdt bang gi tri F(X) ta thdy gid tri 16n nhat F(X) cd thé dat dwocla £(3)=-2
" Math

15| 2. B34

2

2l

F (i)
-3. 08!
~g

:Véy max =-2 , ddu = dat dwgc khi x =3 = Dap s6 chinh xacla B
% Cach tham khdo : Ty luin

Xx=2

s Tinh dao ham y'=3x2-4x—4', y'=0e 2
, o )
* Lap bang bién thién

A | 2 3+

¥ 0

r(3)=-2
¥ J)=-4
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= Nhin bang bién thién ta két ludn max = 1 (3)=-2

+¢ Binh ludn:

e Qua vi du 1 ta da thdy ngay sitc manh ctia may tinh Casio, viéc tim Max chi can quan
sat bang gia tri la xong.

p Phu’ong phap tu ludn tim gia tri 1on nhat gla tri nho nhét ctia ham s6 dugc tién hanh
- theo 3budc:. :

"'B"Oc 1: T1m mién xac dmh ctia bin X o
0 2: Tmh dao ham v xac dinh khoang dong bién nghlch b1en
ua‘cy 3: Lap bang bién thlen, nhm vao bang bién thién dékét Iuan ‘ 1
° Trong bai toan trén dé bai da cho sin mién gia tri cta bién x la [I 3] nén ta bo qua
budc 1.
VD2-[Thi thir chuyén Ha Long - Quang Ninh Iin 1 ndm 2017]
Ham s8 y =|3cosx —4sinx +8 vdi x €[0;2n] . Goi M,m I&n luwot 1a gia tri 16n nhét, gid tri

nho nhit ctia ham s . Khi d6 téng M+ m bang bao nhiéu ?

A. 82 B. 73 C. 843 D. 16
Giai
% Cach 1:CASIO
> DE tinh toan cac bai toan lién quan dén luong giac ta chuyen may tinh vé ch& d6
Radian
qw4

» Str dung chitrc nang MODE 7 ctia mdy tinh Casio véi thiét 1ap Start 0 End 2n Step
2n-0
19
w7qc3kQ))p4jQ)+8=0=2qK=2qKP19=

B Math
Frud
1 1 11
2|0-3306 | 5. 5386
J10.6E13117.9105

]
» Quan sat bang gia tri F(X) ta thdy gia tri 16n nhat F(X) co thé dat duoc la
£(5.2911)=12.989~13=M

& Math
w FH)
|6 Ig.61U
11 : 1c. 988
IBl5<BE211T1 12 BEY

S5.291103417
Ta thdy gia tri nho nhat F(X) co thé dat duoc la £(2.314)=3.0252~3=m
Vay M+m=16= Dap s6 D 1a chinh xac

# Cach tham khao: Tuw luan
,-, Ap dung bat dang thitc Bunhiacopxki ta dugc :

3 cos X ~ 4sinx)2 < (32 + (—4‘)2 )(sin2 %+ cos” x) =25

“:'>13cosx—4~sin x|<5 & —5<3cosX —4sinx <5<>3<3cosx —4sinx =8<13

iVéy 3<|3cosx—4sinx +8/ <13
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< Binh ludn:

» Néu bai toan lién quan dén cac dai luong lwong giac ta nén chuyén may tinh vé ché do
Radian d& dwgc k&t qua chinh xac nhéit.

* Trong Bét dang thitc Bunhiacopxki 6 dang (ax+by)’ <(a® +b*)(x* +y*). D&u = xay ra
Khi v chi khi 2 =2

Xy

VD3-[Thi thit nhom toan Poan Tri Diing Iin 3 nim 2017] Cho cacsd x.y thoa man diéu
kién y <0.x* +x-y-12=0. Tim gia tri nho nhat: P=xy+x+2y +17
A, -12 B. -9 C. -I5 D. -5

Giai

*» Cach1: CASIO

F Tl x*+x-y~12=0 tarut dugc y=x*+x-12 Lip vao P ta dugc:
P=(x+2)(x* X =12)+ x4 17

» D& tim Min ctia P ta st dung chirc nang lap bang gia tri MODE 7, tuy nhién viéc con
thiéu cta chiing ta 1a mién gia tri ctia x.

Dé tim diunay taxét y<0 < x* +x-12<0 e -4<x<3
. e e 1A 7
St dung MODE 7 vdi thiét lap Start —4 End 3 Start n ta duoc:

w7(Q)+2)(Q)d+Q)p12)+Q)+17==p4=3=7P12=
F l::.:IB Math

-11.30
- l I n E

-1. 254

1. 8333

;|
L
II !

Quan sat bang gia tri ta thy gia tri nho nhét 1a £(1.25)=-11.6=~12
Véy dap s6 chinh xacla A
% Cach tham khio: Tw luin
* Dung phurong phap ddn bién dwa bi€u thitc P chita 2 bién try thanh biéu thirc P chira
1bién x
= P=(x+2)(x* +x=12)+x+17=x" +3x* -9x -7
bat f(x)=x"+3x>-9x~7

* Tim mién gia tri cia bién x tacd: y<0e x* +x-12<0e —4<x<3
* Khao st ham f(x) ta cé: f'(x)=3x>+6x-9 , f'(x):O@{

So sanh f(1)=-12;f(~3)=20;f(-4) =13;£(3) =20
Vay gia tri nho nhat f(max)=-12 dat dwgc khi x=1
+* Binh luan:
e M0t bai tim Min max st dung phiong phap don bién hay. Viéc tim cin va im gi4 tri
nho nhat cé s déng gdp rét 16n cuia Casio dé tiét kiém thoi gian.
VD4-[Khao st chit lugng chuyén Lam Son ~ Thanh Hoéa nim 2017]

sl s ~y . w 2mx +1
Gia tri 1on nhit cia ham s6 y = i

trén doan [2;3] 1a —% khi m nhan gia tri bang:
m-—X

A. -5 B. 1 C. o D. -2
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Gidi
# Cach 1:CASIO

> Ta hiu néu gia tri nhd nhit cia yz—% trén doan {2:3] c6 nghia Ia phuong trinh

y+ ; =0 ¢ ngh1em thudc doan [2 3]

10X+1 1

» Thx nghiém dap an A véi m=-5 ta thiét 1ap t3= =0 . 5 dung chttc nang do
-5-X
nghiém SHIFT SOLVE
ap10Q)+1RpSpQ)$+alR3qr2.5=
P . B Math
5w TS

%S00, 064516129
0
Ta thay khi y = —3— thi x =-0.064... khong phai la gi4 tri thudc doan [2;3] vay dap an A sai

» Tuong ty nhu vay ta thdy dap an C ding v6i m =0 khi d6 y c6 dang Ll
-X

alRpQ)$+alR3qr2.5=
. " B Math
=tE N
h= 3
L-F= i}

Ta thdy khi y :% khi x =3 1a gia tri thudc doan [2:3] = dap an C chinh xac

% Cach tham khao: Ty luan
2m(m—-x)-(2mx +1)(-1)  2m?+1

(m—x) (m—x)

s Tinh dao ham y'= >0 véimoi xeD

= Ham y luén dong bién
= Ham y dat gia tri 16n nhat tai cin trén x =3
1 6tm+1 -1

= Vay y(3):—§<:> — =?<:>m:0

% Binh luan:
o Ta c6 thé sit dung may tinh Casio theo VD1 va VD2 véi chitc nding MODE 7

C e a4 N o | cr 1 ~ R
Ta thdy v6i dan an C ham s6 y = -— dat gia tri lon nhat —% khi x=3
X

w7alRpQ)==2=3=1P19=

Rl Math
U FCH)
|5l 2. au7| -0.3us
2l Rl | 0333

i}

VD5-[Thi Hoc sinh giéi tinh Ninh Binh nim 2017] Cho ham s6 y =asinx +bcosx +x
(0<x<2m) dat cgc dai tai cac di€m x:g va x=n. Tinh gia tri cta biéu thikc

T:a+b\/§
A. T=23 B. T=3V3+1 C.T=2 D. T=4
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Giai
< Céach 1: CASIO
» Tahiéu ham s dat ciee tri tai x = x,, thi x, Ja nghiém cta phuong trinh y'=0
» Tinh y'=acosx—bsinx+1 .

I \/6 T
]=0c>—a—-—b+——=0 (D

Ta cé y'(z
3 2 2 3

Lai coy'(n)=0< ~a+n=0 =>a=n . Thé vao (1) ta duge
» SHIFT SOLVE
apl0Q)+1Rp5pQ)$+alR3qr2.5=

P R] Math
i

= 3
— -y

a= -0, EIE.451E11'2'I§|I

Lo

Ta thay khi y :»;« thi x = -0.064... khong phai 1a gia tri thude doan [2:3] vay dap an A sai
A N s ; o < as . 1
» Tuong tw nhw vay ta thiy dap an C dung voi m=0 khi d6 y c6 dang —
-X

alRpQ)$+alR3qr2.5=

R] Hath

-
|
]

i
A
Il
—

Ta thdy khi y :% khi x =3 la gid tri thudc doan [2;3] = dép an C chinh xac

< Cach tham khdo: Ty luin

2m{m-x)~{2mx+1){-1) _ 2m® +1

~>0 véimoi xeD

s Tinh dao ham y'=

(m- x)2 (m-x
= Ham y luén déng bién
= Ham y dat gia tri 16n nhat tai can trén x=3

1 6m+1 -1

= Vi Nz & e m e > m =0
Y y() 3 m-3 3

< Binh luan:

e Ta co thé stz dung may tinh Casio theo VD1 va VD2 véi chitc nang MODE 7
Ta thily v6i dén 4n C ham s8 y =~ dat gid tri Ion nhét —-13- Khi x =3
X

w7alRpQ)==2=3=1P19=

B Math
u F (4
33 e | -5 333

L
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BAI TAP TU LUYEN

Bai 1-[Thi thir bao Toan hoc tudi tré 4n 4 ndm 20171 . Goi M,m 14 gia tri 16n nhét va gia
2
tri nhé nhat cia ham s8 y = x_x trén doan [-1;1]. Khi d6:
€

A.M:l;m=0 B. M=em=0 C‘M-—-e,mzl D . M=em=1
€ e

Bal 2-[Thi Hoc sinh glol tinh Ninh Binh nam 2017] -
Tim gi4 tri 16n nhat M ctia hamsd y = \/X+3 +36=X%

_AM=3 B M=32 CM=25
Bai 3-[Thi thit chuyén Vi Thanh — Hiu Giang lan 1 nim 2017]

Tim gid tri nho nhét cua ham 6 y = (x* - 2x + 3)2 -
A. miny=-3 B. miny =-7
C. miny=-3 D. Khéng t6n tai min
Bai 4-[Thi thtt THPT Luc Ngan ~ Bic Giang [dn 1 nim 2017]

A ATy A - 4 . -1 A, ¥ ~
Tim m déhamsd y= mx dat gid trj 16n nhédt bang 5 trén [-2;6]
X+

A.m=2 B.mzv—i C.m=:71 D.m:g
6 5 4 7

Bai 5-[Thi tha THPT Vit Vian Hi€u -Nam Dinh Ian 1 nim 2017]
Goi M,n Ian lwot 1a gid tri 16n nhat va gia tri nho nhat ciia ham s8 y =1x“ -3x% +1| trén
doan [-2;1] thi:
A M=19m=1 B. M=0m=-19 C. M=0m=-19 D. Két qua khac
Bai 6-[Thi tht THPT Ngé Gia Tu - Vinh Phic Idn 1 ndm 2017]

Gié4 tri nhé nhét cia ham s8 y =+/1+sinx ++/1+cosx 1

A. miny=0 B. miny =1
C. miny =v4-2+2 D. Khéng ton tai GTNN
Bai 7-[Thi thit chuyén Tran Pha - Hai Phong Ian 1 nam 2017]

Choham s8 y =3sinx —4sin*x . Gia tri 16n nhit ctia ham s6 trén khoang (~ ] bang:

1A
N[.‘-l

ALl B. 7 C-1 D.3

Bai 8-[Thi HK1 THPT chuyén Ngoai Ngit - DHSP nam 2017] Goi M;n lan luot i gla tr1
- 16n nhat va gid tri nhé nhét ctia ham s8 £ (x)= (x -3)e trén doan [0 2] Gla tri cuz;}

biéu thire P=(m? —4M)" " la:
A0 B. ¢ Cl
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LOI GIAI BAI TAP TU LUYEN

. a1 o X 2
Bai 1. Lap bang gia tri cho y=1(x)= l— voilenh MODE 7 Start -1 End | Step o

¢

w7aQ)dRQK Q)==p1=1=2P19=

0] Math E D] Math
F il " i
|*:na.'1|aa 1o - 8.553
al-0.894( [.95817 | e | 5o el
3l-0.184 | 123725 12lo. 1578/ 0. 0212
-1 D OETSS1IETESS

* Quan sat bang gia tri thay ngay M=2.7182=¢ dat duogc khi x=-1 va m=2.6x10"
St dung Casio
= Dap s6 chinh x4dcla B
320

. . [+
Bai 2. Theo diéu kién xac dinh thi J])(: " N )<:> -3<k<6
—-X=

» Lapbang gia tri cho y =vx+3 ++J6-x vdilénh MODE 7 Start -3 End 6 Step 0.5
w7sQ)+3‘+§+q6pQ ==p3=6=().5=

Math @ Math &
1]
]

|y

2

E
4
g

F
4
I;

l‘ b]
| = 236
10 24ehq
() a 238

1.5 4. 242640687
= Quan sat bang gia tri thay ngay M =4.2421 = 3\/— dat dwoc khi x =-1
va m=2.6x10"" =0 Str dung Casio
= Dap s& chinh xac 1a B
Bai3
= D& bai khéng ndi gi dén mién gia tri ctia x. Khi dé ta chon Start ~9 End 10 Step 1
= Lap bang gi tri cho y = (x* ~2x+3)’ -7 véi lenh MODE 7

w7(Q)dp2Q)+3)dp7==p9=10=1=

@ Math
] F sy
10 d
i Ild -3
ie d 2

1
* Quan sat bang gia tri thiv ngay miny = -3 dat duwoc khi x=1

= Dap s6 chinh xacla C
Bai 4 Thir véi m :-2- thi gid trj 16n nhdt 1a 25 = A sai

w7a2Q)P6p4RQ)+2P6==p2=6=0.5=

D] Math
" Fiil
El - El 5
y 1, 5 25
5 i} ~-ig

= Tuwong ty nhi vay véi m=34 thi gid tri 1én nhatla 5= Dap s6 C chinh xac
w7a34Q)p4RQ)+34=p2=6=0.5=

=0
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Math

iTh

» Ham chira ddu gia tri tuyét d6i ta thém lénh SHIFT HYP. Sit dung MODE 7 v6i Start -2
3
End 1 Step —
n ep 5

w7qcQ)*3$p3Q)d+1=p2=1=3P19=

= Math = Math
FRy i F(H)

I - 19 18|MA:CR (0. OBY )

g|-1.8U8] 15.U3 19| 0. BU2] | D 5302

3l-1.684l 13,287 2 H I _

-2 0. &S54Z21052635

= Quan sat bang gid trj thdy M=1%m= O = Dap s6 C chinh xac
Ba1 6

- V‘1 chu Ki'ctia hdm sin, cos 13 27 nénta chon Start =27 End 27 Step ——g—

7' Lap bang gia tri cho y = V14+sinx + \/1 +cosx voilénh MODE 7
| qwAW7S1HQ)$+s1+kQ))—p2qK=2qK=4gKP19=

Math’

.:—!ﬂ:c
ny, LT =

lll-rl

-0, 19332
-1 .653489515

Quan sat bang gia tri thdy ngay M =1.0162~1 = Dap s chinh xacla B
Bai7

|

= Lap bang gié tri cho y = 3sinx —4sin’ x voilénh MODE 7 Start ~12‘~ End 5 Step %

qwAW73iQ))p4jQ))"3==pqKP2=qKP2=qKP19=

@ Math
i | F
2|~ T, UDs 0. B75Y
3l -1.2ul0.5uEd

-1.57079535E
Quan sat bang gia tri lon nh it 1a 1= Pdp s6 chinh xacla A
Bai 8

» Lap bang gia tri cho y =1 +sinx ++1+cosx v6ilénh MODE 7 Start 0 End 2 Step 1-29—

w7(Q)dp3)QK Q)==0=2=2P19=

Misth
e

Is UEEE

JF|
Fiid
~5.311
-5. U4da
-0. 4
« 24753554211
* Quan sét bang gia tri ta thdy m =-5.422 va M =7.389

:P:(mz—4M)

[

2016 2016

=(-0.157916)" " ~0

= Déap sd chinh xacla A
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T. CASIO TIM NHANH KHOANG PONG BIEN — NGHICH BIEN
CUA HAM SO

1) KIEN THUC NEN TANG

1. Tinh dong bién nghich bién: Cho ham s§ y=f(x) c6 dao ham trén khoang I. Néu
£'(x)20 véi moi xel (hodc f'(x)<0 véi moi xel) va f'(x)=0 tai hitu han di€m cta
I thi ham s8 y =f(x) déng bién (hodc nghich bién) trén 1.

2. Cach 1 Casio: Str dung chitc nang lap bang gia tri MODE 7 cita may tinh Casio . Quan
sat bang két qua nhéan duoc, khoang nao lam cho ham s& luén téng thi la khoang déng
bién, khoang nao lam cho ham s8 ludn giam la khoang ngHich bién.

3. Cach 2 Casio: Tinh dao ham, thiét 1ap bat phuong trinh dao ham, ¢6 1ap m va dwra vé
dang m>f(x) hoic m<f(x). Tim Min,Max ctia ham f(x) roi két Tuan. |

4. Cach 3 Casio: Tinh dao ham, thiét lap bat phuong trinh dao ham. St dung tinh ndng giai
bat phuong trinh INEQ ctia may tinh Casio (d6i véi bat phuong trinh bac hai, bac ba)

2) Vi DU MINH HQA '

VD1-[D8é minh hoa thi THPT Quéc Gian lan 1 nim 2017]
Hoi ham s6 y =2x* +1 dbng bién trén khoang nao?
A. (—oc;—%] B. (0;+ ) C.[—%w oc] D. (- «0)

Gidi

& Cach 1: CASIO MODE 7

> D& kiém tra dp an A ta str dung chirc néng 1ap bang gia tri MODE 7 voi thiét 1ap Start
-10 End —% Step 0.5

W72Q) 4$+1==p10=p0.5=0.5=

F ? Math
0]
| | | 20ood
2| -8.5| [Gz24l
3 = | ETEE!
10

Ta thay ngay khi x cang ting thi f(x) cang giam = Dap an A sai
> Twong tu nhw vay, d& kiém tra dap an B ta cling str dung chtrc nang MODE 7 vai thiét
* lap Start 0 End 9 Step 0.5 |

W72Q) 4$+1==0-9-0.5=

[R] Math
1 F ()
| 1 1
o O0.5| I.1l25
E| | E|

Ta thiy khi x cang tang thi trong tng f(x) cang ting = Dap an B dung
< Céch 2: CASIO DPAO HAM
» Kiém tra khoang (-— oc;~é—] ta tinh f'(—%—o‘l]

qy2Q)"4$+1$palR2$p0.1=
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Dao ham ra &m (ham s6 nghich bién) = Gia tri ~%~ 0.1 vipham = Dap an A sai

» Kiém tra khoang (- :0) ta tinh '(0-0.1)

|:-| i 4 L@ Math A
o
o 2 +1J|x=_.:._ b
. Z5
Diém 0-0.1 viipham = Dép 4n D sai va C cling sai = D4p an chinh xac1a B

» Xac minh thém 1 [an nita xem B diing khong. Ta tinh £'(1+0.1) = %;l = Chinh x4c

7| Math A

ljx E:lid 1"I|'J£ 1+|:|F

1 =5
¢ Cach 3 : CASIO MODE 5 INEQ
» Ham s6 bac 4 khi dao ham sé ra béac 3. Ta nham cac hé s6 nay trong dau. Str dung may
tinh Casio d€ giai bat phuwong trinh bac 3
WR1238=0=0=0—

B Math
Vo o F
{I )

Wi
R rang x=0
%+ Céch tham khdo: T ludn
» Tinh dao ham y'=8x>

* DPéhams6 déngbiénthi y'>0<x" 20 x20.

- Vay ham s8 dbng bién trén khoang (0;+ )
#+ Binh luan: ’
» Khi str dung Casio ta phai d€ y: Ham s8 d6ng bién trén khoang (a:b) thi s& ludn ting
khi x tang. Néu ltc téng ltc giam thi khong ding.
Bai 2-[Thi thir bio Toan hoc tudi tré Iin 4 nam 2017]
Ham s6 y =x" +3x* + mx +m do6ng bién trén tap xac dinh khi gi4 tri ctia m 1a:
Amsl Bm>3 C-lsms<3  Dm<
* Chch1: CASIO | RN e ]
> D giai cac bai toan lién quan dén tham s0 m thi ta phai c6 lap m

Hamsodongblen & Y'20 o 3% Xm0 m> 3% —6x= f(x)
|
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Véy dé ham s6 ) dong bién trén tap xdc dinh thi m2 f(x) hay m> f(max) véi moi x
thudc R

» DE tim Gia tri 16n nhat cua f(x) ta van dung chic ning MODE 7 nhung theo cach
dung caa ky thuét Casio tim min max
w7p3Q)dp6Q)=p9=10=1=

R] Hath
R Fiiia
| (| - Tag
2 -8] ~Iuy
E | =1 -105
-3
» Quan sat bang gia tri ta thdy gia tri Ion nhat ctia f(x) 1a 3 khi x=-1
@ Math
" Filil
| - 0
g 3
g o i)
-1

Vay m=z3

% Céch tham khdo: Tw luin

= Tinh dao ham y’'=3x*> +6x+m

* D&ham s6 dong bién thi y' >0 3x* +6x+m 20 véi moi xeR (*)
S A'S009-3m<0¢< m=3

% Binh luin:

* Kién thie (*) 4p dung dinh 1y vé dau clia tam thire bac 2: “Néu tam thic bac hai
ax’ +bx+c cd A<0 thi diu cta tam thitc bac 2 ludn cting ddu véi a”.

VD3-[Dé minh hoa thi THPT Quéc Gian 1in 1 nim 2017]

S R SR . ~ ; o tanx —2 ... A oA
Tim tt ca céc gid trj thyc ctia tham s6 m sao cho ham s8 y = —ox 2 d6ng bién trén
tanx —m
khoang [O;EJ
4

m=<0
A. B. m<2 Clsm<2 D. m=>2

l<m<2

Gidi
“» Cach1:CASIO
> D& bai todn d& nhin hon ta tién hanh dit dn phu: Dt tanx=t. D&i bién thi phai tim
mién gia tri ctia bién méi. D& lam ditu nay ta stz dung chitc nding MODE 7 cho ham
f(x)=tanx.

qw4w71Q))—=0=qKP4~(qKP4)P19=

] Math
Fiy
| 1 0
g|0.0413|0.0413
3i0.082610. 0828

Ta thdy O<tanx <1 vay te(0;1)

N ¢ 1 3 \ AN A~ [ 2 S A ~ 2
Bai toan tr¢ thanh tim m d&€ham s6 y =—— dbng bién trén khoang (0;1)
t~m
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» Tinh dao ham: y'=(‘”m)'(“2)= 2-m

R

0 0o m<2 (1)
t-m

y' >0
» Kéthop diéu kién xac dinh t-mz0omzt=>me(0;1) (2)

. <0
Ti (1) va (2) ta dugc | = Dép an A 1a chinh xac
1<m<?2

> Bmh Tuan:.
» Bai toan chira tham s6 m- & dwdi mau thuong danh Itra chiing ta. Néu khong tinh tao

chung ta sé chon ludn dap a an B ' ‘
:- Tuy nhién diém nhan cta bai toan nay la phai két hop diéu kién & mau s8. m #t ma
 te(0;1) vay me(0:1). - , ‘
VD4-[Thi thit bao Toan hoc tudi tré lan 3 nam 2017]

Vi gia tri ndo ctia tham s6 m thiham s6 y =sinx —cosx + 2017+/2mx dbng bién trén R

1 1

- A. m=>2017 B. m<0 C. m>— D.m=
B 2017 - 2017

i

% Cachl CASIO o
b Tmh dao ham y' _cosx+smx+2017\/—m
—Ss1n O
R T .
' D& ham s8 lubn ddng bién trén R thi m>f (x) ding véi moi xeR hay mz f (max)
» D& tim gi4 tri 16n nhét cia ham s6 ta lai stt dung chitc nang MODE 7. Vi ham f(x) a
ham lugng gidc ma ham luong giac sinx,cosx thi tuan hoan voi chu ki 2n vy ta sé

thiét 14p Start 0 End 27 Step %’9‘—

qwaw7apjQ))pkQ))R201752—=0=2gK=2qKP19=

F] Math
' F13)
| 1| ~-3-al
g{0.3306| -U-aU
3 ﬂ. BEI13| -Y-6U

a
Quan sat bang gié tri ciia F(X) ta thay f(max)=1(3.9683)~5.10"

Math

] FlZ-Zl
ig W. T-1al
13 Y. -1l
L U.EBH Y. Bl

G.PEEEETELE

1
Pay 121 gi tri ~—— vy m2
dylalgati =25 V& M50

& Céch tham khdo: Tw ludn

= Dép an chinh xacla C

= Tinh dao ham y':cosx+sinx+2017\/§m. y‘ZO@mzwzf(x)
20172

= Theo bit ding thizc Bunhiacopxki thi
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(~sinx —cosx)z s((—l)2 +(—1)2)(sin2 X +cos’ x)=2

=-J2 s(—sinx~cosx)$\/§

-2 V2

= < f(x)<
201742 (x) 201742

f(x) dat gia tri 16n nhat Ia

2 1

s e __f i =
2oz o -2 me)

1

2017

% Binh luin:

* Vi chu ki cia ham sinx,cosx 1a 2n nén ngoai thiét 1ap Start 0 End 2n thi ta c6 thé thiét
lap Start —x End -n

» Néu chi xuat hién ham tanx, cotx ma hai ham nay tuan hoan theo chu ki = thi ta cé

thé thiét 1ap Start 0 End = Step %

VD5-[Thi thtt chuyén Trin Pha - Hai Phong lan 1 ndm 2017]
Tim m d€ham s6 y =x"+3x* + mx +m nghich bién trén doan cé 6 dai dung bang 2.
A.m=0 B. m<3 Cm=2 D . m>3

Giai

% Cach 1: CASIO

» Tinh y'=3x"+6x* +m ,
Ta nhé c6ng thitc tinh nhanh “Néu ham béc 3 nghich bién trén doan c6 d6 dai b%mg o
thi phuong trinh dao ham ¢6 hai nghiém va hiéu hai nghiém béng o ”
Véi o la mét s6 xac dinh thi m cling 1a 1 s6 xac dinh chi khong thé€ 1a khoang =
Pap s8 phai la A hoic C. 7
Véi m=0 phurong trinh dao ham 3x* +6x=0 c¢6 hai nghiém phan biét k :;2 va
khoang cach gitta chiing bang 2
= Dap an A la chinh xac

% Cach tham khao : Ty luin

= Tinh y'=3x"+6x* +m. D& ham s6 nghich bién trén doan cé d6 dai béng 2 thi phuong
trinh dao ham ¢6 2 nghiém x,,x, va |x, —x,|=0
X, +x, =-2

= Theo Vi-et ta co

m
X Xy ==
3
» Gl |x, —x, =2 (x, - x,) =4 (x, +x,) ~4x,x, =4

<:>4—£'3£1-=4<:>m:0
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BAI TAP TU LUYEN

Bai 1-[Thi thitr chuyén KHTN -HN lin 2 nim 2017]
Cho ham s6 y =—x" +2x* + 1 . Ménh dé nao dudi day dung?
A. Ham s8 déng bién trén khoang (- «;—1)
B. Ham s6 dong bién trén khoang (—«;0)
C. Ham s6 dong bién trén khoang (0:+ o)
D. Ham s8 dong bién trén khoang (1)

?Bal 2-[Thi thu' bao Toan hoc tudi tré Ian 3 nam 2017]

Trong cac ham s8 sau, hiy chi ra ham s8 giam (nghich bién) trén R

e LTS NN TS =

Ba1 3 [Thl Hoc s1nh gioi t1nh Ninh Bmh nam 2017] Tim cac gia tri thiee cia tham s6 m

‘s o -1 I o A . (s
déhams6 y= (m=1)x+! déng bién trén ting khoang xac dinh.

: 2X +m

-1
A. m<2 B. {”K C. m=2 D. -l<m<2
m>2

Bai 4-[Thi thtt chuyén Ha Long -~ Quang Ninh lin 1 ndm 2017] Tim c4c gia tri thirc ctia

tham s6 m d€hamsé y = __smx nghich bién trén khoang ( 6)

COS
A.m?_E B.msé C.msé D.mzé
2 2 4 4

Bai 5-[Thi thit chuyén Vi Thanh ~ Hiu Giang lan 1 ndm 2017] Tim t4t ca cac gia tri thec
ctia tham s& m sao cho ham s y=2sin"x-3sin’x +msinx doéng bién trén khoang

)
2
A m>0 B.m<é C.mzé D.m>—?i
2 2 2
Bai 6-[Thi thit chuyén Lwong Van Tuy lan 1 nam 2017]
Tim m déhamsd y=mx" —x* +3x + m -2 dong bién trén khoang (-3:0) ?
A.m=0 B. m=+1 ~ C3m=#+l  D.m=l
: Bal 7-[Thi thu' THPT Béo Lam - Lam Dong lan 1nam 20171 ‘

2 ~dong bién tfbhg

S

T1m tat ca gia tri thyc cta tham s& m'sao cho ham 56 y= €

X

i . 1
. khoang (ln Z;Oj

A. me[-1;2] ‘ B. me [——1-,—1—}
) e 22

C’.,Iﬁe(’l;2) k : D me[
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Bai 8-[Thi thir chuyén Tran Phd ~ Hai Phong I4n 1 nim 2017}
Tim t&t ca cdc gid tri thee m d& ham s8 y=2x"+3(m~1)x* +6(m~2)x+3 nghich bién

trén khoang c6 d¢ dai 16n hon 3.

A.[m>6 B.m>6 C. m<0 D.m=9
m<0

LOI GIAI BAI TAP TU LUYEN
Bail
= Giai bat phuong trinh dao ham véi 1énh MODE 5 INEQ
WR123p4=0=4=0—

N CO
#<-1,08%¢1

®* RO rang ham s6 dong biéh trén mién (—o—1) va (0;1) = Dap s8 chinh xacla A
Bai 2
* Ham s6 nghich bién trén R tac 1a ludn giam

* Ki€m tra tinh nghich bién y :[gj cua ham véi chirc ning MODE 7 Start ~9 End 10

Step 1
w7(aqKR3$)"Q)==p9=10=1=

Math

-8
-1

LU N —

Ta thdy f(x) luén ting = A sai

* Tuwong tu nhu vay, véiham y = (53[_—2) ta thdy f(x) luén gidm
= Dap an chinh x4claD
w7(a1R252$$)’\Q)=p9=1-0=1=

Math

3
I

:l
]
g

(4
1585
ITES

IUuB. |

-9

Bai 3

(3-1)x+1

® Chon m=-3.Khao sat ham y = v0i chitc nang MODE 7

w7a(p3p1)Q)+1R2Q)p3=—p9=10=1=

Math
*T
I

2

F{y
-U-EHE
3

-1

10
11
2

Ta thdy ham s ltic ting ltc gidm = m=-3 sal = A, B, C déu sai
= Dap s6 chinh x4c1a D
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Chu v: Viéc chon m khéo léo sé rut ngan qué trinh thir dap an
Bai 4

* Chon m=3.Khao satham y= Eh v6i chite nang MODE 7

S X

qw4w7a3pjQ))RkQ))d=0=qKP6=qKP6P19=

B
FLia
= 390

S X

w }1.3p]Q))RkQ))d——O—qKP6 qKP6P19—
iHl

I ! 1.3

2|0 0275] 1. 27134

31 0. 05511 1.2UB7

Ta thiy ham s8 luén = m=1.3 dung = B la d4p s chinh xac (Dap an C khong chira
1.3 nén sai)

Bai5s

® Chon m=5.Khao sat ham y =2sin’ x - 3sin” x + 5sinx véi chitc néng MODE 7
w72jQ))"3$p3jQ))dp5jQ))=0=qKP2=qKP20=

Math

1
! ]
O« Isrl =0a El-l'l
D314 {-12T112
Ta thay ham s6 ludn giam = m=-5 sai = B sai

= Chon m=1.Khao sat ham y =2sin"x - 3sin’ x +sinx v6i chitc ndng MODE 7

Cltlloo+=
B
¥ Fif1
| 1 ]
2] D.157|0.0906
3j0.31Ul 00815

Ta thdy ham s8 lic ting lic giam = m=] sai = A sai

e Chon m :—;- . Khao sat ham y = 2sin" x - 3sin’ x +—;-sinx véi chite ndng MODE 7

CH11(3P2)—x
Math
Fih)
1 [ 0
gl D.i57|0{6HA
dlo.31Ui! D.236

Ao 3 .. .
Ta thdy ham s6 ludn tang = m =3 dung = C sai
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* Vay mzf(max) trén mién (-3:0). Tim f(max) bang léenh MODE 7
w7a2Q)p3R3Q)d==p3=0=3P19=

F rlm Math
K Y

| *‘ -0.333
2|-2. 842 | -0. 358

3| -2, 68ul -0, 387

Ta thdy f(max)=0.3333...=% = mzé sai = D 1a dap s6 chinh xdc

Bai 7

)

Chon m=1.Khaosatham y = v6i chite nang MODE 7

Y 2
et =1°

w7aQK"Q)$p1p2RQK"Q)$pld==h1P4)=0=ph1P4)P19=

Fr R} Mzth
oy
|| BTMETT: | 3. 6BEE
al-1,313|3. 1356
3 -1.2dl 3,814

- .3352':_-'413&

Ta thdy ha

B

0 ludn ting trén = m=1 nhan = A, D ¢4 th€ dung

o —(=1)-2
* Chon m=-1.Khao sat hAim y = —L———% voi chite néng MODE 7
et —(=1)

Muth

BT
0. bSE

0. 583 1

-0, VEQGESS111

Ta thdy ham s8 ludn khong déi (ham hing) = m=-1 loai = A sai va D la dap s8
chinh xac

Bai8

@
F i)
|
|

10
Y
12l-

X, +X, =1~

Tinh y'=6x* +6(m—-1)x+6(m-2) . Theo Vi-et ta c6: {
XX, =m~—2

>3 (x,-x,) >9

* Khoéng nghich bién 1on hon 3 =[x, -x,
& (x,+%,) —4x,x,-9>0
& (1-m)" ~4(m-2)-9>0 o
St dung MODE 7 véi Start -3 End 10 Step 1 d€ giai bat phuwong trinh trén
w7(1pQ))dp4(Q)p2)p9—p3=10=1=

R Math & Math
o o® Fusy, o ¥ Fos
T _Jl' 0 10 _5 0
5 | -5 i '1 1 i
0 =)

6 . .
Tanhéan duqc{m z 0 = Ala dap s6 chinh xac

nm<
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T. CASIO GIAI NHANH BI}\I TOAN CUC TRI
HAM SO

1) KIEN THUC NEN TANG
1. Dlem cuc dai, cwe tidu : Ham s6 f hen tuc trén (a;b) chira di€m X va c6 dao ham tren

éfkhoang (a:x,) va (x(,,b) Kh1 do6:"

‘Ne‘uv f! (xo) dsi dau t-u: am sang duong khi x qua diém x, thi ham s6 dat cuc tleu ta1

. diém’. xn

-:’.“fNeu f! (x(,) asi dau tir dirong sang am khi x qua difm x, thi ham s& dat cuc dal tal

L difm Xpil o

2, Lenh Casio tinh dao ham qy

2) Vi DU MINH HOA

VD1-[Thi thie chuyén KHTN ~HN [in 2 nidm 2017]

Cho ham s§ y =(x —S)Q/X_2 . Ménh dé nao sau day diung?

A. Ham sé dat cuc tiéu tai x =1 B. Ham s8 dat cuc tiéu tai x =2

C. Ham s6 dat cuc tiéu tai x =0 D. Ham s8 khdng ¢é cuc tiéu
Gidi

% Cich1:CASIO
> Dé&kiém tra dap 4n A ta tinh dao ham ctia y tai x =1 (ti€p tuc man hinh Casio dang dung)

lol=
E! Jath &

d e \l
dx [ (A-5) J J| =k
-1.666666667
Ta thdy dao ham p'(1)# 0 vay dap s6 A sai
» Tuwong tw voi dap an B (tiép tuc man hinh Casio dang diing)

lo2=
Math &

2[5 ﬁifl|£
0

Ta thdy y'(2)=0 . Day la diéu kién can d€ x =2 la diém cyc tiéu clia ham s8 y
Kiém tra y'(2-0.1)=-0.1345..<0
”pO 1=

Math &

4 [¢x-5 f“’]Lr
0. 1345646173

Kiém tra y'(2+0.1)=0.1301...> 0

Noooo+0.1=
] Math &

3
[ x-53TRF )| b
0. 1301494443

Tém lai f'(2)=0 va diu cua y' d6i tir ~ sang + vay ham s8 y dat cuc tiéu tai x =2
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= Dép an B la chinh xac
%+ Cach tham khdo : Tw ludn

3x+2{x—-5) 5(x-2
. Tl'nhdaohém:y':i/x_2+(x_5)._§_.:\7l___= x+3§i )_ (;/_)
X VX VX

* Tacd y'=0=5(x-2)=0=x=0
{x—2>0

' 5(x-2) x>0 x>2
" y>0 >0 =1
33/;(- Xx-2<0 x<0
x <0

y'<0=0<x<2
Vay y'(2)=0 va y' d6i ddu tir dm sang duong qua diém x =2
<+ Binh Juin:
» Trong cac bai toan tinh dao ham phic tap thi cach Casio cang to ra cé higu qua vi
tranh dugc nham 1an khi tinh dao ham va xét ddu cta dao ham.
VD2-[Thi thit bao Toan hoc tudi tré in 3 nim 2017]
Vi gia tri nguyén nao caa k thi ham s8 y =kx* +(4k -5)x* +2017 c6 3 cuc tri
A k=1 B. k=2 C k=3 D. k=4
Gidi
%+ Cach 1: CASIO
> Tinh dao ham y' = 4kx " +2(4k - 5)x
Ta hiéuw: D€ ham s8 y ¢6 3 cuec tri thi y'=0 c6 3 nghiém phan biét (khi d6 duong nhién
s khéng co nghiém kép nao)
Ta chi can gidi phuong trinh bac 3: 4kx’ +2(4k —5)x =0 véi a=4k,b=0,c=8k -10,d =0.
D¢ lam viéc nay ta s dung mady tinh Casio véi chitc ndng giai phuong trinh bac 3:
MODE 5
» Thir dap an A véi £ =1
w544=0=8p10=0=

F] Math¥ R] Math¥A

A1= Hz=
i Az
Z Z
s F] Math A
hhce
U
Ta thu dugc 3 nghiém x = g;xz = —3/2——2—;x3 =0

= Dép an A la chinh xac

% Cach tham khdo : Ty luin

* Tinh daoham y'=4kx" +2(4k —5)x

= Tahiéuw: Déham y ¢ 3 cyc tri thi y'=0 c6 3 nghiém phan biét (kh1 d6 duong nhién sé
khéng c6 nghiém kép nao)

x=0

4kx* - (10-8k)=0 (2) _

D& y'=0 ¢6 3 nghiém phan biét thi phuong trinh (2) 6 2 nghiém phén bigt khac0 |

* y'=0& 4k’ +2(4k-5)x =0
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x3:18_8k>0c>0<k<2

Vay k=1 thoa man
< Binh ludn: ; .
*. Dao ham la phuong trmh bac 3 codang ax’ + bx’ + cx + d=0 (a # O) neu 013 ngh' n thi

‘sé tach duoc thanh a(x X )( )(x X! ) 0 nén. ve tra1 Iuon ddid
:Co3cuctr1 : e L ‘
. Tuy nhién ndu c’[go ham lé’phumg:tr‘mhj béc 3Ch1CO 2ngh1
?’ a(x=x )(x xz) =0 vasecol nghlem kep = co l'cu’
Mo rong thém : neu dao ham la 1 phuong trmhﬁb ac. 3 ol g
‘= cdlcypctn o
VDS [Thi thit THPT Kim L1en Ha N01 Iin 1 nim 2017]
S6 diém cuc tri cia ham s y = |x] —4x7 +3 bang.
A 2 B. O C.3 D. 4
Gidi

< Céach 1: T. CASIO
. A £l 3 L
» Tinh dao ham chra d&u gia tri tuyst ddi (jx|') = {(foz) } - sz Ik } =(x") 2x = x|
Vay y'= (]xr —~4x% + 3)’ =3x|x|-8x
» S6 diém cuc tri twong Gng véi s6 nghiém ctia phuwong trinh y'=0. Ta str dung chtrc

ning MODE 7 d€ do nghiém va su d6i d&u cta y' qua nghiém.
w73Q)qcQ)$p8Q)==p9=10=1=

& Mzth [R] Math
" Foid " F i)
B - -iB | = 5
1 -3 10 1 1}
| -2 y L | -5
- o
" E l:":li! Math
"

| 2| -

13 3 E|

1Y Y 16

Ta thdy y' d6i ddu 3 lan = Co 3 cuec tri
= Dap an C la chinh xac
VD4-[Khao sat chat lufong chuyen Lam Son - Thanh Héa nim 2017} =~ = ‘
Tim t4t cic cac gid tri thwe cia m d€ham s8 y =x* ~3mx + 3(m = l)x 3m +5 c’[at c:u?éJ

daitai x=1

A.[m:O B.m=2 C. m=1  Dim=0
m=2 . S

Gidi
< Cach1:CASIO
» Kifm tra khi m =0 thi ham s6 cé dat cuc dai tai x=1 khoéng.

qu)/‘3$p3Q)+5$1=
Maxth &
;;r SEscr eyl
EI
1p0.1=
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Math A

o (yE_e
Al dK+5H,.1
1 l:IEI
"oooo+0.1=
@ Math A

;L[?f HE+5]|x=1£

1 I:ll:l
Vay y' d6i ddu tir am sang duong qua gid tri x=1 = m =0 loai = Dap an A hodc D sai
» Twong tw kiém tra khi m =2
qu)A3$p6Q)d+9Q)p7Eb1—

Math .A
" — ".v'.l_
e e +q
D
p0.1=
l:‘] F'E! Math A
.I”* EK£+9E-TE
&5
100
llo+=
d F.E! Math A
d"f’” bﬁ‘+9ﬁ-?k
=7
“1aoo

Ta thdy y' d&i ddu tir duong sang &m = ham y dat cuc dai tai x=1 = Dap an B
chinh xac

% Cach tham khao: Tu luan o S

* Tinh dao ham: y’ =3x> —-6mx +3(m2 -1)

. =m-1
u Tacoy':Oc:{X m
X=m+1

~l=1 =2
Diéu kién can: x =1 la nghiém cua phuorng trinh'y'=0< [m 1= < [m 0
= m=

= Thirlai véi m= 2khldoy =3x" ~12Xx+9 .

=1
y'=0<:>{X
x=3

y‘>0c>{x>3 vay'<0ol<x<3

x<l1
Vay y' doi ddu tir duong sang am qua diém x =1 = Ham y dat cuc daitai x=1

% Binh luan:

e Viéc chon gia tri m mot cach khéo 1éo sé gitip chung ta rut nge“'m qua trinh chon dé tim
dap an ding.

VD5-[Thi Hoc sinh gi6i tinh Ninh Binh ndm 2017]
Cho ham s8 y=asinx +bcosx +x (0<x<2r) dat cuc dai tai cac diém x=l3t— va x=m.
Tinh gi4 tri ctia biu thitc T=a+ b3
A.T=243 B. T=3J3+1 C.T=2 D.T=4
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| Gidi
4 Cach1: T. CASIO
> Tinh dao ham y'=(asinx +bcosx +x)' =acosx ~bsinx+1. . .~
1 3,

Hamsodatcuctrltalx:%:acos—i-bsm3+l 0<:>5a—7b+1 0(1)

Hamsodatcuctrltal x=§:>acosn bsmn+l—0<:> —a = Ob+1 0(2)

Tu(2) taco a=1. Thevao ()= b= \/—
Vay T=a+b/3=4 = Pap an D la chinh xac
VDe6-[Thi thir chuyén Ha Long — Quang Ninh Iin 1 nim 2017] Viét phwong trinh duong

thing di qua hai diém cuc tri ctia d6 thi ham s6 y = %x3 —2x% +3x

A, 2x+3y+9=0 B. 2x+3y-6=0 C.2x~-3y+9=0 D. -2x+3y+6=0
Giai

% Cach 1: CASIO

» Goi 2 diém cuc tri ctia 46 thila A(x,;y,).B(x,:y,). Ta khéng quan tdm dau la diém cuc
dai, dau 1 diém cyc tiéu. Chuing ta chi cAn biét duong thing can tim s& di qua 2 diém
cuec tri trén.
X,:%, la nghiém cua phuong trinh y'=0. P& tim 2 nghiém nay ta st dung chitc nang
giai phuong trinh bac 2 MODE

wb31=p4=3—
8 Math¥
1=
7
(]
R Math¥a
hE=

Ta tim dugc x, =3;x, =1
» b&tim y,;y, tast dung chitc nang gan gia tri CALC
alR3$Q)"3$p2Q)d+3Q)r3=

R Math &
NI 202 43
0

Khi x=3 thi y=0 vay A(3:0)

rl=
; m Math A&
LB oz qy

4
Khi x=1 thi y:f}- vay ( 2]

Ta thady duong thang 2x+3y-6=0 di qua A va B = Dap an chmh X4c la
< Cach tham khao: Tyt luan
» Phuong trinh dudng thing di qua 2 dim cyec tri 1a phan du cia phep chia y cho y
. Tinh y'=x* —4x%3 :
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Thue hién phép chia duoc: %x" —2x7 4+3x = [%x —%j(xz —4x +3)—%x -2

A . R . 2
Vay phuong trinh ¢an tim ¢6 dang y = —3xT 2<2x+3y-6=0

*» Binh ludn:
e Cach Casio ¢6 ve hoi dai hon nhung lai c6 wu diém tranh phai thuc hién phép chia y
cho y'.

BAI TAP TU LUYEN

Bai 1-[Thi thir bdo Toan hoc tudi tré lan 4 nam 2017] Ham s8 y=x* +x* +1 dat cuc tifu
tai:
A x=-1 B. x=1 C.x=0 D. x=-2

Bai 2-[Thi thit THPT Yén Thé - Bic Giang lin 1 nim 2017] Gia trj ctia m d& ham s8
y=-x'-2x* + mx +2m dat cuc tiéu tai x =-1 1a:

A. . m<~] B. m=-1 C. m=~1 D. m>-1 ‘
Bai 3-[Dé minh hoa thi THPT Quéc gia l4n 1 nim 2017] Tim gia trj cyc dai ctia ham s8

y=x" -3x+2 '

A 4 B. 1 C.0 D. -1

Bai 4-[Thi HK1 THPT Chu Vin An - Ha Néi nim 2017] D6 thi ham s8 y =e*(x* ~3x-5)
cé bao nhiéu diém cue tri?
Al B. 0 C. 2 D. 3

Bai 5-[Thi HK1 THPT Viét Dirc - Ha N6i ndm 2017] Ham s8 y =|x| - x* +4 ¢6 tit ca bao
nhiéu difém cuc tri
A2 B. | C.3 D. 0O

Bai 6-[Khao sat chat lugng chuyén Lam Son — Thanh Héa nam 2017] Cho ham s&
y=f(x) c6 dao ham f'(x)=x(x - 1)2 (2x+3) . S6 di€m cyc tri cia ham s8 y =f(x) la:
A.2 B. 3 C. 1 D. 0O

Bai 7-[Thi thir bio Toan hoc tudi tré Iin 3 nim 2017] Cho ham s8 y=(x-1)(x+2)" .
Trung diém ctia doan théng nédi hai diém cuc tri ctia d6 thi ham s ndm trén duong
thang nao dudi day.

Bai 8-[Thi thir chuyén Vi Thanh —~ Hiu Giang Ian 1 ndm 2017] Tim tat ca cac gia tri thuc
cua tham 8§ m sao cho ham s8 y = x' - 3x* + mx ¢6 2 diém cure tri trdi daw.
A. m<0 B. 0<m«<3

~C.m<3 _ D.Khong cé m thoa

Bai 9-[Thi HK1 THPT Chu Vin An - Ha N6i ndm 2017] Tim tit ca cac gia tri thuc cha

tham s6 m d&€ ham s6 y =mx* +(m—1)x*+2 c6 ding 1 cuc dai va khong cé cyc tidu

<
A. m<l B. {m_o C. m<0 D. m=1
m>1 .

Bai 10-[Thi thi chuyén KHTN -HN Ian 2 nim 2017] Tim tip hop t4t ca cic tham s8 m
dé€ @6 thi ham 8 y=x"+x’+mx-m-2 ¢6 2 cuc tri ndm & hai niza mjt phéng khac
nhau véi bo 1a truc hoanh
A. (- ;0) B. (—o;-1)\{-5} C.(- 0] D. (-s1)\ {-5}
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LOI GIAI BAI TAP TU LUYEN
Ba1 1
*  Ngoai cach thit Ian lugt timg dap an dé 14y két qua. Neu ta 4p dung mot chut tu duy
thi phép thir sé dién ra nhanh hon. D6 thi hAm bac 4 d8i xtng nhau qua truc tung.:%
Né&u ham s6 dat cuee tiéu tai x =1 thi sé dat ciec tidu tai x=1. = Dap an A vaBloai v1
ta ch1 duoc chon 1 dap an. |

. Thuvcn X = 0

d Mathl. |'_'| 4 Math &
|||_1, a5 .4 !..l_.-;

m[ + +1‘||_J:= drl’ + +1J|_r_5_r1
I T Z50

Math &

D 5d ey 1), b

=1

Z510

Ta thdy £'(0)=0, f'(x) d6i ddu tir &m sang dwong = x=-1 la cyc ti€u =bap an C
chinh xac

Bai2
* Thit ddp an, wu tién thix gia tri xac dinh trixdc.

Véidap éanhi m=—1 = y=-—x -2x —x-2

Mathl d 1 2 MathA
R I L Ty S AL Ry ___[_'-3 -
B (¥ oE-, z.t; 0% ;22:
I 100
d ?_ Math-l.
C R
17
100

Ta thdy f'(~1)=0, f'(x) d6i d4u tir &m sang dwong = x =~1 la cyc ti€u = Dap &n C

chinh xac

Bz‘ai‘s
» Tinhy'=3x*-3.

X=-1

Tim difm cue dai ciia ham s6 1 nghiém phuong trinh y'=0 < i
X=

= Khao sat sy d8i d&u qua diém cuc tri x =1 bing cach tinh {'(~1-0.1) va f'(-1+0.1)
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d . 2 Math A [:'] ] Math A
5 - 1A = L L
dx [u ' '.Jl" +"‘I II I_;E. d"r' I ‘-ll"l+¢.rJI ,J"_ ?
] =
100 100

Ta thdy f'(x) d6i dau tir duong sang &m = x =-1 la diém cuc dai cua ham s&
* Gid tri cuc dai £(-1)=(-1)' -3(~1)+2=4 =Pap an chinh xé4c la A chinh xac
Bai4
* Tinh y'=c"(x’ =3x -5)+e" (2x-3)

Dung MODE 7 d& tim diém cuc tri va khao sat sy ddi ddu qua diém cuc tri

w7QK"Q)$(Q)dp3Q)p5)+QK Q)$(2Q)p3)==p9=10=1=

A] Math [ HMath
. S I]Fé:l“ﬂ"l n Fita
- - I8 ~yy. 33
e | 02 7531 |5/ ® | U1 17
<] -2l ~0a21 - iy ylaifg. a9 -
-0 ]

Ta thdy f'(x) d6i dau 2 Tan = Ham s6 ¢d hai diém cyc tri

=>DPap an chinh xacla A chinh xéac
Bai5
x=0

« Tinh y'=3xd-2x . y'=0o ,2 - Dimg MODE 7 véi thiét 1ap sao cho x chay qua
: ==
3

3 gia tri nay ta sé khao sat duoc sy doi ddu cua y'

w73Q)qcQ)$p2Q)=po=p2=2=1P3=

Math E 'lﬁ Math
:-: )

ul '”""’1 B[ 0.3333
S B 1 | ]
Bl -Da 333 0. 3333 gi0.33331-0.333

S0 EEELGEEEET

& Math

L
Ig 1 BEE I- - |i|

O SEEESEEE8ET

Ta thay f '(x) d6i dau 3 Ian = Dbap an chinh xac la C chinh xac

x=0
Ba1 6. Tinh y'=0<|x=1 . Dung MODE 7 v6i thiét lap sao cho x chay qua 3 gia tri nay
: 3 '
X=—=

ta sé khao sat dwgce sw d61 dwé'ﬁ'cﬁa y‘k' -
W7Q)(Q)p1)d(2Q)+3) =p2=1.5=0.25=

Math IRl Math
f Fl'.ﬂ n F (i)
g BaBI1I g) - -0.916
3 > 1] | I ]
l -l.251-3. 16U 10l O.2510.4821 _
- L= U
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Ta théyf'( ) ddi-dau 2 Tan. DDap an, chlnh xac Ia A chmh xac =

uy: Neu quan sat tmh te th1 ta thay ngay ( k ) la. Iuy thua bac chan nén y' khong5

|
|
i
]
10}
\

' d01 dau qua x-l ma ch1 601 dau qua ha1 luy thua bac Ie X (h1eu Ia X! ) ya 2x+3 (h1

la (2x+‘3) ) g

i

Bai7
* Hamsdcddang y=(x—1)(x+2) < y=x"+3x" -4

. . =-2 =0
Codaoham y =3x> +6x. y'=0 < * =17
x=0 y=4

» Viy d6 thi ham s8 c6 hai diém cuyee tri M(-2;0).N(0;4). Trung di€m ctia hai diém cuc

tri nay la I(~1;2) . Diém nay thudc duong thang 2x+y+4=0 = Dap s6 chinh xacla B

Bai8. z
= Tinh y = 3x -—6x +m: De ham s8 ¢6 2 dlem e tr1 trai dau th1 phuong trinh y'=0 co5

i
i

ha1 nghlem phan blet tra1 dau = T1ch hai nghlem la 6 am. < —3— <0&m< O 3Dap ang

chlnh Xacla A chmh X4c She

Chi y: Néu quén dinh ly Vi-et ta c6 thé diing phép thi. Véi dap an A chon m=-5 chang
han sé thdy luén y'=0 c6 hai nghiém phén biét va hai nghiém nay ddi d4u.

Bai 9
* Tinh y'=4mx’ +2(m~-1)x. D& ham s6 c6 dung 1 cuec dai va khdng c6 cyc tiéu thi y'=0

¢ dung 1 nghiém va y'(x) d6i ddu tir dwong sang 4m qua diém do6.
* Chon m=-5 . Diing MODE 7 tinh nghiém y'=0 va khao sat sy d6i dau ctia y'(x)

w740(p5)Q)"3%+2(p5p1)Q)==p9=10=1=

B Math
FiH)
Jg

1]
-3g

]

q
I
1 |
Ta thay f'(x) d6i ddu 1 Ian tir duwong sang &m = m =-5 thda man = Dap an dtng c6
thé€la A, B, C

* Chon m=5 . Dung MODE 7 tinh nghiém y'=0 va khao sét sy d6i ddu ctia y'(x)

C$$$$05$$5$$$$$%0=
.~: T

LI

1 | 28

1

Ta thdy f'(x) d6i ddu 1 Ian tir om sang dwong =>m=5 loai = Dap an B sai
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Chon m=0.5 . Dung MODE 7 tinh nghiém y'=0 va khao st sy d6i ddu ctia y'(x)

CPp0.5$5$53$35p0.
J ¥ Fos |
|

i

Tathdy f'(x) d6idé&u 1 Ian tir duong sang am = m = 0.5 théa man = Dép an A chinh xac

Bai 10

Tinh y'=3x" +2x +m. D& ham s8 c6 dting 2 cuc dai thi y'=0 ¢6 2 nghiém phan biét
<:>A':1~3m>0<:>m<% = Ca 4 dap an déu thoa

Chon m=-5. Ham s§ ¢6 dang y=x"+x*-5x+3. Tinh hai difm cuc tri cta ham s&

bang 1énh giai phuwong trinh MODE 5

wh33=2=p5b=—=
w 5] Math¥ . @ WAt A
H1= -?'-:2'-'
=)
1 3
Tuedosuy ra f(x)=£(1)=0;/(x.)= _/‘(“gj = ‘2‘2576
>
R Math A - - & Math A
73 +5E 543 Rl C O
255
0 =7

D¢ hai cyce tri ndm vé hai phia truc hoanh thi f(x,)f(x,)<0. =>m=-5 loai = B hoic
D c6 thé ding.
Chon m=0. Ham s6 ¢6 dang y=x"+x>-2. Tinh hai diém cuc tri cia ham s8 bang

1énh giai phuong trinh MODE 5

wh33=2=0=——
R MathW , 7] Mathv.A
1= hz=
z
5 0
L 2) 50
T ddsuyra f(x)= f(~§j = _E;'f(xz) =f(0)=-2
- - B Math A K] Math A
AT RS2 B RS =D
S0
"5 -2

D& hai cyc tri ndm vé hai phia truc hoanh thi f(x) f(x,)<0. =m=0 loai = B la dap
56 chinh xac
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T. CASIO TiM NHANH TIEP TUYEN CUA PO THI HAM SO

1) KIEN THUC NEN TANG

1. Tiép tuyén ctia d6 thi ham s& tai mt diém : Cho ham s8 y =f(x) c6 db thi (C) va mot
diém M(x,;y,) thudc db thi (C) . Tiép tuyén ctia d6 thi (C) tai tiép diém M la duong
thing d c6 phuong trinh : y =£'(x,)(x~x,)+Y,

2 Lenh Casio : qy_ o ,

2) Vi DUMINH HOA * : SR

‘Bal 1-[Thi thee THPT Luc Ngan Bic Glang lan 1 nam 2017] Tim hé s6 goc cua tlep

: t-uyen cta d6 thi ham 58 y=—— —1nx tai d1em ¢6 hoarih d6 bang 2 ' }
2 X . |
: v !
E A.,—_—‘lnz S B. -~ c - . D. 1

~
Sl

Giai

& Cach1: CASIO

» Goi tiép didm 1a M(x,;y,) = Phuong trinh tiép tuyén y =f'(x,)(x = x,)+Y,

» Str dung may tinh Casio d& tinh hé s6 goc tiép tuyén tai di€m c6 hoanh do bang 2
=k=(2)
qypalRQ)$phQ))$2=

[R]

Math &

o i
a‘f["ﬁ‘lﬂf?‘i:‘” b
N, 95
LS,
» Tathdyk=f'(2)=-025 :—% .
= B la dap an chinh xac
Bai 2-[Thi th@t chuyén Ha Long - Quang Ninh [in 1 nim 2017] Cho ham s0
y=-x'+3x-2 c6 do thi (C). Viét phuong trinh tiép tuyén cua (C) tai giao diém cua
(C) vdi tryc tung.
A.y=-2x+1 B. y=3x-2 C y 2x+1 D. y=-3x-2

Gidi
I+ Cach 1: CASIO
> Goi tiép diém 1a M(x,;y,) = Phuong trinh ti€p tuyén y =f'(x,)(x=x,)+ ¥
> M lagiao diém ctia d6 thi (C) va truc tung = M c06 toa dd (0;-2)

Tinh £'(0)=0
pQ)’\3$+3Q)P2$O-—
d @ Math &
T - f = N ) || _f_”

» Thé vao phuong trinh tiép tuyen c6 y=3(x-0)-2¢ y=3x-2
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= B la dap an chinh xac
Bai 3-[Thi thir chuyén Nguyén Thi Minh Khai lin 1 ndm 2017]. S8 tiép tuyén vai d6 thi
C) : y=x"-3x>+2 di qua diém M(1;0) la:
A 4 B. 2 C.3 D. 1

Gidi

# Cach 1: CASIO
» Goi tiép diém la M(x,:y,) = Phuong trinh tiép tuyén y =f'(x,)(x-x,)+y, Trong dé
hé s6 goc k =f'(x,)=3x]) ~6x,
> Thé& f'(x,) vao phuong trinh tiép tuyén duge y =(3x] -6x, )(x = x,) + x4 —3x} +2
Tiép tuyén di qua diem M(1;0) = 0= (Xxf, =6, )(1=x,)+x) —=3x2 +2
& =2x, +6x; —6x, +2=0
St dung may tinh voi lénh MODE 5 d€ giai phuong trinh bac 3 trén
wbpdp2=6=p6=2=

Y=

7] Math

1
» Tathdy 6 1 nghiém x, = Chi c6 1 tiép tuyén duy nhat.
= D la dap an chinh xac
Bai 4-[Thi thit bao Toan hoc tudi tré Ian 4 nam 2017] Cho ham s8 y=x"-3x’+2 c6 d6
thi (C). Pudng thang nao sau day la tiép tuyén ctia (C) véi hé s§ géc nho nhat
A y=-3x+3 B. y=-3x-3 C. y=-3x D.y=0
Gidi
%+ Cach 1: CASIO
> Goi tiép diém la M(x,:y,) = Phuong trinh tiép tuyén y=f'(x,){x-x,)+y,. Trong dé
hé s8 goc k=f'(x,)=3x] -6x,
> Tim gia tri nho nhat cta k bang chitc néing MODE 7
w73Q)dp6Q)—p9=10=1=

Math

"

A
F (X3
0

-3
o

g
]
g g
Ta thdy f'(min)=f'(1)=-3=x,=-3 >y,=01"-3.1"+2=0
» Th& vao phuong trinh tiép tuyéncd y=-3(x-1)+0 < y=-3x+3
= Dla dap an chinh xdac
Bai 5-[Thi thir bao Todn hoc tudi tré Iin 4 nim 2017] Cho ham s& y =}—+—% (C) Goi d 1a
X+
khoang cach tir giao diém hai tiém cén ctia (C) dén mét ti€p tuyén bat ki caa (C) . Gia
tri 16n nhat d c6 thé dat duoc 1a:

A 33 B. 3 C. V2 D. 2v2
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| Gidi
o Cach1: T. CASIO
> Goi tiép diém 1a M(x,;y,) = Phuong trinh tiép tuyén y = £ (%) (x = %x4)+ ¥,

“Trong &6 hé s6 goc k:f',(x(,)=————-!———2.
T e (xo+1)

Lilanil

Thé k,y, vao phuong trinh tiép tuyén c6 dang: y =~ —(x—x,)+ Xy +2
(x“ + 1) X T 1

1 X, _x“+2:

= (xo+ 1)Z oy (x,+ 1) X+l

» Ham s6 c6 tiém cin ding x =-1 va tiém can ngang y =1 nén giao di€m hai tiém cén la
I(-L1).
Ap dung céng thtzc tinh khoang céch tiz 1 diém dén 1 dudng théng ta c6:

1 X X, +2
SRR G R OO
(X”+1)2( ) (X“‘Fl)z xr)+l

( L 2]2+12
(x,+1)

Diing may tinh Casio véi lénh MODE 7 d€ tinh céc gia tri 16n nhét nay.
w7aqcap1R(Q)+1)d$+1paQ)R(Q)+1)d$paQ)+2RQ)+1RS(a1R(Q)+1)d$)d+1=p9=10=1=

h=d(L(d))=

Math
o| ¥ _alafsdns
L
g -1| ERROR

» Ta thdy h(max)=+2
= Cla dap an chinh xac
Bai 6-[Thi HK1 THPT Viét Dirc — Ha N&i nim 2017] Ham s6 y :?—"‘—11 (H), M Ia diém
X —
bt ki va Me(H) . Tiép tuyén voi (H) tai M tao voi hai duong tiém cén mot tam giac
¢6 dién tich bing :
A. 4 B.5 C. 3 D. 2
e e R

% Cich 1: CASIO
? Goi tiép diém 1a M(x,;y,) = Phuong trinh tiép t‘uyen y=1'(x,)(x~ x(,)+y(, Trong doi

‘ 1
I hés@goc k=1(x,)=~ .
N A
Thé k,y, vao phuong trinh tiép tuyén c6 dang: y=——1———~7(x—xo)+z§-"—_—1 (d)

(X() —1) X -1

» Ham s6 c6 tiém cin déing x=1 va tiém cin ngang y=2va giao diém 2 tiém cén la
1(L,2)

TSP ~ TPy 2
Goi E la giao diém ctia ti€p tuyén d va tiém cén ding = E(l; X"l]
Xo—
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Goi F la giao diém cua tiép tuyén d va tiém can ngang = F(2x, - 1;2)

7 \

» D6 dai IE:‘IE[:\/(I—I)2+[ ETINPY PR

Do dai IF= \/(2x(, —1-1) +(2-2) =2x, - 1| Ap dung céng thirc tinh khoang cach tir 1
diém dén 1 duong thing ta c6 -

1
2 |x, ~ 1|

+ Diéntich AIEF 2 I5F - 2|5, ~1]=2 = D1la dap an chinh xac

BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hoc ti nhién 1an 3 nim 2017] Cho ham s8 y = 2X +1

. Tiép
x—1
tuyén tai diém cé hoanh d6 bang ~1 c6 hé s6 goc bang:
Al B. L c -t D. L
3 6 3 6
Bai 2-[Thi thit chuyén Quéc Hoc Hué Iin 1 nidm 2017] Tim toa dd cua tét ca cac diém M

trén d6 thi (C) caa ham s8 y :5—% sao cho tiép tuyén cua (C) tai M song song voi
X +

dudng thang d:y :%x +%

A. (0;1).(2:3) B. (1:0).(-3;2) C. (-32) D. (1:0)

Bai 3-{Thi thir chuyén Thai Binh [in 1 nim 2017) Cho ham 6 y=-— ; c6 db thi (C).
Tiép tuyén cta (C) tai giao diém cta (C) va truc hoanh ¢ phuwong trinh la :
A, y=3x B. y=3x-3 Cy=x-3 D.y:%x—é

Bai 4-[Thi thit nhém todn Doan Tri Diing Iin 3 ndm 2017] Viét phuong trinh tiép tuyén
ctia d6 thi ham s& y = x* - 3x biét tiép tuyén song song véi dudng thang y =9x - 16
A y=9x+16 B. y=9x+12 C y=9x-10 D. y=9x-12

Bai _5-[Thi thit Group nhém todn Facebook Iin 5 nidm 2017] Tim toa d§ diém M co

N A n A a1 2 e ~ . A Lo
hoanh d6 am trén d6 thi (C):y =§x2 —x+> sa0 cho tiép tuyén tai M vudng goc véi

dudng thing y = —-—;-x +%

A M(~2;0) B.M[—3;—%) C. [_1;.‘5‘.) , D. M[L;%)

Bai 6-[Thi t6t nghiém THPT nim 2012] Cho ham s8 y =%x4 -2x*(C) . Viét phuong trinh
tiép tuyén ctia (C) tai diém c6 hoanh d6 x =x, biét {"(x,)=-1
5 5 5 5
=3x-2 =3x~2 =-3x -2 =3x+2
y 2 y=2X 2 y X 2 y 4

A, s B. s C. s D. 5
=3x+~ =~3X + = =3x-= =3x+—
Y 4 YETIRTY Y=Y Y 4
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LOI GIAI BAI TAP TU LUYEN
Bail

AN oA PR 3 SN 2 ]
» Hé s8 goc cua tiép tuyén 1a dao ham tai tiép diém= k= f'(~1)= -~

qyaQ)+1R2Q)p1$$p1=

= Dap s6 chinh xacla C

Bal 2 o : ‘ : :

. ‘De béi 'héi cac chem M nénta dlr doan c6 2 diém, lai quan sat thay dap an B duoc céu
tao t'u dap an C Va D nén ta wu tién thir dap 4n D trizée.

L T1ep tuyen song song v&i d nén tiép tuyen c6 hé 58 goc bang hé s8 goc cia d va bang L

2.
qyaQ)leQ)+1$$1—

Math &

A Koy |

——:>' Dlem M(l O) la mot t1ep d1em ,

Fap=

Tinh £'(-3)= -21- = Diém M(-3;2) la mét tiép didm

op3=

B Mxth &

e oo [
U.5

= B la dap an chinh xac

; Y 1‘  ,M(X(VY()) = Tlep myen y=f'(x “)(X xo)"’)’n
: M la glao 'dL m cua do th1 (C) va tryc hoanh = M(L0) =x, =1Ly, =0
3 Tmh he s6 goc k=f (1)

. qyaQ)p1RQ)+2$$1=

B Math &

a%[%l%]lx=1

*< Gij

1 1 1
Thay vao ta cd tiép tuyén 3(x—1)+0<:>y:—3—x——3—

= Dap s8 chinh xacla D
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Bai4

* Goi tiép diém a M(x,:y,)
= Tiép tuyén y =f'(x,)(x ~x,)+y, voi hé s8 goc k =f'(x,)=3x; -3

* Tiép tuyén song song vdi y =9x ~ 16 nén co hé s6 géc k=9 <> 3x% ~3=9 > x, = 12
Véi x,=2=>y,=2= Tiép tuyén: y=9(x-2)+2 < y=9x~-16. Tinh hé s§ goc k=1'(1)
= Dap s chinh xac la A

Bai5

* Goi tiép diém fa M(x,:y,)

= Tiép tuyén y =f'(x,)(x - x,)+y, voihé s& goc k=f'(x,)=x_ ~ 1

it

- o . N 1 2 A s
* Tiép tuyén vudng gdc voi y = ——x+ = nén cd hé sd goc
y X y 3 )

A '

= Dap s6 chinh xdcla A
Biio6
* Goi tiép diém la M(x,:y,)
= Tip tuyén y =f'(x,)(x - x,)+y, V61 hé s& goc k =f'(x,)=x] - 4x,
Xo =Ly, =——l
= Taco f"(x)=3x2 -4 >3l -d=-lx=]> 4

7
Xy ==Ly, = "Z
Vdi x, =1 Tinh hé s goc k =f'(1)
qyaliR4$Q)"4$p2Q)d$i=

d 1 & . Math A
A ded st
d:’: L L.1.|"| ill":l ‘

x=]
-3

\ P w 7 5
Thay vao ta co tiép tuyén y=-3(x~1) Rt —3x 7

-

= Dap s0 chinh xac la D
V&i xy =~1 Tinh hé s8 goc k = 7'(1)

Hp=

. H Math &
—— .-_"l'.""l' — ‘1"2 v
bl |
-
N L ew w 7 5
Thay vao ta co tiép tuyén y=3(x+ l)-E<:> y=3x+=

= Pap s6 chinh xacla D
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T. CASIO TIM NHANH GIOT HAN XAC PINH — VO DINH
CUA HAM s

1) KIEN THUC NEN TANG
1. Quy woc tinh gioi han v6 dinh:

* x> to=x =10’

" xo-osx=-10"
X :—Qx’;‘ﬁ X=x,+10°
n x—)xg =x=x,-10"

. . . i 6
PR R DEER HI07

N .. .. SinX . sinu
2, Gié¢i han ham lugng giac: lim——=1, lim =

l
x—() X u—0 u
VO L | . In{l+x
3. Gi61 han ham siéu viét: lim =1,lim (L+x) =]
x—0 X x—=0 X

4, Lénh Casio : r

2) Vi DU MINH HQA
. 2x —l .
Bai 1-[Thi thit THPT chuyén Ngit [in 1 nim 2017] Tinh gi6i han lim——— — bing :
Bai1l yén Ngit 8 lim —=——— bing
Al B. 8 C.2 D. 4

Giai
¢ Céch 1: CASIO
» Vix—->0=>x=0+10" St dung may tinh Casio véi chitc néng CALC
aQK 2Q)$p1RsQ)+4$p2r0+107p6)=

[F] Math A
gEX 1
fE+d -2 1000001

125000

» Tanhan dugc két qua 1000001
125000

= B la dap an chinh xac

Chu y: Vi ching ta st dung thu thuat d€ tinh gidi han, nén két qua may tinh dua ra chi
x8p xi ddp an, nén can chon dap an gan nhat.

sinx

Bai 2-[Thi thir chuyén Amsterdam [in 1 nam 2017] Tinh giéi han lim bang :

X
A1 B-1 GO0 Do

L . Gidi

< Cach1: CASIO ; _ ,

> Vi x> 0=x=0+10° St dung m4y tinh Casio véi chtrc ning CALC

| raQK"jQ))$pIRQ)10+10%p6)=
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@ Math A
e3inix) 4
%
1. 00000049
» Tanhan duoc két qua 1.00000049 ~ 1
=> A la dap an chinh xac

Bai 3 : Tinh gidi han: lim 22775
3+ +7

1 1

AL B. 1 c - D -

3 4 2

Gidi
4 Céch 1: CASIO
> Débai khoéng cho x tién toi bao nhiéu thi ta hidu day la gidi han day s6 va x — +cc
aQ)"3$+4Q)p5R3Q)"35+Q)d+7r1079)=

%] Math A

0. 3333333332
> Tanhan duoc két qua 0.3333333332 ~

W | —

=> A la dap an chinh xac
. n+2
Bai 4 : K&t qua gidi han limm la
+ 2.

A -2 B,
2

NSRES)]

C. 1 D —
Gidi
% Cach 1: CASIO
» Dé bai khong cho x tién t6i bao nhiéu thi ta hiu day 1a gisi han day s6 va x — +cc.
Tuy nhién chiing ta chd y, bai nay lién quan dén ldy thira (s6 m{) ma may tinh chi tinh
dugc s8 mit t6i da 14 100 nén ta chon x =100
a2p5°Q)+2R37Q)$+205°Q)r100=

N F] Math &
ZoGA+E
CHR Rt 25
E
5

» Tanhan dugc két qua ——25—

= A la dap an chinh xac
Cht y: Néu ban nao khéng hi€u tinh chit ndy ctia may tinh Casio ma 8 tinh cho
x=10" thi may tinh s& bao 15
r1079)= .
[F:
Matkh ERROR

LAac] :Cancel
C41Lel:G0Ot0O

Math
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1

Bai 5: Tinh gioi han: lim PRI
1.2 23 n(n+1

)
A3 . B1 2 Dbo
Gidi |
% Cach 1: CASIO ENCEFIPERN e
» Ta khong thé nhép vao mdy tinh Casio ca biu thic n s6 hang & trong ngoéc duoc, V1r
vy ta phai tién hanh rat gon. , RS CanTna }

1 1 1 2-1 3-2 n+l-n SRR
I+t .+ =1+ + + .t [N
1223 n(n+1) 12 - 2.3 n(n+1)
1
=1+1—~+~~—2~+...+—1—~ L =2 !
2 2 n n+l n+l : e
» Deé bai khoéng cho x tién t6i bao nhiéu thi ta hi€u day la gidi han day s& va x — +cc
2palRQ)+1r1079)=
1 a Hath &
2T

1.999993993
Ta nhéin dugc két qua 1.999999999 ~ 2
= Cla dap an chinh xac

N

] _] n+l . i .
Bai 6: Cho Szl-—l+-la~....+( ) . Gia trj ctia S bang:
39 27 3"
A2 B. . ct D.1
4 4 2
. ' Gidi
% Cach 1: CASIO
5> Tahiéu gié trj ctia S bang lim S
n—4x R
» Ta quan sat day s6 1a mét cdp s6 nhan vdi cong bodi q= —é— va u, :% ,

1—[“m1—]“
Vay S=u l-q" 1 3

T
3

alR3$0alp(palR3$)"Q)R1p(palR3$)r109)=

1_[__1-_ B Math A
L, AT
HER T

» Tanhan dugc két qua ZII

= Bla dap an chinh xac
Chi y: Trong tir luan ta ¢ thé stt dung cong thirc ctia cdp s6 nhan 1ui v6 han d€ tinh
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2x +x
Bai 7: Tinh gidi han: lim

A=)’ S‘_\/;

A +a B.g C. - D. -1

Gidi
% Cach 1; CASIO
» Débaicho x > 0" = x=0+10" a2Q)+sQ)R5Q)psQ)r0+10"p6)=

K] Math A
ZHAAE
S —aF 1002
295

. A s ~ N
~ Tanhan dugc két qua -

= D la dap an chinh xac

Bai 8 : Tinh gidi han: lim

x>
A —«x B. — C. 0 D. 1
Gidi
% Cach 1: CASIO

Débaicho x> 1" =>x=0+10"°
WsalpQ)"3R3Q)d+Q)r1p10"p6)—-

Math A

{ S
e
B. 6E0Z5728  wnd
% Tanhén duge két qua chita 107" =0
= Cla dap an chinh xac

Bai 9: Tinh giéi han: L= lim(cosx +sinx)™"

x—0
A, L= B. L=1 C L=e D. L=¢
Gidi
< Cach 1: CASIO
Pébaicho x >0 =x=0+10" . Phim cot khéng c6 ta s& nhép phim tan
(kQ))+jQ)))"alRIQ))r0+10"p6)=

B Mah A
(Ccosipltsinial 1k
2. 718273083
% Ta nhan dugc két qua chita 2.718...~
= Cla dap an chinh xac
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1)

T. CASIO TIM NHANH TIEM CAN CUA
PO THI HAM SO

KIENTHUCNENTANG R S

. Tiém can ngang D6 thi ham 8.y = f(x) nhan duong thang Y=Y, la tlem can ngang

lim f (x) =cc_hodc lim £ (x) o (ch1 can mot trong hai thoa man la du)

X—+Xg) XXy

‘ neu lim f(x) ¥, hodc hm f(x) Yo

4,

X——

. Tiém cin xién: D6 thi ham s8 y :f(x) nhan duong théng y=ax+b la tiém cén xién

néu lim[ f(x)-(ax +b)]=0

X%

Lénh Casio: Ung dung ky thudt dung CALC tinh gi6i han

2) VI DU MINH HOA

VD1-[Thi thir bdo Toan hoc tudi tré Iin 3 ndm 2017] C6 bao nhiéu dwong tiém can ctia

AT B2 C.3 D. 4

‘ .

00

>

- = D6 thi ham s6 khdng 6 tiém cén dng

x+1

Vax® +2x+1

d6 thiham s6 y =

| Gidi.
Cach1 1 CASIO ‘

Giai phuwong trmh Mauss =0 < 4\ +2x+1=0=4x> +2x+1=0 v0 nghlem i

Tinh lim — e = . Vay dudng thang y =—'la tiém can ngang ‘ctia:do thiham s
o JAxt 1 ox 4l 2 2 : R o

aQ)+1Rs4Q)d+2Q)+1r10°9)=

) 8 Math &
H+1

o
L3

72

ARE 2R
a. EDDUDDI'IDI 14

; : A : | e s
Tinh lim S —% . Vay duong thang y = -3 la tiém cén ngang ctia d6 thi ham

ot JAxT 4 2x +1

s0
rpl079)=

3 Math &
Al
S ity
JanZazer

-0, 4339339936
= Toém lai d6 thi ham s6 ¢6 2 tiém cdn ngang va C la dap an chinh xac
Céach tham khdao: Ty luian

1 \ 2 | TP
Tinh lim Xt = lim : =5 = duong thang y=5 la tiém can ngang

X Hx o) Xt
Jax® +2x 41 J4+

= |



= Tinh lim *l

x
oo J4xt +2x+ 1

= —% = duodng thing y= ~~;~ la tiém cadn ngang

¢ Binh luin:
*» Viéc tmg dung Casio d& tim tiém can st dung nhiéu k§ thuét tinh gidi han ctia ham s&
béang Casio. Cac ban c¢an hoc ki bai gidi han triedce khi hoc bai nay.

* Gidi han ctia ham s8 khi x tién téi + o« va khi x tién tdi —oc 12 khac nhau. Ta can hét

strc chi1 y tranh d€ sét tiém can ngang y=——
¥ =3x+2 (

VD2-[Thi Hoc sinh gi6i tinh Ninh Binh ndm 20171 D6 thi ham s& y= .
- X

C) cb
bao nhiéu duong tiém can?
A4 B. 2 C.1 D.3
Gidi
% Cach 1: CASIO
» Tinh lim =w=4

Nptr 1—x~

aQ)dp3Q)+2R1pQ)dr1079)=

R} Math &
=

Ml =T

] -
-D 939999997

Tinh lim = i:—g}:;t?— =-1

X% 1—x"

rpl079)=

@ Math &

o
S +2

~1.000000002

Vay duong thang y = -1 1a tiém can ngang ctia d6 thi ham s&

1

-c' '-’-'
-

l'-.'l

> Giai phuong trinh: Mau s =0 < 1-x7 :Oc{ |
x=-

Dén day nhiéu hoc sinh da ngd nhan x =1 va x =-1 1a 2 tiém cin diing ctia (C)
Tuy nhiénx =11 12 nghiém ctia phuong trinh mau s§ =0 chi la diéu kién can. Diéu

—3x+2
kién du phai la Jim 2 xr2_
x—tl 1 —x~
= Ta di kiém tra diéu kién du
Tinh lim ;1\«1% =

x—=-1 ]_X7

aQ)dp3Q)+2R1pQ)drp1p0.0000000001=
& Math &
HE —SH4T
1-xZ
-axpll



~ Vay duong théng x -:—1 13 tiém cAn dlmg clia d6 thi (c )

:Tmhh __Eﬁﬁ =1
B L NP [ 2
r1+0. OOOOOOOOOI— ;

, v, v Vay du’omg thang x= 1 khong pha1 la t1ev,;'f

< ding ctia db th (C)

= Toém lai d6'thi ham s6 ¢é 1 tiém can ngang' y=-1valtiém can ding x=-1
= Dap s8 chinh xac1a B
% Cach tham khao: Ty luin
x'=3x+2 (x-1)(x-2) 2-x
|

* Ratgonhamss y=

1-x*  —(x=1)(x+1) x+1
2_x -1+ 2 )

= Tinh lim = lim lx =~1 = duodng thang y =-1 la tiém can ngang

X—=+x x + X—=r+ X

X
; L2-X 3

* Tinh lim = lim | -1 +— =+ oc = duong thing y =1 1 tiém c4n diing

mlx] A x+1

fir Binh luan: , :
;‘ Viéc tir:'sd va miu 6 déu c6 nhan tt chung dan t6i ham s6 bi suy bién nhw vi dy 2 léi
| thudng xuyén xay ra trong cac dé thi. Chiing ta can canh giac va k1ern tra lai bang 1N%
~thuét tim gidi han bang Casio. ' :
VD3 [Thi th&t chuyén KHTN -HN Ian 2 nam 2017] Do th1 ham 56 nao sau day khong c6
tiém can ngang?
x—1 x -1 x"+1 1

A y= B.y= D yv=—-—
Y X+2 Y x2+1 X =1 Y x+1

% Cich1:CASIO
741

» Tinh ]1m =+
svee X -1
aQ)d+1RQ)p1r10°9)=
& Math &
HE+1
#=-1
1000000001
» Tinh lim >t =
er x -
rpl0n9)=
& Math &
#E 41
-1

-999339339

2

Vay d6 thi ham s8 y = >+

khéng co tiém cdn ngang

= Tém lai C la dap an chinh xac
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%+ Cach tham khao: Ty luin

I
2 X+—
, Sk
= Tinh lim = lim —% =+«
o7 x — ] X4 L 1
X
1
x*+1 X+
= Tinh lim = lim —2& = -« = DB thi ham s6 khdng c6 tiém cidn ngang
X—p—~4 x—— X—y—7
X

*» Binh Juan:
* D6 thi ham s8 y =f(x) khong c6 tiém cin ngang néu limy bing »
X—rs

VD4-[Khao sat chdt lugng chuyén Lam Son — Thanh Hoa ndm 2017] Tim tét cac cac gia
5x-3

tri ctia tham s6 m sao cho d6 thi ham s8 y = ————— khéng ¢ tiém can dung
X" =2mx +1
m< -]
A . m=1 B. m=-| C. D. -l<m«l
m> |

Gidi
<+ Cach 1: CASIO
> D& do thi ham s6 khong ¢ tidm can ding thi phuong trinh mau s8 bang 0 khong ¢o
nghiém hodc ¢é nghiém nhung gidi han ham s& khi x tién tdi nghiém khéng ra vo
clng:

» Voim=| .Hamsd <y =—,5L2_-§-«T . Phuong trinh x* -2x+1=0 ¢6 nghiém x =1 Tinh
X -2x+
. 5x-3 o .
llm-2«~§——=+oc. = Dap s6 A sai
o1k —x+1
abQ)p3RQ)dp2Q)+1r1+000010"p6)=
R] Math &
Sn—=3
ME-ZH+1

2. 000005012

. ‘. \ n 5x =3 . A A S ~
» Voi m=0 ham s6 < y==— [ Phuong trinh x* +1=0 v6 nghiém = D6 thi ham s
X+

khong co tiém can ditng = m=0
= D la dap an chinh xdc

% Cach tham khdo: Tw luin

* D& d6 thi ham s8 khong c6 tiém can ding thi phiong trinh méu s8 bang 0 v6 nghiém
A< m ~1<0e -1<m<] |

* Trudmng hop 2 phuong trinh mau s8 bang 0 c6 nghiém nhung bi suy bién (rtt gon) véi
‘nghiém ¢ tlr s8. = Khong xdy ra vi bdc mau > bic tir.

¢ Binh luin:

* Viéc Gidi thich dwgc treong hop 2 cua ty ludn la tuong d6i khé khan. Do d6 bai toan
nay chon cach Casio 14 rat dé lam.

VD5-[Dé minh hoa thi THPT Qudc gia l4n 1 ndm 2017] Tim t4t ca cac gid tri thuc clia
x+1

Vmx? +1

A.m<0 B. Khoéng c6 m thoa C. m=0 D.m>0

tham s6 m sao cho d6 thi ctia ham s8 y = c6 hai tiém can ngang
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Gidi
% Cach 1: CASIO

» Thir ddp an A ta chon 1 gid tri m<0 , tachon m=-2,15. Tinh lim x+l

v 0.15x2 + 1

aQ)+1Rsp2.15Q)d+1r10"9)=
F] Mal
Math ERROR h

CAC] :Cancel
EI 1Cel:Goto

| Va lim M—L-khong ton tai=' ham soy

o y**”\/ ~2.15%* +1 ,

 ngang

Xl khong the c6 2 tiém can

\/—215x +1 )

» Thirdap an Bt chon gidtri m=0. Tmh lim =2 i (x+ l)

‘\ Xt }OXZ +1 Xrrd

L Q1r1009)=

7] kMath A
A+l

1000000001

Vay lim (x+1)=+o = hams6 y =(x+1) khong thé cé 2 tiém can ngang

X+

> Thir dép 4n D ta chon gid tri m =2.15. Tinh lim —— o = 0.6819.

aQ)+1Rs2.15Q)d+1r10"9)=

] Math &
A+l

Jz.15x2 41
0.6819943402

Tinh lim ———"1 ~_0,6819...
== 2 15x% + 1
rp1079)=
'\' 1 R} Math A
S

2. 15K2+1
-00.6819943383

Vay d6 thi ham s8 ¢6 2 tiém can ngang y =+ - 0.6819...
= Dap sd D la dap s6 chinh xac
+ Binh luin:
* Quavidu4ta thay stc manh ctia Casio so vdi cach Iam tie [uan.
VD6-[D& minh hoa Bo GD-DT I3n 2 nim 2017] T1m tAt ca cAc tiém can du’ng ctia do th1

2x 1—\/x +X+3 o

“hami s6

i . X —5X+6 ’ ) A

- = : , , =3 - : :

. & [x 3, Bl x s : C[X : s Drx=3
X:—z pd
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Gidi
Puodng thing x =x, I3 tiém can ding cua d6 thi ham s& thi diéu kién can:
X, la nghiém ctia phirong trinh mau s6 béng 0
Nén ta chi quan tdm dén hai duong thing x =3 va x =2
. b o 2X=1=Vx +x+3

Voi x=3 xét lim -

A3 X" =5x+6
a2Q)p1psQ)d+Q)+3RQ)dp5Q)+6r3+0.0000000001=

O]

Math A
ot Y < "
zﬁ—i—Jﬁﬁ+A+3

B S S

1. 127016654 g1 0
2x—1~\/x2+—x+3

=+oc = x =3 la mét tiém can ding

Vi x=2 xét lim

=+o K&t qua khéng ra vd cing= x =2 khong la

3oy X" —5x+6
mot tiém can ding
r2+0.0000000001=
Math A

EH— 1A K 43+
HE B4 o
-1. 1667

= Pap s6 chinh xac 1a B.

BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Luong Vin Tuy lan 1 nim 2017] S8 tiém cin ctia d6 thi ham s
X

y = e la:
A1 B. 2 \ C.3 D. 4
Bai 2-[Thi thit THPT Vit Vin Hiéu ~-Nam Dinh Iin 1 nam 2017] S8 dudng tiém cén cua
dd thiham s8 y = XY la:
X' -4
A, 4 B.3 C 2 D. |

Bai 3-[Thi thir chuyén Thai Binh [4n 1 nim 2017] Tim céc gia tr] thge ctia m &€ d6 thi
2x* —3x +m

hamsd y= khong cd tiém can ding ?
X—m
m=0
A . m=0 B. | C. m>-1 D. m>1
m=

Badi 4-[Thi thit THPT Quang Xwong ~Thanh Héa Iin 1 nim 2017]
X+Vxi+x+1
x*+x

Al B. 2 C3 D. 4
Bai 5-[Thi HK1 chuyén Nguyén Du -~ Dic Lic nim 2017] Tim t4t ca cac s thue m dé db

Hamsd y=

6 bao nhiéu duong tiém can?

= o X . \ iAo
thi ham s6 y = — €6 3 duong tiém can
X

A.m=0 B. m=0 C.m>0 D . m<0
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Bai 6-[Thi tha chuyén Lwong Van Tuy lin 1 nam 2017] Tim t4t ca cac gia tri thuc cta
tham s6 m d& do thi ham s8 y =x + mvx* + x+1 ¢ duong tiém cén ngang
A.m=-1 B. m<0 C.m>0 D. m=+l1

LOT GIAI BAI TAP TY LUYEN

Bai1-

"'" Phuong trinh mAu s8 bang 0 ¢6 2 nghidm x = =1 ,

(' ~Tinh' lim =+ = x =1 latiém cin ding
=it x — .
aQ)RQ)dp1r1+10’\p6)—
Math &
Pﬁ
®e-1
500000, 25
* Tinh lim =+« = x=-1 la tiém can ding
A
rpl+107p6)=
F] Math A
#
HE-1

439339.75
= Déap s6 chinh xac la B
Bai 2-
= Phuong trinh mau s8 bang 0 ¢6 2 nghiém x = 2

® Tinh lim il =+ = x =2 la tiém can ding

=2 x4

WaqcQ)p1RsQ)dp4r2+10"p6)=

B Math &
I¥=11
HE -4
500, 0004575
s Tinh lim {x l' =+o = x=-1 la tiém cn ding
=T x4
rp2pl0~p6)=
B Math A
| #¥-11
z

1800, 000313

= Dap s& chmh xac la C

Bal 3-
2
o me:Oh‘ams()'y:zx 3X.
; , X
—3x 2x% = 3x N enl e s ,
- Tinh hm : =-3 lim =-3 = Khong ¢ tiém can ditng = m =0 thoa.
x—0* X’ x—0" X

j a2Q)dp3Q)RQ)rO+10’\p6)= r0p10°p6)=
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a Math A 0] Math A

ZHE 5% ZHE -
# 7 -
N ' 1500001
-2.999939 S00000

* Tuwongty m=1 ciing thoa = Dap s6 chinh xac 1a B
s g ’ .o A ‘. ~ 3 \ ~ 2x- 3x ~ ’ * A s
Chu y: Néu chiing ta cht y mot chiit ty ludn thi ham s6 y = ~——~— sa rit gon tir mau va
X

thanh y=2x-3 1a duodng thfmg nén khéng c6 tiém cén dimg.
Bai 4

* Phuong trinh mau s6 bang 0 ¢ 1 nghiém duy nhat x=0.

.
X+vVx +x+1

Tinh lm ———— = 4
x=3(’ X4+ x

= x =0 latiém can ding

aQ)+sQ)d+Q)+1 RQ)"3$+Q)1'0+1UAP6)=
Math A
344 e +?-’+1

K34
1000001, 5
c VX F x4

» Tinh fim 222 Y05 »y =0 Ia tiém can ngang

XA /\" + x
r10°9)=
0] Math &
M ~+n+1
{..."

DUDDDDlxm
» Tinh ljm 2T F¥EL ¥ byl

it X +x

rpl0"9)=

=0 = y=0 la tiém can ngang

D] Math &
s E +5+1
w3

— D
Reige
Tém lai d6 thi ham s6 ¢6 1 tiém cin dumg va 1 tiém can ngang = B chinh xac
Chi y: Hoc sinh thudng mic dinh 6 2 tiém can ngang = Chon nham dap an C
Bai5

* Thi*véi m=9 Tinh lim 7X 5= lim 2X 5= 0 = D0 thi ham s chi ¢6 1 tiém can ngang
X—=+x x” — X—=—-7 x —

aQ)RQ)dp9r1019)=rp1079)=

o] Math & ] Math A
# A
HE—g wE o
1:m® 'IXm
* Phuong trinh miu s6  béng 0 c6 hai nghiém x=3;x=-3.
Tinh lim =+ oc; lim =+ = 6 2 tiém cdn ding
=3t x“ -0 x—~3* x -9

r1079)=
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\{; O] Math & \{: O] Math A
S T v
HZ-9 W3

500, 0833194 499999, 9167
Vay m=9 thoa = Dap s6 chita m =9 la C chinh xac.
Bai6

R+

Q)psQ)d+Q)+1r1079)=

H=LRE 4]

= V6i m=-1.Tinh lim (x—xjx2+x+1):—~;—:> x = -1 thoa = Dap s6 diang la A hodc D

Z
= V6i m=1.Tinh 1im(x+\/xz+x+l)=—%:> x =1 théa = Dap s6 chinh xacla D

X—+—x

Q)+sQ)d+Q)+1rp1019)=

m Math A

KR +E+]

[ L

T. CASIO GIAI NHANH BAI TOAN
TUONG GIAO CUA HAI PO THI HAM SO

1) KTEN THUC NEN TANG

1. Phuong phap db thi tim s8 nghiém cta phuong trinh: Cho phuong trinh f(x) =g(x)
(1), s8 nghiém cta phitong trinh (1) 1a s giao diém ctia d6 thi ham s6 y = f(x) vado
thi ham s6 y =g(x)

Cht y: S8 nghiém ctia phwong trinh f(x =0) 1a s8 giao diém ctia d6 thi ham s y =f(x)
va truc hoanh

2. Bai toan tim nghi¢ém caa phuong trinh chira tham s6;: Ta tién hanh c6 ldp m va dua
. phuong trinh ban dau vé dang f(x)=m (2) khi d6 s8 nghlem ctia phuong trinh (2) 1a

so giao di€m ctia d6 thi ham s6 y =f(x) va dudng thing y=m. , i
G y: Buong thing y=m c6 tinh chat song song vdi truc hoanh va di qua dlem o toa
do (0;m) - '

3. Lénh Casio: D& tim ngh1em cia phu’ong trinh hoanh db giao diém ta dung 1énh SHIFT
SOLVE
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2) Vi DU MINH HQA

VD1-[Thi thit chuyén KHTN Ian 2 ndm 2017] Tim tap hop tét cic cic gid tri cia m d&
phuong trinh log, x ~log, (x =2) =m ¢4 nghiém:
Allsm<+«x B. l<m<+x C.O0gm<+ax D. 0em<+o
’ ' Gidi

*» Cach 1:CASIO

> Dit log, x -log, (x—2) = f(x) khi d6 m=((x) (1). D& phuong trinh (1) cé nghiém thi m
thude mién gi tri ctia f(x) hay f(min)<m <f(max)

» Tdi day bai toan tim tham s§ m duogc quy vé bai toan tim min, max ctia mot ham sé.
Ta st dung chtre ndng Mode véi mién gid tri cia x 1a Start 2 End 10 Step 0.5
w712$Q)$pi2$Q)p2==2=1()=0.5=

Math

&5
i}

B
3
2

F
1'1

I I
5 HEE
B a3U]
M O0.32118

g

# Quan sdt bang gid tri F(X) ta thdy £(10)~0.3219 vay ddp s6 A va B sai. Dong thoi khi

x cang tang vay thi F(X) cang giam. Vdy cau hoi dit ra 1a F(X) ¢ giam duge vé 0
hay khéng.

Ta tw duy néu F(X) giam dugc vé 0 c6 nghia la phuong trinh f(x)=0 c6 nghiém. D&
ki¢m tra dy dodn nay ta st dung chie nang do nghiém SHIFT SOLVE
i25Q)$pi2$Q)p2qr3=

D] KX
~a . - Math
Can't Solwe

LRz  Cancel
C4dCel:Goto
May tinh Casio bao phuong trinh nay khong c6 nghiém. Vay d&u = khéng xay ra

» Tom lai f ( )> 0 < m>0 vaDladap an chinh xac
¢ Céch tham khdo: Tu luin
= Pidukién; x>2

2

® Phuong trinh < m =log, ——)f—j @mzlogz(H———wj
: X=2 X-2

- Vi x>2 nén x-2>031+—25>1 :>log2[l+

j>logzl=0
xﬂ

X =~

Vay mzlog[l +

; 2 j>0
x=2)

o MOt bai todn mau muec cia dang tim tham s& m ta Gidi béng cach két hop chirc ndng
lap bang gia tri MODE 7 va chitc ndng do nghiém SHIFT SOLVE mot cach khéo 1éo
* Chuy: m=£(x) ma f(x)>0 vy m>0 mot tinh chat bac cau hay va thuong xuyén gip
VD2-[Thi thit chuyén KHTN -HN Ian 2 nim 2017]
Tim tap hop tat ca cic gia tri ctia tham s6 m d& phueong trinh x'~3x2+m=0 c6 3
nghiém phan biét
A, 4<m<0 B. -4<m<0 C.0<m<4 D. 0<m«<«l1

+«» Binh luin:

8l



B | Gidi
% Cach1: CASIO
> Co lap m, dwa phuo'ng trinh ban dau vé dangm =-x* +3x* . D4t x’ -3x* =f(x) khi d6
L “m £(x) (1), s8 y nghiém ctia (1) 14 s8 giao diém ctia d6 thi y=f(x) va y=m
l » DEkhao sat hdm s v =£(x) ta st dung chitc ning MODE 7 Start -2 End 5 Step 0.5
W7pQ) 3$+3Q)d==p2=5=0.5=

B

" FH) a Fy)
| —— 0.815 ] 3.315
5 ! 1] | = y
] D51 DO.E25 n g2x51 Ja. 125

Quan sat bang gia tri F(.X) ta thdy gia trj cuc tiéu 1a 0 va gia tri cuc dai 1a 4 vy ta co

so d6 duong di ciia f (x) nhu sau:

» RG rang hai d6 thi cAt nhau tai 3 difm phén biét néu 0 <m <4
VD3-[Khio sat chit lugng chuyén Lam Son - Thanh Hoéa nim 2017] Cho ham s6

X +12 6 db thi (C). Pudng théng (d):y=x+1 cdt do thi (C) tai 2 diém phan biét
M,N thi tung dé dim 1 cia doan thang MN béng:
A -3 B. -2 C1 D.2
Gidi

% Cach 1: CASIO

» Phuong trinh hoanh d¢ giao diém 2 +12 =x+1 . Nhap phuong trinh nay vao may tinh
X —

Casio va do nghiém:
a2Q)+2RQ)P1$p(Q)+1)qT5=qu5‘

Math Math

“""‘-'l.‘-'i+lJ """'—'l?f.+1J
}i- 3 K -
L-R= . 0 L-R=

x=3=y=x+l=4 oy, DY

C—

[ - Tacongay 2 ngh1em {

i =-1=y, =5 +1=0 )

= bapsd chmh xaclaD

—{/D4 [Thi thir chuyén Vi Thanh - Hiu Glang Tin 1 ndm 2017] Tim t4t ca céc gia tri thyec
ctia tham s& m sao cho d6 thi ham s8 y =x* + mx +16 ct truc hoanh tai 3 di€m phén biét
A.m>12 B. m<-12

C.m<0 D. Khéng c6 m thoa

82



Gidi
% Cach 1: CASIO
» D& dd thi ham s§ y =x’ +mx+16 cét truc hoanh tai 3 diém phan biét thi phuong trinh

X +mx+16=0 (1) c6 3 nghiém phan biét
# V&i m=14 st dung lénh Gidi phuong trinh bac 3 MODE 5

R] MathW A

& Math¥
L2
L}

wb41=0=14=16

f1=
-1, 058213391 0L5291069456+3, ¥

Ta thdy nghiém x,;x, 13 nghiém 40 = khong du 3 nghiém thuc = m =14 khéng thoa

man = A sai
» Voi m=-14 stv dung 1énh giai phuong trinh bac 3 MODE 5

wbh41=0=4014=16==== )
\ Rl Math¥ \ @ MathWA
A= =
-4 MB186702 2.918522599
e R} Math A
AE=

1. 299664103
Ta thay ra 3 nghiém thuc = Dap an ding c6 th&'1a B hodc C
Thit thém mét gia tri m = -1 nia thi thady m = -1 khéng thda min

= Dap s8 chinh x4c 1a B
VD5-[Thi thér chuyén Vi Thanh - Hju Giang lin 1 nim 2017] Cho ham s8

y=—x'-3y"+> c6 db thi 1a (C). Biét duong thang y=-4x+3 tiép xic véi (C) tai

diém 4 va cit (C) tai diém B . Tim tung d6 clia diém B
C. -3 D. -1

B. 15
Gidi

Al
% Céch 1: CASIO
» Thiét 1ap phwong trinh hoanh d9 giao di€ém %x" ~3x +%=~4x+3. St dung SHIFT

SOLVE d€ do 2 nghiém phuwong trinh trén
alR25Q)"$p3Q)d+a3R2$+4Q)p3=qr5=qrp5=
& [T R w.[.? Hath 1 & L LN -_@__ Ma.' '
sr-dnevg=—died g+ g=—diy

= 1 = -3
L-F= 0 L-R= 0

» Néu 4 latiép diém thi y'(x,) =0, B la giao diém = y'(x,)=0 .

qyaQ)"4R2$p3Q)d+a3R2$$1=



= xy=l=y,=-4x, +3=-1
= D4p s6 chinh xac la D

VD6-[Thi HK1 THPT HN-Amsterdam nim 2017] Cho ham s8 y=x"—2mx*+m’ -4 c6
d6 thi (C) . V6i gia tri nao ctia tham s§ m thi d6 thi (C) ct truc Ox tai bon diém phan
biét trong d6 c6 ding 3 diém ¢ hoanh d6 16n hon -17?

m< -1

A. 3<m<-1 B. -2<m<2 C.2<m<3 D.{
m>3

% Céch 1 1T, CASIO : B
o n ghlem cua d6 thi (C) va truc hoanh 14 58 ngh1em cta phucmg trinh hoanh dé g1ao

!‘_;’:dlem x —-2mx +m —4 0 ( ) Datx =t th1 ( )<:>t —-2mt+m ~4=0 (2)

» Tahiéu 1 nghlem t>0 sésinhra 2 nghlem x =+t . Khi phutong trinh (2) ¢ 2 nghiém
t,>t, >0 thi phueong trinh (1) cé 4 nghiém ~\/: <—\/C<\/E <\/: . Vay dé& phuong
trinh (1) c6 4 nghiém phén biét trong d6 c6 dung 3 diém cd hoanh dé 16n hon -1 (ke
la 1 di€m cé hoanh @6 nho hon ~1) thi O<t, <l<t, (*)

Thit v6i m =-2.5 Xét phueong trinh t* ~2mt+m’ - 4=0
wh31=p5=2.5dp4=== '

R Math¥ IR} Math¥a

1=

F'\.'h
It

raj0
raf=

Thda man ()= m =2.5 thdéa = Cla dap sd chinh xac

BAI TAP TU LUYEN
Bai 1-[Thi thir chuyén Vi Thanh — Hau Giang lan 1 nim 2017]
Tim t&t ca cdc gid tri thwe ctia tham s6 m d€ phurong trinh 2x* +3x* —12x =m ¢ dung
1 nghiém dwong

A [m<T ’ g [m=-7
m>0 m>0
c|m<7 D. Khéng ¢ m thoa
m>20

]Bal 3-[Thi thu THPT Luc Ngan — Bic Giang Ian 1 nim 2017] Tim tat ca gia tri m - dé
duong thang y= =m cat do thi ham s6 y=x’ ~3x +2 tai 3 diém phén biét co hoanh doj

Monhon—l'
[T

A 0<m<2 0 B.22<m<2 C%<m<2 . D.2<m<2
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Bai 3-[Thi HSG tinh Ninh Binh nim 2017] Tim tit ca cac gid tri thye cua tham s§ m dé
phuong trinh 4 =277 4 6=m ¢6 3 nghiém phan biét?
A .m=3 B. m>2 C.2zms=3 D.2<m<3

Bai 4-fThi thit THPT Luc Ngan - Bac Glang lan 1 ndm 2017] S6 nguyén duong lon nhat
d@ phuong trinh 251 -(m+2)s" S L omal=0 c6 nghiém?
A. 20 B.35 C. 30 D. 25

Bai 5-[Thi HK1 chuyén Amsterdam -HN nim 2017] Tap gié tri ctia tham s m dé
phuong trinh 5.16* -2.81" =m.36" c6 dung 1 nghiém?

< - “ .
A . m>0 B. "> 2 C. Véimoi m D. Khéng t6n tai m
m=+2
Bai 6-[Thi HK1 THPT Ngé Thi Nham - HN nim 2017]
Phuong trinh log, x —log, (x =2) = log ;, m v0 nghiém khi :

A.m>1 B. m<0 C.0<mzsl D.mxg!

LOI GIAI BAI TAP TU LUYEN
Bai1l

Dt f(x)=4" -2"** +6. Khi d6 phuong trinh ban dau < f(x)=m (1) . D& (1) c6
ding 1 nghiém duong thi dudng thing y=m cit d6 thi ham s6 y = 7(x) tai ding 1
~ diém c6 hoanh d6 duong.

* Khaosdt ham s y = f(x) voi chiic ning MODE 7

W72Q)A3$+3Q)dp12Q)=p4=5=O.5=

@ Math @ Math
JoE Fin o FUsd
5 3 an || i -1
Bl -1.5 I8 12l (.51 -U.5
-z

Ta thdy d6 thi c6 gia tri cyc dai la 20 va gia tri cue tiu 1a =7 va ta sé mo ta dwoc
duong di ciia f(x) nhwesau :

R AN
/
- N,

7> O N . & . ’ » A ’ Y ~ ’
’ thi hai d6 thi cat nhau tai dting 1 diém c6 hoanh dé dwong. = Déap

RO rang P -
an B chinh x4c.
Bai 2
= 56 giao diém cua dudng thing va db thi ham s6 trén la s8 giao diém cta phuong trinh
X' =3 +2=mex'-3x*+2-m=0
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» Tht véi m=-2. Gidi phuong trinh bac 3 vdi tinh ndng MODE 5 4
wb41=p3=0=2p(p2)===

& Math¥ F| Math &

AL Az=

-1 Z
Ta théy chi ¢6 2 nghiém = 2 giao difm = m=-2 khéng thdéa man = Pap an D sai
* Thtr véi m=-1 . Giai phieong trinh béc 3 véi tinh nding MODE 5 4
W541=p3=0=3===

A=
-0.8793852416

Ta thay co nghlem < ~—;— = m=-1 khéng thoa man = Dap an B sai

= Math¥

' Thir véi m=1. Giai phwong trinh bac 3 véi tinh nang MODE 5 4
wb41=p3=0=3===

B Math A
A=

-0, 53208885862
Ta thdy c6 nghiém < —% = m=1 khoéng théa mén = Dap an A sai
= Dap an C con lai la ddp an chinh xac
Bai3
= Dt f(x)=4" ~2"*? + 6. Khi d6 phrrong trinh ban dau < f(x)=m ,
* S& dung Casio khao sét sw bién thién ctia d6 thi ham s& y =f(x) voi thiét lap Start —4

End 5 Step 0.5
w74"Q)d$p2/Q)d+2$+6=p4=5=0.5=

D] Math
% F i
E “E |a. 500"
I R

Quan sat bang bién thién ta vé dudng di cuia ham s6

(-4 =+
A

£y =18 /

f(i)a+m

AN

Y OB A

y=m

fi-n=z2| fly=2
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Ro rang y=3 ct d6 thi ham s& y= f(x) tai 3 diém phan biét vay dap an A la chinh

Bai4

B e N
51;*\[1‘7 __2
H»\/l——x—2 - I+\/l—-—x—:
Dit f(x)=25 2.~5 +1

PR |
Str dung Casio khao sat sy bién thién ctia db thi ham s6 y ={(x) vdi thiét lap Start -1
End | Step 2 '
w7a25"1+s1pQ)d$$p20571+51pQ)d$b+1R5M+51pQ)d$$p2==p1=1=0.2=

Colap m tadwoc m=

. Khi d6 phuong trinh ban dau < f(x)=m

@ Math
u F i)
| | ool | 5. 3533
3| -0.8|13.222
3l -0.6l18. 181

Quan sat bang bién thién ta thay {(x)<f(0)=25.043.. hay m<f(0) vdy m nguyén

duong lonnhitla25 = Dla dap an chinh xac

Bai5
* COldp m tadugc m - 3167 - 2817
36°
o S16Y-2818 X .
= Dt f(x)= e Khi d6 phuong trinh ban dau < f(x)=m

= Str dung Casio khao sat sy bién thién ctia d6 thi ham s y =f(x) véi thiét 1ap Start -9

End 10 Step 1
w7a5016"Q)$p2081°Q)R36"Q)=p9=10=1=

E ('3) Math
1| e | 16
2 -g|328d, 2
3 -111458. 6

Quan sat bang bién thién ta thdy f(x) ludn giam hay ham s8y = f(x) ludén nghich bién.
Diu ndy cé nghia la dwong thang y =m ludn cat db thi ham s8 p = f(x) tai 1 difm

= C chinh xac

Bai6

* Didukién: x>2.

’ X X
< log,,J——=logm&m=
"Vx-2 ) X—2

D& phuong trinh ban diu vé nghiém thi dwong thing y=m khong cit d thi ham s&

Phuong trinh ban dau < log, (——X—E) =2log, m < %log_‘ (Lz) =log, m
x—

X
X—2

y=f(x)=

= St dung Casio khao sat sit bién thién ctia d6 thj ham s§ y = f(x) vdi thiét 13p Start 2

End 10 Step 0.5
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w75aQ)RQ)p2==2=10=0.5=

. F(El Math
: uy

| | | RO

3 2.5| 2.23b

3 3| 1.n3a2

* P& khao sat chinh xac hon ta tinh gidi han ctia ham JS(x) khi x tiéntdi2 canla 2 va

+oc

saQ)RQ)p2r1079)=

o) Math &

1 Qooonooo
Véy lim =1

5aQ)RQ)p2r2+0.0000001=

O] Math A

o
L)

5=

|‘xl

L T Lan |
4472, 136067
Vay lim f(x) =+
X2
= Quan sat bang gia tri va 2 gioi han ta vé duong di ca d6 thi ham s6 y=1(x) va sy
tuong giao \im =1

Tt

f10i=8§

—-—————------.---.——*--—_————-—...:»V‘ !iﬂ\l_f(_\'):'\"fﬂ

Ta thdy ngay m <1 thi 2 6 thi khéng cit nhau hay phuwong trinh ban dau vé nghiém

T. CASIO TIM NHANH DAO HAM BAC NHAT, BAC HAI,
BAC N CUA HAM SO

1) KIEN THUC NEN TANG

1. Lénh tinh dao ham cip 1: qy

»'(%, +0.000001) - y'(x,)
0.000001

2. Cong thirc tinh dao ham cdp 2: y"(x, )

3. Dy doan cong thirc dao ham béc n:

1
1

‘ \
= Budce 2: Tim quy. luét vé dau, ve hé s6, vé sd bién, Ve s6 mi roi rat ra Co;ng thuc tong

® Bueoc 1: Tinh dao ham ¢ép 1,-dao ham cép 2, dao ham cap 3

- quat

\
t
P
|



2) VI DU MINH HOA
Bai 1-[D¢ minh hoa thi THPT Quéc Gian lan 1 nam 2017] Tinh dao ham caa ham s

,_x+1
Y=
27 2%
R U LLE D, g lr2(x+ in2
> >
Gidi

“ Cach 1: CASIO

x+1
» Chon x'=1.25 r6i tinh dao ham ctia ham s y = ——

4"
Ta cé: y'(l .25) =-0.3746.... Str dyng lénh tinh tich phan ta cé:

qyaQ)+1R4"Q)$$$1.25=
_ = Math &
AL
dxl g4& JI z=1.25
'D.HT4b H1ﬂ4
» Néu dép an A dung thi y'(1.25) ciing phai giéng y' & trén . St dung 1énh tinh gid trj
CALCtacéd
a1p2(Q)+1)h2)R2’\2Q)r1 25-

Math A

1'—.1_[||+1:| ll"lr ".‘
':.”?4h1u 104
Ta thay giong hét nhau = R6 rang dap an ding la A
Bai 2-[Thi thir bdo Toan hoc tudi tré 1in 4 nim 2017]

Choham sd y =e¢* (3 - xz) . Dao ham ctia ham s§ triét tidu tai cac diém :

A x=Lx=-3 B. x=Ex=3 C x=-1:x=3 D. x=0
- Gidi

&

% Cach 1: CASIO

Ta hi€u : Dao ham bi triét tiéu tai didm x = x, tircla £ "(x0)=0

A\

- Xét f'(1)=0=>x=1 thoa = Dép s6 ding la Ahodc B
: ,quK“Q)$(,3pQ)d)$1=

Math

(e (3-5200) b
I

» Xét f'(-3)=0=x=-3 théoa = Dép s0 chinh xac 1a A

l
7

fop3=

Math A

d P UL
(e (3420,

0
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Bai 3-[Thi HK1 THPT Kim Lién - Ha Noi nim 2017] Cho ham s§ y =2016."* . Khing
dinh ndo sau day 13 khing dinh diing ? | '
1" Al y'+2yIn2 =0 B: y'+3yln2=0 C y'-8yln2=0 D. y'+8yln2=0

_ Gidi

s+ Cach 1: CASIO

!
» Chon x=125 16i tinh dao ham ctia ham s6 y =2016.¢""%. Ta c6 : y'(1.25)=-0.3746....
Luu gia tri nay vao bién 4 cho gon.
qy2016QK Q)Oh1P8)$$1.25=q)z

é%[gnlaeﬁxln??:b BNS+a . Mt 4
-a11.5837213 -311.5837213

» Tinh gia tri clia y tai x=1.25 .Tac6 y(1.25)= Néu dap 4n A ding thi y'(1.25) ciing
phai gidng y' & trén. St dung 1énh tinh gia tri CALC ta ¢
alp2(Q)+1)h2)R22Q)r1.25=

D} _Math A ] Math &
EDIEIEK::{lh (1=3) IEIT'IE:"’B
149, 8400965 149, 8400965
Ta thdy 4 3= 443Bl2-0 = Pap an chinh xacla B
Bln2
aQzRQxh2)=
H ol Math &
ElniZl
-
J

Bai 4-[Thi tht THPT Quang Xuong - Thanh Héa lan 1 nim 2017]

Tinh dao ham c&p hai ctia ham s6 sau y = (1-2x)" tai diém x=2 1a

A. 81 B. 432 C. 108 D. 216
| ‘ e Gidi
# Cach1: CASIO

1>Ap dung c'(”mglﬂth&c fx)= A (% +AAxx)~f ()
P : D : . k . o

Chion Ax = 0.000001 £bi tinh dao ham cita ham s§ y =(1-2x)".
- Tinh y'(2+0,000001)= 4. '
qyQK"Q)$jQ))$0+0.001=q]Jz

2 ((1-2824)] b ANSTA
216. 000432 216, 000432

> Tinh /'(2)=B .
Ellooooooooo=q]x
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Math A k] Math A

Y iy 1
mfu —2 ;. Nyop fN57H
2 1 = 216
Lép vio cong thitc 7"(x,)=7 (o ‘2) ~'(%) _ 430 = Dap 56 chinh xéc 12 B
\‘U
aQzpQxR0.000001=
@ Math A
A-E
(nfpuinialaink}
432.000247
Bai 5-[Thi Hoc sinh gioi tinh Pht Tho nam 2017] Cho ham s8 f(x)=c¢".sinx . Tinh £*(0)
A. Ze B. 1 C.2 D. 2e
Gidi

% Cach 1: CASIO
f'(x,+Ax)-f'(x,)
AX

> Ap dung céng thie £(x,) =

0

Chon Ax =0.000001 rdi tinh dao ham ctia ham s8 f(x)=e*.sinx . Tinh y'(0+0,001)= A

(Ch ¥ bai toan c6 y&u t& lugng gidc phai chuyén may tinh vé ché d6 Radian)
yQKAQ)$'Q))$0+o 001=qJz

Math & i k] Math A
f'“:lnt )|k ANS*A
SEICIDD i Soo00d
S00000 SO0000
» Tinh f(0)=B
QYQKAQ)$1Q))$O+O=QJX
Math A a Math &
(" 1m:-:l]| _b Ans+B
1 1
L&p vao cong thic /"(x,)= S+ ZZ) =/ (%) _ 2= Ddp s8 chinh xacla C
Xy
aQzpQxR0.000001=
H E R Math A
nppuniniuink]
1.993999613

Bai 6-[Thi Hoc sinh giéi tinh Ninh Binh nim 2017] Cho ham s8 y=e*sinx, dat
F=y"+2y' khing dinh ndo sau day ding?

A . F=22y B. F=y C.F=-y D. F=2y

' ' Gidi "
< Cach 1: CASIO
: £'(x, +Ax)—'(x,)

Ax,

__Chon x=2, Ax=0000001 i tinh dao ham clia ham s y=e™sinx.

» Ap dung cong thizc £"(x,) =

91



Tinh y'(2+0,001) =
qw4quKApQ)$jQ))$2+o 000001=g]Jz

Math & F| Math &

Ee‘”sm(}:)]] b ANS*A
-0, 1793792622 -0, 1793792622

» Tinhf'(0)=

E!llooooooooo=qJx
Math & a Math &

=le " sin(ry)|, b ANS*E

-0. 1735793748 -0.1733793748

Lép vao cong thitc f"(x,)= /(% i’;)‘f () =C

0

aQzpQxR0.000001=

F] Math & 7 Math &

—h-B___ i
0. 000001 Ans3(

0.112638413 0.112658413

» TinhF=y"+2y'=C+2B=-0.2461..= -2y = Dapsd chinhxacla A
Bai 7: Mt vat chuyén déng theo quy luat S= —%t“ +9t? véi thoi gian t(s) la khoang thoi

gian tinh tir ltc vat bat dau chuyén dong va S(m) la quang duong vat di duge trong
thoi gian d6. Hoi trong khoang thoi gian 10(s) ke ti lic bat dau chuyén dong, van toc
16n nhat ctia vat dat dugc bang bao nhiéu?
A, 216(m/s) B. 30(m/s) C. 400(m/s) D. 54(m/s)
- , . Gldi : X R ,
% Céch1: CASIO s LER R R e
)v Ta hiéu: trong chuyen dong blen d6i theo th01 ‘gian th1 quang duong la nguyen ham%
. cliavan toc hay néi cach: khac Van toc la dao harn cta quang duo*ng : |

:>v(t)=“%t +ISt e

» D€ tim gia tri 16n nhét cta v(t) trong khoang thoi gian tir 0 dén 10(s) ta st dung chttc
nang MODE 7 v¢i thiét 1ap Start 0 End 10 Step 1
w7pa3R2$Q)d+18Q)—0=10=1=

[F] Math
gl " gl Mg
cjpr— 5
B 1 5o 5

Ta thay ngay van tdc lon nhat la 54(m/s) dat duoc tai giay thi 6
= Dap s6 chinh xaclaD

Bai 8 : Mt vt roi tu do theo phuong trinh S :%gt2 voi g =9.8(m /sz) . Van toc tixc thoi

ctia vat tai thoi diém t=5s la:
A. 122.5(m/s) B. 295 C. 10(m/s) D. 49(m/s)
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- Gidi
% Cach 1: CASIO
# Ta hiéu: Van t8c tirc thoi trong chuyén ddng bién déi tai thoi diém t=t, c6 gia tri la
S(t,)
qyalR2$09.8Q)d$5=

a Math A

a9, 8E))

s e =

xr=:

43

Ta thay van toc tai t, =5 1a 49 = Dap sG chinh xédc 1a D

BAI TAP TU LUYEN

Bai 1-[D& minh hoa thi THPT Quéc Gian [in 1 nim 2017] Tinh dao ham ctia ham s6
y=13"

13

Ay =x13"" B. y'=13".Inl3 Cy'=13 D.y'= In13

Bai 2-[Thi thr bdo Todn hoc tudi tré [in 4 nim 2017]
Dao ham ctia ham s& y = 23" bang;

A. 6"In6 B. 6" C. 2043 D. 2% +3*!
Bai 3-[Thi thit chuyén Nguy&n Thi Minh Khai Ian 1 nim 2017]

Cho ham s8 f(x) = Infcos3x| gia tri f(l) béng:

12
A. -3 B. 3 , o C.2 o oD
Bai 4: Cho ham s f(x)= % + ‘% +x. Khi d6 tap nghiém ctia bat phuong trinh f'(x) <0 1a:
A. (0;+ o) B. [~2;2]
C. (-o+x) D. Khéng ¢6 m thoa

Bai 5: Cho ham 6 f(x)=x.e" . Khi dé (1) bang:
A. 10e B. 6e C. 4¢? D. 10

NG ’ . ~ N N ,\, . . genr T
Bai 6: Tinh vi phan ctia ham s8 y =sinx tai diém X, =—

3
A. dy =iz_—dx B. dy= %dx C. dy = cosxdx D. dy = —coxdx

Bai 7: D6 thi ham s6 y = ax” + bx> - x + 3 cd diém udn [(-2:1) khi:

»

A-a:~l;b=~~3l B.a:wg—;b:—l | C.azl;bzE D.'c1:~1—;b:—~3~
4 2 2 4 2 4 2
3 3
Bai8:Chohamsg y=""0 278 X 11 d6ta co -
l —sinx cosx
A y"=y B. y"=-y C. y"=2y D.y"=-2y
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LOI GIAI BAI TAP T U LUYEN
Baiil
* Chon x=2.Tinh y'(2)=433.4764..=13".In13= Dap an chinh xacla B
qy13°Q)$$2=

d . ¥} Math A
g (13%) o
433. 4764414
Bai2
= Chon x =3 tinh y'(3)=387.0200...= 6’ In6 = Dap s0 chinh xacla A
qy2~Q)$03"Q)$$3=

] Math A

(2%, s
387.0200454

B3

® Tinh (l‘nlvcos 3x|)' = E(;I—TXI(ICOShD'
a e /" lcos

\' Tinh (!C053XDI=(\/COSZ 3x)'=_____1___

2+/cos? 3x

(cosz 3x)‘ _ —~3cos3xsin3x
Jeos3x|

= (ln\cbs3x[)'="_3s~ilm

- (x)
Y 12
qw4ap3j3Q))k3Q))Rqck3Q))$drqKP12=

Math &

B
—35in (3%) C0s (5
lcos(3X) |12

-3

= P4p s6 chinh xacla A

‘['cos%)ff ”

Baid: Tinh y'=x*+x+1. y'<0 x* +x+1<0
» Nh&m dugc ludn hodc str dung tinh ndng Gidi bt phuong trinh MODE INEQ
wR1141=1=1=

R Math

Mo-Solution
= Dap s8 chinh xacla D
Bai 5: Tinh £'(1+0.000001) r6i lwu vao A4
qyQ)OQK"Q)d$$1+0.000001=q]z

)] A
8. 104872665 8. 164872668
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* Tinh /(1) roi luu vao B

E!loooooooo0=gJx

@ Math & R} Math A
| . Z S*h
a—f[:{f{ﬁ}:‘- ]|x=1 Pln-_;"El
H. 154845485 H. 154345455
* Thiét lép y'= J (] +0'00000])-f (l) =27.1828...=10¢
0.000001
aQzpQxR0.000001=
R Math A
fi—E
0. 000001
27, 18286827

= Dép s6 chinh xacla A

Bai 6: Ttr y =sinx tién hanh vi phan 2 v&: (y')dy =(sinx)'dx < dy = (sinx)'dx
= Tinh (sinx)' tai x, :g

qyjQ))$aqKR3=

F Math A

g%csintxjnng
0.5

= Dap s6 chinh xac 13 B
Bai 7: Hoanh d¢ diém uén 1a nghiém ctia phuong trinh y"=0
Tinh y'=3ax® +2bx+¢ = y"=6ax +2b.

y'=0<:>x=—?=—2<:>b=6a = Dap s6 dung la A hodc C
a

* Véia :w;-;b = ~% tinh tung d6 ctia diém udn: y(2)=1

palR4$Q)"3$pa3R2$Q)dpQ)+3rp2=

1 3 A Math A
133552 g
1
= Dép s6 chinh xac1a A
BMSNJ@nx:f%Tmhy(%+OO%MHJ%UuuvéA
qyajQ))"3$+kQ))"3R1pjQ))kQ))$$aqKR12=
ath A A Math &

R Math
JL[Siﬁ[H]5+GDS ANs+A
T—zintmicosd M

dx
0. 7071055564 0.7071055564

Tinh y'(l—z«j roi leu va B

E!looooooooo=qjx
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Math R] Math &

_g_[sir'u( 11 “+i:,nst arns+E

gqrl 1-zini(xlcos
0. 071067312 0. 7071067812
Tinh y [ T ]——éiB— =-1.2247...= -y
12 0.000001
aQzpQxR0.000001=
® Math &
[ =]
Q. 0ooood
-1, 224735667
= Tinh y[lJzﬁ
12 2
an))A3$+kQ))A3R1p'Q))kQ))rqKP12=

Math &
lel'.f"'h.""'“f"_'l.."" Lt~

SiRIRICO=(H]

leq

= Dap s0 chinh xac la B

HAM SO MU VA LOGARIT

T.CASIO TiM NHANH NGHIEM CUA
PHUONG TRINH MU — LOGARIT

Y] PHUONG PHAP

Bu’oc 1: Chuyén PT vé dang V& trai=0. Vay nghiém cta PTsé 1 gla tri ctia x lam cho vé
]tral—O AR e T
Buoc 2: Str dung chic ning CALC hodc MODE 7 hoac SHIFT SOLVE dé’ klem tra xem

nghlem. Mot gid tri duroc goi 1a nghiém néu thay gia tri d6 vao vé& trai thi dreoc két qua
oo ' f

Buoc 3: Tong hop ket qua va chon dap an c’[ung nhat
* Panh gia chung: St dung CALC sé hiéu qua nhét trong 3 cach
Cha y: Nhép gia tri log, b vao may tinh casio thi tanhap loga:logb

2)Vi DU MINH HOA
VD1-[Chuyén Khoa Hoc Tu Nhién 20171
Phurong trinh log, x log, x log, x = log, x log, x +log, x log, x + log, x log, x o tdp nghiém la:
A. {1} B. {2:4;6} C. {1112} D. {1;48}
Gidi
< Cach1:CASIO
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3

h

Chuyén phirong trinh vé dang:
log, xlog, x log, x - log, xlog, x - log, xlog, x — log, x log, x =0
Nhép vé tri vao may tinh Casio
125Q)5$i4$Q)$i6$Q)$pi2$Q)$i4$Q)$pi4$Q)$i6$Q)$pi6$Q)$i2$Q)
O] Math
409,041 109 D

Vi gia tri 1 xudt hién nhiéu nhat nén ta kiém tra xem 1 c6 phai 1a nghiém khong. Néu 1
la nghiém thi dap an ding chi ¢6 thé la A, C, D. Con néu 1 khong phai 1a nghiém thi
dap én chira 11a A, C, D sai dan dén B la dap 4n ding,

Ta str dung chire ndng CALC

rl=

Math

1091 ullug4 pllt
0

Viay 11a nghiém.
Ta tiép tuc kiém tra gia trj 12 ¢6 phai la nghiém khéng
rl2=

Math &

109=( ;)lngd(ﬁle
-4.971815308

Day 12 mot két qua khac 0 vay 12 khong phai la nghidm = Dép an C sai
Ti€p tuc ki€m tra gia tri 48 c6 phai 1a nghiém khéng
r48=

1035109, (01
0

Vay 48 langhiém ching to D 1a dap an chinh xac.

‘Céch tham khjo: T luin

Pitukién x>0

Truong hop 1: V6i x =1 thi log,0=1log,0=1log,x=0. Th& vao phuong trinh ban dau
th&y thoa man vy x =1 1a 1 nghiém.

Truong hop 2 'V01 x> O?x #1

1 1 1 1
= + +
log, 2.log, 4.1og 6 log 2.log 4 log 4.log 6 log, 6.log 2
< l=log, 6 +log, 4+log, 2

Phuong trinh <

< 1=log, 48

& x =48

VD2-{Thi HK1 THPT Lién Ha - Péng Anh nim 2017]

2x=2-m

Tép nghiém ctia phwong trinh 3.5 = =15 (m la tham sG) la:
A. {2mlog, 5} B. {2;m+log, 5} C. {2} D. {2:m -log, 5}
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: Gidi
% Céch 1;: CASIO
> be bai khoéng cho diéu kién rang bude ctia m nén ta chon mét gia tri m bat ki. Vidy
~m=5 Phuong trinh tré thanh: 35 21565 30 7 —1520
- Nhap phufdng trinh vao may tinh Casio

© 3°Q)pl§05"a2Q)p2pSRQ)p5H$p15

F| Math
ZHR=F=5

Cixg 75 -1

» Dap 4n nao cing cé 2 nén khong can kiém tra. Kiém tra nghiém x = mlog, 5=5log; 5.
r50(g5)Pg3))=

B
2525
qr-lyE A5

207771, 3033

Ra mdt két qua khac 0 = Pap an A sai

Math &

» Tuwong tw tranghiém x=m~log,5=5-1log,5
r5pg5)Pg3)=

2H-2-5

3?".-—1 %K = __1%

Math &

Ra két qua bing 0 vay = Dép an chinh xac1a D
+ Cach tham khao: Ty luin

f 2x~2-m 2x-2-m Zx—Z—m_ L‘Z

= Phuone trinh 375 =n =535 mm =35 5 on | =30 o 5em =32 (1)
8

-2

X
X—m

= Logarit hoa hai v& theo co 88 5. (1) & =(2-x)log,3

Truonghop 1: V6i 2-x=0¢&x=2

& x=m-log,5

Truong hop 2: —-1-—%=—log52 SX-m=
‘ X—m ) log, 2

VD3-[Chuyén Nguyén Thi Minh Khai Tp.HCM 2017] Goi x, va x, 1a 2 nghiém cta
phuong trinh 5% -8.5* +1=0 . Khido:
A x, +x,=1 B. x, +x,=-2 Cox,+x,=2 D. x, +x,=~1
Gidi
< Cach 1: CASIO SHOLVE+CALC
Nhap vé trai vao may tinh Casio. R6i nhan phim = d€ lwru lai phuong trinh =
5/ 2Q)+1$p805 Q)$+1

52H+ 1 ‘BKETH +1

Math A
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> Vi dap an khong cho 1 gia trj cu thé nén ta khéng thé st dung duoc cvire ning CALC
ma phai st dung chirc ning do nghiém SHIFT SOLVE. Ta do nghiém vd&i gia tri x gan
1 chdng han
qrl=

Vay 1la nghiém. Ta luu nghiém nay vao bién A r6i coi day la nghiém x,

qJz
ANS+H

0. 2365491779
# Tacod x, =A. Néu dap an A la x, +x, =1 dang thi x, =1-A phai la nghiém. Ta goi lai
phuong trinh ban dau rdi CALC véi gié tri 1- A
ErlpQz=

Math A

— E\ Math A
':.-IJ'_'.l"'|+ 1 _LIKEA o+ 1

2. 04020126
K&t qua ra khac 0 vay 1- 4 khoéng phai la nghiém hay dap 4n A sai
Tuong ty nhu vay ta CALC véi céc gid tri x, cta dap an B, C, D. Cudi cling ta thay gi4
tri ~1-4 langhiém. = Vay dap s8 chinh xacla D
rplpQz=

.. 0] Math A
5;-::*‘.+1 __B}:SH +1
1l
< Cach 2: CASIO 2 LAN SHIFT SOLVE

Nhép v€& trai vao may tinh Casio. Nhan niit d€ lwu vé trai lai r6i SHIFT SOLVE tm
nghiém thi nhat va lwu vao 4
5/2Q)+1$p805"Q)$+1=qrl=]z
8 Math 8 Math A&
52}“:+1 _8}{5}“:4_1 "_‘"-IS_}F:‘i
A= [1.2365491779
L-F= a U.2365491779
Goi lai v& trai. SHIFT SOLVE mot [an nita d& tim nghiém thi hai va lueu vao B
Eqrp2= gJx )
F] Math A
523-‘§+1 TBKSK +1
ﬁ= -1.2365491?%

Tacd A+B=-1
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. Phuong trinh <> 5 8t +1=0 < t= 4911 -

= Vay x, +x, =log;

4+\/1_1+10g54+\[1_1=10g [4+\/_][4+\[_] gslz—l
5 S5 5 5 °5
VD4-[Chuyén Vi Thanh — Hiu Giang 2017] Phuong trinh 9* —3.3* +2=0 ¢ hai nghiém
X%, (x,<x,). Gidtri A=2x, +3x, la:
A. 4log,2 B.1 C. 3log,2 D. 2log,3
Gidi |
% Cach 1: CASIO SHIFT SLOVE + CALC
» Nhap v& trai vao may tinh Casio roi nhédn nat dé luu phuong trinh
97Q)$p303"Q)$+2=

Math A

93342
0

» Vi chua biét 2 ddp 4n, ma 2 dap an vai tro khong binh déng trong quan hé ¢ dap an.
Nén ta phai stt dung do ca 2 nghiém vdi chirc nang SHIFT SOLVE 6 mute d6 kho hon.
D34u tién ta do nghiém trong khoang duong, chéng han chon X gan véi |
qrl=

=
9% —Fx 3 +2

A= D.BSD?EQ?ES%

Math &

Luu nghidm nay vao gia tri 4 ta duoc 1 nghiém.
gz

ANS+A
0, 6309297536

> Vi vita do vdi 1 gia tri duong 101 bay gio ta do nghiém trong khoang am, chang han
} chon X gan —2 Go1 la phuong trmh va do nghlem B ’
£

C] Math A

Math A

0
[-R= 0

Ta duoc 1 nghiém nita la 0.
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Vi 0<A nén x, =0;x, = A tacd 2x, +3x, =2.0+3.A =~ 1.8927 = 3log, 2
Vay dap s6 dung la C
< Cach 2: CASIO 2 LAN SHIFT SOLVE

Nhép vé trai vao may tinh Casio. Nhan nut d& heua vé trai lai roi SHIFT SOLVE tim
nghiém thir nhit va lvu vao A4

9"Q)$p303Q)$+2=qrl=qJz

9};_3}{3:";.}.2[3 Mm— HH' S @ Math A
£=_ 0.6309297536 )
L"H= |:| |:| El-"U:' ;: "b

Goi lai v& trai. SHIFT SOLVE mdt lan nita d& tim ng hiém thir hai va lueu vao B
Eqrpl=

GG a2
¢ = D
(= i

Tacd 24 +3B~1.8927=3log,2
% Cach tham khio: Tw ludn
* Dit 3=t khidé 9" =(3) =3 =(3) =0’

Math A

t=1
= Phuong trinh c>t2—3t+2=0c>[ ‘2.
t=
= Voit=lo3 =1ox=0
Véit=23" =2 x=log,2

Vay 2x, +3x, =2.0+3.log,2 =3log, 2

BAI TAP TU LUYEN
Bai 1-[Thi thir tinh Lim Pong - Ha N§i 2017] Giai phuong trinh 23! = g*~!
5 5
=2 =2 +417
A. V6 nghiém B.|* 72 c|*" 73 D. x=1 ;/—
x=2 x=2

Bai 2-[Chuyén Nguyén Thi Minh Khai 2017] Phuong trinh log, x + log, (x* ) = log, (4x)
A, {0;-2;2} B. {0;2} C. {-2:2} D. {2}
Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh (ﬁ» 1)x +(x/§+ 1)x -242=0 c6
tich cac nghiém la:
A0 B. -1 C 1 D 2 -
Bai 4-[THPT Nguyen Gia Thidu -HN 20171 TlCh cac nghlem clia phuong tnnh

(5+J2_4) +(5~Jﬁ) =101

AL i B 6 G4 DL |
Bai 5-[THPT Nguyén Gia Thiéu -HN 2017] Tdng cic nghiém cta phuong trinh
25" -2(3-x).5" +2x - 7=0lx:

Al B. 6 C.2 D. -9
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Bai 6-[THPT Pham Hoéng Thai -HN 2017] Phuong trinh log, (2x).log, (ij=2 c6 hai
ZUX
2
nghiém x;x, thoa man biéu thirc:
A xx,=-2 B. x1+xz:% C. x,xzzé D. x, +x,=-1

Bai 7-[THPT Pham Hong Thai -HN 2017] Tim tat ca cac gia tri cia m dé& phuong trinh
log; x —(m+2)log, x +3m-1=0 ¢6 2nghiém x x, =27

A.ng B. m=1 C. m=25 D.m=~2—3§

LOI GIAI BAI TAP TU LUYEN

* Phuong trinh e gl 2 Nhép vao may tinh Casio r6i k1em tra g1a trj x = 2 ?
2°2Q)dp4Q)+1$p8~Q)plr2= ' |

F] Math A

FuZ_ -
EEH 4H+1_Bh i
F(2 ):—6:> DapsoBvaCsal

+\/ﬁ N 7+\/ﬁ
4

s cs - 7
s Kiém tra gid tri x= L vaxs

r(7+s17))P4=1(7ps17))P4=

- F] Math & 2 @ Math &
P A |t - ; e
Ea_n 1 "—1-1’ »+ 1 __8{'. 1 2 [ ] ‘-1- + 1 HI T 1
0 I
= D la dap an chinh xac

Bai2
» Phuong trinh log, x + log, (x2 ) ~log, (4x)=0.

Nhép vao may tinh Casio r6i kiém tra gia tri x =0
123Q)$+12$Q)d$pi2$4Q)r0-
B M
Math ERROR

CAC]  Cancel
C4llel:GoOtO
* Khéng tinh dwoc (vi x=0 khong thude tap xac dinh) = Dap s6 A va B sai .
* Kiém tra gid tri x=-2= Van khéng tinh dugc = Dap s6 C sai = Tém lai dap so D
chinh xac '

.'rp2—
S
Mat h EFCFCI:IFC

Y
ol
|

TMath

CAC] :Cancel
C4lCel:GEOLO
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Bai 3

Nhédp phuong trinh (\/—2_—1)x +(\/—2_+1)! -22=0 vao may tinh Casio r6i dung churc
nang SHIFT SOLVE d€ do nghiém. Ta dugc 1 nghiém la 1
(s2$pl "Q)$+(s2$+l "Q)$p252qr2=

710" +({Z+1)¢ p
L = D

= Néu dap s6 A dung thi nghiém con lai 12 0. St dung chitc néing CALC dé& kiém tra. Ra
mot két qua khac 0= Dap s A sai
r0=

Math A

(fZ-1] +[f_+1|
2-202

* Tuong ty vay, kiém tra dap s8 B vdi gid tri x=-1 la nghiém= Dép s6 B chinh xac

lp] =
Math A

(F-1) (1)

0
Baid

= (5 + x/ﬁ)x +(5 - \/ﬁ)x —10=0. Nhép vé& trai vao may tinh Casio roi dung chic ning
SHIFT SOLVE d& do nghiém. Ta duoc 1 nghiém 1a 1
(5+524$)"Q)$+(5ps24$)"Q)$p10qr2=

(5+4‘_]“+[5 f_b
L R= D

* Tiép tuc SHIFT SOLVE mdt [4n niva d€ tim nghiém con lai = Nghiém con lai la x=-1
qrp2=
Math

[H+4° 1"+ (5= J"‘b
L R= D

= Dap s6 chinh x4c 1a A

Bais

= Phuong trinh 25" -2(3~x).5" +2x-7=0. Nhap v& trdi vao may tinh Casio rdi diing
chirc nang SHIFT SOLVE d€ do nghiém. Ta dugc 1 nghiém 1a 1
25"Q)$132(3PQ))05"Q)$+2Q)P7=qr1=

Math A

D5 0( G-I A1k
= 1
L-R= 0

* Tiép tuc SHIFT SOLVE mt lan nita d& tim nghiém con lai = Nghiém con lai la x =-1
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qrb=qrp5=

Math Math

%5}‘ 203- :?".:”{':f{"'al{' %H’{ 203~ J{JKE“WT
L-R= 0 L-R= 0

Khéng con nghiém nao ngoai 1 vdy phuong trinh cd nghiém duy nhiat = Dép s6
chinh xacla A
Bai6

LE "'Phuong trinh < log2 (2x) log1 (lj 250 Nhap ve tral Vao m
; X B

chitc nang SHIFT SOLVE de do nghlem Ta duoc 1 nghlem la 2 ! g e

12$2Q)$0i0. 5$a1RQ)$$p2qr1— o TR U e
1092 02%) 51000 g b
A= z
L-R= 0

* Tiép tuc SHIFT SOLVE moét [an nixa d€ tim nghiém con lai = Nghiém con lai la x = -1

qrp2=
109025 ¥1 00, |
A= {. 2
L-R=

R6 rang x,.x, :%: Pép s6 chinh xacla C

l._lf_il'la'v

Baiz , y L e e
D& dé& nhin ta dit an phy t=log, x. Phuong trinh < t* ~(m+2)t+3m-1=0 (1) -

Ta cor x,x, =27 <> 10g3(xlxz):log3 27 < log, X, +log, x, =3¢t +1,; =3 -
= Khi d6 phuong trinh bac hai (1) ¢6 2 nghiém thoa man t, +t, =3
- 2) - >0
. {A (m+2)’ -4Gm-1)>

S=t +1, =m+2= 3

7(Q)+2)dp4(3Q)p1)r1~ SR

Math &

cx+232—4t3x—13
1

Vay m=1 thdéa man hé phwong trinh ()= Dap s8 chinh xacla C
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T. CASIO TIM SO NGHIEM
PHUONG TRINH MU — LOGARIT (P1)

1) PHUONG PHAP SU DUNG MODE 7
Téng hop phuong phap
Budc 1: Chuyén PT vé dang Vé'trdi =0
Budc 2: Sir dung chive ning MODE 7 dé xét ldp bang gid tri ciia vé'trdi
Buwoc 3: Quan sdt va dinh gid: +) Néu F(o:) =0 thi a la 1 nghiém
+) Néu F(a).F(b)<0 thi PT c6 1 nghiém thugc (a;b)

2) Vi DU MINH HOA
VD1-[THPT Pham Hong Thai — Ha Néi 2017]

S8 nghiém ctia phuong trinh 6.4 -12.6°+6.9" =0 la:

A3 B.1 C.2 D.0

Gidi

% Cach 1: CASIO
> Khoi déng chite ning 1ap bang gid tri MODE 7 caa Casio r6i nhdp ham :

W7604°Q)$p1206°Q)$+609°Q)

C Math
f )= 4B +5x9
> Thiét 1ap mién gia tri cia X la: Start -9 End 10 Step 1
—p9=10=1=
May tinh cho ta bang gia tri:
]

|

o] Math
F)

0. |BBE

1]

B

9
10
]
Ta thay khi x =0 thl F(0)=0 vdy x =0 la nghiém.

> Tiép tuc quan sat bang gia tri F(X) nhung khéng c6 gié tri nao lam cho F(X)=0 hozc
khoang nao lam cho F(X) d6i ddu. Diéu nay ¢6 nghia x =0 la nghiém duy nhét

K&t ludn: Phrong trinh ban d4u ¢6 1 nghiém = Ta chon dép 4n B

% Cach tham khdo: Ty ludn

s Vi 9* >0 nén ta cé thé chia ca 2 v& cho 9*

X

Phuong trinh d3 cho <« 6.%; - 12.8—x+ 6=0

=<(i) (5] 0w

= Dt @) la t thi @-j =t .Khidé(l)<:>6[2——12t+6=0<:>6([—l)2=0c>t=1
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¢ Binh ludn: D€ st dung phuong phép Casio ma khong bi sét nghiém ta c6 thé st dung
vai thiét 1ap mién gia trj cia X d€ kiém tra. Ngoai Start -9 End 10 Step 1 ta c6 thé
thiét 1ap Start -4 End 5 Start 0.5
—pd=5=0.5=

Math

a

" F{da
-'H!' R
M| O.101

] ]

= I:] L] 5
Ta quan sat bang gia tri vin ¢4 1 nghiém x =0 duy nhat vay ta c6 thé yén tam hon vé lya
chon ctia minh.

e Theo cach ty ludn ta thdy cac s6 hang déu c6 dang béac 2. Vi du 4 :(2* )2 hodc
6 =2"3" vay ta biét day la phuong trinh dang déng cdp bac 2.

» Dang phuong trinh ddng c&p bac 2 1a phuong trinh cé dang ma’ +nab+ pb” =0 ta giai
bang cach chia cho b? rdi d4t &n phu Ia %:t

VD2-[Thi thit chuyén Thdi Binh [in 1 ndm 2017]
S6 nghiém ctia phuong trinh em(xj] =tanx trén doan [0;2x] la:
Al B. 2 C.3 D. 4

B i
¢ Cich1:CASIO

» Chuyén phuong trinh vé dang: esm(x_ZJ —tanx =0

Str dung chirc ndng MODE 7 véi thiét 1ap Start 0 End 27 Step 27—

qw4w7QK"jQ)paQKR4$)$plQ))==0=2qK=2qKP19=

F] Math ] Math
FCha F (X
sl | of st | PERER | -5e e
Y{ 0.992] =011 Bl l.5534| 4. 354
Gl l.32271-2. 121 T 1.9841 14,3039
0.8513579271 1.322775554
R} Math
u F ()
=§ 3. 5316 H.ggg
d, 229071558
JF:] Math
o F(H)
iy =-|. 584
15 TLEh|~11.54
I6lY. 360UIU. 3'1E|-|
g, 52971549

> Quan sat bang gia tii ta thay 3 khoang doi ddu nhuw trén:
£(0.6613).£(0.992) <0 = cb nghiém thudc khoang (0.6613;0.992)

v(1.3227)'.f(1.6634) <0 = c6 nghiém thudc khoang (1.3227;1.6534)
£(3.6376).£(3.9683) <0 = 6 nghiém thugc khoang (3.6376:3.9683)
£(4.6297).£(4.9604) <0 = c6 nghiém thudc khoang (4.6297;4.9604)

Ket ludn: Phuong trinh ban dau c6 4 nghiém = Ta chon dap an D
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< Binh luin:
* Débai yéu cau tim nghiém thudc [0;2n] nén Start =0 va End = 2=

2n-0
19

* May tinh Casio tinh dugc bang gia tri gom 19 gid tri nén budc nhay Step =
3%
VD3-[THPT Nhin Chinh - Ha N¢i 2017] Phuong trinh (V3 +V2)" =(V3-+2) 0 s6
nghiém am la:
A. 2 nghiém B. 3 nghiém C. 1 nghiém D. Khéng cé
Gidi
» Cach 1: CASIO

» Chuyén phuong trinh vé dang: {3 + 2 i S3-2) =0
yenp & 1)

Khéi dong chire nang lap bang gia trif MODE 7 ctia Casio r6i nhdp ham:

w7(s3$+s2$)"a3Q)RQ)+1$$p(s3%ps2$)"Q)
0]

fix=¢(3-/2)°

» Vi deé bai yéu cau nghiém 4m nén ta thiét 1ap mién gid tri ctia X la: Start -9 End 0
Step 0.5
==p9=0=0.5=
May tinh cho ta bang gia tri:

" F(E) Math
| 0| SRR | 90, B2
i -4 i
12l -3.5/E1.992

-4.5
Ta thay khi x =-4 thi F(-4)=0 vy x =~4 la nghiém.
> Ti€p tuc quan sat bang gia tri F(X) nhung khéng c6 gia tri ndo lam cho F(X)=0 hoic
khoang nao lam cho F(X) d&i d4u.
Diéu nay ¢ nghia x =-4 12 nghiém 4m duy nhat
Ké’trluén: Phuong trinh ban dau cé 1 nghiém dm = Ta chon dap én C
% Cach tham khio: Ty ludn

* Logarit hai vé& theo co s6 duong 3 +2
Ix . 3 X
Phurong trinh (\/§+ \/E)-“‘ .—-(\/5— \/E) < log s, 5 (\/5 + \/E)"' =log ;. 5 (ﬁ, \/5)

3x 3x 3 x=0
&= 1 3_ 2 ey T2 +I :O
x+1 Xogﬁ*ﬁ(\r \/~) ®x+l XQX(X+I j C{x+l:—3<:>x:—4

* x=-4 thoa man diéu kién. Vay ta cé x = -4 la nghiém am thoéa phwrong trinh

< Binh luin:

* Phuong trinh trén c6 2 co s§ khac nhau va s6 mi ¢6 nhan tit chung. Vay day la ddu
hi¢u ctia phirong phap Logarit hoa 2 vé

* Thuyc ra phuong trinh ¢ 2 nghiém x = 0;x = -4 nhung dé bai chi hoi nghiém 4m nén

ta chi chon nghiém x = -4 va chon dép 4n C 1a d4p an chinh xac.
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e Vi dé bai hoi nghiém am nén ta thiét 1ap mién gia tri cia x ciing thudéc mién am
(-9:0)

VD4-[THPT Yén Thé - Bic Giang 2017]
S8 nghiém ctia phuong trinh ( \/—) +7(3+\/—) =2 1a;

A.2 B. 0 C3 D.1

:> Chuyenphuongtrmhve dang ( \/_) +7(3+\/_) 2"” L .,j ,

 Khdi dong chtrc ndng lap bang gla tr1 MODE 7 cua Ca510 r01 nhap ham: | ‘
? .,,.w7(3ps5$)AQ)$+7(3+55$)AQ)$p2"Q)+3 | | -

Math

F(H)=4E) " - o+

> Thiét lap mién gia tri cia X la: Start -9 End 10 Step 1
==p9=10=1=
May tinh cho ta bang gia tri:
o}
FH)

ﬁ‘l ~1.354

o o
H2i.UlE

g
10
i

Ta thay khi x=0 thi F(0)=0 v4y x=0 langhiém.
» Tiép tuc quan sat bang gia tri F(X)

ey

-E

(W)
de YUy5
l.231
- -ﬂa

F
B . Y
1 s 1
B ] |

Ta lai thdy f(-3).f(-2) <0 vay gitta khoang (-3;-2) ton tai 1 nghiém
K&t ludn: Phuong trinh ban dau c6 2 nghlem => Ta chon dap an A
% Cachtham khdo: Ty ludn ‘

V2K >0 nén ta cb the chia ca: 2 ve cho 2%

Phuorngtrmhdacho @(3 2\/_) [3“/5]3—8:,0'»&.’, T R

2

Dt(} f] - h[“f] B

t

t
Khi d6 (1) c>t+7.1~8=0c>c2—8t+7:0c{
¢
s Vi t:l@[%} =lox=0

Véi t=7c>£~3-fé£] =7 x=log, 57
2
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Vay phuong trinh ban dau c¢6 2 nghiém x =0;x = log, 7
=
*+ Binh luin:
e Nhic lai mét [4n nita néu f(a).f(b) <0 thi phuong trinh ¢ nghiém thudc (a;b)

3+\/§ N 3—\/§
va
2 2

tao ra 2 dai lwong nay bing cch chia ca 2 v& ctia phirong trinh cho 2

¢ Tanhan thdy 2 dai lwgng nghich dao quen thudc

nén ta tim cach dé

VD 5: 56 nghiém cuia bat phuong trinh (2 + ﬁ)pzm + (2 - \/g)x.—zx_] = —2—~i\/~§ (1) la:

A0 B.2 C.3
Gidi
% Cach1: CASIO

> Chuyén bat phuong trinh (1) vé dang : (2 + \/g)x‘_zm + (2 - \/5)“2“[ L

» Nhap v& trdi vao may tinh Casio : F(X)= (2 + \/g)r_zm +(2 - \/g)x-"zx_l SO

(2+539)°Q)dp2Q)+1$+(2ps3$)"Q)dp2Q)plpadR2ps36$
> Thiét lap mién gia tri cho x vdi Start -9 End 9 Step 1
=p9=9=1=

May tinh Casio cho ta bang gia tri:
Math

Y

: =1
0

oi
F(R)
ruoug
119, |
1o ~Ta Uk

T
3
1}

Ta thdy f(-1).f(0) <0 vay phwong trinh ¢6 1 nghiém thudc (-1;0)

e

a

o
Fn)
-T. UEY

1]
-« UGN

1]
|
d

Tathdy f(1)=0 vdy x =1 la nghiém cta phurong trinh (1)

& Math
u F )
I
|0 e | | T

Lai thdy f(2).f(3) <0 vay phwong trinh c6 1 nghiém thudc (2;3)
> K&t ludn: Phuong trinh (1) c6 3 nghiém = Chon dap an C

BAI TAP TU LUYEN
Bai 1-[Chuyén Khoa hoc Ty nhién 2017] S8 nghiém ctia phuong trinh log(x ~1)" =2 Ia:

A2 B. | C.o D. Mét 56 khac
B——éi Z;ITHPT Luc_'Nge'm - Bic Giang 2017] ' ' o

S6 nghiém ctia phirong trinh (x -2) [logm (x2 ~5x+6)+ 1] =0 la ,
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Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh 32" 4 342 _ 32501

A. C6 ba nghiém thyc phan biét B. V6 nghiém
C. C6 hai nghiém thuc phan biét D. Cé b6n nghiém thuwe phan biét
1
Bai 4-[THPT HN Amsterdam 2017] Tim s6 nghiém ctia phweong trinh 2% +27* =3:
Al B.2
C.Vos6 D. Khéng c6 nghiém

Bai 5-[THPT Nhan Chinh - Ha N¢i 2017]
Cho phuong trinh 2log, x+log% (1 ~\/;) =%logﬁ(x —Zx/;+2). S6 nghiém ciia phuong
trinh la: '
A. 2 nghiém B. V6 s6 nghiém C.1nghiém D. V6 nghiém
Bai 6-[Thi HK1 chuyén Nguyén Du - Dic Lic nim 2017]
Tim s6 nghiém ctia phuong trinh log(x —2) =2logx + log 1 (x +4)
A3 B.2 C o0 D. 1

GAI BAI TAP TU LUYEN
Bai1l

» Phuong trinh < log(x—l)2 —2=0.50 dung chitc nang MODE 7 d€ tim s6 nghiém
v6i Start ~9 End 10 Step 1
w7g(Q)pl))od)ps2=p9=10=1=

F (H?

B

F (i)
5&: d. 1Ud IE* -0.01E
] ~Ui-0.016 11 1| O. 142
1 =31 ~D.2l g B10.2758

Ta thdy cd hai khoang d6i ddu = Phuong trinh ban du ¢6 2 nghiém
= Ala dap an chinh xac
iC ( ay: D@ tranh bo s6t ngh1ern ta thuong thir thém 1 hoac 2 14n nita v6i hai khoang Start

- End khac nhau Vi dy Start —29 End -10 Step 1 hogc Sart 11 End 30 Step 1. Ta thay
khéng c6 khoang déi dadu nao nira

'*7 = Chac &n hon véi 2 nghiém tim dwgc
Bai 2

>3
* Tim diéu kién ctia phuong trinh: x* ~5x+6>0 < [x 5
X<
WRI1111=p5=p==
Math
ACHBUA
A2y IR

. Phuong trinh (x— 2)[log05(x —5x+6)+1} 0.Vi diéu kién chia hai khoang nen ta

: S A
“MODE 7 hai [an. Lan thi nhat v6i Start -7 End 2 Step 0 5 ‘ o o

- w7(Q)p2)(i0.58Q)dp5Q)+68+1)—=p7=2=0.5=
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Math
F i)

J
1. 3603
i
~0. 101

1.5

Ta thay ¢6 1 nghiém x =1
L4n thit hai véi Start 3 End 12 Start 0.5

C=3=12=0.5=
] Math
by F(sa
2 g» 1225
E| i
y H.51-2.26"

Ta lai thdy cé nghiém x =4 = Phuong trinh c6 2 nghiém 1 va 4.
= Dap an chinh xacla D

Bai 3

* Phuong trinh ¢ 377277 43752 _32°-%1 _ =0 S dung MODE 7 véi Start -9 End 0
Step 0.5
w73*Q)dp2Q)p3$+3"Q)dp3Q)+2$p32Q)dp5Q)p1$p1==p9=0=0.5=
a | re |
16~ =|-105
11 |
18l -0.5151.B82

Ta thdy ¢6 1 nghiém x = -1
Tiép tuc MODE 7 v¢i Start 0 End 9 Step 0.5

=0=9=0.5=
[F] Math IR] Math
] F i) " F (i)
- l.2587 uy -0.236
E | 1] 5 - a
u IIE -DIEEE E EIE IIDEE” -
=
& Math
FLR)
B = 0324
1 0
| 3.51~B5E6.E

Ta lai thay c6 thém ba nghiém x =1;2;3 = Tdéng cdng 4 nghiém
= Dép anchinh xaclaD

Bai4

1
Phuong trinh < 20 +2% ~3=0 (diéu kién x 20). S&t dung MODE 7 v6i Start 0 End 4.5
Step 0.25

w72/a1RQ)$$+27sQ)$$p3==0=4.5=0.25=

Fan |
(| | R
2l m.25|14.41y
3| D.5|2.6325

Trén doan [0;4.5] khong c6 nghiém nao
Tiép tuc MODE 7 v6i Start 4.5 End 9 Step 0.25
C==4.5=9=0.25=
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Ba15 Phuongtrmh @210g2x+log,(l \/—)—llogJ—(x 2\/;+2) O(dleuklen 0<x<1)

|  “Su’ dung MODE 7 voi Start 0 End 1 Step- 0.1

Math

s

U. 15
5

I

[

3
4.5

Dy doan phuong trinh v6 nghiém. D& chic chin hon ta thir [an cudi v6i Start 9 End 28

Step 1

C=9=28~1=

B Math

Gia tri ciia F(X) luén ting dén + < = Phuong trinh v nghiém = Dap an chinh xac
la D

;

B 3w7212$Q)$+1a1R3$$1psQ)$$pa1R2$lsz$$Q)psz)$+z_-o—1 0.1=

Math

g T‘Eﬁn
0
Bl 0.7)0. 5821

Ta thay col nghlem duy nhat thuge khoang (0.6;0. 7) = Dap an chinh xacla C

Bai 6

= Phuong trinh < log(x - 2) ~2logx ~log ;5 (x +4)=0 (diéu kién x20).

St dung ‘MODE 7 v6i Start 0 End 4.5 Step 0.25

5 | W7g(Q)p2)d)p2gQ))pis1085Q)+4—0=4.5-0.25-

[F) Math
| * gl Erbor
e | o aan
E] 0-51-0.352

Trén doan {0;4.5] 6 1 nghiém
Tiép tuc MODE 7 véi Start 4.5 End 9 Step 0.25

C==4,5=9=0.25=
Foan |
(s | -5 s
3l 4. n5 | ~8a 358
3 5 |-g, 352

Trén khoang nay khong thu dugc nghiém nao. D& chic chan hon ta thtr lan cudi véi
Start 9 End 28 Step 1

C==9=08=1=
oA

|l | -5 g

alin |-, ueE

3 11l-2.528

Ciing khong thu duogc nghiém = Tém lai phuong trinh ¢6 nghiém duy nhat
= Pap an chinh xacla C
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T. CASIO XAC DINH NHANH SO NGHIEM
PHUONG TRINH VO Ti-MU-LOGARIT (P2)

1) PHUONG PHAP SU DUNG SHIFT SOLVE

Bai toan dit ra: Tim s8 nghiém ctia phuong trinh Vx +2x+1=x" =3x+1 ?
Xay dung phuong phap:

» Chuy@n bai toan vé dang vé trai = 0 khi d6 vx + V2x+1-x+3x-1=0
va dat f(X)Z\/;+ 2x +1-x* +3x~1

> Nhap vé& trai vao man hinh may tinh Casio
sQ)$+s2Q)+18pQ)d+3Q)p1
Stt dung chitc ndng do nghiém SHIFT SOLVE véi nghiém gan gia tri 3
qr3=
May tinh bao c6 nghiém x =4

» D€ tim ngluem ti€p theo ta tiép tuc str dung chuc nang SHIFT SOLVE, tuy nhién ciu

héi dwoc dit ra 1a ]Jam thé nao mdy tinh khong 13p lai gia tri nghiém x =4 vira im
dwoc?

+) D& tra 161 cau hoi nay ta phai triét tiéu nghiém x =4 ¢ phuong trinh f (x)=0 di bang

£
cach thiee hién 1 phép chia —(-’%
o

f
+) Sau d¢ ti€p tuc SHIFT SOLVE véi biéu thirc (x Z dé tim nghiém tiép theo.

+) Qud trinh nay lién tuc dén khi nao may tinh bao hét nghiém thi thoi.
Tong hop phuong phap
Buéc 1: Chuyen PT ¥¢ dang vé'trdi = 0
Buwéc 2: Stk dung chike nidng SHIFT SOLVE do nghi¢m
Budc 3: Khik nghiém di tim duwgc va tiép tuc sir dung SHIFT SOLVE dé'do nghiém
2) Vi DU MINH HOA
VD1-[THPT Pham Hong Thai - Ha Noi 2017]
S8 nghiém ctia phwong trinh 6.4* -12.6" + 6.9 =0 la:
A3 B.1 C.2 D.0O
Gidi
% Cach 1: CASIO
> Nhap v& trdi cia phurrong trinh 6.4* —12.6" +6.9" =0 vao may tinh Casio:
604"Q)$p1206"Q)$+609"Q)

Math

4475 -1 2%p™ +E,~~<9"q

» Sir dung chitc nang SHIFT SOLVE dé tim duwgc nghiém thit nhat:
qr2=
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Math

6><4K—12f<6x+6><9H
A= 0
L-R= 0

Ta thu dugc nghiém thir nhat x =0
> D& nghiém x=0 khéng xuét hién & lain do nghiém SHIFT SOLVE tiép theo ta chia
phuong trinh F(X) cho nhan ttx x

$(HPQ)
112K6K+6K9K] +h

Tiép tuc SHIFT SOLVE lan thit hai:

qrl=

[6%4“ 12K6K+6be
1 3i5=0

L —R=

107 ta hi€u 1a 0 (do cach lam tron ctia may tinh Casio) C6 nghia la may tinh khong
thdy nghiém nao ngoai nghiém x =0 nita = Phuong trinh chi c6 nghiém duy nhét.
= Dap s6 chinh xac1a B
VD2: S6 nghiém ctia bat phuong trinh 2+ :% (1) la:
A. 3 B.2 C.0 D. 4
e G :

.’ Cach 1 CASIO

3.0

> Ch »yen bat phucmg trmh (1) vé dang 2K

1
i

A A £ 7 \ x?-2x 3 s r ’ . A e A7) ~? ~
» Nhéap vé trai cia phuong trinh 2* 2 —5:0 vao may tinh Casio 16i nhat = dé€ lwu vé

trai vao mdy tinh. Do nghiém Ian th& nhit véi x gan -1
27Q)dp2Q)$pa3R2$= qrpl=

Math @ Math

KZ 2w _3 47T
2 H ¥=_ -0.758952938
L-R= 0

‘.';;'Ta duoc nghlem x= "0 2589

2R 3] (- 5?‘

> Tiép tuc SHIFT SOLVE véi x gan 1. Ta dugc nghiém thit hai va luu vao B
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q1=1=q]x

= 2.258952938

L-R= U

Goi lai phuong trinh ban déu roi thuee hién phép chia cho nhéin t x-B dé khu
nghiém B

EE$(”)P(Q)PQZ)P(Q)PQX)

Math A
&)+ i) (3-8
R6i do nghiém véi x gan 0
qr==

8 Math
Can’t Salwe

CAC] tCancel
[4]CelsGoto

May tinh nhan Can’t Solve titc la khong thé do dwoc nita (Hét nghiém)
» K&t ludn: Phuong trinh (1) ¢ 2 nghiém = Chon dap 4n B

VD3: S6 nghiém ctia b4t phuong trinh (2+\/—)x o (Z—ﬁ)xuzm :—4—\/5 1) la

A0 B.2 C.3 D.5
Gidi
*» Cach 1: CASIO

» Nhap vé trai phureong trinh (2 + \/—) o (2 —x/g)n'zm ——Z—ﬂﬁ =0 vao may tinh Casio,

nhan nit = d€ luu phuong trinh lai va do nghiém thi nhat.
(2+538)"Q)dp2Q)+1$+(2ps3$)"Q)dp2Q)p1§padR2psi=
qrl=

Math A

Lerdgs 0
A= |
L-R= 0
» Khit nghiém x =1 réi do nghiém thit hai.
qrl=$(1HP(Q)p1)qr3=
L LA+ )
A= 2.41421356%

Math &

Luu bién thit hai nay vao 4
qlz

ANS+A
2.414213562

» Khir nghiém x =1;x = 4 r6i do nghiém thtt ba. Luu nghiém nay vao B

F] Math A
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$(NPQPHP(Q)pQz)qr=pl=

terdas T pnesrp S
%= -0.414213562 ’
L-R= U -0. 4142150624

» Khir nghiém x =1;x = 4;x = B r6i do nghiém thi tu.
EEE$(!)P(Q)p1)P(Q)pQz)P(Q)pQx)qr—0=
7} Math
Can’t Solwve

CAC] rCancel
C41Cek]:GOtO

Hét nghiém = Phuong trinh (1) c6 3 nghiém = Chon dap an C
VD4-[Thi thit chuyén Théi Binh Idn 1 nim 2017]

S6 nghiém ctia phwong trinh esxn(r——) =tanx trén doan [0;27] la:
Al B. 2 C3 D. 4

Gidi

“ Cich1 ‘1-CASI(")' | |
> Chuyen phutorng trinh vé dang: esm(x_ZJ ~tanx =0. Do nghiém th nhat roi luu vao 4
OKQpagKRISSPIQ)=u2aKPA=gJz

Math & -1 Math &

e TV A Lantih AnsHh
a=  [,.7853981634

i
L-R= 0 Al
» Goi lai phrong trinh ban dau. Khitr nghiém x=4 hay x=% roi do nghiém thit hai.

Luu nghiém tim dwge vao B
E$(1)P(Q)pQz)qr=2qKP4=
F] Math A&

le Y % —tame
K= 22, ??6546?3

Ra mét gia tri ndm ngoai khoang [0;2n] = Ta phai quay lai phwong phap 1 ding
MODE 7 thi méi xt ly dwgce. Vay ta 6 kinh nghiém khi dé bai yéu cau tim nghiém
trén mién [o;B] thi ta chon phuong phap 14p bang gia tri MODE 7
3x
VD5-[THPT Nhan Chinh — Ha Néi 2017] Phuong trinh (V3 ++42)" =(V3-+2) c6 58

nghiém am la:

A2 nghiém B. 3 nghiém C. 1 nghiém D. Khong cé
— G e
w“ Cach 1: CASIO ,
i> Nhap ve tra1 phueong trinh: (\/3 ++2 )‘ B (\/_ V2 ) =0, luu phueong trinh, do nghiém
thtr nhat w7(s3$+52$)"a3Q)RQ)+1$$p(s3$p52$)’\Q)
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Math A
P .
[ {3+42) = —[.-J'E—%Ur-f
L R= 0
» Goi lai phwong trinh, khir nghiém x =0 r6i do nghiém thit hai. Luu nghiém nay vao
bién A

L(f5+12) ':‘TE fnssn

E$()PQ)qrpl0-qjz L—R= 0 -2
> Khtt hai nghiém x = 0;x = 4 r6i do nghiém thit ba.
E$(“)PQ)P(Q)+2)qrp10=

L(f—ﬂ'_l“ ‘—I’f—
L H— ®in~

Ta hi€u 107 =0 tic 12 may tinh khong do thém dugce nghiém nao khéac 0
= Phuong trinh chi ¢d 1 nghiém 4m x = -2 (nghiém x =0 khdng thoa)
= Tachondap an C

VD6-[THPT Yén Thé - Bac Giang 2017]
S6 nghiém ctia phuong trinh (3 -5 )X +7 (3 ++/5 )‘\' =2 la:
A2 B. 0 C.3 D. 1

Gidi

% Cach 1: CASIO

» Nhép v€ trai phuong trinh: (3 -5 )x + 7(3 ++/5 )x ~2™ =0 vao mday tinh Casio, luu
phuong trinh, do nghiém thé nhat . Ta thu dwgc nghigm x =0
(3PS5$)"Q)$+7(3+S5$)"Q)$p2AQ)+3=qﬂ=

[3 4'_)“+?E3+4'_t>
L R= D

» Khit nghiém x=0 10i tiép tuc do nghiém th hai. Luu nghiém tha hai vao A
$(1HPQ)qri=qlz

L(3- r:nagftmﬁ anssh
- 0 -2, 021885215

» Goi lai phuong trinh, khit nghiém x = 0;x = 4 r6i do nghiém tht ba.
EE$(”)PQ)P(Q)PQZ) f=P2=

L(E J_)“‘+?(3+J_t>
L R=

Khéng cé nghiém thit ba = Ta chon dap an A
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BAI TAP TU LUYEN

ijal 1- [Chuyen Khoa hoc Tlr nhlen 2017] So nghlern cliia phucmg trmh log (x 1) f LA -

A.2 v B. 1 o Co | DMotsokhacf'
Bai 2-[THPT Luc Ngan - Bac Giang 2017]

58 nghiém ctia phurong trinh (x ——2)[10{;05 (x* —5x+ 6)+ 1] 0 la , , ;

AL . B3 e CO0 . D2
Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh 3% 1 332 _ 32651 |
A. C6 ba nghiém thyre phan biét B. V6 nghiém
C. C6 hai nghiém thic phan biét D. C6 bén nghiém thie phan biét
Bai 4-[THPT HN Amsterdam 2017] Tim s8 nghiém ctia phuong trinh 2% 125 =3
Al B.2
C. Vo6 D. Khéng c6 nghiém

Bai 5-[THPT Nhin Chinh - Ha N6i 2017]
Cho phuong trinh 2log, x + log, (l —\&) =%logﬁ (x 72\/;+2)_ S6 nghiém ctia phuong
trinh la:
A. 2 nghiém B. V6 s6 nghiém C. 1 nghiém D. V6 nghiém
Bai 6-IThi HK1 chuyén Nguyén Du - Pic Lic nim 2017]
Tim s6 nghiém ctia phuong trinh log(x -2)° =2logx + log = (x +4)
A3 B.2 Co D.1

GIAI BAI TAP TU LUYEN
Bai 1
" Do nghi¢ém thit nhat ctia phirong trinh log(x~1)° =v2 =0 r6i lu vao bién A4
g(Q)pl)d)p52=qr1=qu
Math A O} Math A
lngEE?{ 1)2) 4'— AnS+A
A= 09456

L-k= D -4, 09456117

* Khir nghiém thit nhdt x=4 16i do nghiém thit hai. Lwu nghiém tht hai vio B
EE$(”)P(Q)pQZ)qr—5 qu N

EIDQEE?: 12) 7% ansep
6.09456117
k- 0 6.0956117

* Khirnghiém x = A;x = B 16i do ngh1ern thit ba.
EEES(!)P(QpQz)P(Q)pQx)qr=p5=
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@ Math A
Ennfinue'[ ]

= 009?4?5
L-R= 1.?1 81451

Khéng c6 nghiém tha 3 = A
Bai 2

l:ll l_'T'-
|1'-CI".

A la dap an chinh xac

Do nghiém thtr nhét cia phuong trinh (x - 2)[]0;;U5 (A’ ~5x+ 6) + I} =0
(Q)pZ)(iO.5$Q)dp5Q)+6$+l )=qr2.5=

'_ N @ M.“_," A
21| 109y, glast
;_

1
L-R= 0

Ta dugc nghiém thir nhat x =1. Khit nghiém nay va tién hanh do nghiém thi hai
$(DHPQp1)qrs=
Math &

| (%-2)1 109, gLib

= 4
L-R= 0
Ta dugc thém nghiém thit hai x=4. Khit hai nghiém x=1Lx=4 va tién hanh do
nghiém thit ba.

P(Q)p4)grpl=

. D] Math &
Continue: [=]

A= -9, 02466013
L-R=9. 645845513

Khdng cé nghiém thit ba = Dap s6 chinh xac1a D
Bai3

* Do nghiém thi nhat ctia phwong trinh 3

W23 3x2—3,\'+2 ~32¢-51 12
3"Qdp2Q)p3$+3"Q)dp3Q)+26p3"20)dp5Qp18p1=qrl= |
Sr-. LR -3 3?‘:"'; 'M:%r‘l}
A= 1
L-R=

0

Ta thdy ¢6 1 nghiém x =1

= Khitnghiém x =1 r6i tiép tuc do nghiém thi hai
$(HPQpl)qrs=

e —ZH—5 s =]

i= 3
L-R= 0

* Tathu dugc nghiém x = 3. Khit hai nghiém trén r6i tiép tuc do nghiém thit ba
'IPQ)p3)qr5=
ath A
Lqu—ZH 3+3H

=
[-R=

CIMV
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= Tathu dugc nghiém x = 2. Khtt ba nghiém trén r6i tiép tuc do nghiém thi tu
'P(Q)p2)qr pl=
Hi—ZH-F  rdot
| 3Ae AT R =T
A= -1
|L-R= 0
* Ta thu dugc nghiém x = ~1. Khit bdn nghiém trén roi tiép tuc do nghiém th& ndm
IP(Q)+1)qrp3=
C
Can’t Solwe

CAC] 1Cancel
C4]Cel:G0to

Khéng c6 nghiém thtt ndm = Dap an chmh xaclaD
Baid :

Math

. Do nghlem thiz nhét caa phueong trmh = 2* + 2J— 3 ;
‘ 2’\a1RQ)$$+2’\sQ)$$p3qr1-—

Math

can’t SDIUE‘

CAC] tCancel
C4lCel:Goto

Thiy ngay phuong trinh v6 nghiém = Dap an chinh xacla D
Bai5
= Do nghiém th nhit ctia phuong trinh

<:>2log2x+logl(1—\/;)—%logﬁ(x—zx/;+2):0 (x> 0). Luu nghiém thit nhat vao 4
3

2i2$Q)$+ialR3$$1psQ)$$palR2$is2$$Q)p2sQ)$+2=qrl=q]z

- @ %ath ANS A 8 Math &
A= [.6243504652
L-R= 0 0. 6243684652
= Khi nghiém x = 4 roi do nghiém thit hai
MPQ)pQz)qr=3=

D] Math
Can’t Solwe

(=] sCancel
C4llel:G0oto

Khong o nghlem thiz ha1 = Dap an chinh xacla C
Ba1 6 R O

= Do nghig¢m: thu nhat cha phueong trmh log(x 2) ~—210gx log\,- (x  : 4)-

nghi¢m nay vao A v i
g(Q)p2)d)p2gQ))p1s10$$Q)+4—qr2— qu et
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o] Math A

ANS+H

0.3722813235
* Khtrnghiém x = 4 va tiép tuc do nghiém thi hai:
EEE$(11)P(Q)pQz)qr=5=
O]
Continue: [=]

A= 2.894752wpl=
L-R=-9, 30066:g5l=

Khong c6 nghiém thit hai = Dap s6 chinh xacla D

109 L A= 0= =210
A= D are2E132

CE
27
e
U

Math A

T. CASIO GIAI NHANH BAT PHUONG TRINH
MU - LOGARIT (P1)

1) PHUONG PHAP 1: CALC THEO CHIEU THUAN

Buéc 1: Chuyén bai toan bt phuong trinh vé bai toan xét d&u bing cich chuyén hét cac

58 hang vé v& trai. Khi d6 bat phwong trinh sé c6 dang vé tréi > 0 hofic vé tréi < 0

Buéc 2: St dung chitc nang CALC ctia may tinh Casio d& xét dau cac khoang nghiém tix
d6 1t ra d4p s§ dlng nhat cia bai toan.

CALC THUAN c6 ndi dung: N&u bit phuong trinh cé nglnem tap nghiém la khoang
(a;b) thi bat phwong trinh ding voi moi gié tri thudc khoang (a;b).

* Chil 4: Néu khoang (a;b) va (c,d) cing thoa man ma (a,b)=(c,d) thi (c,d) la dap an
chinh xac
Vi du minh hoa

VD1-[Chuyén Khoa hoc Tw nhién 2017 ] Bat phuong trinh log, (log_, 2 +11)>O cd tap
L X —

nghiém la:
A, (-o5;-2) B. (4;+)
C. (-2:1)u(L;4) D. (—o-2)U(4;+x)

Gidi
*» Cach 1: CASIO
» Nhap vé trai vao méy tinh Casio 1alR2$$i3$a2Q)+1RQ)p1

Math

log 1 [ ].Dgg[ 2?‘§+1:=

z
» Kiém tra tinh ding sai ctia dap 4an A

b

&

+) CALC véi gia tri cln trén X =-2-0.1 ta dugc
rp2p0.1=
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- Bat phucmg trinh < log;, [log3 2x
‘ 2 x
g 2

“Vico sc‘f% thude (0;1) nén (1) < log, 2%+

Math A

1991[1093["'““ b
5.112841081

Day la 1 gia trj dwong vay cén trén thoa
+) CALC v6i gi tri can duwdi X =-10°
rpl0”5)=

Math &

lﬂglllﬂggl +11__P:
0.6644?99282

Déay la 1 gia tri duong vay cin dudi thoa

Té6i day ta két luan dap an A diung
Twong tw nhw vay ta ki€m tra tinh ding sai ctia dap an B thi ta thdy B cling dung
A ding B ding vay AU Bla ding nhét va D 1a dap an chinh xac

“Cach tham khio: Ty luin

+1j>log,]‘ 1. -
LA

ll <l e log, 2% +ll <log,3 (2)
X -—

Vi co s6 3>lnen(2)<:>2X+1<’:1<:>3——21(~+~1>O<:>x 4>O<:> .
X — x-—-1 X~ x<1
Xét diéu kién ton tai
2x+1>O 2x+1>O - . .
x-1 =1 x-1 PN SRS I RSN ) PN
2x+1 2x+1 x—1 x—1 Xx<—=2
log, >0 log, >log, 1
Tx—1 T X1 ’
. , o a X4 >1 >4
Két hgp dap s6 * va diéu kién x ta duoc x
(X<l X<-2 X<-2

Biehldn
Ngay vi du 1 da cho ching ta thdy sitc manh ctia Casio d6i voi dang bai bat phuong
trinh.-Néu tu lugn lam nhanh mét 2 phut thi lam Casio chi mat 30 giay

A \ A 2 A OIN 1N ¢ o 4 Y AL -

Trong tw ludn nhiéu ban thirdng hay sai Iam & cho la lam ra dap s6 [x >1 la dimg lai
X<
S A a —_ a1 [X>]
ma quén mat viéc phai két hop diéu kién [ -
x - -

Cach Casio thi cac ban chi1 y ddp 4n A dung, dap an B dung thi dap an hgp cta chung
la dap an D mdi la ddp an chinh xac cua bai toan.

VD2-[Chuyén Thai Binh 2017 ] Giai b4t phuong trinh PR A

A. xe(—oc;—2)u(log2 5;+ o) B. xe(—06;~2]u(log2 54 oc)
C. xe(-olog, 5-2)U(2+x) D. xe(-x;log, 5-2]u[2;+ )
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*
e

;

\%

v

v

Giai
Cich 1: CASIO

Chuyén bat phuong trinh vé bai toan xét ddu 28 =52 20
Vi bét phuong trinh ¢ d&u = nén chiing ta chi chon dap an chira ddu =do d6 Ava C
loai
Nhap v& trai vao may tinh Casio
2°Q)dp4$p5°Q)p2
- EF Math

EH‘_ -4 _5."-’.—.&
Kiém tra tinh diing sai ciia dap 4n B va D
+) CALC voi gid tri cn trén X = -2 ta duogc

rp2=
N ) Math &
2.'”.-"5 -4 _5.'“:—-2
Szd
&25
+) CALC véi gid trj cAn dwdi X =—10°
rpl0°5)=

Math

m
Math ERROR
CAC] :Cancel
C41Lel:G0t0

S6 -10° 1a s6 qua nho d& may tinh Casio lam viéc dwoc véy ta chon lai can dwdi X =-10

lrpl0=

a Math A

2H2-4_5H—2
Y. 922816251 5028

Day cling 1a mét gia tri duwong véy dap an nira khoang (— oc;-—2] nhin
Di kiém tra xem khoang twong ting (-;log, 5-2] & dap 4an D xem c6 diang khong,
néu sai thi chi c6 B 1a dung
+) CALC véi gia tri can dudi X =log, 5-2
th5)Ph2)= o
m Math &

2H2—4_5x—2

0. 9443665781
+) CALC véi can trén X =10
rpl0=
Math A

o]
oRZ -4 _pi-2

7.92281625 15028

Day cling 1a 2 gia tri dwong vay nira khoang (-;log, 5-2] nhan



» Vintra khoang (- oc;log, 5~-2] chita nita khoang (- «;-2] vdy dép an D 1a dap an dang
nhat
<% Céch tham khdo: Ty ludn

= Logarit hda 2 v& theo co s8 2 ta dugc log, (2*:'“ ) >log, (5“2) o x?—42(x-2)log,5

X212
<:>(x—2)(x+2—logz5)20<:>L(S10825“2

. Vay ta chon dap anD

% Binh luan: ‘
. Bai toan nay lai thé hién nhugc diém cta Casio 1a bdm may sé mat tam 1.5 phuit so voi

30 glay ctia ty lun. Cac e tham Kkhao va rit cho minh kinh nghi¢m khi nao thi lam th

| luan khi nao thi lam theo cach Casio
. Céc tiz ludn tac gia dung phieong phéap Logarit hoa 2 vé vi trong bai toan xuét h1en dac
: diém “ ¢6 2 co s6 khac nhau va so mii c6 nhan tir chung” cac ban luu y didunay -
VD3 [Thi HSG tinh Ninh Binh 20171

Tim tap nghiém S ctia bat phuong trinh 2.2* +3.3" - 6" +1>0:

A. S=(2;+x) B. S=(0;2) C.S=R D. (- =:2)

Gidi

% Cach 1: CASIO
» Nhap vé trai vao méy tinh Casio 202°Q)$+303°Q)$p6"Q)$+1

Math

2K2H+3K3H B +11

» Kiém tra tinh Dung Sai ctia dap an A
+) CALC véi gid tri can trén X =10 ta duogc
r10=

Math A

03 4313 67+
- 60286980

~ Daylalgiatriam vay dap 4n A loai din dén C sai

> "Tueong te nhu Vay ta ki€m tra tinh dting sai ctia dap an B
*) CALC véi gla trj cén trén X = 2-0.1 :

“Math &

EKEH+3K3H 6H+1
2. 060625473

+) CALC véi gia tri can ditoi X =0+0.1
r0+0.1=

Math &

2x2*‘*‘+3><3H 55 +1
5. 2795685248

Ca 2 gia tri nay déu duong vay dap an B dung
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» ViD chita B nén d€ xem dép an nao ding nhat thi ta chon 1 gia tri thuéc D ma khéng B
+) CALC véi gia tri X = -2

rp2=
B a4
2B F 6 ]
55
35

Gia tri nay cting nhan vay D la dap an chinh xac
% Cach tham khdo: Ty luin

» Bat phuong trinh < 22° +3.3 +1>6 @2.(3J +3.(3J +(1J >1

@2.(%jx +3.(~;—Jx +(%Jx >1 (1)

= Dt f(x)=2.(~%)x +3.GJX +(%) khi d6 (1) < £(x)>£(2) (2)

= Taco f'(x)= 2.(1Jx ln(lJ + 3.(1Jx ln(lj + (le ln[lJ <0 véimoi x
3 3 2 2 6 6
= Ham s8 f(x) nghich bién trén R

= Khidd(2) o x<2

% Binh luin:

o Tiép tuc nhic nhé cac ban tinh chat quan trong ctia bat phuwong trinh: B 1a dép an
dung nhung D méi la dap 4n chinh xac (dtng nhat)

e Phén ty luan tac gia dung phuong phap ham s8 v6i ddu higu “Mét bat phwong trinh
¢6 3 56 hang v6i 3 co s§ khac nhau”

° Noi dung ctia phuong phap ham s6 nhuw sau: Cho mdt bat phuwong trinh dang
f(u)>f(v) trén mién [a;b] néu ham dai dién f(t) dong bién trén [a;b] thi u>v con
ham dai dién luén nghich bién trén [a;b] thi u<v

2) Phuwong phap 2 : CALC theo chiéu nghich

Budc 1: Chuyén bai todn bat phuong trinh vé bai toan xét ddu bing cach chuyén hét cac
s6 hang vé v& trai. Khi d6 bat phuong trinh sé ¢6 dang v& trdi >0 hoiic v& trai <0

Budc 2: St dung chitc nang CALC ctia may tinh Casio d€ xét ddu céc khoang nghiém tir
d6 rat ra ddp s6 dung nhét ciia bai toén .

CALC NGHICH c6 néi dung : Néu bdt phuong trinh co nghiém tap nghiém 1a khoang
(a;b) thi bat phwrong trinh sai véi moi gia tri khong thudc khoang (a;b)

Vi du minh hoa

VD1-[Chuyén Khoa hoc Ty nhién 2017 | Bat phwong trinh log, (log3 2 +11] >0 co tap
1 X
2
nghiém la:
A. (’ OC;-—2) B. (4;+ oc)
C. (-2:1)u(L;4) D. (—ot;—2)u(4;+ )
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Gidi
% Cach 1: CASIO
» Nhap vé trai vao méy tinh Casio ialR2$$i3$a2Q)+1RQ)pl

Math

logy [1093[ ZHitLy

Zz

> Kiém tra tinh ding sai ctia dap an A
+) CALC véi gia tri ngoai can trénX =-2+0.1 ta duoc
rp2+0.1=
&
Math ERROR

CAC] 1Cancel
C41Ck1:GOTO

Vay 14n can phai ctia -2 1a vi pham = Dap an A dung va dap an C sai

Math

> Kiém tra tinh dung sai ctia dap &n B
+) CALC vdi gia tri ngoai can trén X =4 -0.1 ta duogc
'r4p0.1=

1091[1093[‘”*1* b

~ .

—0.01493060966

Day la gia tri Am. Vay 14n cn traii cia 4 12 vi pham = Pap an B dung va dap an C sai

> Pap an A ding B ding vay ta chon hop ctia 2 dap an la ddp an D chinh xac.
VD2-[Chuyén Théi Binh 2017 | Gidi bat phuong trinh 2 2 5*:

A. xe(-ox;-2)u(log, 5;+ o) B. x € (- ;2] u(log, 5+ )

C. xe(-ux;log, 5-2)u(2:+x) D. xe( xlogZS 2] [2 +OC)

Gidi
% Cach 1: CASIO
> Chuyén bat phurrong trmh ve bai todn xét dau i 5"'2 > 0

. ‘
> Vibat phu’ong trinh ¢6 d&u =nén Chung ta chi Chon dap an chua dau do dé Ava C
. loai

> Nhap vé tra1 Vao may | tmh Casio »
27Q)dp4$p5"Q)p2
[c]

EHZ -4 _gx-d

Math

» Kiém tra tinh ding sai ctia dap an B
+)CALC véi gid tri ngoai can trén~2 la X =-2+0.1 ta dugc
rp2+0.1=

o] Math A

Exi—d_Sx—z

0.7612502142

Day la 1 gia tri duwong (thoa dé bai) ma dap an B khong chita X =-2+0.1 = Dap an B sai
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» Dap an A, C, B déu sai vay khoéng can thir thém cling biét dap 4n D chinh xéc
VD3-[Thi HSG tinh Ninh Binh 2017 1

Tim tap nghiém S cuia bat phuong trinh 2.2* +3.3" ~6* +1>0:

A. S=(2+x) B. $=(0;2) C.S=R D. (-2)

Giai
*» Cach 1: CASIO
» Nhép v trai vao may tinh Casio 2027Q)$+303"Q)$p6~Q)$+1
o] Math
R e C B |

» Kiém tra tinh Dtng Sai ctia dap an A

+) CALC vdi gié tri ngoai cdn dudi 2 ta chon X =2-0.1

r2p0.1=

Math &

2x2P 43T -6 4]

2. 560625473
bay la 1 gia tri duwong (thoa b4t phuong trinh) vay dap 4n A sai din déh dap an C sai
Tuong tw nhu vay ta kiém tra tinh Dung Sai ctia dap an B
+) CALC véi gid tri ngoai cin dwdi 0 ta chon X = 0-0.1
r0p0.1=

A

Math &

BRO+ 3 4]
4717982561

bay la 1 gia tri duwong (thoa bat phuong trinh) = DPap 4n B sai
> Dap an A, C, B déu sai vay khong can the thém cling biét ddp dn D chinh xac

BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Su pham Ha Néi [4n 1 nim 2017 1

B&t phuong trinh In[ (x = 1)(x ~2)(x=3)+1]>0 c6 tap nghiém la:

A. (I;Z)u(3;+ o) B. (1;2)m(3;+ oc) C (- oc;l)m(2;3) D. (- oc;l)u(2;3)
Bai 2-[THPT Lwong Thé Vinh - Ha Noi 2017 ]

Tép xéc dinh cttia ham s6 y =- flog, (x-1)-1 Ia:
2
3 . 3
A. [1;+ o) B. (1;5] C (L+ o) D. [5;+ oc)

Bai 3-[Chuyén Khoa hoc tu nhién 2017 ]

Nghi¢m cta bat phurong trinh log, (x> +x - 6)>1 la:

A x>1 B. x>+/5 ' C.x>Lx#2 D.l<x<5,x22
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Bal 4- [Chuyen Nguyen Thl Mmh Khal 2017 ]

" a9 el e
i- G1a1 bat phuong trmh (tan;) —(taﬂgj& S e

A x<—2 f-Jf" ET T R R
: C p<x<a D. x<—2 hoac X :

Bal 5-[THPT HN Amsterdam 2017] Bt phuwong trinh 2¢ 3x <1 ¢o bao nhiéu nghiém
nguyeén:
Al B. V& s0 C.0 D.2

Bai 6-[Thi thit Bio Toan hoc tudi tré I4in 4 nim 2017 1 Tap nghiém ctia bt phuong trinh
32.4* —18.2" +1<0 la tdp con cta tap
A. (-5-2) B. (-4:0) C. (1;4) D. (-31)

LOI GIAI BAI TAP TU LUYEN
Bail
% Casio cach 1
« Kiém tra khoang nghidm (1;2) véi can dudi X=1+0.1 vacén trén X=2-0.1

h(Q)p1)(Q)pZ)(Q)p3)+1)r1+0 1=r2p0.1=
Math &

Int(x-13Ck- ~230%p  Inl(x- 13CR-200Kp
0. 1573580846 0.09440067542

Hai can déu nhan = (1;2) nhan
= Kiém tra khoang nghiém (3:+ ) v6i can dudi X=3+0.1 va can trén X =10

EE$(”)P(Q)pQZ)qr—5"CI] X
Math A

InCCR-130%- ~030%e  InCCH- LICH-20 AP
0.2078268472 b2. 1697375

Hai can déu nhan = (3;+ ) nhén
Tém lai hop ctia hai khoang trén la ding = A la dap 50 chinh xac
% Casio cach 2
s Kifm tra khoang nghiém(1;2) véi ngoai can dudi X=1-0.1 va ngoai cin trén
X=2+0.1
h(Q)Pl)(Q)Pz)(Q)P3)+1)r1+O 1=r2p0.1=
Math &

Int(x-13Ci- —230Rp InCCK- 13 (R-2) Chp
-0. 2626643095 -0, 1042500214

Hai can ngoai khoang (1;2) déu vi pham = Khoang (1;2) thoa

= Kiém tra khoang (3:+«) v&ingoai can dudi X =3-0.1va trong can dwdi (vi khong co
can {rén)
r3p0.1=r3+0.1=

128



Math A 41

INECH-130%-270 Kb LnCH-17(a-2
-0. 1875361238 0. 2073268472

Ngoai can dudi vi pham, trong can dudi thoa man = Khoang (3:+ ) nhan
Tom lai hop cta hai khoang trén la ding = A 1a ddp s6 chinh xac

Bai 2 ‘

= Diéu kién: log,;(x~1)~120 (trong cdn >0)

* Ki€m tra khoang nghiém [;+«) v6i can dudi X =1 va cén trén 10
i0.55Q)p1$p1ri=
D]
Math ERROR

Math

Chcl :Cancel
C«JCel:Goto

Cén dudi vi pham = Ddp an A sai
At Kl A 3 ) ~ I8 A\ ey A
* Kiém tra khoang nghiém {1;5} véican duedi X =1+0.1 va cin trén X =3

1r1+0.1=r3P2=
Math A

1095, s0%-10-1  109g.s(¥-10-1
2. 971923095 0

Hai c4n déu nhan :>[ 2} nhén

= Kiém tra khoang nghiém (I;+cc) véi can trén X =10’ = Can trén bi vi pham = C sai
= D sai
r1079)=

Math &

O]
1095, g(8-12-1
-al. 39735285
Toém lai A la dap s6 chinh xac
# Casio cich2
® Dap an A sai lu6n vi cdn x =1 khéng thoa man diéu kién ham logarit

= Kiém tra khoang nghiém [l;—ﬂ véi ngoai can dwdi X=1-0.1 va ngoai can trén

X=—3-+0.l
i0.58Q)p1$plrlp0.1=

Math &

O] Math o]
Math ERROR 1095, slX-1)-1
[AC] :Cancel

[41Ce]:GOLO -1.584962501

Ngoai hai cdn déu vi pham = [1;%} nhan
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Honntta X = % +0.1 vi pham = Cva D loai ludén
Bai 3
% Casio cach 1
= Chuyén bét phuong trinh vé dang xét ddu log, (x2 +x- 6) ~-1>0

= Kiém tra khoang nghiém x >1 véi can dudi X =1+0.1 va can trén X =10’
iQ)p1$Q)d+Q)p6r1+0.1=!r1079)=
Math &

o] Math
Math ERROR 100y (%2 +;{ -5)

CAC] rCancel
[41C®1:GOL0O 2

Can dwéi vi pham = A sai = Cva D chta can dudéi X =1+01.vi pham nén cling sai
Tém lai dap s6 chinh xac la B
% Casio cach 2
= Kiém tra khoang nghiém (1;2) voingoai can dudi X =1-0.1 va cdn dudi X =1+0.1
h(Q)p1)(Q)p2)}(Q)p3)+1)r1+0.1=r2p0.1=
® Math =
Math ERROR Math ERROR

Math

CACI] s Cancel CAC] sCancel
C«1Clp]l:Eoto Ce4lCel:GSoto
Can duwdi X=1+0.1 vi phamnén A, C, D déu sai
Biid . L

* Casio cich 1
| ' Xt —x=9 X=1

= Kiém tra khodng nghiém x <-2 véi cn dudi X =-10 vacan trén X =-2
qwdlagKR7$)"Q)dpQ)p9$plagKR7$)"Q)p1rpl0=rp2=
= F] Math & = IF] Math &
nyEE—R= nyHe—A-e
tan( 2] ~t:b tan(Z) b
-3095, 2540587 0

Hai can déu nhan = x <-2 nhan = Dap s8 chinh xac chi ¢ thé'1a A hodc D

= Kiém tra khoang nghiém x =4 véi cdn dudi X =4 vacantrén X=10
rd=r10=
E—Z_anm A l';-;_gMath A
tan[Z]" ~tb tan(Z)” ~tib
0 -1.393067967xi>
Hai can déu nhan = x >4 nhin
Tém lai dap s6 chinh xacla D
% Casio cach 2
Kiém tra khoang nghiém x <-2 v§ingoai can trén X =-2+0.1 va can trén X =-2
qw4lagKR7%)"Q)dpQ)p9$plaqKR7$)"Q)p1lrp2+0.1=rp2=
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& Math & & Math A

R S * S W HE e
tan[Z)° T ot ¢ tan[ 2] -t
4. 455753544 0
Ngoai can trén X =-2+0.1 vi pham nén A nhén déng thoi C sai
* Kiém tra khoang nghiém x >4 véi ngoai can dudi X =4-0.1 va can dudi X =4
r4p0.1=rd=
] Maxh A & Math A

tar [%I”ﬁ Tt tan(E) T ok

-
06475662552 f I

Ngoal can dudi X =4 -0.1 vi pham nén B nh4n dong thoi C sai

m

Téom lai A, B déu nhan nén hop cta ching la D 1a déap s6 chinh xac
Bai 5
(Xem ddp dn & Bai 5 — phian 2 vi phwong phdp sau t6 ra hiéu qué hon hin)
Bai 6

(Xem ddp dan ¢ Bai 6 - phiin 2 vi phwong phdp sau t6 ra hi¢u qua hon hin)

T. CASIO GIAI NHANH BAT PHUONG TRINH
MU — LOGARIT (P2)

1) PHUONG PHAP 3: LAP BANG GIA TRI MODE 7

Budc 1: Chuyén bai toan bat phuong trinh vé bai toan xét dau bang cach chuyén hét cac

8 hang vé v& trai. Khi d6 bat phuong trinh s& cé dang vé trai > 0 hodc vé trai <0

Budc 2: Str dung chirc néng 1ap bang gia trf MODE 7 ctia may tinh Casio d& xét déu cac
khoang nghiém tir 46 rat ra dap s6 ding nhét cta bai toan.

* Chii : Can lam nhiéu bai toan tie luyén dé b d6 rut ra kmh nghlern thiét 1ap Start End

| Step hop ly-

Vi du minh hoa

VD1-[Chuyén Khoa hoc Ty nhién 2017 ] Bat phwong trinh logl(log3 2x +llj>o ¢6 tap
2

nghiém la:

A. (-o;-2) B. (4i+ )

C. (-2:1)u(L4) D. (-o;-2)u(4;+ )

Gidi

% Cach 3: CASIO
» Déang nhap MODE 7 va nhap vé trai vao may tinh Casio w7ialR2$3$i3$a2Q)+1RQ)p1

Math

f(X)= 1093[2K+1]P

-~
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» Quan sat cic cin cia dap s6 1a —2;4;1 nén ta phai thiét 1p mién gia tri ctia X sao cho

X chay qua céc gia tri nay . Ta thiét 1ap Start —4 End 5 Step 0.5

—p4=5=0.5=
] Math [F] Math
P F(#3 P F i3
I |
E | | ERROR igl  U.5|D.0655

\

Quan sat bang gia tri ta thiy o rang hai khoang (- «<;-2) va (4;+«) lam cho déu cua
vé trai duwong. = DPap s chinh xacla D
VD2-[Chuyén Thai Binh 2017 ] Giai bit phuong trinh 2" 25"
A. xe(-x;-2)u(log, 5:+ ) B. x e (- «;-2]u (log, 5:+ )
C. xe( oclogZS 2) (2 +oc) D. xe( x;log25—2]u[2;+oc)

Gmt

o Cach 3 CASIO
> Bat phuzong trinh <277 =57 > 0. Dang nhap MODE 7 va nhap v& trai vao may tmh
' Ca310 W72"Q)dp4$p5’\Q)p2

-8 Math

Ri¢s) =4 2 -4 G-

» Quan sat cac can cta dap s8 la 2 2 log7 5 2. 32 log2 5 2 O 32 nén ta pha1 thiét lap

mién gia tri cila X sao cho X chay qua céc gia tri nay. Ta thiét lap Start -3 End 3
Step 1:3

—p3=3=1P3=
B Math IF]
Find " Fin
g| - 0. 04U [ 15 ~0. i158
10 ! 0. 0285 I& ~ o
i110.33331 -B.pH {Ml2.333311.0116

Quan sat bang gi4 tri ta thdy 1 rang hai khoang (- ;0.32 =log, 5) va (2;+«) lam cho
d4&u cta vé& trai duong. = Dép s chinh xacla C
VD3-[Thi HSG tinh Ninh Binh 2017 ]
Tim tap nghiém S ctia bat phwong trinh 2.2 +3.3* ~6* +1>0:
A. S=(2;+x) B. 5=(0;2) C.S=R D. (-2)
Gidi
% Cach 3: CASIO
» Ding nhap MODE 7 va nhap v& trai vao mdy tinh Casio
w7202’\Q)$+303’\Q)$p6’\Q)$+1

Math
fUHI =437~ 6K+1
» Quan sat cac cin ctia dap s6 14 0;2 nén ta phai thiét 1ap mién gié tri cna X sao cho X
chay qua cac gia tri nay. Ta thiét lap Start ~4 End 5 Step 1
—pd=5=1=
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Math

8
] F(R)

3

-] ;|
|
Z

Quan sat bang gia tri ta thdy r6 rang hai khoang (-«;2) lam cho dau cua vé€ trai
duong. = Dap s6 chinh xdc 1a C

2) PHUONG PHAP 4: LUQC PO CON RAN

Buéc 1: Chuyén bai toan bat phuong trinh vé bai todn xét dau bang cach chuyén hét cac
s6 hang vé v& trai. Khi d6 bat phuong trinh s& cé dang vé trai > 0 hoéc vé& trai <0

Budce 2: St dung CALC tim céc gia tri toi han ctia (lam cho vé trai = 0 hodc khong xdc
dinh). Dau ctia bat phuong trinh ¢6 trong cac khoang téi han 1a khong d6i. Dung
CALC lay mot gia tri dai dién dé& xét dau. o

Chti y: Qua 4 phuong phép ta méi thiy trong tu luan thi luge d6 con ran 1a loi hai nhat
nhung trong khi thi trc nghiém thi lai to ra yéu thé vi khé dung va kha dai dong

Vi du minh hoa

11)>0 <6 tap

VD1-[Chuyén Khoa hoc Ty nhién 2017 ] B4t phuong trinh log, (log] 2+
! X —
2

nghiém la:
A. (--2) B. (4;+ )
C. (-z1)u(14) D. (=oc;-2)u(4;+ )
Gidi
% Cach 4: CASIO
> DEé bai xuft hién cac gia tri —2;4;1 ta CALC vdi cac gia tri ndy d€ tim gia tri t6i han
ialR2$$i3$a2Q)+1RQ)p1

& Math
logy [1o3s( 5550
Z

> Lan lugt CALC voi ca gia tri —2;4;1

rp2=ird=rl=
Math ERROR ® (e
13 +
1095, s 1ogs[ 522

Cacl Cancel
[41Cs]1:GOLO 0

E Math
Matl ERROR

[AC] :Cancel
C41CeliGOto

3 gia tri trén déu la gia trj trén déu la gia tri téi han nén ta chia thanh cac khoang

nghiém (- oc;=2);(=2;1);(L4); (4 + ) ' 1
» CALC v6i cac gia tri dai dién cho 4 khoang d€1ay dau la: -3;0;2;5

rp2=lrd=rl=

133



Math A R Math

ID'EIU 5[10'3 [E:HP Math ERROR
CACI rCancel

2995383£§‘E1]Er1:60t0
109y, 5[ 1oga( S22y
-0. 5508745383

logg, 5[10g3[£§;E

0.1190420922

RO rang khodng nghiém thi nhét va thi te thoa man = Dap s6 chmh X&C la D
VDZ-[Chuyen Thal Blnh 20171 Giaiba . :

% Cach 4: CASIO

» Dé bai xudt hién cac gia tri -2;log, 5-2;2;log, 5~2.32 ta CALC véi cac gia tri nay d&
tim gi4 tri t6i han
27°Q)dp4$p5°Q)p2rp2=ri5)Pg2)p2=r2=rg5)Pg2)=

R} Math & R Math A
2H2—4_5x—2 2x2—4_5x—2
Ezd
AZE [
K] Math & K] Math A
Exi—d_Sx—z Exi-a_Ex—i

0 0.9445665781

Ta thu duwgc hai gia tri tdi han log,5-2 va 2 = Dap s6 chi ¢6 thé'1a C hodc D
» Vibét phwong trinh ¢d ddu = nén ta 18y hai cdn = Dép s8 chinh xac 1a D
VD3-[Thi HSG tinh Ninh Binh 2017 ]

Tim tap nghiém S ctia bt phuwong trinh 2.2* +3.3* =6" +1>0:

A. S=(2;+x) B. $=(0;2) C.S=R D. (~;2)

Gidi

» Cach 4: CASIO
» Dé bai xudt hién cac gia tri 0;2 ta CALC véi cac gid tri nay dé tim gia tri téi han

2()2A(2)$+3()3A(2)$p6A(2)$+1rO—r2~

Math & Math &

DO PG H] DB 6]

5 0
Ta thu duwgc 1 gia tri téi han x =2 = Pap s6 dung la A hodc D
» CALC vdi cac gia tri dai dién cho 2 khoang d€14y dadula: 1;3
rp2=lr4=ri=
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@ Mauth A @ Math A

(

-115

Ta can 1dy ddu duong = Ddp s6 chinh xac la D

BAI TAP TU LUYEN
Bai 1-[Thi tha chuyén Su pham Ha Noi 1an 1 ndm 2017 ]
Bat phuong trinh In[ (x - 1)(x ~2)(x ~3) + 1]>0 c6 tap nghiém la:
A (12)u(3+ ) B. (;2)n(3+ ) C. (1) (2:3) D. (-«:1)u(2:3)
Bai 2-[THPT Lwong Thé Vinh - Ha Ni 2017 ] ’

Tap xac dinh cia ham s6 y = /logI (x-1)-1 la:
3 3
A [L+e) B. (I;E} C. (l;+ex) D. [—;+ ocj
Bai 3-[Chuyén Khoa hgoc Tw nhién 2017 ]
Nghiém ctia bt phuong trinh log (xz +X- 6) >1 la

A x>l B. x>+5 C.x>Llx=2 D.1<x<\/§,x¢2
Bai 4-[Chuyén Nguyén Thi Minh Khai 2017 ]

X" -x—9 x~1
Giai bat phuwong trinh (Ian%j < (langj :

A xs-2 B. x>4
C.2<x<4 D. x<-2 hodc x =>4
Bai 5-[THPT HN Amsterdam 2017]
Bat phwrong trinh 23" <1 ¢6 bao nhiéu nghiém nguyén:
Al B. V6 s6 C.0 D.2
Bai 6-[Thi thit Bio Toan hgc tudi tré Iin 4 nidm 2017 ] T4p nghiém ciia b4t phuwong trinh
32.4%~18.2" +1<0 la tap con cua tap
A. (-5:-2) B. (-4;0) C. (L4) D. (-31)

LOI GIAI BAI TAP TU LUYEN
bain ‘
+ Casio cach 4
* Kiém tra cac gia tri 1;2;3

hQp)(Qp2)(Qp3)+1)rl=r2=r3=
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INnECE-110%-21CHp INCCK=11(%-2105b
0 | 0
INECE=1)(X-21C%p
0

Ca 3 gia trj trén déu 1a gid tri toi han

= Chia thanh 4 khoang nghlem (é oc,l),r(kl

;2) 23 3+oc,f

- CALC véi4 gia t trl dal dlen cho 4 khoang nay la 02

EE$(”)P(Q)DQZ)qr—5 qJ;;h,,,, P s ,2 o
Math ERROR InC G- (2380
ET?E.:§E§§891MA  D.3184537311
INCCR=13CR-2300F  InCCR-1)CR-20THb

-0, 4700036292 1.945910149

Ta can 14y d4u duwong = L&y khoang 2 va khoang 4 = A 1a d4p s8 chinh xac
Bai 2
% Casio cach 4

= Tép xac dinh < log, (x~1)-120 . Kiém tra cac gia tri 1;%

10.5$Q)p1$p1rl=Ir3P2=

] Math %] Math &
Math ERROR 109y, A~ 13-1
[AC] :Cancel
[41[#l:GOtoO U

e
= Chia thanh 3 khoang nghiém (_pc;l);(l;%]{%;w) T

= CALC vdi 3 gia tri dai dién cho 4 khoang nay 1a 0;1.25;2
~ EE$(INP(Q)pQz)qr=5-gJx

] Maith T ' Math &
Math ERROR 1090 Stx 1)-1
[AC] :Cancel
[410»12G0%0 1
Math A

1095, s(A- 1) 1
-1

Ta can ldy ddu duong = Ly khoang 2 = B la dap s6 chinh xac
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Bai3

<+ Casio cach 3

* Bat phuong trinh <:>Iogx_,(x2 +x—6)—1 >0. Quan sat dap s xuat hién cac gia tri
1;2;4/5 ~2.23 . St dung MODE 7 véi Start 0 End 3 Step 0.25
w7iQ)p1$Q)d+Q)p6$pl==O=3=O.25=

Math
'ﬁ-‘

2.2
ga§

F H.l

| EEROE
10 5|0.218R
] l1.43yg

(
k
2
Y

RS rang x> /5 ~2.23 1am cho v& trai bat phuong trinh nhén dau duong = B la dap
an chinh xac

Bai 4

% Casio cach 3

2_ .

X' -x-9 x=1
= Chuyén bit phwong trinh vé dang xét dau (tan%) —(tan %j <0

Quan sat dap s6 xudt hién cac gia tri -2;4 . Stt dung MODE 7 véi Start —4 End 5 Step
0.5

qw4w71agKR7$)"Q)dpQ)p9$plagKR7$)"Q)pl=p4=5=0.5=

[E] R Math
n F(Ha ty F(Hl
- “11.1 |6 1.039Y
5 - 1] i1 ]
Bl -l.5iU4D. 132 1B U.51 -0.01

Quan sat bang gia trj . R rang x<-2 va x24 lam cho v& trai bat phuwong trinh 20
= D la dap an chinh xac

Bai5

= Chuyén bét phuong trinh vé dang xét dau 2% 3" —1<0

* Tim cin thi nhat bing chirc ning SHIFT SOLVE

- 27Q)d$03Q)$pl=qrl=

7] Math A
LA |
= i
| -R= 1]
= Kh can thit nhat va tiép tuc do can thit hai

$(I1HPQ)grpl=
| 2% %31 )+

¥=_ -1.584962501
L-R= 0

Math A

Vay ta dy doan khoang nghiém 1a (~1.5849..;0). Kiém tra ddu bing cach 14y gié tri dai
dién x=~1

Erpl=
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- B Math A
2 13-

S
Ta thdy ddu - vy khoang nghiém la (~1.5849...;0) = cd 1 nghiém nguyén x=-1
= Dap s8 chinh xac 1a A .

Bai6

% Casio cach 3

Ste dung MODE 7 véi Start -6 End 6 Step 1
w73204"Q)$p18027Q)$+1=pb=6=1=

F] B

i F i) F i)

E| = 1] 5*‘5 =1.5

y =0-15 B =1 1]

5 -2l =15 1 ] I5
-3 -2

Quan sat bang gia trj . RS rang khoang nghiém lam cho v& trai — thudc khoang (—4;0)
= B la dap an chinh xac

T. CASIO TIM NHANH SO CHU sO VA SO SANH
2 LOY THUA MU CAO KHAC CO SO

1) BAI TOAN MO PAU

Hom nay t6i lai nhin dwoc 3 bai toan cia thdy BinhKami, 3 bai todn nay lién quan dén so sanh
2 Ity thira ciing co s6.

Bai todn 1: So sanh 2 1y thira 32" va 16"
Bai todn 2: So sanh 2 1y thita 2'™ va 3%
Bai toan 3: So sanh 2 iy thira 281 5

D67 v6i bai todn s6'1 thi toi da biét cach lam roz c0 56'32 vi co 5616 déu c6 thé duwa Ve co sb 2,
Uﬁy 3210 2(2_ )“ =500 9% o3 gls (24) =045 980 Véy 3210 <16

D67 véi bai s6'2 khong thé dwa vé cing co s6'2 hay 3 vi vdy t0i ding si tro gitip ciia mdy tinh
Casio, toi sé thiét ldp hiéu 2'° —3" néu két qua ra mot gid tri dwong thi 2'° >3" , thit don
gian phai khong !

2/100§p3~70%~

Math A

o]
100 _n70
2 3

-2. 5018878545073
Hay qud ra mot gid tri dm, viy cé nghia la 2'* <3™
Tuwong tw nhw vdy t6i sé lam bai todn s6'3 bang cdch nhdp hiu 27 —5*° vao mdy tinh Casio
272017$p5°999

o]
EED 17 _599‘51

Math
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Va toi bam mit =

O]
Matkh ERROR

Math

LAac] tCancel
L4JCel:G0t0

Cac ban thdy day, mdy tinh khong tinh dwoc. Téi chiu r6i !!

D& 50 sanh 2 1y thira c6 gia tri qua 1on ma may tinh Casio khéng tinh dugc thi ching
ta phai st dung mét tha thuét, t6i goi tt 12 BSS. Tha thuat BSS dua trén mot nguyén
thc so sanh nhw sau: N&u s8 A ¢6 n+1 chit s6 thi ludn lén hon s8 B ¢4 n chisd.

Vidu nhu 58 1000 c6 4 chit s6 sé 1udn 16n hon s6 999 ¢é 3 chit s6.

2107 999

Vay t6i sé xem 27" va 5 thi Iy thira nao c6 s6 chix s& nhiéu hon la xong,.
D& lam dwoc viée nay toi sé st dung mdy tinh Casio nhung voi tinh nang cao cdp hon,
cac ban quan sat nhé:

DAu tién la véi 2%

Q+2017g2))+1=
IntC201710ac2) )b
608

Vay toi biét 2*°7 c6 608 chit s§

o s s =999
Tiép theo 1a véi 57

Q+999g5))+1=
] Math A
Int(99910a(h01+1
£93
Vay 5°” c6 699 chit s§

R rang 608 > 699 hay 27 <5’ . That tuyét voi phai khéng !!

:;'1‘ Binh luin nguyén tic hinh thanh 1énh tinh nhanh Casio

» Ta thay quy luat 10' ¢4 2 chit s8, 10° c6 3 chits6 ... 10 s& c6 k+1 chit s§

» Vay muoén biét 1 ldy thira 4 c6 bao nhiéu chit s6 ta sé dat 4= 10 . D& tim k ta sé
logarit co s8 10 ca 2 v&khi d6 k =log 4. Vay s6 chit s6 sé 1a k +1=[log A]+1

> Lénh Int dung d€18y phéan nguyén ctia 1 8.

2) Vi DU MINH HQA

VD1-[Bai todn s6 nguyén t6 Mersenne] Dau nim 2016, Curtis Cooper va cac cdng su
nhom nghién cttu Pai hoc Central Mis-souri, My vira cong bd s6 nguyén t& 1én nhat

tai thoi diém d6. S8 nghuyén t6 nay la mot s6 6 gia tri bang M =2"*7*' _1 . Hoi s6 M
€6 bao nhiéu chir s0.
A. 2233862 B. 22338618 C. 22338617 D. 2233863
Gidi
% CASIO

> TacO M =270 _ |y M 4 | = Q4207281
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S

Dt M+1=10" 2™ =10* < k=10g2™"™" vas§ chirs61a [k]+1

Q+74207281g2))+1=

Int.( 74207281 ogk
99998618

Vay M+1 co so chix s6 la 22338618

Tar nhan thay M+l co 22338618 chit so, vay M co ‘bao nh1eu chir 6?7 L1eu vin la
122338618 chix $8 hay suy bién. con 22338617 chit $8. DR

¢‘Cau tra1oila khong suy b1en vi M la lity thira bac ctia 2nén tan cung ch1 co thé la 2, 4
8, 6nénkhitrirdil don vi vin khéng bi suy b1en e '

‘ Vay ta chon B la dap an chmh Xac. Lo , : ' o ,

Poc thém:

M =277 ] ]a s6 nguyén t& lon nhat thé gidi dwgc phat hién, gom 22 tridu chit s6,
mat 127 ngay d€ doc hét

Gia str 1 gidy ban c6 thé doc duoc 2 chix s6, ban khong can dn udng, ngtt nghi... thi 4
thang lién tuc la quang thoi gian ma ban can phai bo ra d&€ doc hét con s6 nguyén to
16n nhat thé gidi do cac nha toan hoc phat hién méi day. Véi tén goi M 74207281 con
s6 nguyén t6 Merssenne dugc phat hién boi cac nha todn hoc thudéc GIMPS-t6 chirc
thanh Idp ndm 1996 chuyén di tim nhitng con s& nguyén td.

Cau chuyén di tim s8 nguyén t& bat dau tir mdt nha toan hoc, than hoc, triét hoc tu
nhién, Marin Mersenne (1588-1648). Ong la nguwdi da nghién cteu cac s6 nguyén t8
nhim c8 tim ra mot céng thic chung dai dién cho cic s8 nguyén t&. Dua trén céc
nghién cru ctia 6ng, cac nha toan hoc thé hé sau da duwa ra mot céng thite chung cho
cacsdnguyéntdla M =2° -1

N&m 1750 nha toan hoc O-le phat hién ra s6 nguyén t8 M,

Né&m 1876 s& M,,, dugc nha toan hoc Phap Lucas Edouard phat hién ra

Nam 1996 6 nguyeN to 16n nhat thoi dé dugc phat hién 1a M5

VD2 [Khao sat chit lugng chuyén Lam Son - Thanh Héa nim 2017]

*
%8

>

»

Goi m 1a s6 chit s6 can dung khi viét s6 2% trong hé thap phan va n la sd chit s6 can
ding khi viét s6 30° trong hé nhi phan. Ta c6 tdng m+n la:
A, 18 B. 20 C. 19 D. 21
Gidi
CASIO
Dt 2% =10" < k=10g2" . 56 chit s6 clia 2* trong hé thap phéan la [k]+1

Q+30g2))+1=
Math

Int(30109c2) %1
10

Vay s6 chit s6 ciia 2* trong hé thap phén la 10
bt 30* =900=2" < h=log, 900. S& chit s& ctia 30* trong hé nhi phén 1a [h]+1
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Q+i2$9008)+1=
Int(10a,(9000) +1
10

Viéy s6 chir s6 ctia 30° trong hé nhi phan 1410 = m+n=10+10=20
= Dap s chinh xic 1a B

2

VD3: Cho tong M = Cy,, + Clyy + Cly + o+ Caoe Khi viet M duwedi dang 1 s6 trong hé thap
phan thi s6 nay co bao nhiéu chit s&:

A. 608 B. 609 C. 610 D. 611
Gidi
s CASIO
» Theo khai trién nhi thitc Newton thi (1 + l)mo =Chup + Chgo + Coazg + oo+ Cot
Véy M — 221)2()
» Dt 2" =10* < k =log2*™ . 56 chit s8 cia M 1a [k]+1
Q+2020g2))+1=

Inte202010a027 7
609

Vay s6 chit s6 ctia M 1a 609. Ta chon dap an B

% Binh luin:

° Bai toan nay la si két hop hay gitra kién thirc liy thira va kién thire vé nhi thikc
Newton. D€ 1am dwoc bai todn nay bang Casio thi can c6 mét s kién thire co ban vé
tong Nhi thitc Newton

e Dang toan t6ng nhi thixc Newton dugc tac gia tom tat nhir sau:
+) Cho khai trién tong (a+b6)" =Ca"b® +Coa"'b' + Cia"b* + ...+ C,a°b" va khai trién
t8ng (a-b)" = C2%a'b" ~ Cla™'b + C2a"b? - C2a"b* ..+ Clab"
+) D& quan sat xem t8ng nhj thitc Newton c6 dang 12 gi ta quan st 3 théng s8: Thong
s6 md » thi quan sat t6 hop C) vi du nhw xuat hién C,,, thi 18 rang n=2020. Théng
s a sé c6 s8 mil gidm dén, thong s6 b sé c6 s6 mil ting dan
+) Ap dung 8,5 = Cly 52+ €20y 5'12% = C1,58%%2° + ...~ CI22"° thi 15 rang
n=1999, s6 mil cia g giam déan vdy a=5, s6 mii clia b ting dan vdy b=2. Ta thu gon
khai trién thanh (5-2)"" =3

VD4: So sanh nao sau day la dung

A 57!2] > 75364 B 57123 < 75864 C 34()() < 25()() D 4]7(]() - 912[)()
Gidi
% CASIO
> Dit 5 =10* < k =log5"™ =7123log5 ~ 4978.76 > 4978
7123g5)=

712310905
4978, 763341
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Véy 5712] > 104‘)7)%
» Tuong tir dat ta dat 77" =10" < h=1log 7" ~ 4955.65 < 4956
5864g7)=

5864109 7)
4955, 654907

véy 758(14 < 104956
> Tc’)m ].ai 57[23 > 104978 > 104566 > 758(14

% Binh luin:

th A

¢ Bai todn nay néu ta thuc hién 1 phép Casio ¢ dang cip thdp 1a nhap hidu 5"'% —758(’4‘5
ol xét ddu thi may tinh khong lam duoc vi vuot qua pham vi 10" S ‘
| 571238p7°5846= S R

o] Math
Math ERROR

CAC] tCancel
C41C»]:GOLO

e Vay d€ so sanh ta 2 dai luong lay thira bic cao M va N ta sé dua vé dang
M>10*>10" >N
¢ Tuy nhién viéc so sanh 2 liy thira sit dung Casio & mic dd don gian ciing thuong xuat

hién trong dé thi ctia cac truong, vay ta ciing can tim hiéu thém mét chat. Cac e xem &
vidu s6 4 duéi day.
VD5-[THPT Ngoc Héi - Ha Noi 2017] Két qua nao sau day dung:
p 17 p 18 17 1R 7 " 17 k]
A(Z] <(2) (252 e o(s] o5 (g
6 6 3 3 3 3 2 2
e G o
“» Cach 1: CASIO
. 17 18 :
> D& kim tra tinh déng — sai ctia d4p 4n A ta s8 thiét 1ap hidu [gj —[gj . Vay bai so
n

: . 7 18 '
- s&nh chuyén v bai bat phrong trinh [gj —[gj <0

R6i nhap hiéu trén vao may tinh Casio
(agKR6$17$p(aqKR6$)"18

Math
[ ]1;] i7v [ ]1;] id
& =
R6i ta nhan nut = néu két qua ra 1 gia tri &m thi dap an A dung con ra gia tri duong thi

dap an A sai
o] Math A

nyl? 1S
(&) "-(3)
7. 960666551 «in®
Mady tinh Casio bao két qua ra 1 gia tri duong vay 16 rang dap an A sai.
» Tuong ty vay d6i voi dap an B

(aqKR3$)"17$p(aqKR3$)"18=
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o] Math A
-

[--] 17_[% 15

-0, 1083727267

Vay dap s6 B cling sai

LalH

~ Ta lai ti€p tuc voi dap an B
(aQKR3$)M 7$p(aQKR3$)18=

1__" D] 18 Math A
1T g
(%) -[£)

0, 01756460827
V7 iR 17 18
~ N . N e e [ e
bay la 1 dai luong duong vay [wj —[—~j >0 hay [—j >[—)
3 3 3 3
Tot day ta théy ro rang dap s C la dap s6 chinh xac !!
+% Cach 2: Ty luin

17 1%
» Tacocosd -gzO.SIle(O;l) vasd mi 17<18 vay [g) >[£) => Dap an A sai
- 7t 17 7t "
* Tacod c056§z1.04>1 vasé mii 17<18 vay [5] <(§] = Dap an B sai

i7 14
s Tacocosd —~0.906€(0;1) vasdmil 17<18 vay (%] >(—§-] = Dép s6 C sai

wilo

% Binh luin
o D& so sanh 2 lity thira cling co s§ a* va a* ta st dung tinh chét sau:

+)NEucosd a>1 va u>v thi a* >a" (Diéunay dan t6i dap an B sai)

+) Néu cos6 a thude khoang (0;1) va u>v thi a" <a” (Diéu nay dan téi dap én A sai)
YD6-[THPT-Ha Noi-Amsterdam 2017] (Bai toan xay dung dé& chong lai Casio)

Khing dinh nao sau day sai?

A.2J2” 97 B. (\/E— 1)20!6 >(\/§~1)2m7
c [l‘gjz[wxa <(lg]zm7 D. (\/571)2017 >(\/§_l)gm(,
Giai

< Cach 1: CASIO

> D& kiém tra tinh diing — sai clia dap 4n A ta sé thiét 1ap hiéu 2**' —2°. V4y bai so sanh
chuy@n vé bai bat phuong trinh 22+ =2 >0
R6i nhap hiéu trén vao may tinh Casio
27 s2$+1$p2°3

Math A

EE+1 _EEIE

R6i ta nhan nut = néu két qua ra 1 gia tri dwong thi dap 4n A dung con ra gia trj am thi
dap an A sai
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c] Math A

EE+1 __23
-2.669711715

May tinh Casio bao két qua ra 1 gia tri &m vay rd rang dap an A sai.
» Tuong tu vay déi véi dap an B
(52$p1)’\2016$p(82$p1)’\2017—

Math &

(F-1)20%6_ (5
0

Pap sd may tinh bao 1a 0 diéu nay la vd 1y vi co s6 khac 0 va s6 mit khac nhau budc
2016 2017

(V2-1)"" va (V2-1)" bubc phai khéc nhau.
Nhu vdy trong truong hop nay thi may tinh khéng tinh dwoc !!!

< Cach 2: Tu luin

= Ngoai phuong phap so sanh 2 liiy thira cing co s6 dugc tac gia trinh bay ¢ Vi du 3 thi
tai Vi du 4 nay tac gia xin gidi thiéu 1 phuwong phap thit 2 v6 cling hiéu qua c6 tén la
Phuong phap dit nhén ti chung.

. o (\/‘_1)2‘“(’ >(\5—1)m Q(ﬁ_l)z‘“ﬁ_ (\/5;1)2"”' >O ST
e (\/_—1)20'6[1 —({/5—'1)] >0 (2-v2)(V2-1)" >0 i
D& thiy 2-2>0 va (\/5~1)2M >0 viy (2—\5)(\5—1)2‘“6 >0 = Dap s6 B dung

% Binh luin:

» Theo thuét toan caa Casio thi nhiing dai lvong duwong ma nhé hon107™%” hoic 1én hon
107" thi s& dugc hién thi la sd 0. .
Day 1a k& ho d€ cac trueong ra bai toan so sanh liy thira chdng lai Casio

BAI TAP TU LUYEN

Bai 1-[ Bai toan s6 nguyén t6 Fecmat] Nha todn hoc Phap Pierre de Fermat la nguoi dau
tién duwa ra khai niém s Fecmat F, =27 +1 1a mét s6 nguyén t6 voi n la s6 duong
khong am. Hay tim s6 chit s6 ctia F,

A1243 B. 1234 C. 2452 D. 2467

* Chu y: Sw dg doan ctia Fecmat la sai [dm vi nha toan hoc O le da chimg minh dugc F
1a hop s6.

Bai 2: Cho tng M=C’,,, 3% 1 Cl, 39124 C2, 3027 1 4 c;gj;z'm Khi viét M dudi dang 1
s6 trong hé thap phan thi s& nay cd bao nhiéu chi s6: : S '
A. 608 B. 609 C. 610 D. 611

* 11 y: 1642 1a ndm sinh ctia nha toan hoc vat ly hoc, thién van hoc, thén hoc,: g1a k1m
7 thuat vi dai ngudi Anh Isaac Newton.

Bai 3: So sanh nao sau day la dang
A 112()()3 >925()0 B 23()93 < 256()() C 29445 <31523 D 29445 > 31523
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Bai 4-[Thi thit THPT Ngoc H6i - Ha Ngi 1an 1 ndm 2017] Cho a,b 1a hai s6 tw nhién lon
hon 1 thoa man a+b=10 va a”b*"® [a mdt s8 tw nhién cd 973 chi 8. Cap a,b thoa
man bai toan la:

A. (55) B. (6;4) C. (8:2) D. (7:3)

Bai 5-[THPT Ngoc Hoi - Ha Ni 2017] Két qua nao sau day dung:

R I Y I Y R

‘Bai 6-[THPT Nguy&n Trai - Ha Noi 2017] Ménh dé nao sau day ding:

1
hd
3

A.(@—\/E)Q(\E—ﬁ)ﬁ B. (JH—\/E)6>(\/H—\/§)7
C. (2-V2) <(2-V2) D (4-3) <(4-)
Bai 7-[THPT Thang Lohg - Ha Noi 2017] Khing dinh nao sau day ding:
A.(32)% >(3-‘)§ B. (2 —Jé)ﬁ >1
C. (V2-1)">(V2+ 1)J'i D. (0.3)" >(0,3)
GIAI BAI TAP TU LUYEN
Bai1
% Casio

= S8 F, c6 dang 2*" +1. Ta thdy s6 2 +1 khong thé tan cting [a 9 nén s8 chit s cua
2% +1 ciing chinh 1a s8 chit s6 ctia 2*° trong hé thap phan. _

* Dit 2" =10* & k=2"log(2). S§ chit s ctia 2% trong hé thap phan la [k]+1
Q+2713%g2))+1=

Math A

Int(2i= 109021 +¢
2467

=Dbap s& chinh xacla D
M O L R e
%~:~ Casio
' Rat gon khai trién nhi thire Newton M = (3+ 2)1642 = 5612

|
i

* Dit 57 = 10° < k=1642l0g(5) . S5 chit s6 clia 5'°° trong hé thap phan 1a []+1

L Qr1642g5)+1=

Math &

Inte164210905) 3
1148

=Dap s6 chinh xacla B
Bai 3:
< Casio
» S8 chir s8 ctia 11" va 9%% trong hé thap phén l4n luot la:

Q+2003g11))+1=Q+2500g9))+1=
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Int(200310g¢11b  Int(2500100¢95 7
2086 9386

S8 chit s8 cia 9 nhiéu hon s chit s8 ctia 11°% nén 95 > 11°° = A sai
® S8 chits6 cua 23%° va 25°° trong hé thap phan Ian luot 1a:
Q+693g23))+1=Q+600g25))+1=

Int(69310a¢2310F  IntCR0010ac28y i
944 839

nhiéu hon s8 chit s6 cua 25 nén 23%° > 25 = Bsai
1523

S6 chit s6 ctia 23%”
= S8 chit s8 ctia 29*° va 31 trong hé thap phan Ian luot 1a :
Q+693g23))+1=Q+600g25))+1=

Int(445109(29))b  Int(52310ac31) b
651 730

S8 chit s6 cia 29" nho hon s6 chit s8 clia 31 nén 29*° <31 = B1a dap s8 chinh x4c

0= b Khi &6{ia€"7b5"“‘i;‘(f0 . i))iib’z"r16 -
12‘ ' ' )

(10-b)" b2°'6—10"‘<:>k log[(IO b)lzbz‘"ﬁ]:1’2’10g(10—b)+2016log'b

: Sé'chﬁfs()'cua(lo b) 67 13 [k]+1
Voi dap 50 A a=b=5 .86 chits§ cia 575" 12 1418 khac 973 = Dap sO A sai
‘;Q+12g5)+2016g5))+1—' i »

Int¢12109(5+208
1418

* Véidaps6B:a=6,b=4 .58 chits8 ciia 674" 1a 1224 khac 973 = Dap s6 B sai
Q+12g6)+2016g4))+1=

Intt12109l6)+208
1924

» Tuong tw voi a=7;b=3 .56 chits6 cua 7°7%"° 14973 = Dap s6 C chinh xac
Q+12g7)+2016g3))+1-
Math &

Int¢121oal7)+20
973
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T. CASIO TINH NHANH GIA TRI BIEU THUC
MU — LOGARIT

I) PHUONG PHAP HE SO HOA BIEN.
- Budc 1: Dua vao hé thirc diéu kién budc ctia @ bai chon gia tri thich hgp cho bién.
- Budc 2: Tinh cac gid trj lién quan dén bién r6i gén vao 4,B,C néu céc gié tri tinh
dugc 1é.
- Bwdc 3: Quan sat 4 ddp an va chon dap an chinh xac.
II) Vi DU MINH HOA.
VD1-[Dé minh hoa THPT Quéc gia 2017] Dit « = log, 3, b = log, 3. Hay bidu dién log, 45

theo a va b

A. log, 45= ﬁ.f.z_"_/l B. log, 45 = 2a” ~2ub
ab b
C. log 45= a+2ab D. log, 45 = 2a7 —2ab
Ub + b ab + b
Gidi

% Cach 1: CASIO
# Tinh gié tri cla « =log,3. Vi gia tri clia « ra m{t s6 1é vay taluu a vao 4
i2$3%=qJz

Math A O] Math A

| Qul=PANEY ’ Ans+A
1. 584952501 1.584962501

» Tinh gia tri ctia b=log,3 valuuvao B
i5$3=qJx

Math & o} Math A

loggld) fins+E
0. 6526061945 0. 6876061945

> Bat dau ta kiém tra tinh dung sai ctia ddp 4n A. Néu dap an A dung thi hiéu

log, 45— 25 2ab phai bang 0. Ta nhap hiéu trén vao may tinh Casio va bdm nit =
16$45$paQz+2QzQxRQzQx=
Math &
FI+2F-‘|B
1090451 -3

-1. 340434?”d

Ket qua h1en th1 clla may tinh Casiola 1 gla tri khac O vay dap an A sai
| a+2ab
ab+b

> Tuong twe nhu vay ta kiém tra [an luot ting dap an va ta thay hiéu log, 45—

a béng 0 :
16$45$pan+2QzQxRQZQx+Qx—

" Math A

1ngﬁc453 ﬁ;&ﬂf
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Véy log,45= Zzab hay dap s6 C la dung,.

% Cach tham khao: Ty ludn

= Tacod a=log,3= :>log32:1— va logSS:%
. a

3

2 2+ ]
log, 45 log, (3'-5) 2+log, 5 b _a+2ab
log,6  log,(3.2) 1+log,2 1 ab+bd

1+
a

= Viy log,45=

¢ Binh luin.

dang| ba1 nay chit yeu dé kiém tra cong thirc c101 co 86

; 1
,(Vcn a;tl)vacongthch log, x= o8 ( O1 b>0; b:tl)
X

\
\
i

a

e Cach Casio co6 vé nhleu thao tac nhtrng dé thuc h1en va do chinh x4c 100% Néu ur tin
cao thi 1am tir ludn, néu ty tin thap thi nén lam Casio vi lam ty ludn ma bién d6i sai 1
1an théi rdi lam lai thi thoi gian con tén hon ca lam theo Casio.

VD2-ITHPT Yén Thé - Bic Giang 2017] Cho 9" +9 =23 . Khi d6 biéu thire P:?#%i%;
c6 gia tri bang?
A.2 B.2 cl D. -2
2 2 2
Gidi

<+ Cach 1: CASIO

» Tit phuong trinh diéu kién 9'+9™° =23 ta ¢ thé do duoc nghiém bang chitc ning
SHIFT SOLVE
9I"Q$+9pQ)$p23qrl=

B Math
9 g -03

= 1.42515212%

Luu nghiém nay vao gia tri 4

qlz

] Math &

As+A
1.426162126

: gan gla tr1 x=4 sé dugcgiatricaa P

Vay ro rang D 1a dap s6 chinh xac

% Cach tham khdo: Ty luin

" DEt =343 o =0"+9" +2=25o1=45
Vi3 +3>0 vay >0 hay 5
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.. . U +35 5
» V6i3*+37" =5.Thévao P ta duogc P:? 5:—;

<+ Binh luan.

¢ Mot bai toan hay thé hién sirc manh cua Casio :

» Ne&u trong mot phuong trinh ¢ cum o +a™ thi ta dit an phu la cum nay, khi dé ta c6
thébitudién a* +a > = -2 va a~ -a™ =£ =3t , o :

VD3-[Chuyén Khoa Hoc Tu Nhién 2017] Cho log, x = log,. v = log, (x + y) Gia tri cua ti s8

X a?
))
A. “1-45 B..—‘E—T—l C. 1 D.2
2 2
Gidi

<+ Cach 1: CASIO
> T dang thiec log, x =log,, y = vy =12"*". Thay vao hé thic log, x=log,, (x+y) ta duoc:

log, x — log,, (x +12"") = 0

> Ta c6 thé do duoc nghiém phuong trinh loggx—log,(,(x+12‘°‘='"")=0 bang chitc ning
SHIFT SOLVE
19$Q)$pil6$Q)+121i9$Q)$$$qr1=
Math

109g(H1-109, b 5b
= 39.4522115

Luu nghiém nay vao gia tri 4
qJz

. ; D] Math &
HIS+H
a9, 4622117 -
> Ta da tinh duwoc gid tri x viy dé dang tinh dwoc gid tri y=12"**. Luu gid tri y nay vao
bién B :
127195Qz=qJx B
. a Math A& O] Math &
1210991HJ Ans+B

£3.8511933 £3. 8011938

> Téi déy ta d& dang tinh dwoc ti s§ = :g

Y
aQzRQx=
o] Math A
[a]
E
0. 6150359587
Day chinh 14 gi tri ~—— va dap s8 chinh xacla B
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¢ Cach tham khao: Ty luian
= Dat log, x=log, y=log,, (x+y)=1 vy x=9"1y=12"x+y=16

» Ta thiét lap phuwong trinh iziztgj va £+1:x+y:£:(ij
y 4 \4, y y 127 \3
{ 29% —1+
Vay £L£+1]:1<:>££) THEI, ) IR . 1£4/5
Yy o Yy, ¥ Y ¥y
Vi£>0nén£:ﬂ§_

% Binh luan.
o MOt bai toan cyc Kho néu tinh theo tw luan .
o Nhung néu xit Iy bang Casio thi ciing tong d6i dé dang va do chmh xac 14 100% -

I i 2 -
VD4-[THPT Nguyén Trai ~ HN 2017] ChoK = [x3 —y:] (1 —2\/Z +l] voi x>0,y>0.
x x
Biéu thite rut gon cua K 1a?
A x B. 2x C. x+1 D. x-1
Gidi
% Cach 1: CASIO
2 -1
! 3
» Ta hiu néu dap an A dang thi K =x hay hiéu [x— —y‘] [1 —2\/1 +XJ -x bang 0 v6i
x

X
moi gia tri x:y thdéa man diéu kién x>0, >0
» Nhap hiéu trén vao may tinh Casio
(Q)"alR2$$pQn”alR25$)d (1PZSaQnRQ)$$+aQHRQ)$) pipQ)

Math

Chon1gid tri X =1.25 va ¥ =3 bétki, thoamén x>0,y > 0r6i dung lénh gan gia tri CALC
r1.25=3=

. B Mxth &
ANS*A
39. 4622117
> Ta da tlnh duoc gla tr1 x vay dé dang tinh duoc gia tri y= 12“’5'
12719%Qz= &

| 11 - o 4
[%E—'EJ (1 ?f_é

7 Vay ta khang dmh 90% dap anA dung
» D€ cho yén tam ta thit chon gia tri khac, vi dunhu X =0.55,Y =1.12

10.55=1.12=

Math &

| []_ I’J]—t
a

l'-uli—
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K&t qua van ra 1a 0, vay ta chic chan A 1a dap sd chinh xac.
%+ Cach tham khao: Ty luan.

- Rutgonl\\ -7 _ (\/T—\/—)

* Rt gon (1_2\E+%T :U\P{_l” :{\/;J;\/ET :(ﬁ{;&}:

Vay K= (f_f)(

< Binh luan.

]

» Ching ta cin nhé néu 1 khéng dinh ( 1 hé thic ding ) thi né s& dtng voi moi gia tri
x,y thoa man diéu kién dé bai . Vay ta chi can chon céc gia tri X,¥ >0 dé& thir va vu

tién cdc gia tri nay hoi 1¢, tranh s6 tranh (c6 kha néng xay ra trieong hop déc biét)
VD5-[Thi thtr Bao Toan Hoc Tuéi Tré 2017]

Cho ham s§ f(x)= 2% Tinh gia trj ctia biéu thixc 7 = 2""2".f’(x) ~2xIn2+2

A, -2 B.2 C.3 D.1

Gidi

% Cach 1: CASIO
> Vi d@é bai khong ndi rd x théa méan diéu kién rang budc gi nén ta c6 thé chon mot gia

tri bat ki ctia x dé tinh gid tri biéu thirc 7. Vidy ta chon x =2

Khi d6 7=27""f'(2)-4In2+2

27p4p1$0qy2~Q)d+1$$2$p4h2)+2=

B Math A
amd=1,, d [oEZ+1 ],
s 1

2

= Dap s6 chinh xacla B
¢ Cach tham khao: Ty ludn.
* Tinh f’(x) = 2'\‘2“"!] 2.(x2 + ])' =2x.In 2_2"'2*' va

e ThEvao T'=2"""2xInx2"" —2xIn2+2=2xIn2-2xIn2+2=2

«» Binh luin.

» Vi bai toan khong cho biéu thirc rang budc ctia x b nghia Ia x 1a bao nhiéu cﬁng
duge. Vi du thay vi chon x=2 nhu & trén, ta c6 th& chon x=3 khi do
T=2""7'(3)-6In2+2 k& qua vin ra 2 ma thoi. :
27p9p150qy2"Q)d+1$$3$p6h2)+2=

2"‘;" 1 w

e Chu ¥ cdng thitc dao ham (a")'=a".Inau' hoc sinh rdt hay nham.

S+ 2-f
VD6-[Bdo Toan hoc Tudi tré 20171 Rit gon bidu thite ——— (v6i a>0) duoc két qua:
Ji-2 +2

A. o' B. a C.a D. 4
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Gidi
% Cach 1: CASIO
G+ a]—\/.:\

» Ta phai hiéu néu déap A dting thi hi¢u —————
\/;_ﬂ \) +2

—qg'phai =0 véi moi gid tri cia a

a

> Nhép hiéu trén vao may tinh Casio
aQ)"s35+150Q)"2ps3R(Q)"s25p25)"s2$+2$$pQ)"4

o} Math
."r—+1 '_{'Ib-.hﬁ -I'_ o
a

JZ-z)iEE

Chon mét gid tri « bat ky (weu tién A 18), ta chon a=1.25 chéng han r8i ding lénh tinh

gi4 trj CALC
r1.25=
o] M%.}h &
[ odZ =2 dZ +Z
L2
1024

Vay hiéu trén khac 0 hay dap an A sai.

> Bit dau ta kifm tra tinh dung sai cua dap an’ A Neu dap an- A diing.thi

F i log 45 = a’v+ 2a phal bang 0 Ta nhap hleu tren Vao may tmh Casw Ve
; 16$45$pan+2QZQxRQzQx— ' f : o
' B M.Et: A
cAEe _A+ZA
1|_|-:I,5l -.Lu ] e

-1.340434733

K&t qua hién thj ctia mdy tinh Casio la 1 gia tri khac 0 vy dap an A sai
Jiel 23
a

» DE&kiém tra dap sd B ta stra hidu trén thanh =
( ﬁ—z) S
a

looo
o} Math &

= "~ -
i3S +1 _'«;{::-:;.'_—'-II:.T _y
(wdE—z) Z+E2

R6i lai tinh gia tri cta hiéu trén véi o =1.25

rl.25=
o] Mﬁ'h &
f? )
(/7 -2) 24
1545
1024
Van ra 1 gia tri khac 0 vdy B sai.
af+| a:—ﬁ
» Tuong tu vay ta sé thdy hiéu ( - )ﬁ“ -d
a?ry
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l"l - o -:-:-l'.‘l‘-' - l-lnl-
= -
[ = _ =+
..-.I-l.a.. |

Vay dép s6 C la dap s& chinh xac
» Cach tham khao: Tu luin

Al -y Jisrsf2- 02
N I-a.. K] =a ( ) 3

= Tarutgontirsd a =g

*» Tiép tuc rat gon mau sd (u“z':) B e

* Vay phén thirc tré thanh — =" =

. : a
+¢ Binh ludn.
» Nhic lai mot s6 cong thire ham s§ mit co ban xudt hién trong vi dw da".a" =a""",

"

(am )" =" , a ="

"

[}

BAI TAP TU LUYEN

Bai 1-[Chuyén Khoa hoc Ty nhién 2017] Cho log, (log, x) = log, (log, x) thi (log, x)° bng?

A3 B. 33 C. 27 D. %
Bai 2-[Chuyén Lam Son ~ Thanh Hoéa 2017] Néu log,, 6 =a,log,, 7 =4 thi:

b a
A. log,7 =— B. log,7= C. log,7=—— D. log,7=——
o8 1~ o8 l—u o8 1+5 o8 l+a
, } a\/iﬂ a:—ﬁ )

Bai 3-[Bao Toan hoc Tudi tré 2017] Rut gon biéu thite ————— (v6i a>0) dugc két qua:

(aﬁ—l) 2+2

A 4 B. « C. D. d'

Bai 4-[THPT HN Amsterdam 2017] Bién d6i ¥x°¢/x (x>0) thanh dang liy thita véi s&
m hiru ti, ta dweoc:

A x? B. x© C. x® D. x°*
Bai 5-[Thi thir Chuyén Sw pham Iin 1 ndm 2017] Tim x biét log, x =4log;a +7log,b:
A x=d'p B. x=a'#’ C.x=a'b’ D. x=a'b*

1
Bai 6-[THPT Kim Lién — HN 2017] Cho ham s& y= 20166, Khéng dinh nao sau day
dang?
A. y+2yin2=0 B. y'+3yIn2=0 C. y'~-8in2=0 D. y'+8yin2=0

22 - , ‘
-yl] (1-2P+XJ voi x>0,y>0.
X X
Biéu thic rat gon chia X 1a?

o Ax . B.2x o Gl Dox-l
Bai 8-[THPT Pham H‘(‘)ng Thai - HN 2017] Choa,b > 0:a” + 5% =1598ab Ménh dé dung 1&;

-

Bai 7-[THPT Nguyén Trii — HN 2017] Cho K :(x

A. log a:()b =%—(loga+ log b) B. log a;)b =loga +logh
a+b | a+b
C. log-———6—=z(logu+logb) D. log 0 =2(loga+logbh)
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Bai 9-[Thi Hoc sinh gi6i tinh Phit Tho nim 2017]
Cho cacs8 a>0,b>0,c >0 thoa man 4 =6" =9°. Tinh gia tri biéu thiic T _bLt
a c

Al B. C. 2 D.

o | W
M| o

LOI GIAI BAI TAP TU LUYEN
Bai 1.
= Phuong trinh diéu kién <> log, (log, x) - log, (log, x) = 0. Dd nghiém phuong trinh, lwu
vao 4
12$i8$Q)$$pi8%i2$Q)qri=qJz
IDQE(IDG:IHJW—II Brs+A
A= 36, BRO44576
L—E— 1] J6. bE044576

R] Math &

B Math &0

i Dap s0 chmh xac laC -

B;ll 2.
* Tinh log,, 6 réi leeu vao 4
i12%6=qJz
@ Math & B Math &
109, -16] AnE+A

0. 7210570543 0.7210570543

* Tinh log,7 rdi luuvao B

12$Qz$d=
@2 Math & @ Hath A

log, (7 Ars+B

0. 7eal915514 0. 7850918514

Ta thdy log, 7 ~1-—”— ~0 = Dép s8 chinh xéc1a B
—-d

i2$7$paOxR1pQz=
B Hath &
logz 0 -1=
I
Bai 3.
. s e, 125005
= Chon a>0 vidunhw a=1.25 changhan. Tinh gia trj ~~~—""— r6i lru vao 4

ﬁ
(125%)
al.25"s3%$+1$01.25"2ps3R(1.25"s2$p2$)s2%+2=q]z
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F Mok &,
(1.2e4E-z)4s+  HNE*A
T 5158
1024
25 SR L L
* Tathay 17 =(1.25) =« = Pap s6 chinh xacla C

* Chon a>0 vi dunhu a=1.25 chéng han. Tinh gi4 tri 1254125 rdileuvao 4

qr3$1 .25"5$Oq"4$1 .25=q]7.
S i B Math A

+H

N.oesatT oy

w e

1. 477721264 1.4

21

= Tathdy 4=(1.25) wu' = DPéap s8 chinh xacla B

Bai 5.

"

!

7

Math A

~Math A

= Theo diéu ki¢n ton tai cua ham logarit thi ta chon a.h>0. Vi du ta chon a=1.125 va

h=2.175
Khi d6 log, x=4log,a+7log,b<> x=3
37(413$1.125%+713$2.175%)=

Alog, a+Tlog,

R Mauth &
ACdloaz 1. 1251+

3 b

= )
(u i

» Thir cac dap an ta thay x=(1.12 ) (1. 175) = Pap s chinh xac la B

@ Math A

(1. 1250402 175

Bai 6.

: a V ) 25 n—I- -

= Chon x=125 tinh y=2016¢ ' rdiluuvao 4
_ 20160QK"1.25h1P8)=qJz

& Math &

l"lll].l_-\. -1-...51!"[':1+E_ H”' H

149, 240095

= Tinh y'(1.25) r6i lvu vao B
qy20160QKAQ)OR1P8)$$1.25=q)x

m Math A . &
._1?[ MG 0 ANS+B
-a411. 6337213 -311.583

Rérang B+3In2.4=0 = Dap s6 chinh xacla B
Bai 7.
= Chon x=1.125 va y=2.175 rdi tinh gia tri biéu thitc X

Math &

143, 3400965

Math &

(1.12570.5$p2.175"0.5$)dO(1p2sa2.175R1.1258$+a2.175R1.125%) "p1=
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_ B A
(1.1265-=-2 175
e
=
* Rorang K:%:1.125:x = Dap s0 chinh xacla A
Bai 8. ) )
. Chon a= 2 = He thuc trothanh 4+b“1—3196b <:>b“—3196b+4 0, Dongmem valuu

VAo B

Q)dp3196Q)+4qr1~q]x

CMath . TR THath AT

12-31963s 4 AnseB
h= Eﬁlﬁbdﬂxﬁ?
L-R= 0 1. 25156494655
, a+b 2+B
= Tinh log 20 =log 20
ga2+QxR40%)=
1nal ££]
-1.300758307
» Tinh tiép loga +logh
g2)+gQx)= "
10a(2)+10atB)
-2.601516614

= Dép s8 A la chinh xac

RG rang gia tri loga+logh gidp 2 lan gia tri log a4+;)b

Bai 9.
* Chon a=2 Tithé thitc ta c6 4 =6’ < 6" —4? =0. Db nghiém va a luu vao B

6" Q)Spéraqri=qix

B Math A . B Math &
B4 - Ans+h |
A= 1. 54?411”29 - |
= L= i 1547411229
= T{r hé thic ta lai 6 9 ~4>=0 t Do ngh1em valueu vao C
ga2+QxR40%)=
B Math = Hath &
9 -4= AnsC
%= 1.261859507 )
L-R= 0 1. 261559507
= Cudi cung la tinh T—;b]-+—b-=-?+~g—2 = Pép s6 chinh xacla C
aQxR2$+aQxRQc=
E E B Math &
A
2
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T.CASIO CHUNG MINH NHANH TINH BUNG SAI CUA MENH
BE MU — LOGARIT

) PHUONG PHAP.

Chitng minh tinh ding sai cua ménh dé mi - logarit 1a mét dang téng hop khd. Vi vay
dé lam dugc bai nay ta phai van dung mét cach khéo léo cic phweong phap ma hoc tir
cac bai trudc. Luyén tap cac vi du dudi day dé 1ay tich liy kinh nghiém xir 1y.

1) Vi DU MINH HOA.

VD1-[Dé minh hoa THPT Quéc gia 2017] Cho cic s6 thuc a,b véi a=#1. Khing dinh nao
sau day la khang dinh dung?

A. log , (ab)= %logu b B. log . (ab)=2+2log, b

C. log , (ab):—l—log{,b D. log, (ab):-l-+llog“ b
L 4 “ 2 2
Gidi
» Cach 1: CASIO
» Ta hi€u, néu dap dn A dang thi phuong trinh log . (ab)—%logub =0 (1) v6i moi gia tri

ctia a.h théa man diéu kién «.b thuwcva a=1. Ta chon bt ki A=1.15 va B=0.73cha
han. Nhap vé& trdi ctia (1) vao may tinh Casio r6i dung 1énh tinh gid trj CALC
iQzd$QzQx$palR2$iQz$Qxr1.15=0.73=

) 'El 1 Math &
109,z (ABI-Z 109,k
i

May tinh bdo k&t qua la mét s6 khac 0 vy vé trai ctia (1) khéac 0 hay dap an A sai.
> Twong tu ta thiét [ap phuong trinh cho dép an B la log,. (ab)-2—2log,b=0
St dung chiec nang CALC gan gia tri 4=1.15 va B=0.73 cho v& trai ctia (2)
iQzd$QzQx$p2p2iQz$Qxr1.15=0.73=
o] ath A

M
109, = (ABI-2-21Ck

1.677644223
Tiép tuc ra mét s8 khac 0 vay dap 4n B ciing sai
> Tiép tuc phép thir nay va ta sé tim dwoc dap an D la d4p 4n chinh x4c
ind$QzQx$pa1R2$pa1R2$in$er1.15=0.73=

Math &

109,z (ABI-2-%1b
Q

% Cach tham khao: Tw luan

a>0,a=1

» Diéu kién
b>0,b=1

= D@ thdy log , (ab) :%log“ ab = %(log“ a+log,b)= % + %logu b
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< Binh luan:

¢ Chiing ta chi y phan biét 2 cong thixc log, x" = mlog, |x| va log , x= %logln| x

¢ Theo kinh nghiém lam nhiéu tric nghidm cta tac gia thi dap an ding thuong c6 xu
hudng xép & dép &n C va D nén ta nén thir nguoc tir dap dn D tro xudng thi nhanh tim
duoc dap an ding nhanh hon.

VD2-[Dé minh hoa THPT Quéc gia 2017] Cho 2 8 thuc a,b véi 1<a<b. Khing dinh
nao sau day 1a khing dinh dung
A.fog b<l<log,a B. I<log, b<log,a C. log,a<log, b<l D. log,a<l<log,b

Gidi
% Cach 1: CASIO

IEal=FY4z)
5. 136160681

Tinh gia trj cuia s6 hang log, a
iQx$Qzr2.05=1.15=

o} Math A

1oag (A
u 1”4#9 537
» R rang log, a<1<log, b = Dapsd chmh xac la

% Cach tham khao: Tw ludn
" Vicosd a>1=log,a<log,b=l<log, b (1)

s Vicos§ h>1 =log,a<log,bolog,a<l (2)

» Két hop (1) va (2), ta c6: log,a<li<log,b = D ladéap an chinh xac

«+ Binh Judn:

e Cht v tinh chit cta co s8: Néu a>1 thi log,u>log,v< u>v nhung néu 0<a<l thi
log,u>log,veu<y

VDS5-[THPT Béo Lam — Lam Déng 2017] Cho hé thitc a* +b> =7ab (a,b>0). Khang dinh

nao sau day ding?

A.dlog, atb_ log, a +log, b B.2log,(a+b)=log,a+log,b
a+b a+b
C.log, 3 =2(log, a+log, b) D. 2logz——3——=logla+ log, b

Gidi

o Cach 1: CASIO
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1=q]z

o] Math &
Y] 1

HI=*H

7 -+ 3 \/—5_
2
a7+3s5R2=q]x

Luu b= vao bién B

O] Math &
Hns+E
T+ I'-I =

7
a

> Néu ddp an A diing thi 4log, “*2 log,a~log, s =0 D& kiém tra sw ding sai ctia hé

thirc nay ta nhap vé trai vao mdy tmh Casio r6i nhan nut =néu ket qua ra 0 la dung con
khac 0 1a sai

412$aQ2+QxR6$$pi2$Qz$pi2$Qx=

E] Mxth A
4109z 2] -10a.p
-1. f!:'!':'f]:'i 145

Két qua biéu thirc v& trai ra khac 0 vay dap an A sai
> Tuong tu nhu vdy véi cac dap an B, C, D va cudi cing ta tim dugc dap an D 1a dap an
chinh xac

2i2%aQz+QxR3$$pi2$Qz$pi2$Qx=

E] Math A&
21034 ["'3 -loa.F

« Cach tham khao: T luan

. 4 :
j" Bién déi o® +b* = Tab < (a+ b)2 =9ab < (ff_‘_g':_b_) =ab

' Logarlt co s 2 ca 2 vé&'ta duogc: Iog (g—;—b] =log, ab < 2log, a; b =log,a+ lo'g2 b
¢ Binh luan
e Mot bai toan bién d6i twong d6i 1a zic zéc ddi hoi hoc sinh phai nhuan nhuyén cac
cdng thitc va ac phép bién d6i Logarit
VD4-[Chuyén Vi Thanh - Hiu Giang 2017] Né&u log, x =8log, ab® - 2log, a’b,(a,b > 0) thi
x bang:
A. a'p* _ B. a’b" C. a®b" D. &*p"
Giai
% Cach 1: CASIO
» Chon gié tri a,b thoa man diéu kién a,6 >0 thuec. Ta tiép tuc chon a=1.15 va b=2.05
» Tac6 log, x =8log, ab® ~2log, a’h <> x = 78I s
77817$QzQxd$p2i7$Qz 3$Qxr1.15=2.05=
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B0616. 02068
~ Vay ta biét duoc x =30616.09068 e
> Taéi day ta chi can tmh gia tri cac dap an A B C D xem dap an nao bang 30616 09068‘
| laxong. T e

Va ta thdy dap s§B 1a dap sO § chinh xéc
QzdQx"14r1.15=2.05=

D] Math A

ﬁiaid
S0616, 09063

% Cach tham khéo: Ty luan

, 8716
= Thu gon log, x = log, (abz)8 ~log, (asb)' = log, (asb”’) log, a®h”* =log, aéb =log, a’b"
m Vicosd b>1 =log,a<log, h<log,a<l (2)

= K&t hop (1) va (2), ta cé: log,a<l<log,b = D ladap an chinh xac

+» Binh ludn:
e Cha v tinh chat cta co s8: N&u a>1 thi log,u>log,v<> u>v nhung néu O0<a<l thi

log,u>log, v u<vy

VD5-[THPT Bao Lam ~ Lam Déng 2017] Cho ham s8 £ (x)=3".4*. Khing dinh nao sau

day sai:
A f(x)>9< x* +2xlog,2>2 B. f(x)>9 < x’log, 3+2x>2log,3
C.f(x)>9 < 2xlog3+ xlog4 >log9 D. f(x)>9< x*In3+xin4 >2In3

Giagi

< Cachl CASIO

” Quan sat bang gia tri (chu y lay phah F( ) > 0)

D] Math
i Fiul
1 2498. 54
g -2|-3.831
q -1l -B.25
Thdy x<-2,... Taddt x<a
D] Hath
" Fins
I
g d' 1281

Thiy x<0,.... Taddt x>b
» D& phong to khoang nghiém va tim chinh xac a,b hon ta chon lai mién gia tri caa X
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C=p3=1=0.25=

[o] Hath

oW
10

%
mmn
LI =]
e
[=FTa}
mm-
N =g

moam
w

Vay x>0.75 va x<-2.25

> Viéc cudi cung la ta chi can do khoang nighiém xudt hién & déap an A, B, C, D xem
khoang nao trung vai khoang nghiém trén thi la dung.
w7Q)d+2Q)i3$2$p2==p3=1=0.25=

' D] HMath
H F il
3| —a,g|i.0853
s L MLEEE
5 -al-n.saal
D] ‘-M::th B
u Fik
o e
IB| 0.75(-0.u83)
in ilo.2618]
0.5

Ta thdy dap an A tring khoang nghiém vay dap an A la dap an chinh xéc.
<+ Cach tham khdo: Tu luin

30 G
>— o374
9 4

= Biéndéi f(¢c)>9=3 4 »9

= Logarit cos8 3 ca 2 vé& ta duoc: log, (3“:"3 ) > log, (4“") &y -2>-—xlog, 4 < x* +2xlog, 4>2

«+ Binh luin:
s Mot bai tw ludn ta nhin la biét dung phuong phap logarit ca 2 vé& ludn vi 2 s8 hang
trong bat phuwong trinh khac co s8 va sd mi ¢ nhan tr chung x.

BAI TAP TU LUYEN
Bai 1-[HSG tinh Ninh Binh 2017] Cho cac s6 duong a.b.c va a=1. Khing dinh nao
dung?
A. log,b+log,c=log(bh+c) : B. log, b +log, c=log,|b—|

C. log, b +log, c =log, (bc) D. log, b +log, c=log, (-b—)
: , -

Bai 2-[Thi thi tinh Lam Dong - Ha Néi 2017] Cho 2 s8 thyee dwong a.6 voi a=1. Khing
dinh nao sau day la khéng dinh dang?

a1 1 ( u
A. log“; (ﬁ] = 5‘(] + Elog“ bJ B. lOD”_‘ Kv\/z*j
C. log , (%] :—;—[1 ——]z-log” bj D. log (%] = 3[1 —%logu bj

3 4

Bi 3-[Chuyén Nguy&n Thi Minh Khai 2017] Néu o* > a5 va log, % < log,% thi ta c6:

:%(1 ~2log, b)

A . O<a<b<l B. 0<h<ax<l C.0<a<l<b D.l<a<b
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Bai 4-[THPT Lwong Thé Vinh — HN 2017] Khéng dinh nao sau day la dung?

1999y

A.Ham s6 y=¢"""" nghich bién trén R B. Ham s8 y =Inx d6ng bién trén (0;+ )
C.log;(a+b)=log;a+log,b D. log, b.log, c.log,a=1 véi moi a,b,c€ R
Bai 5-[Chuyén Vi Thanh ~ Hau Giang 2017] Cho 0<a<1. Tim ménh dé sai trong cac

ménh dé sau:

A. log, x>0thl 0<x <l B. log, x <0 thi x>1

C. x, <x, thi log, x, <log, x,

D. D6 thi ham s8 y =log, x co tiém c&n ding la truc tung
Ba1 6- [THPT Llrong Thé Vinh - HN 2017] Tim ménh dé ding trong cdc ménh dé sau?
H: : yloga x V01 0<a <1:1a mot ham so dong bign trén Khoang (05 o)

=B, Harn $6 y= log” x v6ia>11a rnot ham s& nghlch bién trén khoang (0;+c)

c. Harnso y= log, x (0<a a:tl) cotapxacdmhR

D Do thi cac ham s8 y=log,x va y= log, x (0<a; a¢l) doi xungnhau qua truc hoanh

el

Bal 7- [THPT HN Amsterdam 2017] Cho a,b la cac s6 terc ducmg va a=l. Khang dlnh
nao sau day dung?
A. log ;. (a" +ab)=2+2log, (a+b) B.log . (a* +ab)=4log,(a+b)
C. log - (a2 + ab) =1+4log, b D. log (az + ab) =4+2log,b

Bai 8-[THPT Kim Lién - HN 2017] Trong cic khing dinh sau, khang dinh nao sai:
A.Ham s8 y=logx 1a ham s6 logarit
B.Hams8 y=(3") 1aham s mi
C.Ham s6 y=(r)" nghich bién trén R
D. Ham s8 y=Inx ddng bién trén khoang (0;+«)

Bii 9-[S& GD-DT Nam Dinh 20171 Cho a>0;a#1 va xy 1a 2 s duong. Khing dinh nao
sau day la khang dinh dang?

x _log,x _log,x
A log,~= fog, » B.log, (x=-y)= log. 7
C loga ‘;—log” ﬂl‘cv)g;,"" o N D. log, (x y)—log x— log”
LOI GIAI BAI TAP TU LUYEN
Bai 1.

» Chon a=1.25,b=1.125,c¢=2.175 r6i luu cac gia tri nay vao 4, 8,C
1.25=qJz1.125=q]x2.175q]c

B Math A B Math A
ANS*A Ans2B
=] 2
4d ba]
7] Math A
2,175
a7
40

» Kiém tra 4 d4p 4n va ta c6 ddp an C chinh xac vi log, b+ log, ¢ ~log, (bc) =0
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1Qz$Ox$+1Qz$QchpiQz$QxQc=

Math A
=P IEJ+1HG Lk
I
Bai 2.
* Chon «=125h=1.125 16i luu cdc gia tri nay vao 4, B
1.25=qJz1.125=gJx
|' R] Hath A @ Math A
hgm o A
BIS+H Ans+h

Ljin

e RV 1
» Kiém tra 4 dap an va ta c6 dap an C chinh xac v1 log , (?/‘%J-—-;—[l _ElOg“ b) =0
‘ /

1Qz"3$$aQzRsQx$$$palR3$(1palR2$iQz$QxF)=

2 Math &

05,0 £5)-4(1°

Bai 3.

3 4 3 4
* Tir a® >a® < a® —a® >0. Tim mién gi tri cttaa béng chic ndng MODE 7= 0 <a <1
w7Q) a3R4$$pQ) adR5==0=3=0.2=

@ Math
] Funs
g 9,303
B 1|
1 =281 -0.01

. 1 . an il Y . v
= Tu log,,§< log,%o Iog,}—lz——log,%<0. Tim mién gid tri cia b bang chitc ndng MODE

7=b>1
w7iQ)$al1R2$$piQ)$a2R3==0=3=0.2=
E ? Math
b Lol
G| SN | EREOR
'1 l B E - I L] 5'1'1
B | L] u -[l- BE“

Tom lai 0<a<1<b = Dap s6 chinh xacla C
Ba1 4,

- Khang dlnh A c6 58 mil qua cao nén ta dé lai sau cung
i. Kiém tra khing dinh B béng chirc nang MODE 7. Ta thdy F(XX) ludn ting = B chinh xac

| w7hQ))==0.5=10=0.5=

‘B M:ﬂh
1 Fid)
éimi -0.E83
il 1.5l0.unsY

= Visao dap an C, D sai thi ta chi viéc chon a=1.25, b=-3.75 la r& ludn (vi diéu kién
rang budc khong 6 nén d€ dam bao tinh tdng quét ta s& chon mot gia tri duong mot
gia tri am).
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Bai 5. Cho 0<a<] vay ta chon a=0.123. Kiém tra ddp s6 A ta dd mién nghiém ctia
phuong trinh log, x >0 xem mién nghiém c6 trung véi 0 <x <1 khéng la xong. D& 1am
viéc nay ta st dung chitc ning MODE 7
W7i0.123$Q)==0.2=2=0.2=

Math

" Fril
y O-H|Oa IOEY
5 1]
B -1 -0.0817

1.2

Quan sat bang gia tri ta dugc mién nghiém 0<x <1 (phan lam cho F(X)>0), mién
nghiém nay gidng mién 0<x <1 viy dap s6 A dung

* Twong ti cdch ki€m tra dap an A ta ap dung cho dap 4n B thi thdy B dung

* D kiém tra dép an C ta chon hai gié tri x, =2<x, =5. Thiét lap hiéu log, x, - log, x,
Né&u hiéu nay ra 4m thi C dung con ra duong thi C sai. D€ tinh hiéu nay ta st dung
chitc ndng CALC
0.125$2$pi0.125$5=

Math &

6}
109y, 1==020-109k

0. 44064 26583
Véy hiéu log, x, —log, x, lén hon 0 hay log, x, > log, x,. Vay dap 4n C la sai
Baie.
= Cau D kho hiéu nhét nén ta wu tién di xac dinh dung sai cac dap 4n A, B, C truede
= Kifm tra khang dmh dap an A bang chuc nang MODE 7 v6i a=05 théa 9<a<l. Ta
'thay F (X )giam: oo :
L Asai= Dab an.- B ciing sai. -
W7i0.5$Q)==1=10=1=

& Math

F i
1}
-1
~ 1«58

u

[

-
E |

|
[
3

= Kiém tra khang dinh dép 4n C bang chtrc ning MODE 7. Ta thdy ham s& khéng xac
dinh khi x<0
= DPép an C cling sai = Tém lai dap an chinh xdcla D
w7i25Q)==p9=10=1=

Rl Math
: Fidl
|l | EFn
2 -Bf EEEUE
3 -1l EERuE

Vay ta s chon a= 2 x=5 16i tinh y= log25:2.32... vé yzlogl x=-232.. = Ddang

R] Math & [F] Math A

logzCh) logy )

2. 321928095 -2.321928095
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T. CASIO GIAI NHANH BAI TOAN CHUA THAM SO M0
LOGARIT

) PHUONG PHAP

* Budc1: Colap m dua vé dang m > g(x) hodc m< g(x)

* Budc 2: Dua bai toan ban dau vé bai toan giai phuong trinh, bat phuong trinh da hoc.

1) Vi DU MINH HOA

VD1-[Thi thir chuyén KHTN lan 2 nam 2017]
Tim tap hop tét cac cac gié tri cia m &€ phuong trinh log. x ~ log, (x-2)=m c6 nghiém:
A lsm<+o B. l<m<+o C.0sme+o D. 0<m<+cx

Gidi

% Cach 1: CASIO

» Dt log, x~log,(x-2)= f(x) khi d6 m= f(x) (1). D& phuong trinh (1) cé nghiém thi m
thudc mién gia trj cda f(x) hay f (mm) <m< f(max)

> Téi day bai todn tim tham s& m duge quy vé bai toan bim 1 min, max ctia mot ham s6.
Ta st dung chitc nang Mode véi mién gid tri ctia x 1a Start 2 End 10 Step 0.5
w7i25Q)$pi2$Q)p2=2=10=0.5=

Math

FLK3

15 O 3§a5

|6 9. 0. 381

11 IPEFTE: )

=

» Quan sat bang gia tri F(.X) ta thdy f(10)~03219 vay d4p s6 A va B sai. Déng thoi
khi x cang tdng vay thi F(.X) cang gidam. Vay cau hoi dat ra la F(X) c6 giam dugc vé
0 hay khong.
Ta tw duy néu F(X) giam dwoc vé 0 c6 nghia la phuong trinh £ (x)=0 6 nghiém. D&
ki€m tra dy doan nay ta st dung chitc nang do nghiém SHIFT SOLVE
i28Q)$pi28Q)p2qr3=

D] Math
Carm® . 2alws

Cazl Cancel
C41Cel:Goto
May tinh Casio béo phuong trinh nay khéng c6 nghiém. Vay ddu = khéng xay ra
» Témlai f(x)>0 < m>0 vaD la dap én chinh xac
*» Cach tham khdo: Ty luan
» Didukién: x>2

s Phuong trinh <> m= logz[

<m=log, | 1+ . : |
2 B x=2 T S e

X —
Slogal=0
2) 5 el Y

* Vix>2nénx—2>0=14
| -

2 >1 :>log7[1+
x=-2 i

2 J>0
x—2

Vay m= log[] +
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*» Binh luédn:
Mbt bai todn mau muc ctia dang tim tham s8 m ta giai bang cach két hop chirc nang
lap bang gia tri MODE 7 va chitc nang do nghiém SHIFT SOLVE mdt cach khéo 1éo

e Chity: m=/(x) ma f(x)>0 vay m>0 mdt tinh chit bic cAu hay va thuong xuyén gap

VD2- [Th1 thu chuyen KHTN lan 2 nam 2017]

Gidi

% Cach 1: CASIO
> Colap m=""% = £(x) (m>0)
X
Tdi day bai todn tim m trd thanh bai toan sy twong giao cua 2 d6 thi. D& phuong trinh

o s . o aa Inx ¢ e . .
ban dau cé dung 1 nghiém thi hai d6 thi y = —n—;— va y=m cb dung 1 giao diém.
X

A1 a i i a1y In> . s e LAl 1A
» D& khao sat su bién thién cua hamy :—2; ta sit dung chitc nang MODE véi thiét 1ap
X

Start 0 End 5 Step 0.3
w7ahQ))RQ)"4=0=5=0.3=
o] Math
b Finl
R
B mm® | 52 0

Quan sat sy bién thién cia F(X) ta thdy f(0.3)~-148.6 ting dan téi F(1.2)~0.0875
roi gidm xudng F(5)~2.9.107 =0

4

> Ta thdy f cuc dal ~ 0:875 De ha1 do th1 y—‘hx va' y~m co dung'l glao dlem tl’u

duong thang y=m tlep xtic voi du’ong Cong y = ta1 dlem cuc da, =m
¥ e

Vay dap an A la dap an chinh xac.
% Cach tham khdo: Ty ludn

= Diéu kién: x>2

; g 2
= Phurong trinh <:>m=l0g,( u j <:>m:|0g,(1+ j
Ax—-2 B x=2

e Vix>2nénx-2>0=>1+

2
>log,1=0
2j &

X —

>1 :logz(H-

X -

Vay m:log(l+ 2 j>0
x—2

< Binh luan:

e Mot bai toan mAu muc ctia dang tim tham s8 m ta giai bang cach két hop chirc ning
lap bang gia tri MODE 7 va chitc ning do nghiém SHIFT SOLVE mot cach khéo léo

o Chiiy: m=f(x) ma f(x)>0 viy m>0 mot tinh chdt bac cau hay va thuong xuyén gip

166



VD3-[Thi thu THPT Luc Ngan - Bic Giang lan 1 nam 2017]

Tim m d€ phuwong trinh 4(101, f) —logz,' x+m=0 c6nghiém thudc khoang (0; 1) ?

R
A, -ISms-l— B. m<l C.O<ms—]- ‘D.mx—=
4 4 4 T4

Giai
Cach 1: CASIO
Colap m= ~4(log: \/?) +log, x

Dat —4(Iog:\/;): +log, x= f(x) khi d6 m=f(x) (1). D& phuong trinh (1) c6 nghiém

thudc khoang (0:1) thi m thudc mién gia tri cia f(x) hay f(min)<m< f(max)khi x

chay trén khoang (0:1)

Bai toan tim tham s& m lai dugc quy vé bai toan im min, max ciia mét ham s8&. Ta st
dung chitc ning Mode v6i mién gié tri cia x 1a Start 0 End 1 Step 0.1
7p40i2$sQ)$$d+ial R2$$Q)==0=1=0.1=

Math

BN

0.3
1

Quan sat bang gia tri F(X) ta thdy F(X)<f(0.7)~0.2497 ~ vay dap an dung chi c6

1
B
g

(l
0. 1938
0. 2481
O.2182

thé'la B hoac D

Tuy nhién vin d& 1a m =:‘1- c6 nhan hay khéng. N&u nhan thi dép s3 D 1a ding, néu

Kkhéng nhan thi dap s3 B 1a diing.

D@ kiém tra tinh chat nay ta thé m =—l{- vao phuong tinh 4(IogZ \/;)Z ~log, x +—:: =0 rdi
: ‘

diing chtrc néng dd nghiém SHIFT SOLVE d& xem c6 nghiém x thudc khoang (0;1)

khéng la xong.

40i2$sQ)$$dpialR2$$Q)$+alR4qr0.5=

e

A= 07071 I:IE.EAEI%

D] Math

g
i

May tinh Casio bdo cé nghié 0.7071... thudc khoang (0;1). Vay dau = c6 xay ra.
Tém lai m s;‘I va D Ia dép 4n chinh xéc.

Céch tham khdo: Ty luidn
Diéu kién: x>0

Taco m= —4(log2 \/:v_) +log, x =—4(%log2 x) ~log, x= —(log2 x)2 —log, x

. 1 1Y 1
Vay m=-——|log, x+—| £—
W=y ( £ 2) 4
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1
Dau = xay ra <:>log2x+—;—=0<:>log2x=—%<:>x=2 i L

NG

< Binh ludn:

e D& xem ddu = xay ra hay khong thi ta sé thit cho d&u = xay ra va st dung chitc ning
do nghiém. Néu xuat hién nghiém thoa man yéu cau dé bai thi ddu = xay ra.

VD4-[Thi HK1 chuyén Amsterdam -HN nam 2017]

V01 gia tr1 nao cua tham ‘. log

l

phan b1et7

: ,A,m_>3 T
Laitoniits K L

Gidi

< Cach 1: CASIO
» Dit log, [x-2[~log, (x+1)=f(x) khi dé m= f(x) (1).

Bai toan tim tham s& m trd lai bai toan sw twong giao ctia 2 d6 thi. D& phuong trinh
ban dau c6 3 nghiém thi duong thing y=m cit d6 thi ham s8 y= f(x) tai 3 diém
phan biét

> Tacéd y=m la dudong thang song song véi truc hoanh

> D& khao sat sy bién thién cua d6 thi ham s8 y = £(x) ta st dung chitc néng lap bang
gia tri TABLE v6i thiét 1ap Start —1 End 8 Step 0.5
w7ia1R2$$ch)p2$$pia2R3$$Q)+l==p1—8—0 5=

F l...l
ERROE
-3- 3 l

Math

[N
Quan sat bang gia tri ta m6 ta dwoc sw bién thién ctia ham f(x) nhw sau

(215)= = flx)
FlLS= -3, Fi231=40 ¥ Slx

Y=an

Figi=27

Fil-DS =30

> Rorang m<2 thi2 d6 thi tren cat nhau tai 1 diem= Dap sO B sai
ni=2 cling c4t nhau tai 1 diém’ :> Dap art Cva D cung sal: o
Vay dap s6 chmh xac laA- '

< Binh luan:

» Bai toan thé hién duoc strc manh cia may tinh Casio déc biét trong viéc khao sat cac
ham chira ddu gia tri tuyét d6i. Cach tur luan rat ric réi vi phai chia lam nhiéu khoang
dé khao sat s bién thién nén tac gia khéng dé cap.

VD5-[Thi HK1 THPT Chu Vin An -HN nim 2017]

Tim tat ca cac gia tri thyge cua tham s§ m d& phuong trinh 9 =3+ m=0 ¢4 hai
nghiém trai ddu

A, m<0 B. 0<m<38 C.me [0;%) D. Khoéng ton tai m
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Gidi
< Cach 1: CASIO
» Colap m=-9" +3
Dat ~9" +3 = f(x) khi d6 m= f(x) (1). Bai toan quy vé dang tuong giao ctia 2 d6 thi.
D& khao sat su bién thién ctia ham s6 y = f(x) va duong di ctia d6 thi ta st dung chitc
ndng 1ap bang gia tri MODE 7 vdi thiét 14p Start -9 End 10 Step 1.
W7p9nQ)$+37Q)+2==p9=10~1~

0] Math
Fid
g| M) | 2. 6686
T 0 B
i | IB

-1
» Quan sat bang gia tri ta m6 ta duong di ciia d6 thi ham y = _/'(x) nhw sau:

N ETRST

J1=91=0

S0 s ~x

Nhin so db ta thdy dé duong thdng y=m cit d6 thi y=f(x) tai 2 difm A va B 6
hoanh dé trai dau thi 0<m <8
= Cla dap an chinh xac

% Cach tham khao: Tu luin

= D&t 3" =¢(1>0). Phuong trinh < f(1)=1-9%+m=0 (1)

* Khi x>0 thi 7>3°=1. Khi x<0 thi r<I. Vay d€ phuong trinh ban dau cé 2 nghiém
trai ddu thi phirong trinh (1) cé 2 nghiém dwong thoa man ¢, <1 <¢,

A>0 81-4m>0
V3 S>0 9>0 0 g
&= P>0 < m>0 cUems

af ()<0  |1.(m~8)<0

1
_:—1

Sx=2

J2

” . 1
Dau = xay ra <:>Iog2x+—;—:0<:> log, x =—

2

*» Binh luin:

e Hai giao diém c6 hoanh d¢ trai d&u thi phai ndm vé 2 phia ctia truc tung

¢ Dép dn A sai vi 2 d6 thi chi cdt nhau tai 1 diém nim ¢ bén phai truc tung

e Néu 18>m>8 thi2 d6 thi cit nhau tai 2 diém déu nam bén phai truc tung viy dap an
C sai.

169



BAI TAP TU LUYEN
Bai 1-[Thi HSG tinh Ninh Binh nim 2017]

Tim tAt ca cac gia tri thuc cia tham s& m d€ phirong trinh 47 —29 41 6=m c6 3 nghiém

phan biét?
A . m=3 B.m>2 C.2<m<3 D.2<m<3

Ba1 3- [Th1 HK1 chuyen Amsterdam -HN nam 2017]
Tap gia tri cia tham s6 m d& phuong trinh 5.16' ~2.81° = m.36" c6 dung 1 nghiém?
B. [m <2
LI?? 2 \/5
Bai 4-[Thi HK1 THPT Ngd Thi Nham - HN nam 2017]
Phuong trinh log, x - log; (x —2) = log ; m vO nghiém khi:

A . m>0 C.Véimoi m D. Khéng ton tai m

A . m>1 B. m<0 C.0<msl D. o m<l

LOI GIAI BAI TAP TU LUYEN
Bail.
o Cach 1: CASIO
; Dt fx)=4 25 %6 Khi d6 phuong trinh ban d5u & flx)=n : ‘
L', Str:dung Ca51o khao sat su bién thién ctia 5 thi ham sO y=f(x ) vai thiét 1ap Start —4
| Ends Step 0.5 . ' : ‘
w74’\Q)d$p2’\Q)d+2$+6 =p4=5=0. 5:

0] Math
" F il
Bl -1 Ela.c0d1
B | ] | 7

* Quan sat bang bién thién ta vé duong di ciia ham s

Fi=dr=+x .
j|:~}§+x

P finias

4 £ Q) =3 B

Fi-li=2 1 fill=2

R6 rang y =3 cit d6 thi ham s8 y = f(x) tai 3 di€m phan bi¢t vay dap an A la chinh xac
% Cach tham khdo: Tw luan
s Dt 2" =/ khi d6 phuong trinh ban dau < 1> —4r+6-m=0 (1)
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Ta dé v tinh chat sau: Néu =1 thi x=0 con néu >0 =1 thi x=+flog,r. Vay d€
phuong trinh ban dau c6 3 nghiém phan biét thi (1) c6 2 nghiém trong dé ¢6 1 nghiém
1=0 valnghiém >0

Voir=1=f(1)=0=>3-m=0=m=3

Bai 2.

2
e

Cach 1: CASIO
gl ~0 [ERVo
Co lap m ta duoc m = e > .
5|+\,| _ 2
: ‘ 25‘4’\/” X 2 5]+\]‘|':X R i o ST B FIER T
bit f( )= = . Khi d6 phuong trmh ban dau & f(x)— n
5 ’ -2

Sur dung Casio khao sat stx' bién thién cta d thi ham s8 ¥ :tf(x) voi tl‘{ié't lép Start —1
End 1 Step 2
w7a25/‘1+slpQ)d$$p205"l+spo)d$"r§+lR5"]+slpQ)d$$p2==p1=l=0-2=

Math
1 F'n.l
| ﬁ!l 5, 3333
2| -0.8|15.25
3 ERLT

Quan sat bang bién thién ta thay f(x)<7(0)=25.043.. hay m< f(0) vay m nguyén

duwong lon nhat 1a 25 = D la dap an chinh xac
Cach tham khao: Tw luin

Pieukién 1-x* 20 -l<x<l. Tacd -3 <l l+1-x" <2

Diat 5" — =5 < <50 e 527525
=2t +1

Phuong trinh ban dau tro thanh r* —(m+2)r+2m+1=0 < m= 5
[ —

=/(1)
Vay m < f(max)
Khao sat si bidn thién ciia ham f(x) trén mién (5:25) ta dugc f(max)= f(25)=25.043

Vay m nguyén duong lén nhat 1a 25

Bai 3.

< Cach 1: CASIO
Cé lap m ta dugc o160 — 281"
36.\
xe 4 5.16" -2.81"
bat f(x)= N Khi d6 phuwong trinh ban dau < /( )~m

| w7a5016°Q)$p2081°Q)R36"Q)==p9-10=1=

Su dung Casio khao sat s ¢ bign thlen ctia d6 thl ham S8 y= f (x) voi thlet lap Start ~9*

End 10 Step. 1

i

o] Math
FLil
1389. U
J28Y. 2
IUs8.6

1
=
El
Quan st bang bién thién ta thay f(x) ludn gidm hay ham s6y = f(x) luén nghich bién.
Diéu nay c6 nghia la duong théng y=m ludn cht d6 thi ham s6 y = f(x) tai 1 diém =
C chinh xac.
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» Cdch tham khdo: Ty luin
* Phuong trinh ban du < 5.16" —m.36" -2.81° =0 (1)

NS 16Y (36 AR
Chia ca 2 vé& cua (1) cho 81* ta dugc: 5. i —m.L%—] -2=0&5 5 " 5 -2=0 (2)

bat (gj =t (1>0) )5 —mt-2=0 (3)

L Phuong trinth (3) ¢6 5. (-2)=10< 0 tircla (3) ludn ¢6 2 nghiém traidau -~

= (3) Iuon o1 ngl'uem ducmg 1 nghlexri an
i,,:> Phucmg trmh ban dau luon €6 1 nghlem v01._m01 .
Bai 4.
%» Cach 1: CASIO

= Diéu kién: x> 2. Phuong trinh ban dau < log, (—x—z—) =2log, m < —;—log3 ( ] =log, m
\x =

<o nl lo N << m= z
N { = L =
& x—=2 & x—2

D& phuong trinh ban dau v6 nghiém thi dudng thing y=m khéng cit d6 thj ham s&

x—2

y=r(x)==

= Swr dung Casio khao sat sy bién thién ctia @6 thi ham s8 y = f(x) voi thiét 1ap Start 2
End 10 Step 0.5
w75aQ)RQ)p2==2=10=0.5=

Math

-

25
3

!
g
3

= Dé&khao sat chinh x4c hon ta tinh gi6i han ciaham f(x) khi x tiéntéi2 canla 2 va +«
saQ)RQ)p2r1079)=

[c] Math &

#

A=Z
1000000001 |

Véy lim =1 T

s

saQ)RQ)p2r2+0.0000001= f101=8

0] Math &

,]l_— 4 B
- - y= e i e o o n o ot s mo o ot e o lim fix)=
4472, 136067 S
Vay lim f(x):
* Quan sat bang gia tri va 2 gisi
han ta v& duong di ca d6 thi
ham s6 y=f(x) va su tuong

I‘{l

giao
Ta thay ngay m <1 thi 2 d6 thi khong cit nhau hay phurong trinh ban dau vé nghiém.
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NGUYEN HAM — TICH PHAN

T. CASIO TIM NHANH HO NGUYEN HAM CUA
HAM SO

D MO DAU VE NGUYEN HAM VA TICH PHAN
Hom nay minh nhan dugc 1 cau hoi cua thiy Binh Kami, mot cau hoi vé tinh quang
duong cua mét vat chuyén dong thang bién d6i déu, cAu hoi da duoc xuat hién trong
dé thi minh hoa ctia BGD-DT nam 2017 ]
[Ciu 24 dé minh hoa 2017] Mot 6 t& dang chay véi vén tdc 10(m/s) thi ngwoi
lai dap phanh, tir thoi diém d6, 6 to chuyén déng chim dan déu véi van tdc
v(1)=~20+10 (m/s), trong 46 ¢ la khoang thoi gian tinh bing gidy, k& tir lic bit dau
dap phanh. Hoéi tir lic dap phanh dén khi dimg hin, 6 t6 con di chuyén dugc bao
nhiéu mét?
A.l5m B. 20m C.25m_ D. 40m
Xem nao, khi xe dirng lai van téc sé vé 0 hay 0= ~21+10 vdy thoi gian xe con di chuyén thém
duge la 5(s). Viy quing duwong s =vi =105 = 50(m) ma xe chay chim dan vay sé phai nho
hon 50(111), chic la 4()(m) phai khong nhi?

Dé chic chitn, c6 1¢ minh phdi 1gp 1 bing mé t4 quing dwong:

Mée 0 Het gidy thiv | Hét gidy thir | Heét gidy thit | Hét gidy thir | Hét gidy thiy
1 2 3 4 5
Vin téc 10—>8 8§06 6-—>4 452 20
Quang duong 9 7 5 3 1

Nhir vy t6hg quing dwong xe di dirgc khi van toc Qidm dén 01a 9+7+5+3+1= 25(171)

Cdch nay cd vé tin cdy hon nhitu, nhung mat ciia minh thoi gian dén hon 2 phiit !!! Viy con
cdch gi nhanh hon khéng nhi?

Minh Nguyét da giai dugc bai toan va tim ra dap an chinh xac 25(m), rat t6t vé mit
két qua nhung vé mit thoi gian tinh lai hoi lau. Bai nay ta c6 thé hoan thanh trong thoi
gian 20(s) nho 1 céng cu goi la tich phan.

5
§ = [(~2t +10)dt = 25(m)

0
- Tabammdy tinh nhwsaw:
Khoi ddng chirc nang tinh tich phan : y
Nhap biéu thirc can tinh tich phan va nhan nat =
(p2Q+10)ROES=

B Mah A

-
I -di+100ds
) 25

May tinh sé cho chiing ta két qua 1a 25(m). Chi mat 20(s) that tuyét voi phai khéng
nao !l

Théy BinhKami, Tich phan la céng cu gi ma hay vay a ???
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Tich phén 1a 1 trong nhting céng cu tuyét voi nh4t ma nén toan hoc da tao ra , st dung
tich phén co thé tinh duoc quang duwong, van tc caa 1 vat th& hoac co thé tinh duoc
dién tich ctia 1 hinh rat phuec tap vi du nhu hinh tron, hinh tam giac, hinh e lip ... thi
con cé céng thite nhung dién tich ctia mat ao h6 hinh thi1 phtec tap thi chi ¢6 tich phan
moéi xit ly duoc, hodc tinh thé tich cta 1 khoang fau thity c6 hinh dang phitc tap thi lai
phai nho dén tich phan.
Tich phén hién dai dwoc nha todn hoc Anh Isac Newton va nha toan hoc Phap
Laibonit cong bd khoang cudi thé ki 17 nhung nguoi dat nén mong cho sy hinh thanh
va phat trién ctia Tich phan la nha toan hoc, vat 1y hoc, triét hoc, thién van hoc thién tai
nguroi Hi Lap Ac-si-met
Tich phén chia lam 2 dang : Tich phan bét dinh (khong c4n) thuomg dugc biét toi tén la
Nguyén ham va Tich phén xac dinh (c6 can) thuong duoc biét dén véi tén Tich phan
ma cac e sé dugc hoc & hoc ki 2 16p 12. -
1) CACH TINH NGUYEN HAM
% Xay dung cong thirc tinh nguyén ham:

e 5 ¥4y tandi nguyen ham cua 5x° 1a #° Kihiéu [Sxfdr=x'+C

|

U 1x)! i nguyen ham clia cosx 13 sinx, kihiéu foosxdr=sinx-+

| Tongquit [f(E-FR)COF@=()

VD1-[Sach BT Nang cao 12] Ham s6 £ (x) = ¢" languyén ham ctia ham s6 nao:

A. f(x)=e" B. f(x)=2xe" C. f(x):i— D. f(x)=xze“'z -1

X
Gidi

Thuwa thiy, bai nay em lam duoc al
« Dy titn em tinh dgo ham ctia F(x), vi F(x) la mot ham hop nén em ap dung cong thirc

(e”)’:e”.u’ a.
= Khidé: F'(x)= (e“z )’ =e" .(xz)' =2xe"
v Viy F(x) la nguyén ham ctia ham f (x) = 2x.e” va ta chon ddp dn B g.
VDZ D% thi mink hoa PHOG 2016] Nguyén ham clia ham s6 y—xe™ I
B Lo (x~—1—)+C e 2e(x—l-j+c DL

‘ Gidi

Thua thiy, chiing ta sé thiv Iin lugt, voi ddp dn A thi F(x)=2¢"" (x~2). Nhung viéc tinh dgo

him ctia F(x) 1a 2™ (x—2) thi em thdy kho qud a, em quén mdt cong thirc g !!
Trong phong thi gap nhiéu ap luc, nhiéu khi chiing ta d6t nhién bi quén c6ng thixc dao
ham hay ban than chung ta chua hoc phan nay thi lam sa0?? Thay sé cho cac em mot
thi thuat Casio d& cac em quén cong thurc van biét dau 1a dap an dung:

> Tabibt F'(x)= f(x)viéc nay dung vdi moi x thudce tap xac dinh

> Vay sé dang voi x=1 ching han. Khi d6 F'(1)= /(1)

> Tinh gia tri £(1)=7,3890...
QQK"2Q)rl=
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O] Math A

o
) -
l. lI t'

» Tinh dao ham F'(1) véi ting dap an, bat dau tir dap an Ala F(x)=2¢"(x-2)
qy2QK"2Q)%(Q)p2)$1=

O] Math &

lj ["_Ii"-"l """l'llll

|_‘! T
-14.778112E
Vay ta dugc két qua F'(1)=-14.7781... day la 1 két qua khac voi /(1) = Dap an A sai

> Tinh dao ham F'(1) ctia dap an B véi F(x) :%ez"(x—%J
qyalR2$QKA2Q)$(Q)palR2$)$1=
o

0] Math A

Ta thu duoc két qua giéng hét f(x) vay F'(x)=f(x) hay F(x):%e“(x——;—] la

nguyén ham ctia f(x) = Dap an B la dap an chinh xac

% Binh luan:

e Néu F(x) la 1 nguyén ham ctia f(x) thi F(x)+C cing la 1 nguyén ham ctia ham
F(x) Vi (F(x)+C)=F(x)+C'=F'(x)+0=F'(x)= f(x)

s Viéc st dung Casio dé tinh nguyén ham dac biét httu ich d6i véi véi nhitng bai phirc
tap, ap dung nhiéu cong thite tinh dao ham ciing mét 1Gc, va tranh nham lan trong
viéc tinh toan!!

VD3-[Céu 23 D& minh hoa nim 2017] Tim nguyén ham ctia ham s§ £ (x)=+2x~1:
A [r(x) :——(2x%1)\/2x—l+6' B. [/(x) :—(2x—l)\/2x—l+C

C. jf(x)dx = ——:];—\/2x— 1+C D. j_/'(x)dx :E«IZx—l +C
Gidi
% Cach 1: CASIO
» Nhéc lai 1 Tan nita cong thirc quan trong ctia chiing ta. N&u F (x) 1a 1 nguyén ham Cud
f(x) thi F'(x)= f(x) | ‘ | ‘1
- Khidétachon1gia tri x=a bat ki thude tap xac dinh thi F(a)=f(a) :

» Chon gid trj x =2 ching han (théa man didu kidn 2x-120 < x 2% )

Khidé f(2)=1,732...
s2Q)plr2=n

= Math A

1.732050508
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> Theo dung quy trmh ta'sé chon dap an F(x) o) ) 4 dap an A B, C D néu dap 4n nao
thao man F'(2)=£(2)=1,732.. , 'i

: Thuvoldap &n A khi d6 F(x):%(‘2x~i)‘\/2x,—l B
qya2R3$(2Q)p1)s2Q)p1§$2=

Math A&

;.j%"ﬁu’«'--—ls T
d.ded 101615

Vay F'(2)=3,4641..1a mot gia tri khac f(2)=1,732.. diéu d6 c6 nghia la diéu kién
F'(x) = f(x) khong duoc dap ing. Vay dap an A 1a sai.

» Ta tidp tuc ther nghiém voi dap an B. Khi nay F(x)= %(2); Wy

qyalR3$(2Q)p1)s2Q)p1$$2=

. R] Math A
S Lom-1
1. 732050808
Ta dwgc F'(2)=1,732... giéng hét f(2)=1,732... ¢6 nghia la diéu kién F'(x)=f(x)

dugc thda man. Vay dap an chinh xacla B
< Céch tham khaie: Tw luin

, . . . o T a4 N o« L
= Dura vao dic diém ctia ham f(x) ta thay J2x =1 vé mit ban chat s& c6 dang (2x-1)z.
Ta nghi ngay dén cong thitc dao ham (") =nu"" u'
+) Trong c6ng thitc dao ham nay s6 mi cua « bi giam di 1. Vay ham F(x) c6 s6 mi

l6n hon ham £(x) 1a 1 don vi. Vay F(x) phai c6 s6 mit la %

+) Vay chi c6 dap an A hodic B 1a théa man vi (2x—1)v2x -1 =(2x 1)z

= Ta thl,fchiénphép dao ham {(2,\—1)2} :3(’?r~l)%(2x—l) =342x— 1

‘r 3
- Can bang hé s8 ta dugc ——[ (2x= 15] Vv2x=1. Diéu nay c6 nghla nguyen ham
|

{
|

F(x) (2x 1)%:5(2x-1)\/2x—-1 :Bladapandung. :

< Binh luan:
e Néu ching ta c6 mot chut kién thikc co ban vé dao ham thi viéc st dung may tinh
Casio d& tim dap an sé nhe nhang hon. Chiing ta chi viéc thir véi ddp an A va B vi 2

PR v on a1y 3
dédp an nay mai ¢6 s6 mii la 5
o Diéu dic biét ctia dang nay la s8 mfl cua nguyén ham F(x) ltc nao cing 16n hon s
mi ctiaham sé f(x) 1a 1 don vi.
+) Ching ta c6 th& 4p dung 1 cach linh hoat. Vi du tim nguyén ham ctiaham s6 y = —’\/7—1_—
X

thi cing v6 cung don gian.
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~ 1 N . . o R - | ¢ < n .
Ta thady y=m.—= vé mat ban chit thi —= 14 x mt -~ vay chac chan nguyén ham

Jx ' Jx 2

N .1
phéila x ma ~7+] =

P4

1 o~
5 hav la Vx.

+) Ta xét dao ham gdc (\/T) ) Viéc con lai chi 1a can bang hé s8, dé tao thanh

2J—

m A N o , . ,_om A . .
—= tanhan ca 2 v& ctia (*) voi 2w la xong. Khi dd (Zm\/;) =—= Thit don gian phai

Jx Jx
khéng”

VD4- Mét nguyen harn cta harn sO / (x)= —Eﬂ——% la:

7 :

. 5 2
A. 20 +3r-2Inx B. -3 inx C. X i3x—2lnx+l D.% rx
Glm
< Cach 1: CASIO
» Tachon 1 gid tri x thudc tap xac dinh (x=0) 1la x=5
Khi dé f(5)=7.6
aQ)d+3Q)p2RQ)r5=n
[R] Math 4
7.6
> V6i dap dn Cta cé F(x)="+3x-2Mnx+1 c
qyaQ)dR2$+3Q)p2h(Q))+1$5=
_ [R] Math A
1 l'..l.‘.: 17 ¥
l:'l-'l'_ X :‘:_ +'.::'l:l— J].rl[:l.l'l t
7.6
Ta duge F'(5)=7.6=f(5). VAy dép an C la dép an chinh xac.
% Cach tham khdo: Ty luin
= Ham f(x) X2 S en goi la ham phan thirc hitu ti véi béc ctia tir 1a bédc 2 16n
X

hon bac ctia mau la bac 1
= Phuong phap giai: Thyc hién 1 phép chia tir 8 cho mau s8 ta dugc: f(x)=x+3~%.
Kh1 d6 ham sé tro thanh dang don gIan va ta de dang t1rn duoc nguyen ham -
+) Co (—-2l+3x} =x+3 vay———+3x languyenhamcua x+3 '

) i (ln,x)'i%. Cén bérrlg'hé s6 ta ¢o: (-ZImc)'——Z vay Jinx 1 nguyén ham coa -2,
‘; , * : : X

Tong ket [%+3x—2lnx]':x+3—z:w~_~%
X X
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"

X +3x-2Inx+5 cling 12 mot

Hay —)-Cz;+ 3x-2Inx la mdt nguyén ham can tim thi
nguyén ham.
: . 2 o \ ‘ - n 5
s« Cén bang hé s6 ta dugc %{(Zx—l)zil'zxfh—l. Ditu nay cé nghia nguyén ham
F(x) :J-(Zx—l')é :%(Zx—l)\ﬂx—l = B la dap an dung.

+» Binh luan

-vu"T1m nguyen ham ctia 1 ham phéan thirc hitu ti 1a 1 dang toan hay néu chung ta b1ef
;_;f.fnguyen tacte: duy, vanéu khong biét thi sé rat kho khan. « — :

- phai nhé thé nay, néu phun thic. huu ticé bac ot lon hon hodc bing buc éman th1
- tasé thwc hzen 1 phep chia tu 50 cho miu s6 thl s€ thu duoc 1 ham s6 ciee ki de tmh
‘nguyen ham : : ‘ e

o Ngoai ra con 1 dang hay nita kh1 phun thitc hitu t1 c6 miu s6 phan tich dfu’o‘c thanh
[ - nhan ti thi ta sé xi Iyj thé nuo’ Mm céac ban xem vi du t1ep theo

: i
i

VD5 - Nguyén ham ctia ham s6 f(x)— la:
A. ln(x—Z)—Zln(x+,_)+(‘ B. 21n(x~2)+ln(x+2)+C
C. mslvc D. In ~’C_2+C
- X+
Gidi

% Cach 1: CASIO

» Tachon 1 gia tri x thudc tap xac dinh (x#0)lax=5
Khi d6 f(5)=7.6
aQ)d+3Q)p2RQ)r5-n

B Math A

7.6

» Véi dap an C ta c6 F(x)=3‘2;+3x—z|nx+1 6

qyaQ)dR2$+3Q)p2hQ))+1$5=
2 Math A

id 5 Z s

| - IR-2InA
7.6
Ta dwoc F'(5)=7.6=f(5). Vay dap an C 1a dap an chinh xac.
# Céach tham khéo: Ty ludn

'}.;’ Hamf(x)= ,72'4 7 €6 tén g01 la ham phan thuc hitu i c6 méu s8 phan tich dwgc tha;jh

nhan tu Y B : aod
= Phucmg phap g1a1 Chla phan thire phuc tap ban déau thanh cac phan thuc phuc tap
4 4
+) Cé

x2—4:(x~2)(x+2)

1) Ta sé tach phan thitc 16n nay thanh 2 phén thire nho don gidn: ——=m— = +n—
x =4 x—2 x+2
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+) D& tach duoc ta lai duing phicong phdp hé s6 s6 bit dinh:

1 4 m(_\‘+2)+n(_\'—2)
- =m. + . & =
x*—4 x=2 x+2  x=2 (x=2)(x+2)

. O=m+n m=1
Sd=m(x=-2)+n(x+2) @ Ox+d=x(m+n)+2m-2n <

o=
4=2m-2n n=-1
1 1

=4 x=2 x+42
Thanh cong trong viée dwa vé 2 phan s& don gian, ta nhd dén cong thire sau:

Vay

(Inx)' :i.(ln u) =l.u'

¥ o
. . 1 |
DA I d : B = - = 2) |'= 2 =
& dang p dung: [In(x~2)] =——(x~2)'=— va [In(x+2)]'=—(3+2)' =—
T6ng hop [1"("_2)—1!1(x+2)]': P (an x-2),__4
| x=2 x+2 X +2 x -4
Vay nguyén ham cua f(x) la #(x)=In =2

x+2
Binh luin:
Qua vi duy trén chiing ta thdy duoc su hitu hiéu cua phuong phap hé s§ bat dinh, 1
phan s& phire tap sé duoc chia thanh 2 hodc 3 phan s& don gian .
Vé nguyén tac thi cé thé ra 1 bai tich phan ham phan thtic duoc chia thanh hang chuc
phén 8 don gian nhung trong truong trinh hoc THPT thi ciing 1dm 1a chia lam 3 phan
thirc con. Chiing ta hay cling theo déi phép chia sau:

4x* = 5x—1 45" ~5x—1 45" —Sx~1 m n p

x3—2x:~x+2:(x—2)(x3~l) (x=2)(x-1)(x+1) x~2+x—1 +;—-;—I

< Tu s6 v& trai = Tk s6 v& phai
d=m+2n+p m=1
<::>4_\':—5_\‘~1:m(_\‘:—l)+n(_\‘2~.\‘~2)+/J(,\'3—3,\‘+2) S4-S5=-n-3p Sn=2

—l=-m=2p n=1

VIS ?-Sx- 2
Cudi cung ta thu duoc: 44x 75Y Lo =4 ‘
X =2x-x+2 x-2 x-1 x+l1
5 X . A1 . 2 \
Va ta dé tinh duoc nguyén ham cua + +— la

x—=2 x-1 x+1
In(x-2)+2I(x~1)+In(x+1)+C
That hiéu qua phai khong!!

NbG-[Béo Toan hoc tudi tré thang 12-2016] Nguyén ham ctia ham s§ f (x)=sinx.cosx

i
|
|
|

trén tap sO thuec la:

A, %cos2x+C B. ~-}cos2x+C C. —sinx.cosx D. —:ll—sin 2x+C

Gidi

% Cach 1: CASIO

)

)

Chuyén may tinh Casio vé ché dd Radian (khi lam cac bai toan lién quan dén luong giac)
qwié

Chon 1 gié tri x batki vi du nhu x :%
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» Khi d6 gié tri cua f(x) tai x :-;5 Ia f(%] =0,4330...
1Q)kQ))rqKPé=n
N oy B Hath &
SihCRICOSCED
0. 4330127019
i an. A th1 F( )5 ,]Z"co_s 2x.Néudédp an A dﬁng;thi F'[%) = f[zg-) Ta tinh diroc

2) —O 4430 la mot gla tri khdc £ ( j Véy dép an A sai.

qya1R4$k2Q))$aqKR6~

» Ta tiép tuc thit nghiém véi dap an B.
qypalR45k2Q))$aqKRé=

i HMath &
H%:[ “'3'1_‘[1 SL2n) ]I .
4350127014
Ta dugc F[%j =0,4430...= f[%j Vay dép an chinh xac 13 B
% Cach tham khao: Tw luin

» D& thay cum sinxcosx rat quen thudc va ta nhé dén cong thitc c6 nhan déi :

sin2x = 2sin xcosx

= Tddtaratgon f(x ):—;—sin2x

. Ca1 gl dao'ham ra sin-thi dé l1a cos!! Tanhé dén c cong g thirc: (cos u) =—u'sinu

L /A-p&dung. (cos Zx) '~ —sin 2x.(2x)' =-2sin2x

- Céan bang hé s6 bang cach chia ca 2 vé& cho ~4 ta duoc: [-%cos ZxJ' = —;—sin 2x

* Tir day ta bidt dugc F(x)= —211-0052)(

% Binh luan:

s Khi stt dung mdy tinh Casio d€ lam bai tap lién quan dén ham lugng giac thi ta nén
d6i sang ché& d6 Radian d€ phép tinh ctia chiing ta dat d6 chuéan xac cao..

e Ngoai cach gép ham f(x) theo céng thic goc nhén dodi, ta c6 thé te duy nhw sau :

Néu ta coi sinx=u thi cosx=u' vay tanhd tdi cong thirc (u” ) =nu""u

. AL A~ ~ . 2 - ] . 3 .
Ta thiét lap quan hé (sm' x)' =2sinxcosx hay (Esm' xj' =sin xcosx
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- . | I . . o 1 A C i -

Vay ta biét F(x)= 5 sin”x tuy nhién so sanh dap an thi lai khéng cé dap an giong. Vay
Jar VI Lo | I —cos2x 1 | _ .1

ta tiép tuc bién déi 1 chut. S8in" ¥ = ————=-—cos 2x+Z = F(x) cang la —ZCOSZX

BAI TAP TU LUYEN
sin” x

Bai 1-[THPT Pham Vin Déng - Phu Yén 2017] Nguyén ham '[ dx bang;
' cos’ x

A.tan® x+C B. %mn x+C C.3tn x+C D. —;—tan"x+(,'
Bai 2-[Thi HSG tinh Ninh Binh 2017] Nguyén ham ctia ham s§ f(x)=2016" la:
J2e e B. 2016102016+ C
In2016
" £
C. x2016™.In2016 +C (22006 o
In2016
Bai 3-[THPT Quang Xwong I — Thanh Héa 2017] Ham s6 nao sau diy khéng phai la
X+ 2
nguyén ham ciia ham s§ f(x)= M :
(x+1)
A x"+x-1 B. T -x—1 C. X" +x+! . X"
X+ x+1 X1

x+1
Bai 4-[THPT Ham Réng — Thanh Hoa 2017] Tim nguyén ham ctia ham s6 '[[xz . 2x Ja’c
X
x 4 =5 x 4
A.?+3ln]x‘~§\/x +C B.—3—+3Inx—§\/x +C

3 3
C.%—+31n|x|+§—\/x—3+C D.%——3In|x|—~§\/x73+c

Bai 5-[THPT Vinh Chan - Phu Tho 2017] Khoéng ton tai nguyén ham:

A. IL_\{——ldx B. '[\/—xz +2x-2dx  C, '[sin 3xclx D. Ie"‘a’x

Yo
Bai 6-[Chuyén Lam Son — Thanh Héa 2017] _‘- fnx dx bang:
X
L 2 3 1 3 3
A. 2(lnx)2+C B. =(lax) +C C. +C D. =(Inx) +C
(Inx) 3 V(lnx) ST | »2\}'( ,,),_ ©

Bai 7-[Bao Toan hoc Tudi tré T11 nim 2016] Nguyén ham cua ham s8 f (x)=e'(l-2017e'2")

la:
B. ¢*-2017¢ +C C.e" + 2017 e+ C D. ¢* ——%%ue" +C

A.e"+2017¢ +C
2x+3

Bai 8-[THPT Triéu Son - Thanh Héa 2017] Ho nguyén ham cua '[ S l dx:
X —x-

A. zln|2x+1]+§ln]x~ll+c B. —Eln|2x+l|+§ln]x—ll+C
3 3 3 3

C 31n|2x+1]—§|n|x—1|+c D. —lln\zx+1]+-5-1nyx«1y+c
3 3 3 3
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LOTI GIAI BAI TAP TU LUYEN

o)

ai 1.
% Cach 1: CASIO

* Chon ch& dd Radian cho may tinh Casio rdi chon gid tri x = % chinghan. = o

Tact 7(4)=202 v A2

cos X 6

qw4a]Q)) deQ))"4rqKP6—

9

_ R Math A
SiF A<
A AL 4
=]

= Tinh dao ham cua F(x):%tan‘x tai x:% ta dwoc F(x):0,44(4)=g—

qyalR3$10Q))"3%%aqKRe=
& Math &
qri IYESCH
=l 2tanti)¥ )] b

0. 4444444444

= Vay F'(x)= f(x):— = D la dap an chinh xac

% Cach tham khao: Tw ludn

. o SINT X
= Bién d6i =tan® x.—
cos® x cos” x

s Theo cong thitc dao ham (u”)' =nu" ' VO u=tanx va n=3

Ta cd (tan3 x)‘ =3.tan” x. o [%tan"xj': tan” x. .Vay F(x) :—;—tan3 x 121 nguyén

cos™ x cos™ x

s 1 5 PR
ham = gtan3 x+C laho nguyén ham can tim.

oe]

ai 2.

< Cach 1: CASIO

= Chongiatr x= 2 chang han P k : wiRL R 1
= Tacd f(x)=2016" va F(2)=4064256 , , R ~ i

2016 Q)r2=
o ’ T m T Math A
201E¥
4064206
» Tinh dao ham ctia F(x)= 1201061\6 tai 2 ta duoc F'(2)=4064256
n2
qya2016"Q)Rh2016)$$2=
B Math A
o [ EO1ES b
dz Ll 1nrzZ0isn ., |?-

4064256

= Vay F'(x)= f(x)=4064256 = A la dap an chinh xac
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¢ Cach tham khao: Tw ludn
* Theo cong thitc dao ham (a*)'=a’.Inx. Vi a=2016

. [ 2016" ) 2016’ A
Ta co {2016")'=2016"1n2016 '=2016". Vay F(x)= la 1 nguyén ham
° o ( ) > ’D\klnl()l(),' ay Fix) In2016 gy
2016° . n . “ s
= ———+ (" lahg nguyén ham can tim.
In2016
Bai 3.
“ Cach 1: CASIO ;
= Chon gia trj x=2 chéng han.
b 2
* Tacod f(x):r—(f—:r) va f(2)=§
(x+1) 9
aQ)QH+2)R(Q)+1)dr2=
@ Math &
#LE+EED
ir+11< 5
o
, . , X +x-1 . 10
= Tinh dao ham cta F(x)="—— tai 2 tadugc F'(2)=1.11(})=—
X+
qyaQ)d+Q)p1RQ)+15$2=
. Math &
o[ BEn—1 -—+.-.—1 J
R | =1
1.111111111
x3 +

= Vay F'(x)if(x) = F(x)=
an chinh xac
%+ Cach tham khdo: Tw luan
. x(.\‘+2) (,\‘+1)1—l_I ]

= Bién doi =

(.)c+l)2 (x+l): (x+1):

= Theo céng thitc dao ham [—1—)' = :TI.u' VO u=x+1
U

~————xl;1 khéng phai la nguyén ham cta f(x) = Aladap

X+

U

. 1 1 . ), 1 X +x+1), x(x+2)
Ta co T - va x'=1 =>|x+ =]- - o = &
x+1 (x+1) x+1 (x+1) x+1 (x+1)

X+ x+1

Vay F(x)= —m- 12 1 nguyén ham= Dap s6 C dung

2 — —
v F(x)-2= i‘—-%—l ciing 14 1 nguyén ham=> Dép s& B dung
: X+

f F(x)~1 ~—1 cung la 1 nguyen ham:> Dap sG D dung
‘ X S

Bai 4.

% Cach 1: CASIO

» Chon gia tri x=2 chéng han.

11-442

» Tacod f(x)=x" +_—2\/;vaj() 3

Q)d+a3RQ)$p2sQ)r2=
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Math A
I fo v

.‘:+——Em
11-d4%

z

» Tinh dao ham caa F(x)=§+3lnx——;£\/; tai 2 ta dugc F'(2)=2.6715..=

qyaQ)*3R3$+3hQ))padR3$sQ) 3$$$2=
O] Math A
A& anc-2r
dLETIRTZETS

= Vay F'(x)=f(x)=
= Cla dap an chinh xac
< Cach tham khao Ttr Iuan

11-42
2

11-42
2

3
= F(x)zx?+3lnx—§\/)73 la nguyén ham cta f(x)

|

i" Theo cong thuc dao ham (Inx)

« Theo C@ng ‘,th@C,(’X‘:"v)",{ ':,v‘,‘"—.li

= Vay [x?+31nx——;£\/x7’]':xz+}—«2\/; hay F(x):g—+31nx~——;£\/x731é11nguyénhérn
x

Bai 5.

% Cach 1: CASIO

® Chon gid tri x =2 chang han.

= Tacd f(x)=v-x*+2x-2 va f(2) khong ton tai
spQ)d+2Q)p2r2=

0] Math
Mat.lh ERROR
Ca] rCancel
C4lCel:Eoto
Véay ham s6 & dap s6 C khong ton tai
% Cach tham khio: Tw luin

- Dethay -x +2x 2—’—(x—]) “l<0 v01m01 g1at11 xeR-*;_‘ e

y" Vay +-+* +2x 2 khong tontai

Bai 6.
< Céch 1: CASIO
» Chon gia tri x =2 chéng han.

. Taco f(x)="2% va £(2)=04162.
X
ashQ))RQ)r2=
o] Math &
JIR LA

0. 4162772056
(2

= Tinh dao ham ctia F(x):% (Inx)' tai 2 ta duoc F
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qya2R3$shQ))"3$$$2=

» Vay F'(x)=f(x)=0.4162..

an chinh xac
% Cach tham khao: Tu luan

. . - . .3, 11 2 3 ;1
» Theo cong thire (¢")'=nu""u' véi u=Inx :(lnr)':;,lnx-.—o —x*|'=Inx?—
F4 X X

T Vinx

X

Vinx

X

(2
@(\? (Inx)

= Vay ‘3\/(111\)‘ 1—
\ ~; _/,

% Céich 1: CASIO

= Chon gia tri x=2 chang han.

= Tacd f(x)=e¢ ({1-2017¢7") va f(2)=-265.5822..

QK Q)$(1p2017QK p2Q)$)r2=

hay (x)= —\/(ln x)" 1a 1 nguyén ham

) B Mt A
EH[l*_UITE =]
265, BEZ2102
* Tinh dao ham cua F(x)=¢"+2017¢™ tai 2 ta dugc F'(2)=-265.5822...
qyQK"Q)$+2017QK pQ)$$2=
[
o

Math A
ﬁ-~+”u1 |k
-2BE, BREA10Z
= Vay F'(x)=f(x)=-265.5822... = F(x)=¢"+2017¢"" la nguyén ham cta f(x) = Ala
dap an chinh xac
% Cach tham khao: Ty ludn
= Bign d6i " (1-2017¢™ )= ¢ - 2017¢™

= Theo cong thc (e" )'=¢' va (e“ ) =—¢' = (—2()l7e"") =2017e™

 Vay (¢'+2017¢™ ) =¢" ~2017¢™ hay F(x)=c'+2017¢™ =¢"(1+2017¢™)1a 1 nguyén ham
Bai 8.

%+ Cach 1: CASIO

= Chongid tri x=2 Chéng han.

= Taco /‘(\):;& va ./'(2):—7—
2x  —x—1
a2Q)+3R2Q)dpQ)p1r2=

185



_ B HMath &
P o
FHE _E-1 -

5
* Tinh dao ham ctia F(x):——i—l|1[2x+1!+§ln‘x—]’ tai 2 ta duoc F'(2):l.4=%

qyap2R3$h2Q)+1)+a5R3$hQ)p1)$2=

B Math A

S E 2+ 1+k
1.4

= Vay F'(x):f(x):% = F(x):V§In(2x+1‘+—§—ln‘x—1] 1a nguyén ham cua f(x) = Bla

dap &n chinh xac
< Céch tham khao: Ty ludn
" Vi mau s6 tach dwoc thanh nhan tu’ 2x = x=1=(x~1)(2x+1) nén ta sit dung phuong
: '.‘Phép hé 56 bat dmh de taCh phan 56 L s e
2x+3 =m AL A

Oy c>2x+3—m(2x+l)+n(x—l) B
2x wx=len X 2x +1 L
2m+n=2 n
@ 2x+3=(2m+n)x+m—n<
m-n=3 4
n=——
3

. , 3 4
Véy ta tach duogc %x+ :—5~‘ ! - !
2x*—x—-1 3 x-1 3 2x+1

= Theo cong thitc lnu':l.u’ = ~—2-ln 2x+1+§lnx—] v=_5__1,~i l
& u 3 3 :

3x-1 32x+1
:—i-\/(ln x)' 1a 1 nguyén ham

T. CASIO TINH NHANH GIA TRI CUA TICH PHAN XAC DINH

) LENH TINH TiCH PHAN
P& tinh gia tri 1 tich phan xac dinh ta sit dung 1énh y

J'g Ot S

1) vi DU MINH HOA

VD1-[Cau 25 d& minh hoa 2017] Tinh gia tri tinh phan 7 = [cos x.sin xdx

0

A. I=—l7r4 B. -1* C.o D. 1
4 | 4
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oo

,

Giai
Cach 1: CASIO
Vi bai toan lién quan dén cac dai luong tinh 7 nén ta chuyén may tinh vé ché do
Radian
qw4
Goi lénh tinh gia tri tich phéan

y

Q Math

EDdH

Dién ham f(x)=cos’ x.sinx va caccén 0va 7 vao may tinh Casio
kQ))"35jQ))ROEqK

F] Math

.]T EA N 3 e (R
JDIZDE;'...--.:I sinCak

RBi nhan nuat = ta nhan dwoc ngay két qua cua tich phanla 0
R] Math A

| COSLRI"SIn A

ZI

So sanh véi cde dap an A, B, C, D thi ta thay C la dap an chinh xac
Cach tham khdo : Tw luian
Dit t=cosx khi dd cos’ x=/

Vi phén 2 v& phuong trinh an phu cosx =7 < (cosx)'dx =1'dl < —sin xcx = dl

D6l can dudi: x=0 khi do r=cos0=1

Déican trén: x =7 khidd ¢ =cosz =1

Lac nay tich phin phtuc tap ban dau d& tréd thanh tich phan don gian
/

-1
ct (l_ljmo
41 4 4

C6 10 phép dit 4n phu tinh nguyén ham tich phéan. Bai toan trén ¢é tinh chat ctia phép

1=—]ll7'dt=—
t

Binh luin:

$6 2: “néu tich phan chira cum sin xdx thi dat an phu cosx ="
Trong thuc t& hoc tdp, viéc déi vi phan (do6i dudi) thueong bi cac ban lang quén, ching
ta chu y diéu nay.

PHU LUC: 10 PHEP E)AT AN PHU THUONG GAP
- Phlrong phap dst an phu thuong diing d¢ dua 1 tich phan phuc tap, khé tinh tré ve

mét tich phan don gian, d& tinh hon. Sau déy la 10 phép dit an phu véi 10 d&u h1eu
khac nhau thuong gap.

Phep 1: Néu xudt hién  cin thee thi dét ca can bang P

Phép 2: Né&u xudt hién cum sinxdx thi dat cosx =1

Phép 3: Néu xuét hién cum dx thi dat tanx =1

cos™ x
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* Phép 4: N&u xuit hién cum

: dx thi dat cotx =1
sin” x

" Phép 5: Néu xuat hién cum ia’x thi dat Inx=¢
X

s Phép 6 : N&u xult hién e'dx thi dit ¢ =1

* Phép 7: Néu xuit hién cum —dx thi ddt x=tan?

X" +a”

* Phép 8: Néu xuat hién cum vx* —a* thi dat x=asins

s Phép 9: Néu xuat hién cum Vo' - x* thi djt x = —

cost

= Phép 10: Né&u xudt hién biéu thizc trong ham In, log,e.. thi d4t ca biéu thic la ¢

o Vlec dat an phu thuong tlen hanh theo 3 blrac

tao thanh mot tich phan don gianhon.

n2
VD2-[Chuyén Khoa hoc Ty nhién 2017] Tinh tich phén /= j —————dx

N
A B o0 B. 24/In2-1
C.Vin'2-1 ,  D.Ca3dap én trén déu sai
Gidi
< Céch 1: CASIO

» Goi lénh tinh gia tri tich phan y
a Math

EDdH

-
52X

e C a1 o
» Dién ham f(x)=—=—== va caccan 1 va In2 vao may tinh Casio Réi nhdn nit = ta
RN
e —1

nhan dwgc ngay két qua cta tich phan la ~0,7956...
yaQKA2Q)RsQK 2Q)$p188$1Eh2)=

. — B, |Hathak
1nfzZl s .
11 —_u-:——l'——_l_____d'{'

-0, 795074187

Day la gia tri gidng hét tich phan, vay C la dap s6 chinh xac
% Cach tham khdo: Twr ludan
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* Bt r=ve -1
* Viphan 2 v& phuong trinh an phu
=t e = e (s ) di =(e* ~1)'dy < 2dt = 2¢> dx < tdt = e**dx
* DG&ican dudi: x=1 khi dé r=/e' ~1
Déican trén: x=In?2 khido /= \/ﬁ =3

® Lucnay tich phan phirc tap ban d4u da trd thanh tich phan don gian

]z\/;[;_,%',d, \/j[ﬁdf-lj;___—\/_ Je' -

¢ Binh Juin:
e Bai toan trén chita ndi dung cua phép dit an phu s6 1 “néu tich phan chita cin thi ta

I

dét ca can la &n phu
e Viéc vi phan luén phuong trinh dit an phuy 1= Je Z1 thuong khé khin vi chiva can, do

do ta thuong khir cin /* =¢™ -1 bang cach binh phuong 2 v&. Sau d6 ta mdi vi phan
VD3-[THP Nguyén Pinh Chiéu -~ Binh Duwong 2017] Gia tri ciia « dé& tich phén

,[ X +2x+2

L -
dx ¢ gia tri 7+u+1n 3 la:

5 x+1 2

A5 B. 4 C3 D. 2
Gidi
< Cach 1: CASIO

" . M W X H2x+2 L e e LY o , : R
» Vé mit ban chat néu tich phan J'—\*-——%dx c6 gia tri bang biéu thic 92—-+a+ In3 thi
X+

hiéu ctia ching phai bing nhau. Vay ta thiét lap hiéu If__tﬁ‘]iz {r—(%+ a+ lnBj va
X+

bai toan trd thanh tim « de hiéu trén bang 0

' 2, (¢
» Thir vdi gia tri =5 Tanhap hiéu trén vao may tinh Casio hiéu I 3C—f—%xff—abc [ 5 +5+l|13)

yaQ)d+2Q)+2RQ)+1ROE5$p(a5_dR_2$+5+h330))
R6i nhan phim =

D] Math &
.= -
=t " +-l—l |+.L [__ t:_
. |'| A+l AT

0. 693 14"1"‘[1""
May tinh Casio bao mét gia tri khac 0 vy ddp an A la sai.
> Stra vi tri @ thanh sG 4 va s6 3 ta déu nhan duoc két qua khac 0 vay dap an B va C
déu sai
> Thir v6i gia tri a =2 ta duoc:
yaQ)d+2Q)+2RQ)+1ROE2$p(a2dR2$+2+h3))=

o} Math &

s -
-~ 'L+.r_. |+.|i [ £
S dedTe .| &

| P el L

¥
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Khi d6 hiéu trén bang 0 tic 1a A 1a dap an chinh xac
% Cach tham khao: Tw ludn

» Tach tich phan thanh: J“_‘;f_%f,ﬂdxzj[x+1+ ! ]dx
0 ° x+1

x+1

(x_ \ =
» Vil —+x ":x+1 nén nguyén ham cta x+11a —+x

L2y ” 2
» Vi )':—1- nén nguyén ham ctia -1—— 1a Injx +1|

x+1 x+1

- 1 ”t+1+-——-— dx~ —x—+x+1n|x+ll =£+a+ln]a+1{ G
S I} e &% 2 h . e
i 7 «
# Thiét lap quan hé %+Cl+lﬂ|(/+1| :%+a+lnB <:'>ln‘u+l\:ln3<:>a:2

< Binh luan:

» Bai toan nay con c6 meo giai nhanh danh cho cac ban tinh y, ching ta quan sat ham

£(x) chita thanh phéan ! l c6 méi lién hé véi nguyén ham ctia no la Injx +1]. Ta dat

X+
cau hoi vay phai ching Injx+1| khi thé can sé la Inja+1| c6 m&ilién hé v&i In3 = Inja+1|
suyra a=2.

e Hau hét bai toan chiza tham s tich phén tac gia xin khuyén cac ban nén dung phurong
phap Casio chit phuong phap tu luan nhidu khi rat loing ngoang va dé sai.
VD4-[Bao Toan hoc tudi tré T11 nam 2016] So sanh cac tich phén
I= _f\/’.;clx, J = jsinz xcos xdx, K = J_\',e"
| G o
Ta c6 két qua nao sau day
A I>K>J B.I>J>K C.J>I>K D.K>1>J
Gidi
<+ Cach 1: CASIO
» Tinh gi tri tich phan / ta dugc /= 4.6666... va ghi gia tri nay ra nhap.
ysQ)R1E4=n
o] Mauth A
4
| g _
4. i
3‘> Tinh gié tri tich phan J ta dugc J =0:3333... valai ghi gia tri ndy ra nhap
qw4y]Q))de))ROanKR2—

i @ . Math &

la sinCiIZcosy b
Do

i
-

> Tinh tiép gia tri cudi cung K=1
gw3yQ)OQK"Q)ROE1=
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0] Math &
i 1 (K] e
i |:| fa t- l_i u:.:l

1

~ Rorang 4.6666 >1>0.3333 hay /> K >.J . Vay dap an chinh xac [a A.

% Binh luin;

¢ Qua bai toan trén ta thdy r6 hon sttc manh ctia Casio khi giai nhanh nhiing bai tich
phén xac dinh, phuwong phap tu luan cling c6 nhung rat dai dong, tac gia xin khong dé
cap toi danh thoi gian cho cac bai khic quan trong hon.

VD 5-[Bdo Toan hoc Tudi tré thang 12 nim 2016] Tich phan j(|3x —1|-2|x|)dx bang
A -l B. L c. D. 0
6 6
Gidi
s Cach 1: CASIO
» Cach goi Iénh gia tri tuyét déi qc

|01

> Khi biét 1énh gia tri tuyét d6i rdi ching ta nhap tich phan va tinh gia tri mdt cdch binh
thuong
y(qc3Q)p1$p2qcQ)$)ROE]

o] Math

) a Math
1. oy
|atlaE-11-21%10»

> 'Nhén niit =ta s& nhan du’(jVC glatl‘ltld‘l phénla I :—001 6666...
i Math &

"1

|50 la- =215

-[. 1666666589

> Day chinh fa gla tri xuat hién & dap S5 A. Vay Ala dap s6 chinh x4c ctia bai toan
<+ Cach tham khao: Tu luin

. j 31~ 24 dx-j(|3v—ll—2|x| mj B 1| 2 e

1
3

s Khi OSxS—;— thi I(‘3,\—l|—2[x|)dx—j —3%—2x)dx=l‘(l—Sx)cix:[x——s—g;j

4]

=

1 | 1 2 1
= Khi—;-stl thi J]‘(‘Bx—1|—2[x|)dx:I(Bx-l——Zx)a’x:j( ~1)dx—[———x] =—§

]
) A
H 3 1 3

3
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] —

= Vay I= ﬂbx~ﬂ—ﬁﬂch+jpx«ﬂ~ﬂﬂyh_i%—§ =
3
< Binh luin:
e Pé& giai cac bai toan tich phan chita d&u gia tri tuyét ddi ta phai sit dung phwong phéap

chia khoang d€ pha diu gié tri tuyét doi.

Ta biét 3x—1.>_0<:>x2% va 3x~ls0c>x§% vay ta sé chia doan [0;1] thanh 2 doan

5] (5

Dé’ tach‘ 1 t1ch phan thanh 2 thh phan ta st dung cong thuc chen can ch g1a tn c:bat

‘klthuocdoan [a b] thl If x)dx If x)dx+J'f x)dx v s

VD 6- [Th1 hoc sinh gioi tmh Phu Tho nim 2017]

Ccosx

I
Cho biét I ix:wz+%|nb (0<a<l1.l1<b<3).Tich ab bang bao nhiéu?
4]

sin x + cosx

Al B. - cl ..
2 4 6 8
Gidi
% Cach 1: CASIO
> Tmhj O dx=0.5659...=
sinx + cosx
qw4yakQ))RjQ))+kQ))ROEagKR4=
_ B Matl &
4 COSERL b
Jo =iniri+cos (&,
0. 5609555768
Luwu gié tri nay vao bién 4
gz
B8] Math &
ANS+A
0. 5659858768
I A ~llnb
Vay ta co: aﬂ+zlnb:0.5659.A.=A:>a: 4
z R
‘ . A—~—]nb 1 e E
> NeudapsoAdungthl ab~—c>—4——eb 2c>b(A—-lan 5 =0

Su dung chuc nang do nghxem SHIFT SOLVE dé tim b
Q)(QzpalR4$QQhQ)))pagKR2$qr=0.5=
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@ Hath

[Ac]  1Cancel
C4alLelEoto
Khéng tim duge » = Dap an A sai
N
» Vdidap an Btacod h(A—%lan—%:O

Q)(QzpalR4$hQ)))paqKR4qr=0.5=

r"'
|

i

—_~a

:/):2:a:é— thoa ditu kién O<a<1.1<h<3

= Dap 56 B chinh xac cua bai toan
% Binh luin:
Mot bai toan rét hay két hop lénh tinh tich phan va [énh dd nghiém SHIFT SOLVE
¢ Cach Casio c6 thém mét wu diém 13 tranh duwgc cic bai tich phén khé nhuw

j— cos x
0snu +cosx o

BAI TAP TU LUYEN

Bai 1-[Chuyén Khoa hoc ty nhién 2017] N&u J-sin“ xcos xdx :EIZ thi # bang;
(
A3 B. 4 C.s5 D. 6

J3
Bai 2-[Bdo Todn hoc Tudi tré thang 12 nim 2016] Tich phan IBx\/x: +1 bang:
: 0

A3 B. 7 C. -5 D. -3
Ins
Bai 3-[Group Nhom Toan 2107] Tich phan J- ‘ zdx_\_ ] bang:
In“»e tee
A. In3 B. lni C. ln1 D. lnl
4 2 2

Bai 4-[THPT Nho Quan - Ninh Binh 2017] Cho j °;"52x2 d :%m . Tim gié tri ctia a:
v 14+ 2sin2x

A3 B. 2 C4 D. 6

Bal 5- [Bao THTT thang 11 ndm 2016] Gla tri nao ctia a d€ I(3x2 + Z)a’x =a’ +27

0

A.0 ‘B.l C2 ‘ D. 3

Bai 6- [THPT Thudn Thanh 1 - Bic Ninh 2017] Tinh tich phan I= J‘uz-l—n—{dx:
X

1

A.1=e2—% B.I:E';‘ C.l=e+1 D. /=%

83
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LOI GIAI BAI TAP TU LUYEN
Bail.

g
= Véi n=2 tinh gia tri tich phan J-sinlxcosxdx:—z%;ti = Dap an A sai
o

64
yjQ))dOkQ))ROEagKR6=
J SinCXIZ=cosl
1

ﬁ ‘

)H

s ; —3 tmh g1a tr1 t1ch phan J-sm xcosxdx————:> Dap anB chmh Xéc

Q))’\3$OkQ))ROanKR6—
5 E Math &
la 51nl:‘-:‘l*'xr:ns( b

» Chit y: Ty luan véi dau hiéu “xudt hi¢n cum cosxdx ” tasé dat ¢ =sinx
Bai 2.

N
= Tinh tich phan [3xVx’+1=7=Dép s8 chinh xdc1a B
o

y3Q)sQ)d+1R0OEs3=

[R] Mzth &
N e
'
J o Sadac+lds
o Chay: Tu luan vdi d&u hidu “xudt hién ciin thirc” ta sé dat can thizc la an phu
Dat r=~/x* +1 <> =x* +1 Vi phéan hai v& = 2xdx = 2tdt = xdx =1d! .

x=0=1=1

Déi bién: =7
L:\/i:n:z

z 2
. Khi d6 tich phan trd thanh [3rdr =1 1
i

B:‘ii 3.

g s .
. Tmh tlch phan I——ﬂ.—“‘= 0.4054...= ln(}] = Dap s6 chinh xaclaC
el +2e7" =3 ) 2

In3

E ya1RQK"Q)$+2QK"PQ)$p3Rh3)Eh5)—
D] Math &

1nisl i
J 1hi3) ERrre—Ty
0. 4054651081
« Chit ¥: Ty ludn véi ddu hiéu “xudt hign ¢ " ta sé dat ¢” 14 4n phu
Pat t=¢" Viphéan hai v&€ = e'dx =dr.

. , =1n3 (=3 . L, R . . n3 x 5
Da6i bién: [x o= . Khi d6 tich phan trd thanh J' ¢ I

x=In5=t=35 Y _3e" +2 :3 3t+2
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Bai 4.

B N E
* Thur voi « =3. Tinh tich phan J‘—C(—)is—;l—d.\' =0.2512..2 lh13 = Dap sd A sai
“ 1+ 2sin2x 4
qw4yak2Q))R1+2j2Q))R0EagKR3=
— 2 Math &
N U t-1 bt
’- LA

cos2x

* Thtvoi a=4 Tinh tich phan

[oY S

— v = 0.2746 = llnB = Dap s6 C sai
1+ 2sin 2x 4

$SESRS04=

A Math &

I

COELZER]
e = "t
‘ (] 1+ SZinlZR] ER
0. 2746530727
= Chuy: Tu ludn véi d&u hidu “xudt hién cum cos2xdx ” ta sé dat sin2x =/ la &n phy
Bai 5.
= Thiét 14p phuong trinh I(B.\-3 +2)dx—(a" +2)=0. Vi d& bai cho sin céc nghiém nén ta
4]

st dung phép thie

1
Voi a =1 vé& trai phueong trinh 1a : J.(Bx: + Z)clx—(l" +2)=0 = Dap an dting 1a B

0

Wy(3Q)d+2)ROE1$p(1+2)=

) & Math A

1, .

Il“ll K "'"ld =0 14k
I

Baj 6.

e+l

= Tinh tich phén 1 :dex =4.1945.. = = Dép sd chinh xdcla B
|

X

yaQ)d+2hQ)RQ)R1EQK=

] Hath &

I'fi- i+’=‘1r'|l:>~.)d:#
4.1H4EEHD49

= Cha y: Tw ludn ta nén tach tich phan thanh 2 tich phan con dé& dé xw Iy:
/= J-xc/x + ZJ- In x.ldx
1 1 x o
. Néu tich phan “xuét hién cum L dat Inx=¢. Vi phan haivé = lix=ar.
, x x

x=1=t=0 & ¥

x=e=>t=]

. ¢ i
D6i bién: [ . Khi d6 tich phan tré thanh I xdx +2 I tdt =
e i a
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T. CASIO TINH NHANH DIEN TICH HiNH PHANG

1) KIEN THUC NEN TANG
1. Dién tich hinh phing giéi han bdi hai d6 thi ham s& y= f(x), y=g(x) va hai duong
thing x=a,x=b duogc tinh theo cdng thirc

S= _ﬂf (x)|dx (1) (Dang1)

Quy uéc: Trong bai hoc nay ta goi duong thdng x=a la can thixnhét, x =5 la cén thithai
Chit 4j: Khi dé bai khéng cho hai cén thi hai cén sé c6 dang x=x,, x=X, voi x,x, 1a hai
nghiém ctia phuong trinh hoanh d¢ giao di€ém
2. Dién tich hinh phing gidi han boi hai d6 thi ham s6 x= f( ), x=g(y) va hai can
da,y=h duoc tmh theo cong thuc T

- g(y ldy (2) (Dang 2)

3. Tong hop phuong phap (gom 3 buoc)
+ Budc 1: Xac dinh 6 hai ham y = f(x),»=g(x) hodc x=f(y),x=g(»)
+ Buwéc 2: Xac dinh 18 2 cAn x=a,x=>b hodc y=a,y=>0
+ Budc 3: Lap vao cong thire (1) hoac (2) r6i str dung may tinh casio
1) vi DU MINH HOA
VD1-[Dé minh hoa mén Toan Bé GD-DT lan 1 ndm 2017]
Tinh dién tich hinh phing giéi han boi d6 thi ham s§ y=x"-x va do thi ham s8

y=x-x
g b2 » b.13
Gidi
» Tacdhaihams8 y=x"—x va y=x-x
x=0
> Giai phuong trinh hoanh d6 giao diém »* ~x=x-x* & x’ +x* - 2x=0 | x=1
x=-2

Ta cb 3 can x=0;x =l;x =-2 ma cdng thirc chi c6 2 can vay ta chia thanh 2 khoang can
—2<x<0 va0<x<i
> Dién tich hmh phang g101 han b01 do

tl"_liy‘yy-—-x3 ~x, y=3-x va hai duong thing

6 thi y=x"-x, y=3-x va hai dubng,théngf

Str dung Casio véi l1énh tinh tich phan
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yqC(Q)"3$pQ))p(Q)pQ)d)Rp2E0$+yqC(Q)“3$pQ))p(Q)pQ)d)R0E1=

Math

R I N

I

'-|"~T'

o
ot

[y
g}

Vay S = % ta chon dap 4n chinh xdc 13 A

<+ Binh luin:

* That tuyét voi phai khéng, va tir day theo 3 budc két hop Casio ta sé& lam moi bai lién
quan dén tinh dién tich hinh phéng.

VD2-[Dé cuong chuyén KHTN Ha Néi nam 2017]
Cho mién (D) gidi han bdi d6 thi ham sé y = In{x+1),y=In 2./x,x=2. Dién tich mién
phéang (D) bang:

A. ln\/_(x/5+l) 33+l B. —§1112‘(\/§+])+31n3—1
. 3
C. ll]l—(—)-+~4-\/§|]]2+l D. ln--\/l—_s-f-ilan2 +1
27 3 27 3
Gidi

Ta cé hai ham s§ y=In(x+1) va y=In2./x

> Can dau tién la x=2 ta di im c4n tiép theo bang cach giai phuong trinh hoanh d6
giao diém In(x+1)=In2./x < In(x+1) = 2/x =0

bé giai nhanh phurong trinh nay ta sé stt dung Casio véi chitc ning do nghiém SHIFT
SOLVE

hQ)+1)ph2)OsQ)qr2=

Math

Inci+1)- 1nru3ﬁf£

LF£= D

Ta duwge nghiém x =1
Vay ta tim dwoc hai cAn x=1x=2

» Dién tich hinh phing gidi han boi hai ham s8 y=In(x+1), y=1n2Jx va hai duong

thing x=1:x=2 4 § = [|in(x +1) - In2.4x]dx
1

St dung Casio véi Iénh tinh tich phan
yqchQ)+1)ph2)OsQ)R1E2=

R] Maxth &

|5 incgs13-1ncss

0. 0646297673

Vay §=0,0646... Tinh gia tri xem dap an nao cd két qua 0,0646... thi la dap an chinh
xac. = tachon B

* Binh ludn: Viéc tim nghiém ctia phirong trinh hoanh do giao diém hay tung d6 giao
di€m ma phtc tap ta c6 thé tinh nhanh bang ki thuat do nghiém vdi chitc ning SHIFT
SOLVE da dweoc hoc & bai trwede.
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VD3-[Th thit website Vamath.com lin 1 nam 2017]
Puong thing y=c chia hinh phing gioi han boi dudng cong y=x va dudng thang
y =4 thanh hai phédn b(:“mg nhau. Tim ¢
A. 16 B. ¥9 C.2V2 D. 33

Gidi

» Haihamsd y=x" va y=4
Giai phweong trinh hoanh d¢ giao diém x* -4 =0 x =42
Vay can thtr nhatla x=-2 cinthithaila x=

»> D1en tich hmh phang g101 han boi ha1 do thi ham soﬁ' =

i x——2x 2. la: S _Hx —4‘dx e

SLr dung Casio véi lénh tinh tlch phan

yqcQ)dp4Rp2E2=
X R Hath &
z = .
oy i
2o 1nz-alan
=2

Vay S:% - mot ntza dién tich Ia %
» Vi dudng thing y=c chia hinh phing § thanh 2 phan bing nhau = Dién tich hinh
phang gidi han boi duong cong y =x7, duong thang y=c¢ ¢4 do lonla 13—(1

> Thir véi dap an A taco y=316.

Giai phwong trinh hoanh d6 giao diém x* =16 < x =£4/16
Yo

=T e - vieln
yqeQ)dpqs16Rpq 6$16Eq"6$16=

Vay s, = ? (dting) = dép an chinh xac 1a A

VDs4- [Pé cuwong chuyén KHTN Ha Noi ném 20171
» Tmh dién tlch hinh phang g101 han boi y =X, +1 va truc Oy bang

A2 A B_*gﬁf,", c— e
3 , 3
T TG

> Haiham s8 x =" —1 va truc Oy ¢6 phuong trinhx =0

Giai phuong trinh tung d6 giao diém y* ~1=0<> y =+
Vay can thitnhétla y=-1 can thu hai la y=1
» Dién tich hinh phing giéi han boi hai d6 thi ham s6 x=y* -1, x=0 va hai duong

thing y=-1Ly=1 la: S:ﬂ(y3—|)~0[dy
' -1

Str dung Casio v6i 1énh tinh tich phan
yqcQ)dp1Rp1El=
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A Math A

S

(] l B

Vay §=— = dap s6 chinh xacla C

Lo |

** Binh Iuan:
° Bai toan nay nén dua vé dang 2 thi sé dé dang tinh todn hon. Néu dua vé dang 1 ta
phai tinh y=++x+1 r6i lai phai tim can sé kho hon

» Tahiéu véi may tinh X hay ¥ chila kihiéunén S= j'l(y,2 -l)— 0|?{1/=_i‘l(x3 —-~l)—0’;z'x '
i -} -1 5 N

Nén ta cé thé& thuc hién phép tinh v6i may tinh casio nhw trén
VD5-[Sach bai tip Ning cao Giai tich 16p 12 t.153]

Tinh dién tich hinh phang giéi han bdi dudng cong x=y?, dudong cong x+y* =2 va
truc hoanh

AL B.
5

W

c. 2 D.
5

LN RN

Gidi

Lot

» Haihams§ x=y? va x=2—)"

Truc hoanh cé phirong trinh y =0 = cn thanhat y =0

Wl

D& tim can thit hai ta gidi pheong trinh tung d giao diém: y* =2~ y*. D& giai nhanh
ta stt dung chitc ndng do nghiém SHIFT SOLVE
Q)"a2R3$$+Q)"4$p2qrl=

::ll: . o] Huth
= 1
L-F= 0

vay can thirhaila y =1

» Dién tich hinh phéng gidi han béi hai @6 thi hdm s8 x=»*, x=2-x* va hai dudng

I 20
théng y=0,y=11la: S:I(y?‘J—(Z—y“) dy
0
Stt dung Casio véi 1én1;1 tinh tich phan )
yqcQ)*a2R3$$p2+Q)*4R0E1=
D] Math &

5% -2+ oy
1.199999964

J2

Vay S§=2 = dép s8 chinh xac 1a A

% Binh Inén:

e Do cai d4t lam tron clia may tinh ctia mdi mdy 1a khac nhau nén ta nhanh nhay trong
viéc lam tron dé€ tim dép an diing nhat. )
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VD6-[Thi thit 16p toin thiy Binh Ian 2 nim 2017]

Tinh dién tich hinh phang giéi han béi Elip c6 phuong trinh x* + {; 1
Az B. 37 C. —951 D. 7%

Gidi

» Taco: x:+); =l<:>x3:l——'—);—<:>x:fc\/l-%——:> Hai ham sd x——Jl— i

2

2
» Dién tich hinh phéng giéi han boi hai d6 thi ham s8 x = —\/1 —-yé—, x= \/1 —% va hai

dudng thing y=-3,y=3la: §= J- dy

%)

St dung Casio véi [énh tinh tich phan
yqc2s1paQ)dRIRp3IE3=

Math &

1% )i [o
3. 4”4 ??961
Vay $=9.4247...=37 = dap s6 chinhxaclaB
« Binh luan:
] Trong chwong trinh 16p 10 séch gido khoa da dé cap dén cac tinh chat co ban cua hink
Elip nhung chia d& cap dén cong thire tinh dién tlch cta Elip va viée str dung t1cH
- phén dé tinh dién tich Elip 1a mot ung dung tuyet VOL. . , ;
YDJ-[Thl hoc sinh giéi tinh Pha Tho nam 2017] -
Nguoi ta tréng hoa vao phan dat duoc té mau den duoc gidi han boi cac canh 4B,CD
duwong trung binh MN clia manh dét hinh chit nhdt 4BCD va mét duong cong hinh
sin (nhw hinh vé). Biét AB=27(m), AD= 2(m) Tinh dién tich d4t phén con lai (don vi

tinh »*) B
A. 4r -1 B. 4(7r~]) i,
C.4r~2 D. 4x -3

Gidi
> Dién tich hinh chit nhat 4BCD 1a: S, = ABCD =4z (n'’)
» Hinh sin c6 bién d6 +1 va chu ki 27 nén c6 phuong trinh la: y =sinx
Gén hinh trén 1én truc toa d6 Oxy véi gdc toa dd O la giao diém cua d6 thi hinh sin
véi truc hoanh MN

Ta c6 dién tich hinh m#u den bén phai truc hoanh 1a: §, = ﬂsin x=0ldx=2
¢l
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qw4yqcjQ))pOROEqK=
@ Math A
b S
o1 5inCR -0l dy
?
» Dién tich can tim = §, - 2S5, =47 -4 = ddp s chinh xacla B
<+ Binh luan:
Néu deé bai thay d6i thanh AD =4 nhu vay bién d6 hinh sin la #2 vay sé cd phuong
trinh la y =2sinx
VD8-[Pé minh hoa B6 GD-PT Ian 2 nam 2017]
Cho hinh thang cong (H) gidi han boi cac duong y=¢",y=0,x=0 va x=1In4. Duong

thang x=4 (0<k<In4) chia (/) thanh hai phan c6 dién tich §,.S, nhu hinh v& bén.

Tim & d& S =28, j
A.k:§In4 B. k=In2
8
C./(-—-lng D. k=1In3
Gidi ,,,,,,,
nd
> Goi S ladién tich hinh (H) tacé §= [|e* ~0]dx=3
yqcQK"Q)ROER4)=
2 Math A
LGN
v Ll
o e o
3

k
» V1§ =25, matongdiéntichlad = § =2= I e*
0

dx=2.Thtt cic dap antacd k=1In3

yqcQKAQ)ROER3)=

Math A

O]
I1nis ¢
[3® % gy

= BPap s6 chinh xaclaD
VD9-[Dé minh hoa B4 GD-DT Ian 1 nim 2017]
Ong An ¢6 mét manh veeon hinh Elip ¢6 d6 dai truc ¥
16n bing 16m va db dai truc bé bing 10m. Ong
mudn trong hoa trén mot dai dat rong 8m va nhén
truc bé cua Elip lam truc d6i xng (nhuw hinh vé).
Biét kinh phi d& trong hoa 1a 100.000 déng 1m°. Hoi 6ng An can bao nhiéu tién dé
trong hoa trén dai dat dé? (S6 tién lam tron dén hang ngan).

A. 7.862.000 B. 7.653.000 C.7.128.000 D. 7.826.000
Gidi
> Xét hé toa dd Oxy dit vao tdm khu vudn, phuong trinh Elip vién khu vuon la
2 > _ S
NESDPI
6425 -
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Xét phan do6 thi Elip ndm phia trén truc hoanh ¢c6 y=5,[1- 2—4

.j> D1en tich S cua da1 dat cung chmh bang 2 Tan phan hinh phang g101 han b01 do thJL
y= - f (x) truc hoanh duong thang x=-—4, ducmg thang x=4

,fl————-— ]dx 76 5389182

2yqc5s1paQ)dR64Rp4Ed-

=§= 2j

Math &

2)*, |5J—§‘f |
765289182

= S8 tién can 14 100.000S
0100000=

Math &

A= 100000
7652091, 52

= D4p s6 chinh xacla B

BAI TAP TU LUYEN
Bai 1-[Thi thi chuyén KHTN Ha Néi Iin 1 nam 2017]
Dién tich hinh phang giéi han boéi dueong cong y =x?, dudng thing y=2-x va truc
hoanh trong mién x>0 béng:
A2 B. . cl D.2
6 3 6
Bai 2-[Thi thit chuyén Vi Thanh - Hiu Giang nim 2017]
Tinh dién tich hinh phéng gi6i han boi cac dwong y=x*+x—1 va y=x"+x-1
8 14 4 6
15 B35 C 5 BE
‘Bal 3 [Dé cwong chuyén KHTN Ha N§i nam 2017] |
Dién tich hinh phéng gidi han boi cac d6 thi ham s8 y = |x + 1| va y= |x|+3 bang |

Al 5, 20 B
! 4 : 3 » 3 213
Bai 4-[Thi thir nhém toan Poan Tri Diing Iin 3 ndm 2017]
Tinh dién tich hinh phéng gioi han béi db thi ham sd y =2 va d6 thi ham s8 y=3-x
va truc tung
A2 L B.3-— C.5-— D. 2+
2 In2 In2 _ In2 In2

Bai 5-[Doan Quynh-Sach bai tip tric nghiém todn 12]

Biét dién tich § ct1a hinh phéng gidi han béi cac duc‘mg:‘ y=hx, y=0, x= ! , x=e cO th&

¢
dugc viét duédi dang S = a[l——j Tim khang dinh sai:
€
A & -3a+2=0 B.a’-a-2=0 - C.d*+3a~-4=0 D. 24°-3a-2=0
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Bai 6-[D%é cwong chuyén KHTN Ha Néi nam 2017]
Dién tich hinh phing gi6i han boi d6 thi ham s (P):y=x*-2x+2 va cac tiép tuyén
v6i () di qua cac diém A4(2:-2) la:
Al B. & c 8 p. 2
3 3 3 3
Bai 7-[Thi tha THPT Luong Thé Vinh - Ha N6i lén 1 ndm 2017]
Dién tich hinh phing gi¢i han boi dudng cong y = 2\/— (a>0), truc hoanh va duorng

thing x = a bing ka’ . Tinh gia tri ciia tham s8 &
7 4 12 6

A k=~ B. k=— C.k=— D. k=
3 3 5 5

LOI GIAI BAI TAP TU LUYEN
Bai 1.

N s A . o 2 X in L AL A ;
» Phuong trinh hoanh d9 giao diém x” =2-x c{ . Tuy nhién dé bai yéu cau tinh

x= -
dién tich trén mién x>0 = Ta tinh dién tich hinh phéng trén mién [0:1]
= Can th nhit x=0, cin thit hai x=1.

s Dién tich can tinh la: $= f)lx: -(2- x)‘dx 7

6

yqcQ)dp(2pQ))ROE1=
1 e _ Math A
) |:||-;';-‘_" -’-J w1 | ol

| =J

= Chti y: N&u dé bai khéng yéu cau tinh dién tich hinh phéng trén mién x>0 thi ta tinh
" \ A . [ 9
trén toan bo mién [-2;0]. Taco: § = le“ ~(2- .x)idx =
Né&u dé bai yéu cau tinh dién tich hinh phang trén mién x<0 thi ta tinh trén mién
Uy, 10
=2:0]. Tacd: S=| |x*—(2-x)jdv=—
[-2:0] [l =@ =x)ar=3

Céc e hoc sinh chi y diéu nay vi rét dé gay nham 14n.
Bai 2.

x=0
= Phuong trinh hoanh d6 giao diém Frx-l=x'+x-lox' - =0ex (¥ -1)e|x=1
H x::—l

= Ta c6 can thir nhat x - —717, can thee hai 0 Cﬁm thtt ba x=1

s Dién tich can tinh la: S = Jj’(xz +X— I)~(x4 +x—1)‘dx+_l'ol|(x3 +x~l)—(x4 +x~—1)|dx=%

qu(Q)d+Q)p1)p(Q)A4$+Q)p1)Rp1E0$+ch<Q)d+Q)p1)p<Q)“4+Q)p1)R0E1=

. Mxth &

|2, 0= e-10 - Cop

=

= Pap s6 chinh xacla C
= Chiiy: Em nao hidu phép bién ddi tinh dién tich thi cé thé bAm mady theo cong thirc
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o , N .
S= J‘_] ’x“ - x‘Ia’x + J'O!x" —x }a’x sé rut gon duoc thao tac bAm may.
Bai 3. :
. Phucmg trmh hoanh s glao diém }x’ +1|— x|+3 o xt+] —]x]+3 =33 —|x| 2=0 (1)

= Dién tich can tinh 1a: S = _f

2
2

X+ 11-([x]+3)[dx:339
yqcQ)d+1pqcQ)$p3Rp2E2=

- Math &
1=, 152411515
£0
3
= Pdp s6 chinh xac la B
= Chti y: Phuong trinh chita ddu gia tri tuyét d6i x* —|x]-2=0 cé thé giai bang Casio
thay vi chia khoang dé& pha dau gia tri tuyét d6i.

Q)dpqcQ)$p2qrp5=
Hath
2|5 -2
::';l= - E
L-F= 0
qro5=
- Math
al—lnl-2

= Ta tim duoc hai nghiém x=-2;x=2
Bai 4.
* ‘D@ bai cho truc tung c6 phuong trinh ‘x =0 nén can thnhatla x =0 :
| Phuong trmh hoanh do giao dlem 27=3-x. ©x=1la ngh1em duy nhat = can thu’
v ha1 x=l S S S

~(3-x) [dx-l 0573 =2

2 In2
YqCZAQ)$p(3pQ))ROE1=
.\,1 e . ath &
| g zs-ca-xydx
1.057304959

= Dap s6 chinh xacla A
» Cha y: D€ gidi phuong trinh 2° =3~ x ta c6 th& sit dung may tinh Casio
2"Q)$Qr3pQ)qrl=

@ . Math
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Ta nhan duoc nghiém x=1. Tuy nhién vi sao x =1 lai la nghiém duy nhét thi xem lai &
bai “Si dung Casio tim nghiém phwong trinh mi.”
Bai 5.
*» Dién tich hinh phing gi¢i han boi y=Inx, y=0, x =L seems =ﬂlnx—0|dx=l.2642...
€ |

¢

yqchQ))RalRQKEEQK= | |
. B Math &
J R ULEAT
1.264241118
N 1 IS
» Vl AQ_CI(I_‘L‘)‘]:(’:}jzz
P(1palRQK$)=
. 1 @ Hath &
Ans+[ 1-¢)
2

Chi ¢6 phuong trinh & cau C khong chita nghiém nay = dap an C 1a dap an chinh xac
= Cht y: Bai nay khong can dung dén kién thirc cta tich phan van cé thé lam dugc. Dé
bai yéu cau tim ddp an ma s6 ¢ khong thoa man = ¢ khéng phai nghiém chung cua
cac phurrong trinh. Ma nghiém chung caa cac phuong trinh la 2 nén dép s§ C khong
thoa man.
Bai 6.
* Viét phuong trinh tiép tuyén di qua 4(2;-2) ta thu duoc
Tiép tuyén thit nhat y=-2x+2 vdi tiép diém B(0;2)
Tiép tuyén thithai y =6x-14 vdi ti€p di€m C(4;10)
Ta higu hinh phing cn tinh dién tich 1a phan duong cong ¢6 3 dinh 4,B,C ta thu
dwgcbacanla: x=0;x=2;x=4
=s=[|(x ~2x+2)—~(—2x+2)‘dx+ﬂ(x2 ~2x+ 2)—(6x—l4)1dx=l—;—
0 2

yqe(Q)dp2Q)+2)p(p2Q)+2)ROE25+yqe(Q)dp2Q)+2)p(6Q)p14)R2E4=

" N _ E'l . Maﬂ: A
|5 1 L= =25+20 = (-1
1s
3
= Pap s6 chinh xac 1a C
= Cha y: D€ biét duoc tiép tuyén tai sao lai la y=-2x+2;y=6x~14 thi xem lai bai Casio
fim tiép tuyén clia &6 thi ham s6.
Giai thich céng thirc (1): Trén mién x<[0;2] ta thdy hai cdn nay dugc hinh thanh béi
hai dudng cong y =x* -2x+2;y=-2x+2 nén dién tich phai dugc tinh theo cong thizc

§.|(x2 ~2x+2)~(-2x +2)|dx

205



Bai 7.

Xét phuong trinh hoanh d6 giao diém ctia dwong cong va truc hoanh: 2Wax=0=x=0

Ta dugc can thi nhat x=0 va cin thit hai x=a. Khi d6 dién tich hinh phang la:

S = ﬂz@ - OPx
e ; ;

[2J_ 0|d

: d‘-“a:j khidé k :5![2@ —0@:1.33(3);_24—

alR9$0y2s3Q)ROE3=
Ra mdt két qua khac 0 vay dap an A sai

J

o] Math &

23 ol
1325353333

|_C|I|_n.
i:l Ll.l

= Pap s6 chinh xacla B

i e |
1- Thlet lap quan he _[ ’2\/_ O|dx - ka’ @k————f—— Chon g1a tri duong a bat k1vv'i‘

]
|
!
|

= Chua y: Dl ta chon gia tri dwong a bat ki thi dap s6 &£ déura g vi du ta chon a=1.125

1.125

Khi d6 k:1 |2\/1 125 — o\d v =133(3 =f31

a1R1.125d$y251 ) 125Q)ROE1.125=

Math A

1 1 12-\_' 't'
t.1zs2do ,-
1 g 3330

CASIO TINH NHANH THE TiCH KHOI TRON XOAY

1) KIEN THUC NEN TANG

1. Dang 1: Thé tich vat thé c6 dién tich thiét dién S(x) tao boi mat phéng vudng goc véi
Ox tai di®m c6 hoanh d6 x (a<x<b). Gia sit §(x) la ham lién tuc thi thé tich vat thé

h
tich theo cong thire: V = IS(x)dx

a

2 Dang 2: Cho hinh phéng (H) tao boi cac duong y=f(x), y:g(x) va cac duong

)- g (x)|dx o

. thang x=a, x=b. Khi quay hinh phang (H) quanh truc Ox thi duoc vat th& tron Xoay

3. Dang 3: Cho hinh phang ( ) tao b01 cac duc;mrrg”x:f’(y), x:g(y) va cac dudng

thdng y=a, y=b. Khi quay hinh phang (H) quanh truc Oy thi dwoc vat thé tron

h
xoay c6 thé tich tinh theo cong thixe: V = 7rﬂf3 (y)-¢° (y)ldy
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II) Vi DU MINH HOA.
VD1-[Dé minh hoa mén Toan Bé6 GD-DT [an Inam 2017]

°
DX

Ki hidu (#) 1a hinh phing gi¢i han boi d6 thi ham s6 y=2(x~1)e", truc tung va truc

hoanh. Tinh thé tich ¥ caa khdi tron xoay thu duwgc khi hinh (H) quay xung quanh

truc Ox

A V=4-2¢ B.V=(4-2¢)7 C.V=e¢-5 D. V=(c~5)x
Giai

Hinh phing dwoc gidi han bai truc tung = cén thir nhét la: x=0

Truc hoanh c6 phuong trinh v =0. Xét phuiong trinh hoanh dé giao diém ctia duong
cong y=2(x—1)e* vatruc hoanh = 2(x-1)e" =0 x=1. Vay can thiz 2 la: x=1

i .,
Thé tich V= [|(2(x-1)e") - 0%far

Str dung may tinh Casio voi 1énh tinh tich phan
qKyqe(2(Q)p1)QK Q)$)dROET=

) R} Math A
'1 ] . et ?
I[J 0 | (2ei-1367) %
T h05441059
=V =75054.. =7 (e ~5)

Vay ta chon dap an D
Cach tham khao : Tw luan

Thé' tich ¥ = 72'“(2(.\‘ - l)e"')2 —Oz}dx = 47r_i.(x— l)2 evdx
il 4]

Vi biéu thire dudi d&u tich phan ¢ dang u(x).v'(x) nén ta stt dung tich phan ting
phén. Tuy nhién lam dang nay r&t mat thoi gian. Tac gia khuyén khich ban doc lam
theo casio, danh thdi gian cho viée tw duy xay dung cdng thirc d€ bdm may.

Binh luin:

Qua vi du diu tién ta cling da thiy ngay sttc manh ctua Casio khi xtt ly cac bai tich
phén, cac bai tng dung tich phan so v6i cach tam tw ludn truyén théng.

VD2-[Thi thit Group Nhém toan lan 3 nam 2017]

>

>

Tinh thé tich khéi tron xoay sinh ra khi quay hinh phing duoc gi6i han boi cdc d6 thi
ham s6 y=+1-x*;y=0 quanh truc Ox

A B. 4 [E2 D. 1z
7 4 3 4 3
Gidi
Ham thit nhit: y=+/1-x", ham thit hai: y=0
‘ . 3 s =~
Giai phuong trinh hoanh d6 giao difm vi-x" =0 1-x =0 ) |
X =

= Cin thi* nhit: x=-1, can thit hai: x =1

(Vi-# )2 ~01’dx

1
Thé tich ¥ ==
. =1
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Stt dung may tinh Casio véi 1énh tinh tich phan
gKyqclpQ)dRplEl=

& Math &

nft, 1152 o

]
=

:>V:i7r
3

» Véy ta chon dap an D
VDS [Th1 tht chuyen Lam Son Thanh Hoa lan 2 nam 2017]

1T j ,n;"hmh phang g101 han bcn y= \/Smx y—O~x-0~x=(—'~ Kh1 D quay quanh

Ox tao thanh rnot khéi tron xoay. Thé tich ctia khéi tron xoay thu duoc la: e :
A1 B Co22x D2

Gidi
» Ham thi* nhit: y =+/sinx, ham thit hai: y=0

© Can thiz nhat: x =0, cin thit hai: x :-’21

3
» Thétich V = ﬂj.‘(\/sinx)z -Oz’dx
[¢]
Stt dung may tinh Casio véi 1énh tinh tich phan
qw4gKyqcjQ))ROEagKR2=

a Math &

[singxr [dw

o ml:l'

n

=V=r
» Vay tachon dap an B
VD4-[Sach bai tip gidi tich nang cao 16p 12 T.154]
Tlnh the tich kh01 trdn xoay tao thanh kh1 quay quanh truc tung hihh phang g101 han

r 2 s
| b01 do th1harn 80 x=— yl va cac duong thang y= Oy-—l
| : vt . .

Gidi

N
> Ham thit nhat x =Y ham thi hai: x=0

Chn thit nhét y =0, cAn thithai y =1

» Thé tich V:nj
)

Str dung méy tinh Casio vdi 1énh tinh tich phan
qKyqc(as2Q)RQ)d+1$)dROE1=
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Math &
L
4

Y e B -
HJD‘LHE+1J ld'
1y

=V = —]—7r
2

» Vay ta chon dap an C
VD5-[Sach bai tap giai tich ning cao 16p 12 T.154]

Tinh thé tich khdi tron xoay tao thanh khi quay quanh truc tung hinh phing gidi han

boi dd thi ham s8 y=2x-x* va cac dudng thang y=0,y=2:

A. in’ B. §7:' C. er . D. 171'

3 3 5 5
Giai

= Xét y=2x—x° <:>(,\'~l): =1y

Vi (x-1)'201-y20e y<l Khi d6 x-l=+fI-y e x=1x1-y ham tht nhit c6

dang x=1+./l-y, ham tht hat: x=1- /-y
» Phuong trinh hoanh d6 giao diém 1+ Jl-y=l-Jl-y < JI-y =0 y =1

Vi v<l = can thir nhdt x=0 vacin thithai y=1
(l + 1 -y)h ——(2—\/1 _y)~
St dung may tinh Casio vi 1énh tinh tich phan
gKyqe(1+s1pQ)$)dp(1ps1pQ)$)dROE1=

i
> Thé tich ¥ = n'I dy
0

& Math 4

nf LT %

H.37TRB04 ]

= V:8~3775...:§7r3

2

# Vay ta chon dap an B
VD6-[Sach bai tap giai tich ning cao l¢p 12 T.154]

Tinh thé tich khéi tron xoay tao thanh khi quay quanh truc tung hinh phing gi6i han

bdi hinh tron tron tdm 7(2;0) ban kinh R=1: _
A, 4z  B.4r’ C. sz D. 57°

Gidi

» Ham thit nhat la dimg tron tam /(2:0) ban kinh R=1 ¢ phwong trinh

(x—2)2 +(y—0)2 =1<:>(x~2): =1=-y*

Vi (,{41)2 201~y >0 1<yl Khi dé x-2=2%1-) @ x=2+.i-)" ham th

nhat cd dang x=2+./-), ham thit hai: x=2-./1-)?

. ; ; 5 =-1
» Phwong trinh hoanh dé giao diém 2 +4/1-)* =2-1-)* & /1-)* :Oc{y .
=

= Cén thit nhat y=~1 cin thithai y=1
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flo57) - o

» Thé tich V:nj
1

. St dung may tinh Casio véi [énh tinh tich phan
gKyqe(2+s1pQ)d$)dp(2ps1pQ)d$)dRplEl=

nt, |[?+41 E )%
39.47384176

=V =39.4784..= 47"
» Vay tachonddpén A
VD7-[Th1 thu bao Toan hoc Tudi tré lan 3 nim 2017]
ic clia vat. the nam glua ha1 mat phang x= 0 x=1, biét rang thiét d1en

L cua Vat the cat bcu mat phang vuong g0c~v01 truc Ox ta1 d1em co hoanh d6 x (0<x< l)

'ottam glac deu ¢o canh Ia 41/1n(1+x) i \ A e e %

;ﬁ(zlnz—l) B 4I(2|nz+1) C.853(2h2-1) ‘D.l6x(2m2-1) |
Gidi

> Thiét dién ctia vat thé va mit phing vudng goc véi truc Ox la tam gidc déu c6 dién

4

> Dién tich §=35(x) la mot ham lién tuc trén [0;1] nén thé tich vat the can tim dwgc tinh

tich §=8(x)=

1
theo cong thue ¥ = [4/31n(1+x)dx =2.7673...= 4/3 (2In2 - 1)
0

y4s3$h1+Q))ROE1=
B Math A
[Lamminc1+xoc
2. B7E320841
= Tachon dap an A
BAI TAP TU LUYEN

Bai 1-[Pé cwong chuyén KHTN Ha Néi nam 2017]
Goi (S) la mién gi6i han boi duong cong y=x°, truc Ox va hai duong théng
x=1;x=2. Tinh thé tich vat thé tron xoay khi (S) quay quanh truc Ox:
Azl B.2Z. 1 c iz D. 274
5 3 5 3 5 5
Bai 2-[Thi thit THPT Nguyé&n Pinh Chiéu - Binh Dinh Iédn 1 nim 2017]

. Thé’ ’t1ch khol tron xoay tao. thanh kh1 quay quar\h truc Ox duoc g101 han boi do thm

ham ov y (2 x)e2 va ha1 truc toa do

|
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Bai 3-[Thi tha chuyén Vi Thanh ~ Hiu Giang nam 2017]
Cho hinh phing (#)gidi han boi cac dudng y=sinx;x=0;x=x . Thé tich vat thé tron
xoay sinh béi mit phing (#) quay quanh truc Ox bang:
= c. D.
Bai 4-[Thi tha Trung tim Diéu hién - Can Tho lan 1 nim 2017]
Cho hinh phing (H) giéi han béi y=2x-x", y=0. Tinh thé tich ctia khdi tron xoay

A. 2 B.

oy

thu duoc khi quay (/) xuong quanh truc Ox ta dwge V = ;r(-;i +1 J Khi do:
)

A.a=1:h=15 B.u=-7:b=15 C.a=241h=15 D. u=16b=15

Bai 5-[Cdu 54b Sach bai tip giai tich nang cao 12]
Tinh thé tich ¥ ctia khéi tron xoay tao thanh khi quay hinh phang (/) gi6i han boi cac
dudng y=x', truc tung va hai duong thang y=1, y=2 quanh truc Oy. Khing dinh
nao dung?

- AV>S B. V<2 C.V>4 7 D. V<3

Bii 6-Cho hinth phing (S) gi¢i han boi cic dwong y=2x—x* (C), truc tung. Khi quay

. hinh (S) quanh truc Oy s tao thanh vat thé tron xoay ¢ thé tich 1a bao nhiéu?
av=2 o py2Z  cy-lZ D.y=3Z

Bai 7-Tinh thé tich khéi tron xoay tao nén khi cho hinh tron tam / (2:1) ban kinh R=1
quay quanh truc Oy

AV =dr B.v=Lllr Cv=t D. v =47’
Bai 8-[Bai 29 trang 172 Sach gido khoa giai tich ning cao 12]
Tinh thé tich ctia vat thé ndm giira hai m4t phéng x=-1, x=1. Biét rang thiét dién cta
vat thé bi cit boi mit phing vudng goc vai truc Ox tai difm o6 hoanh d6 x (-1<x<1)
1a mot hinh vudng 6 canh la 21 - x*
17 ¢
Al B. 2 c.l D. 5
4 2 3
Bai 9-[Bai 30 trang 172 Sich gido khoa giai tich ning cao 12]
Tinh thé tich ctia vt thé nim gitta hai mét phing x=0, x=7. Biét rang thiét dién cta
vat thé bi cit boi mit phing vudng goc véi truc Ox tai diém co hoanh d6 x (0<x<7)
la mot tam giac déu 6 canh la 2+sinx

A. 73 B. 223 C. 3 D. 23

LOT GIAI BAI TAP TU LUYEN
Bai 1. .
= Duong cong thtt nhat y=f(x)=x", duong thit hai la truc hoanh cé phuong trinh

y=g(x)=0
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» Hinh phang gi6i han béi dwdng cong thir nhat y=x*, truc hoanh y =0 va hai duong

thdng x=1;x= -g° (x)‘dx= " —0%|dx
qKyqc(Q)d)dpOdR1E2=
- = 2 M
|y [ CRE) = -0= o
=t 1

=1

:Dapsochmhxaclac e
“Ch e ong thuc _tinh thé tlch cb 7 vaco binh phuong ctia 7 ( ) g (x). Rat

. 'nhiéu hog sinh thufong quen nhtng Veu t& nay so véi.céng thike tinh dién tich. -
Bai 2.

= Hinh phéng dwoc gidi han boi dudng thie nhat co phreong trinh y = f(x)=(2 ~x)e§ va
duwong thit hai 1a truc hoanh c6 phuong trinh y = g(x)=0. Hinh phing duoc gi6i han
boi truc tung nén co can thit nhat x=0. Xét phwong trinh hoanh d6 giao diém duong
cong y=f(x) vatruc hoanh: (2- x)e; =0 x=2= Canththaila x=2

= Thé tich can tim la:

2

V:ﬁLzlfz(x)—gZ(x)]dx':ﬂ’[;((2_ %] _0
gKyqc((2pQ))QK"aQ)R2$$)dROE2=
o} Math_.
z % I
DI[ wIE J B

15, I_I1EI 6218

dx =15.0108..=7(2¢° —10)

= BPap s6 chinh xacla C
Bal 3.

f( u)—smx ham tht hai (ctia truc Ox) Ia y= 0.Can thie nhdt x = 0

dr=4.9348.. =7

"f:'f?(x)"%gf(sc)ldkeﬂ: o

o w4quqc1Q))dROEqK—

) B Mah A
T . o T
m| o lsini® ldx
4. 934802201
= D4p s6 chinh xac la B
= Cha y: D& tinh tich phan ham luong giac ta can chuyén may tinh vé ché d6 Radian
qw4
Bai 4.
. 2 =0 P A .
= Phuwong trinh hoanh d6 giao diém 2x-x" =0 @{x 5 ="can tht nhat x=0 can thi
x=

hai x=2
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Ta dugc cn thit nhat x=0 va cln thir hai x=«. Khi dé dién tich hinh ph?mg la:
S = [|2ar - ofux

= Tinh thé'tich ¥ =[]/ (x) - ¢ ()b = [ |2 2) = 02| = %”

qKyqe(2Q)pQ))od)dROE2=

Ma V=7T(ﬂ+]) =24 :Ejﬂ:—l—:azl;bzls
b b 15 b 15
= Dap s6 chinh xacla A
Bai
* Hinh phing () gidi han boi dudng thit nhét x= f( y)=3fy va dudng thtt hai (trué
tung) : x=0.Cén thit nhit y=1 vacinthithai y=2.
* Theo cdng thizc tinh thé tich vét thé tron xoay khi quay quanh truc Oy: ,

V= ;zj[_/’l (»)-g () = ﬁj[(i/I) —Oz}ly =4.099...> 4

qKyqe(q"3$Q)$)dpOR1E2=

o

IR] Math A

1

For] g

n_[‘|[%’ﬂ il et

11
4. 099405585

§

= Dap s6 chinh xacla C

= Cha y: D& tinh thé tich hinh phing xoay quanh truc Oy thi phai chuyén phuong trinh
duong cong vé dang x = f(y) va x=g(»)

Bai6.

x=1+ l-y(AO)

x=1-J1-y (4B)

" Xét y=2x-x? e (x~1) =1—y<:{ véi y<1. Duong cong (C) 'chi‘a‘l‘am:’

2 nhanh.
= Phuwong trinh tung d6 giao diém hai nhanh: 1+ /i —-y= - 1 ;y PN :/l - % =0 y=1'

® Theo cdng thitc tinh th& tich vt thé tron xoay khi quay quanh truc Oy :
! 2 B
14 :7;[[(1 +T=y) —(1-4i —-y)“}fyz 8.3775...:—8-3z
qKyqc(1+s1pQ)$)dp(1ps1pQ)$)dROEL=
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R] Hath &

-.1 - .
]IJ ) ~Ib
o, d'_"_":ni:ll:l-'il

= Dap s chinh xacla D
Bai 7.
- Phuongr trmhdu’ong trESﬁ (LR
[ ”

[

= Theo cdng thizc tinh the tich vat thé tron xoay khi quay quanh truc Oy :
1 2 2
V= 27:{[(2+\/1—y2 ) ~(2—\/1 —)? ) :ldy ~39.4784... =
0

2qKyqe(2+s1pQ)d$)dp(2ps1pQ)d$)dROE1=

R] Math A

- 1 ™ | .-
on |1 | (2172 )%
39,47 B-‘i 176
= Dap s6 chinh xac la A
Bai 8.
= Thiét dién cta vat th& tao boi mit phang vudng gdéc véi truc Ox la hinh vuéng . =

Dién tich thiét dién S =S(x)= ( 1- )

1
= Viham S = $(x) lién tuc trén [~1;1] nén vat the c6 thétich 1a: ¥ = [4(1—x" Jdr = ?

v4(1pQ)d)RplEl=
o] Mith &
i . I s
i 401-5= ) L6

= Dap s8 chinh xac1a C
Bai 9.
E- Thiét dién' Cila vét th€ ,tao boi:

mit phing vudng gde voi tryc Ox 13 tam gidc déu

T‘ = D1en t1ch thlet d1en S$=8 (x) ———I———— 3 si

= Viham §= S( ) lién tuc trén [0;7] nén vat thé cd thétichla: vV = jﬁsin xdx =-156—

qw4ys3$jQ))ROEqK=
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a Math A

[;T-Fn Tasintaidy
S de4101615

= Dbap s6 chinh xac la D

T. CASIO TIM NHANH QUANG PUONG VAT CHUYEN BONG
BIEN POI

1) KIEN THUC NEN TANG
Quing dudng di duoc caa mét vat: Mot vat chuyén dong cd véan t6e thay d6i theo thoi
gian, v= f(r) trong khoang thoi gian tir 7, dén « thi quang duong vat di duocla:

S:ljf(,)m

2) CACH TINH NGUYEN HAM

VD1-[C4u 24 Dé minh hoa BGD-DT ldn 1 nim 2017] :
Mt 6 t6 dang chay véi van t8c 10m/ s thi ngudi 1ai dap phanh, tir thoi di€m d6, 6 t6
chuyén déng chadm dan déu vdi van tdc v( 1)==51+10(m/s) trong d6 1 la khoang thoi
gian tinh bang gidy, k& tir ltc bat dau dap phanh. Héi ti lic dap phanh téi khi dtmg
hén, 6 t6 con di chuy&n duwoc bao nhiéu mét?
A.0,2m B. 2m C. 10m D. 20m

| Gidi -

% Cach 1: CASIO

> Ta c6 quing duong S(r)=1(¢)+. Vi phan 2 v& theo 1 ta dugc: S'(¢).dt=v(t).dr < S'(t)=v(¢)
= S(/) 1a 1 nguyén ham cua v(1) = S(¢)= jv(l)dr

> Khi xe dimg héan thi van t&c tai diém ditng =0 0=-5/+10 <=2
Chon gdc thoi gian £, =0 thi ¢, =2

Quéng duongla § = :[(—St +10)dr
[}
Stt dung may tinh Casio véi chiic nang tinh tich phan

y(p5Q)+10)ROE2=

|2 ¢-5 100
10

Quang duong S =10m. Vay dap an chinh xacla C
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¢ Binh Judn:

e Nhéc lai kién thirc quan trong nhat ctia Tich phan: Néu ham F(x) la mot nguyén ham
ctia f(x) thi F'(x)=f(x)

e Chinh 4p dung kién thitc trén ta thdy S'=v(/) = S la mét nguyén ham cua v(t)

I
1

:S(r):jv(r)dr

VD2-[Dé cuong chuyen KHTN Ha N6i nam 2017]

| ‘Lic 9k sang, mot 6 t6: bat dau xuat phét tir Nha hat Lon thanh pho Ha Noi di Thanh
pho Hb Chi Minh. Trong 1 gio dau tién, vi xe di trong ndi thanh nén toc a6 di chuyern
chura nhanh, xe 6 t6 di vé6i van toc v(t) -0,540,2. coszt (km/phit), trong d6 ¢ 1a thcn,

gian k€ tir It xe 6 t6 xudt phat dwgc tinh bang don vi phut. Hoi. ltic. 9n10" x o to dl
~dugc quang dudng bao nhiéu km? e R S |
A.07 B.5 €03 . D52

Giai

% Cach1:CASIO
» Ta c6 quang dwong S(1)=v(¢).s. Vi phan 2 v€ theo ¢ ta dugce S'(t).dr =v(r).dt < S'(t)=v(r)
= §(¢) la 1 nguyén ham cia v(r) = S(¢) ::Iv(t)dt

> Chon goc thoi gian ltac 94 1a ¢, =0 thilac 9410 la ¢ =10

10
Quing duwongla S = f(o.s +0.2cos 7t)dt
o]

St dung may tinh Casio vdi chitc nang tinh tich phan
qw4y(0.5+0.2kqKQ)))ROE10=

i" 10

@ Mah &
(0L 5+0. 2oos (e
Quang dwong S =5m . Viy dap an chinh xéc la B.
< Binh luan:
o Bai todn rit chuan muec vé phép tinh toan, con s8 ra cling phan anh tinh trang tac xe toi
té & Ha Noi khi 10s chi &i dwoc co 5m
VD3-[Thi thit chuyén Ha Long — Quang Ninh l4n 1 nim 2017}
Mot vat chuyén dong voi van toc thay d6i theo thoi gian dugc tinh bdi cong thric
v(t)=3r+2, thoi gian duoc tinh theo don vi gidy, quang duong vat d6 di c':huyé’n'('iiroc

tinh theo don vi . Biét tai thoi diém r=2(s) thi vat di chuyén dwoc quéang dirong 13
10(m) . Hoi tai thoi diém ¢=30(s) thi vat di chuyen duge quang duong daila bao nhiéu?
A.1410m  B.1l4om C. 300m D. 240m

e ]

% Cach1:CASIO
> Ta c6 quang duong S(¢)=v(r)+. Vi phan 2 v€ theo ¢ ta dwoc S'(r).di =v(t).dt < S'(t) =v(1)
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= §(r) 1a 1 nguyén ham ctia v(r) = S(1) :jv(/)clr
» Chon thoi gian luc ddu la ¢, sau 2 gidy thi ¢, =1, +2

-
f+2

Quéng dudng 1a S= [ (3+2)dr

-
1,+2

D& tim 1, ta thiét 1ap quan hé j (3r+2)dr=10(m). Ta dy doén ¢, c6 th&la 0; 1; 2... va

ta tién hanh thie véi ¢, =0
Str dung may tinh Casio véi chiic néng tinh tich phan
y(3Q)+2)ROE2=
6] Math A
N2
10
Ta thay két qua ra 10(n7) vay du doan clia ta dung va £, =0
£;+30 30

Quéang duong vat di duoce sau 30 gidy la: S, = j (3t +2)dt = j(31 +2)dl

fn 0

Y

y(3Q)+2)ROE30=

[R] Math A

]
[oam+d g

Fl
=

1410

Ta thdy S, =1410(m) va A 1a dap an chinh xac

<+ Binh ludn:

e Mdc thoi gian ban dau khong nhat thiét phai bang 0 tuy nhién khi stt dung phép thir
d€ tim ¢, thi ta luén wu tién ¢, =0

VD4-[Thi thit chuyén Ha Long — Quéng Ninh [in 1 nim 2017]
Mot van dong vién dua F, dang chay véi van t6t 10(n/s) thi anh ta tang toc voi gia
to¢ aft)= 6(/71/52) trong dé 1 la khoang thoi gian tinh béng gidy tir lic tang t&c. Hoi
quang duong xe ctia anh ta di dLch trong thoi gian 10(s) k& tir Iac bt dau ting téc la
bao nhiéu? '
A. 1100m B. 400m C. 1010m D.1110m

Gidi

& Céch1: CASIO -

» Ta c6 quang duong S(f)=v(t).L. Vi phan 2 vé'theo ¢ ta.dwoc:
S'(t)de = v(t)dt & S'(1) = v(1) |
:>>S(t) la 1 nguyén ham ctia v(r) = S(r)= ]'v(t)dt

fu

> Van i ciia xe v(0)=v, +a(1) = (1) =10+ &

Chon gdc thoi gian ldc xe bat dau tang t8cla ¢, =0 vay 4, =4, +10=10
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10
Quéng duongla §= I(10+ 61)dt
"]

Sir dung may tinh Casio v6i chitc nang tinh tich phan
y(10+6Q))ROE10=

|17 c10+6x
400

Ta thdy ket qua ra 400(m) vay Bla dap an ChlI‘lh xac

o Bmh luan

. Ta fee the g1a1 theo cong thirc vat ly S_vz+ ;_ =10. +‘6'120h,:_400(m);

[E RN

BAI TAP TU LUYEN
Bai 1-[Thi thit THPT Lwong Thé Vinh - HN I4n 2 nim 2017)
Gia st mét vat tir trang thai nghi khi =0 chuyén dong véi van t8c v(r)=1(5-1)
(m/s). Tinh quang dwdng vét di dugc cho dén khi né dirng hin

A. 12—25(/11) B. -1—(2—5—5—(111) C. 12—S(n) D. -—%—(m)

Bai 2-[Thi thit Group nhém todn Facebook nam 2017]
Hoc sinh Ian d3u thir nghiém tén lra tir ché phong tir mat dat theo phuong thing
dtng véi van toc 15m /s Hoi sau 2.5s tén lira lén dén dd cao bao nhiéu? Gia st bo qua
stic can ctia gid, tén lra chi chiu tac dong ctia trong lye g =9.8(m/ s”)
A. 62.25m B. 6.875m C. 68.125m D. 30.625m

Bai 3-[Bai 15 trang 153 Sach gido khoa giai tich nang cao 12]
Mot vat dang chuyén déng véi van t8c v=10(m/s) thi ting t6c véi gia tdc
a(t)=3t+1 (m/s*). Tinh quang duong vat di duoc trong thoi gian 10(s) k& tir lac bat

dau tang toc

A. 996m B. 1200 C.1680m D. 3600m
Bai 4- [De cuong chuyén KHTN Hai N01 nam 2017] |
1) e
Mot vat chuyén dong v6i van t6e v(r)= —]—+ilp(—”« (m/s). Quang duong di chuyén
i

i

n “ctia vat d6 trong khoang thoi gian 1,5 gidy chirnh xac dén 0, 01( m) la ' l
AL 0,32m B. 0,33m G 0,34m _ D. 0,35m . '
Bai 5-[Thi th& nha sach Lovebook lin 1 nim 2017] - "

Mot bac the xay bom nwdc vao bé chira nude. Goi k(1) la thé tich htréc bom duwoc sau

¢ giay. Cho h'(t)=3a’ +bt v0i a,b la cic tham s8. Ban dau bé& khong c6 nude. Sau 5
gidy thi thé tich nuée trong bé& 1a 150m", sau 10 gidy thi thé tich nudc trong bé 1a
11007 . Tinh thé tich nude trong bé sau khi bom’ dugc 20 gidy.

A. 8400 B. 2200n° C. 600m’ D. 420047
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LOI GIAI BAI TAP TU LUYEN
Bail.
» Thoi diém 1, =0 vat ¢ trang thai nghi. Tai thoi diém ¢ (1, >¢,) vat dimg lai hén khi d6
v(i)=0 @1 (5-1)=0=1 =5
= Van t8c la mét ham bién thién theo thoi gian, dong thoi v(¢) lién tuc trén mién [0;5]

= Quang duodng vat di chuyén tiv trang thai nghi dén khi dieng han la:
3 5

o0y = Jo(s=r)au =22

fo 0

yQ)(5pQ))ROES=
- B Math A
= LSO LT [y
. |:| ’h I: AT .-I I:jl':: 1 EF_I
5

= D ladap an chinh xac
Cha y: Van toc ctia vat theo thoi diém néu bifu dién trén truc toa d6é Oxy séla mot
Parabol . Dia vao d6 néu dé bai yéu cau tim thoi dlem d€ vt c6 van toc 1én nhat thi ta

N A 43 . S o Al My AL i : \
dua vao toa d6 dinh ctia Parabol suy ra ¢ = va van tdc 1én nhat vat c6 thé dat dugc la

G2

Bai 2.
= Phuwong trinh van tdc theo thoi gian v(t)=v, + gr =15-9.8¢

* Viham v(7) lién tuc trén mién [0:2.5] nén quang duong vat di chuyén tir thoi diém

] 25
1, =0 dén thoi diém 1, =2.5(s) duoc tinh theo cong thirc: S:Jv J (15-9.8¢)dlt =6.875(m)
I Q
y(15p9.8Q))ROE2.5=n
[F] Math A
[Z. 5 -
'-I [:15—9! :::I'Ifll-j."l
. 875

=> Néu chon thi chon dap an B
Cha y: Né&u xét theo phan loai dang vt 1y thi day la dang bai chuyén dong thing ding
Bai 3.
* Ta cd van tdc v(f)=v, +ar = IO+(3[ +i2)t va v(r) la moét ham bién thién theo thoi gian
va lién tuc trén R = Quéng dudng vat di chuyén ti thoi diém ¢, =0 dén thoi diém

f Y
t, =10 dugc tinh theo cong thite S=S5(r) = Iv(/)a’t = _[(10 +(3+ tz)t)a’t =966(n1)
o

i
o

y(10+(3Q)+Q)d)Q))ROE10=

S0l TR RE ) o
E00

= Pap s6 chinh xac laD

219



Ch ¥: Ta phai nhé 16 cdng thite v(7) =v, +ar v6i a=3r+¢* tranh nham lan ar =3 +1°
=v(t)=10+3r+r’1a sai

Bai 4.
» Van t6c v(r) 13 mot ham bién thién theo thoi gian = Quang dudng vét di chuyén i
by e LR el - : ‘ A LS sl E ‘

lac bat dau téi thoi diém 1,5 gidy 1a: Iv(t)dt:‘ I[%+M]dt;0.34 (s) (sau khi

: ’(!

_lam tron)

qwdy(a1R2qK$+ajqKQ))RqK$)ROEL.5=
[R] Math &
1.5¢ 1 |, sintmss
ID [2n+ .

0. 3400535933

= Cla dap an chinh xac

Bai 5.

= 7'(t) 1a mot ham bién thién theo thoi gian va lién tuc trén R = Thé tich mrdc bom

dugc tinh theo céng thirc V =h(l)= JL(3at2 +bt)dt

o

5

2
br P Z1s0
0

5
* Tai thoi diém ¢ =5 gidy thi ¥ = [(3ar* + br)dt =150(n’) @[al’ +-2—]
0

<1250 +12.5b =150

10 2
> - A By 2 5
s Tai thoi diém ¢ =10 gidy th1 ¥ = I(Bat‘ +bt)dt=1100(m]) @(af +—bé—j O:] 100
0 .
<>1000a +506=1100
' o 1250 +12.56 =150
= Giai hé phuong trinh { %
. 10004 + 505 =1100
. wb1125=12.5=150=1000=50=1100===
' o I} Math ST T E T Mt A
',= I'|'I=

1 <

20
Vay tai thoi difém 1, =20 thi thé tich V' = J' (3[2 +21)dt =8400 = A la dap an chinh xac

(3Q)d+2Q))ROE20=
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T.CASIO GIAI BAI TOAN TiCH PHAN CHONG LAI CASIO

D KIEN THUC NEN TANG

1.

Ky thuit ép hé phwong trinh: Cho hé thuc If Jdx = f{a,b,c), mudn tim a,b,c thoa

fi
man hé thire /i(a.h.c)=m. Ta sé tinh gié tri tich phan jf )dx =r6i luu vao 4.

J Slabc)=4
l h(a.b.cy=m
dung chirc nang do nghiém SHIFT SOLVE hoic chiic ning 1ap bang gia tri MODE 7
ctia may tinh Casio

(Xem vidu minhhoa 1,2,3,4,5,6)

Vay ta sé ép dugc hé phwong trinh . D& giai hé phuong trinh nay ta s& str

- Ky thudt ép cdn nguyén ham: Cho nguyén ham géc j f(x)dx va nguyén ham hé qua

ff(u(t))dt qua phép déi bién x=u(r). D& stv dung duoc mdy tinh Casio ta ép hé s6
7
cho nguyén ham gdc dé trd thanh tich phan xac dinh jf(.x)dx. Vi nguyén ham géc va

4

nguyén ham hé qua la twong duong nén f c/v— f u(1}))dx (', B'la 2 can mai)
guy q 24 g

a a’

(Xem vi du minh hoa 7,8,9)

1) Vi DU MINH HOA
VD1-[Ciu 26 D& minh hoa B6 GD-PT [4n 2 nim 2017]

=aln2+bIn3+cIns5 voi a,b,c 1a cac s6 nguyén. Tinh S=a+b+c

4
Biét
7
A.S=6 B.S=2 . , G S==2 .. .D.S=0
Gidi

va luu vao bién 4

A
» Tinh tich phan J' 7dx
X +x

yalRQ)d+Q)R3E4= qJz

. Rl Math & . . ] Math A
J 4 1 o HNS+H
S HE 4R
0.06453352114 0.06453852114
» Khidé 4=aln2+bIn3+clnS 4= 111(2"‘3".5") <235 = ¢ =%
QK*Qz=
@ Math &
EH
16
15

22]



16 2222
15

= Dbdép s6 chinh xac la B
VD2-[Téng hop tich phan chéng Casio - Internet 2017]

Dé thdy — =2'37"5"=23"5 a=4b=-lic=-15=2

Cho I = j]n(x+ )dx=aln3+bIn2+c (a.b.ce 7). Tinh gia tri cha biéu thitc A=a+b+c
!
A0 B.1 C.2 D.3
Gidi
» Tinh gia tri tich phén 7= Iln (x+1)elx 16 heu gia tri nay vao bién 4

yhQ)+1)R1E2=q]z

ini InCa+1 ok AnS+F
. P 095425049

‘> Khldo aln3+bln2+c Ac>ln(3 2”e‘)~lne c>3"2”e‘-—e c>3"2" =

De tmh duoc 3% 2” ta ste dung chuc ning MODE 7 véiham f (X ) 3" 2"

i
i

w7aQK QzRQKMNQ)==p9=10=1=

@ Math
Ey Fii

1 -3|ug.8"6
B -d

g =1 o

E' L] —."5
Quan sat man hinh xem gia tri nao cua f(X) (cinglacua 3¢.2")1a 0 hitu ti thi nhén
2

7 i
D& thay véi X =c=~1 thi 32" =6.75 ="~ 7 =327 =a=3h=-2

Téomlai a+b+c=3-2-1=0
= Pép 4n A la dap an chinh xac
VD3-[Téng hop tich phan chdng Casio - Internet 2017}

z

Cho T= jwd —(a+b)In3+cin2 (ab.ceQ). Tinh gid tri ctia bifu thire: A=a+b+c
SInx+CosXx

n

A. 0 B. . ¢l D.2
3 3

Gidi

]> Tmh gla tr1 tlch phan wdx 101 luu gia tr1 nay vao blen A '

Sll'l X + COSX ;

A‘(:a'——.ol:a

Ya]Q))ka))R]Q))+kQ))RaqKR4EEaqKR2 q]z

Ll ]

%] Math &

s Sintieas s AnsA
la
0. 3465735903 0. 3465735903

» Khidé (a+b)in3+cin2=4< In(¥ # 2¢)=Ine” . Ma ta tinh dugc ¢ = 2
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QK”Qz=

@ Math &

1.414213562

— 1
=372 =J2=321 S g+ h=0c =%

. . 1
Tonﬂa1u+h+c:0+;:

|
2
= Dap an B la dap an chinh xac

VD4-[Tong hop tich phian chéng Casio — Internet 2017]

®

Y
Cho 7= Isin“ xdx=na+b (a.beQ). Tinh gia tri cta bidu thixc A=a+b
0

AL B. - C. 4 D. 7
32 32

Gidi

» Tinh gia tri tich phan 7 = j.ln (x+1)dx r6iluu gid tri nay vao bién 4
|
yiQ))"4ROEagKR4=q]z
B Math & & Math A

AnsA

] o S1NCEIH ol

0.04452431127 0.04452431127

ra+b=A
> Khi do ra+b=4.Néu dap s6 4 ding thi hé i1 cd nghiém hiru ti (thubc Q)
+b=—
o 2
==f$Rp5P32==
& Math¥ R Math &
"".-—- llll---
= 1=
= - _1_
S l

. 3 Voo o e s oai s ; .
RS rang a:}—i;b:]— la cac s6 hitu ti = B la dap an chinh xéc

VD5-[Tang hop tich phin chéng Casio — Internet 2017]

T

q 2 : . : ‘
Cho I=[x(1+sin2x)de =225 (a,b,ceZ) véi % la phén s6 t8i gian. Tinh biéu thitc
0
i A=a+b ‘
AL20 B. 40 C.60 . D. 10 ;

Gidi

I~

4
> Tinh gia tri tich phan 7= J.x(l +sin2x)dx 1ol leu gid tri nay vao bién 4
0

yQ)(1+2Q)))ROEaqKR4=q]z
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jg}i’:l‘rSinEE}ij)w ANS+A
0.5584251375 0.5584251375

7r2+a
20 a

>> Khldc') ﬂ; = 4. NeudapsoAdungﬂ'u a+b=20=b= 20-a > A=

1
|
|
|

Su dung chuc néng SHIFT SOLVE dé tim a (vOi a 1a; s6 nguyen )
Qeraqu+Q)R20pQ)qr—10—

e Math

K&t qua khéng ra mét s6 nguyén = Dap s6 A sai

> NéudépsSBdﬁng&ﬁa+b:4m:b:40—a:3A=ZO+Z
$55$R$4qr=20=
. e e B Math
A= 38—7
A= o
L-R= {

Vay a=8=5b=32
= Pép an A la dap an chinh xac

ae* +b

VD6-[Téng hop tich phin chéng Casio — Internet 2017] Cho /= Ix" In® xdx =
. ! c
(a.b,ceZ) voi ﬁ;é 1 cac phan s t6i gian. Tinh biéu thikc A=a+b
cc

A. 15 B. -28 C. 36 D. 46
Gidi

» Tinh gid tri tich phan 7= Ix] In? xdx 16i leu gid tri nay vao bién 4
yQ)(1+2Q)))R0EaqKR4=q]z
B Mah oA 4 4 B Math A
Z T HAS?
[1}:31nm dl
1. 004267635 1 DD4267595

—A NeudapsoAdungt‘m c—-IS a- b :>15A aA bA'

Su dung e nang MODE 7 de t1m a (v01 i la 's0 nguyen')::;;} Lo
W7a15QZPQZQ)PQKA4$Q)RQZ+1—p9 ~10-1-

Math

K&t qua khong tim ra mot s6 nguyén = Dap s6 A sai
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364-—a.d—ae’

» Tuong ty nhu vay véi dap s6 C ding thi = b = e
+

C$$$0036=—==

] Math
Fidl

-5

i
D125
1 290053741

Ta tim duoc nghiém « =129 1a mét 86 hitu ti

—Jmun

= Dap an C la dap én chinh xac
VD7 [Trlch de thl DH kh01 B nam 2005]

B Cho tl'ch phén J-es'“’ sin2xdx . Né’udé’i bién's8 ¢ =sinx thi:
0

A ~1=J-e"t.dt B.J:Ie'.t.dt C.I= 2J-e 2.4t D, I=2J-e’.t.dt
Gzaz
» Tinh gia tri tich phan 7 = I ™" sin 2xdlx
4]
yQK"Q))$j2Q))ROEaqKR2=
B Math &
:; 1Ll
Df* Sind2e
2

—_

> Néu dép an A dung thi gia tri tich phan & cdu A phai giéng gia tri tich phan ¢ d& bai
va cling bang 2. Tinh 7 = j-e’.t.dr
0

yQK "Q)$Q)ROEaqKR2=
e Ny
3. 7458025819

Ket qua ra mot sG khac 2 = Dap sO A sai

> Tuongtunhuvayvm dap soCth1 I 2Ie tdt=2
[ e

» 2yQ)Q1<AQ)R0E1— ~

) CET e A
1
2| & etk
= Dép an.C la dap an chinh xdc :
Chu y: D6i can thi phai d6i bién = D& dang loai dwoc dap an A va D
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VD8-[Trich dé thi PH khéi D nam 2011]

4x -1
St dung phuong phap ddi bién dua tich phan [ = |—===——dx thanh tich phan
g phuong phap P £J5;3+2 p

5

I (t)dt.Khidé f(r) 1a ham nao trong cac ham s8 sau?

B R T SR R 21> -8t +3)(++2

"A,f@%%f+2?' i B. f(t)= - tt )3 |

‘§ : ?,;;2g;3  D (2t -8t+3)(t+2) ‘ §

i P S
Giai

. t 4x-1
» Tinh gia tri tich phén [ = | —====——dx
& P '!,.\/2x+]+2

yadQ)p1Rs2Q)+1$+2R0OE4=

o] Math &
d4__ax-1
[ 0SZ5+1 d:}.l
6. 295077096
2 5 2
» Néu dap an A dung thi f(1)= ! 23 va gid tri tich phan 7= 1'2: 23 =6.2250...diéu
s
21
nay la saivi I = _" 3 3 dr=9.6923...
ya2Q)dp3RQ)+2R3ES=
B Math &
ZHE -5
Is “Frz A
9.682361183
K&t qua ra mot s6 khac 2 = Dap s8 A sai
» Tuong tu nhu vay voi dap s6 B chinh xac
ya(2Q)dp8QI+5)(Q)p2)RQ)R3ES=
Math &

S(ExRZ_— sx+5)mx—b

[P ¢EED??096

~ !

VD9~Neu sk dung phuong phap déi bién tim nguyén ham, ta dat r= \3/1 +Inx thinguyén
lnx\/1+lnxdx @ dang

g . X |

A. [32(2 ~1)ar B. [£(F -1)ar C. _[3t G +1)d D. [A(F+1)dr |

Gidi

» D& c6 thé str dung mdy tinh Casio ta phai tién hanh chon cén d€ dua nguyén ham (tich
phan bét dinh) tro thanh tich phén (tich phan xéac dinh) Ta chon hai canlal va e
Tinh gia trj tich phan
¢’ 3
[eelng o 431785, ahQ))Oq"381+hQIRQRIEQK 7=

1 X
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.o D] Math A
I'E" IR 4'1+1r"

b
43, 17857143

N e . =IDI=\3/I+1 1=1 R ,
» Khi tién hanh d6i bién thi ta phai d6i can: {x : . .Néu déap an A dang

o

x=e¢ ==Yl+In3" =2
thi gla tri tich phan & cdu A phai gidng gia tri tich phan & dé bai. Tinh /= '[31 1 - l)d

yQKAQ)&)Q)ROanKRZ—

£ el
4. RE02819

Két qua ra mdt sd khac 2 = Déap s6 A sai

e
':l r-\.:l '

|
» Tuong tu nhu vay vdi dap s6 C thi /= 2'[ erdr=2

y3Q)"3$(Q)"3$p1)R1E2=n

D] Math &

TANE (-1 el
43. 17857142,

=

= Dap an A la dap an chinh xdc
Chit y: Ta ¢6 thé chon can nao cling duwgc khong nhat thiét phai 12 1 va ¢’ (chi can
thoa méan tap xac dinh ctia ham s6 la duoc)

Vi du 3: Néu f(x)=(ax’+bx+c)J2x-1 1a mt nguyén ham ctia ham s6

1007 —7x+2 , , . AR
g(x) X XL en khoang [%;mj thia+b+cco gid tri la:

J2x -1 2
A.3 B.0 C.4 D.2
Gidi
Twluan: L
‘E 2 ‘ 3 a=2
| »((ax2+bx+c)\/2—x—_—l—)':5ax'+( \2/a+3b)x—b+c=10x‘—7x+2<:> el gt bice?
| | 2x -1 V2x -1 -

Ca510 Tu duy minh ngh1 nhu sau:
J-IOx -Tx+2 =F(b)—F(a)

Néu gio ta sé chon x sao cho F(a)=0-—>x=0.5 nhung cic em nhin gi4 tri dao ham
khéng xac dinh tai x = 0.5 nén ta sé 18y gia tri lan can 0.5
Chuyla f(1)=(a+b+c)—> Chonb=1

0 10x* —7x+2

Thi ——-—————————dx atb+c
CIS'[AX v2x—
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R} Math & F] Math &

J‘i I 4 10H£—?H+2dx
0.50000000001 ~ 001 JZR-1
1.999995529

Chon ddp an D.

Né&u ma dé hoi 44 + 2b + ¢ thi cic em tinh tich phéan tir 0.5+Ax — 2

BAI TAP TU LUYEN
‘”’ng hop tlch phan chong Casm Nguon Internet 2017]

Bai 2-[Téng hop tich phén chdéng Casio — Nguon Internet 2017]

Cho tich phén (a,b € Q) I 2 e'dv=ae’ +be (abe Q). Tinh gid tri ctia bidu thite P=a+b

A, P=-1 B. P=0.5 C. P=1 D. P=2
Bai 3-[Téng hop tich phin chéng Casio - Ngubn Internet 2017]

Ed

2
Cho tich phan |

5 2+3sinx —cos2x

Cos3x +2cosx dx=aln2+bn3+c @LhceZ)anh P=a+b+c

A.P=-3 B. P=-2 C.P=2 D. P=1
Bai 4-[Téng hop tich phén chéng Casio — Nguon Internet 2017]

Cho tich phan I =agln2+bIn5+cinll (a,b,ceZ)A Tinh gia trj ctia biéu thitc

2x* +5x+3

P=a+b+c
A P=1 B' P=- C 2 ~D.o

Bai 6- [Tong hop t1ch phan chéng Casm Ngubn Internet 2017]

¥

Néu sit dung phurong phap ddi bién véi an phu ¢ =Vx* -1 dwa tich phan 7= I
2

&

thanh tich phan nao sau day?

A.JJ? dt B.Jl‘ dt C.JJ? dt D.j‘ dr_
2 ]
N N

217+ 1 g
5 N
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Bai 7-[Téng hop tich phin chéng Casio ~ Nguén Internet 2017]
Néu st dung phuong phap doi bién vdi 4n phu t=1+3cosx duwa nguyén ham
I= _{ sin2x +sin x

——ex thanh n én ham nao sau day?
J1+3cosx suy Y

A.I_Z::ﬁ‘ldt B. %j~2371d1 C._r\[/{ldt D. %_{

Bai 8-[Téng hop tich phin chéng Casio — Ngudn Internet 2017]

(-1
dt
Ji
Néu sit dung phuong phép d6i bién véi an phu t=1+3cosx dua nguyérrxwﬂém.

]_J-sin2x+sinx

e dx thanh n én ham nao sau day?
J+3c05r guy y

1+3cosx
207 —1 1 -2t 1 27 -1 1 =2t =1
A, dt B. — dt C. dr D. — dt
=7 el =7 577

LOI GIAI BAI TAP TU LUYEN
Bai 1. ’

s

4
= Tinh gia tri tich phan _[ tan® xdx r6i luu vao bién A4
0

qw4ylQ))dROEaqKR4=q]z

_ B Mah A 4 B Mahoa
4 . ANS>»
j o Lantad =
0.2146018366  0.2146018366
a+br=A -
= Néu dap sd A dung ta cé hé phuong trinh po5 & as 1.7334... khéng phai la s6
a+b== !
4
hiru ti = Pap s8 A sai
w511=gK=Qz=1=1=5P4=

[F] Math¥

1.733471103

a+br=4
=1
= Tuwong ti nhu vay véi dap an B ta ¢ hé phueong trinh = {: )= B la dap

a+b= 3 =
4
s0 chinh xac
—$$R3IP4=— ;
@ My @ Math &
A= =
-1
1 4
Bai 2.
2
= Tinh gia tri tich phan _[ ! “ e*dx 101 luu vao bién 4
P
i
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yalpQ)RQ)d$QK Q)R1E2=q]z

B Math & . @ Math &
[21 =H o AIS+H
-0, 97e24E2E -0. 976246221
" , n . 2 = =0,
* Voiddp s6 A ta c6 hé phuong trinh ae”+be=4 =17 3
a+b=0.5 b=1
w51QKd=QK=Qz=1=1=0.5===
B Math¥ . B Math &
::{: "I' ]
1 .
=z 1
= Dép s6 A chinh xé4c
Bai 3.
' o " 2 cos3x"+20c‘)sx o i
» Tmh gia tri tich phan J' d r01 lu‘u Vao blen A
‘ 2+3smx cost

yak3Q))+2kQ))R2+3]Q))kaQ))ROanKRZ—q]z |

2 Hath & 5 Math &

JE___QDEISHJ+2C-D:'E_ ANs+A
0 Z43=in (X1 —co=

0.8903717579 0.8903717579

A
" Vay aln2+bIn3+c=4A< 111(2”.3".8“) = ln(e") <203 =£¢" Tim 2°3" béng chitc ndng lap
e

bang gi4 tri MODE 7 véi bién X =c
w7aQK QzRQKNQ)==p9=10=1=

K] Math
" Fiil
1 -3
B -g :
| -1 IB=B2I8

Ta dwge 23" =18 véi X =c=-2.Vay 18=23"=2"3" 2 a=1;p=2
= P=ag+b+c=14+2-2=1 = Dé4p s6 chinh xdcla D
Bai 4.

b d S
= Tinh gia tri tich phan J'-~£———: roi leu vao bién A4
1 2x7 +5x+3 :

yalR2Q)d+5Q)+3R1E4=g]z

& Math & " K} Math &
[4 L oy ANE+A
1282 45mgs "

PV ]

0. 12?5%? 5 0. 1278333715

= Vay a]112+bln5+c11111—A<:>111(2"5"11) ln( )@2”5"11““

Roranga——]b 20—~1 :>P a+b+c*]+2 2—]

= Daps so chmh xaclaD -
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Bai 5.

= Tinh gia tri tich phén J.——— = roi huu vao bién 4
2x +5x+3
yaQ)d+2Q)+2RQ)d+Q)R1E2=q]z
® Math A B Math A
[2K2+2?+2dy ANS+A
Il ®Z4y '

1. 950829253 1.98508 59253
= Vay aln2+bln3+c=AoIn(23 e )=Infe") @23 =¢' 23" = 'ﬁnl?3hbm@
e
chitc nang lap bang gia tri MODE 7 v6i bién X =¢
w7aQK QzRQK"Q)=p9=10=1=

® Math
Fn)

10
I |
i2 g
Z

8

I.. 581
 GEGS55557
Ta duoc 2.3 =2.66(6)=§=23.3" Sa=3b=

1 v X=c=1.

= P=a+h+c=3-1+1=3 = Déap s6 chinh xacla A

Bai 6.
= Tinh gia tri tich phan /= _[ -z

: x\/x o112

yalRQ)sQ)dlea2R53EE52=
Rl Math A
‘ -——-—-—:‘__ 1:'::"IIH'é -
ot 1
iz

Tich phan ndo c6 gia tri bing % thi d6 12 dép 4n diing,.

1

da =«
Ta c6 dap an B c6 gia tri: =—
a c6 dap an B co gia tri -!.tz+1 >

N

qw4yalRQ)d+1RalRs3EE1=

) B Math A&

‘4 1

1,
L .‘-:L+1d'€ 1
1= 1z

= Pap s6 chinh xacla A _
Chu y: Gia tri tich phan khéng thay déi theo phép d6i bién (d4t &n phuy)
Bai7.

e T ot e Zsin2xesi
* Chon cin 0va %.Tmh gia tri tich phan / =J'_,..,_5m xrsinx

5 VI+3cosx
yaj2Q))+jQ))Rs1+3k(Q))ROEagKR2=
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B HMath A
slr.;ﬁ]+'ini”>
fi+q5u5i£]

209709

)

D rw.\_ll

= Véidap s Dtacd ~—jzl+l

alR9%yap2Q)p1RsQ)R4EI=nn

8 Math &
1 [1 =261y,
=0 I N Er o
1. 259209259
= Pap s6 chinh xac 1a D
Chu y: Chon can thé nao cling duoc tuy nhién nén chon cén x sao cho ¢ dep.

HINH TOA PO TRONG KHONG GIAN

T. CASIO XAC DINH NHANH VI TRI TUONG POI
CUA DUONG THANG — MAT PHANG

1) KIEN THUC NEN TANG

1. Vi tri twong d6i cta 2 dwong thing

* Cho hai duong thang ¢ va d' ¢6 hai vecto chi phuong u, va u, va c6 hai diém M,M'
thudc hai duong théng trén.

* d//d' néu u, = ku, va cé khoéng 6 diém chung

* d=d' néu u, =ku, vacédmdt diém chung

= 4 cdtd' néu 1‘17 kh(‘)ng song song u, va /T/[M"[?f,f} =0

2. Vi tri twong d6i ciia dudng thing va mit ph:‘mg

= Cho duong thang d vamat phang ( ) c6 vecto chi phurong u, va vecto phép tuyén n,

3. 'Lénh Caso ’

= Lénh dang nhép moéi treong vecto MODE 8

= Nhép théng s6 vecto MODE 81 1

e Tinh tich v6 hudng cta 2 vecto : vectoA SHIFT 57 vectoB
» Tinh tich c6 hwdng ctia hai vecto : vectoA x vectoB
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= Lénh gia tri tuyét d6i SHIFT HYP
= Lénh tinh d6 16n mo6t vecto SHIFT HYP
= Lénh do nghiém ctia bat phuong trinh MODE 7
* Lénh do nghiém ctia phuong trinh SHIFT SOLVE
II) Vi DU MINH HQA
VD1-[Thi thir chuyén Khoa hge Ty nhién lan 3 nim 2017]
ca o x+l_y-l_z+l

Trong khéng gian vdi hé toa d6 Oxyz dudng thing d, = 3 va duong
2 x+3 y+2 z+2 . ~e N
thang d, : =t Vi tri trong d6i caa d,,d, la:
. A.Citnhau B. Song song C.Chéo nhau D. Vuéng goc

Gidi
» Ta thdy u, (2:1:-3) khéng ti 18, (22:~1) = (d,).(d.) khéng song song hojc tring
nhau
> Lay M, (~Li-1) thude d,, 1dy M,(-3;~2;-2) thudc d, ta duoc M M, (-2;-3;-1)

Xét tich hén tap M,Mz[uj , ,J bang may tinh Casio theo cac budc:
Nhap thong s6 cac vecto M,M,, u, .u, vao cac vecto A, vecto B, vecto C

wB11p2=p3=pl=w8212=1=p3=w8312=2=pl=

i Vo B ; ver @
[ -2 -3 ] [ 2 | SR )
-1 -3
. ver @
[ g o ]
-1
Tinh M,M[ud‘,ud-}
Wq53q57(q540qg55)=
ver @

WL A (Yt E=CECD
0

Ta thay M, M, [“71;/:} =0 = hai dudng thing (d,).(d,) ddng phing nén chiing c&t nhau
= Pap s6 chinh xac1a A
VD2-[Thi thit bao Toan hoc Tudi tré Iin 4 niam 2017]

“Trong khong gian véi hé toa d6 Oxyz, vi trd trong d6i ctia hai duwong théng
; x=1+2r - x=T7+3m o o |
di{y=-2-3t vad'{y=-2+2m %
z=5+4t o lz=l-2m B ‘ ' }

A. Chéo nhau B. Cat nhau C. Song song D. Trung nhau |

- Gidi _
> Ta c6 hai vecto chi phuong u, (2;-3;4) va u,.(3;2;-2) khéng i 18 v6i nhau = Khéng
song song hodc triing nhau = Pap an Cva D la sai
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» Chon hai diém M (1;-2;5) thudc d va M'(7;-2;1) thudc d".
Xét tich hon tap M, M, [ﬁiﬁj bang may tinh Casio theo cic budc:
Nhép théng sd cac vecto M\M,, zT,],u—L,2 vao cac vecto A, vecto B, vecto C

wB117pl=p2p(p2)=1p5=w8212=p3=4=w8313=2=p2=

i VTR E: VCIE
[ B o EEEET] [ 2 -3 -]
~-d d
c vCIE
[ 3 2 Y]
-Z

» Tinh MM, |u,:u, |
Wq53q57(q540g55)=

Vetf- (YCtBetD)
-6d

Ta thay MM, [_ud s, J=—64¢0 = hai duong thang (d),(d') khong déng phing nén

chung chéo nhau B
.= Dap sd chmhxaclaA o L ;
VD3-[Pé minh hoa bd GD-DT Iin 2 nim 2017]

Trong khong gian véi hé toa d6 Oxyz cho duodng thing (d):f—ltlz:-—= —> va mit
phang (P):3x~3y+2z+6=0. Ménh dé ndo dudi day ding?
A.d cat va khong vudng goc véi (P) B.d L(P)
C. d song song voi(P) D.d ndm trong (P)

Gidi
» Tac6 u,(1;-3:~1) va n,(3;-3;2). Nhép hai vecto nay vao may tinh Casio
w8111=p3=pl=w8213=p3=2=

viT @ ver @

[ I -3 R [ 3 -3 F-]

\

n, =d (P) khong the son w

i

i

i
r,\
Lol
b

"}Wq53q57q54

YiotA- Un:t% ’
1d

» Lai thdy u,,n, khong song song véi nhau =>d khéng thé vudng géc véi (P) =
Dap s6 B sai
Véy dap an chinh xac 1aA
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VD4-[Cau 63 Sach bai tip hinh hoc ning cao trang 132]

Xét vi tri twong d&i cha duwong thing d:x—9=y—l=z=3

va dudng thing

2 3
(@):x+2y-4z+1=0
A.d cétva khong vudng goc véi (P) B. dL1(P)
C. d song song voi(P) D. d ndm trong (P)
Gidi

> Taco u,(8:2;3) va n,(1;2:~4). Nhap hai vecto nay vao may tinh Casio

w8118=2=3=w8211=2=p4=
] veg b ve1
i .
[ B 2 -] [ I 2 Y]

L

-4

> Xét tich vo6 hudng u,n, =0 =u, vuéng goc voi n, =>d,(P) chi c¢6 th€ song song
hodc trung nhau = DPap $6 dung chi c6 thé'la C hodc D

Wq53q57g54=

Vo

WrtA-\VCLE
1
» LAy mot diém M Dbat ki thudc ¢ vi du nhu M(9:;1;3) ta thdy M cling thudc
(@) = d va (a) c6 diém chung = d thudc (@)
Véy dap an chinh xacla D
VD5-[Thi Hoc sinh gi6i tinh Phtt Tho ndm 2017]
~ Tim m d& mt phing (P):2x-my+3z-6+m=0 song song véi mit phing
(0):(m+3)x—2y+(5m+1)z-10=0

A m=1 B.m=#l C. m:—% D. Khéng t6n tai m

. Giai
» Ta c6 hai vecto phap tuyén n, (2:-m.3) va n, (m+3-2;5m+1)

-1 3

. - 2
D& (P)//(Q) & n, =kn, ¢ ——m=—r=
(PY1(Q) = n, o m+3 =2 Sm+]

» Voim=1taco k=2 thoa (1)

=k (1)

(P):2x-y+3z-5=0

Thit lai ta thay hai mat phang c6 dang {(Q) 2214+ 6z—-10=0
12x—2y+6z— =

Nhén thdy (P)=(Q) = Dap an A sai
> Vi m= —% tacod k= %OT khong théa man (1) :>m=—% khong nhan = C va B déu sai

= Dap an D la chinh xac
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VDé6-[Thi thir bao Toan hoc Tuéi tré Iin 3 nam 20171

x=1+21
Trong khéng gian véi hé truc toa d6 Oxyz cho dudng thing d:{y=1 va mat
. z2=-2-3t
phéng (P):2x+y+z~2=0.Giao difm M cla d va P c6 toa dd:
A. M(3:1;-5) B. M(2:1;-7) C. M(43;5) D. M(1;0;0)

Gidi

> Cong viéc trén la tasé nharn o trong dau, de giai ba1 toan ta dung may t-mh Ca51o ludn:
2(1+2Q))+1+(p2p3Q))p2qrl=

2(1+2%)+1+( -2 35
A=
L-R= 0

Ta tim dugcludn =1 vay x=1+2¢=3
= Dbap an chinh xacla A

VD7-[Dé minh hoa b6 GD-PT Iin 1 nam 2017]
Trong khong gian vdi hé toa d6 Oxyz, cho diém A4(1:0;2) va du‘ong thing

x—=1 y z+1

d:—-1—~=T~ 3 . Viét phurong trinh dudng thang A di qua 4 vuéng géc va cht d
Ax-l_lzz—Z Bx—l_:v_:z—Z C.x—l y 2 D.x lzlzz—Z
1 1 1 1 1 -1 22 1 -3 1
Gidi

> Dumg thang A citd tai d1em B.Vi B thudc d nén cé toa dd B(1+t t —-1+2t)

"@1(1+z 1)+1(z 0)#2(-1420-2) =0

D6 1a viéc nhdm ¢ trong dau hodc viét ra nhap, nhung néu dung may tinh Casio ta sé&

bam ludn:

10(1+Q)p1)+10(Q)p0)+20(p1+2Q)p2)qrl=

1M1+.‘-{ 13+ 1x(R-p
n"n"' 1
L-F= 0
Ta dwoc ludn ¢ =1=> B(2:1:1) = u, = 4B(1;1;-1)
= Pap an chinh xacla B.
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VD38-[Cau 74 Sach bai tdp hinh hoc ning cao 12 nam 2017]
Cho hai diém 4(3;1;0), B(-9:4:-9) va mit phéng (a):2x—y+z+1=0. Tim toa d) cua
M trén (@) sao cho |MA - MB| dat gia tri lon nhat.

:—2) C.M[l;i;——ij D.M(E;E;BJ
2 2 4 4
Giai

> Néu 4,B.M khong thing hang thi ba diém trén sé lap thanh m6t tam giéc. Theo bat
déng thiic trong tam giac ta cd | Mt — MB| < AB

A.M(l;l:——s—w B‘M(2:
oy

l
2

Néu ba diém trén thang hang thi ta c6 [MA~MB|= AB néu 4,B ndm khéc phia véi (a)
(diéu nay dung). Theo yéu cau ctia dé bai thi 16 rang 4,B,M thing hang hay M la
giao diém ctia dwong thing 4B va («)

x=3-12¢
» Tacod: AB:{y=1+3 = M(3-126;1+31:-9¢)
z==9 :

Tim ¢ bing may tinh Casio:
2(3p12Q))p(1+3Q)+p9Q)+1qri=

Ta dugc ¢ =%3 M[l;%;—%j — Dap én chinh x4c 1a C

BAI TAP TU LUYEN
Bai 1-[Thi th bio Toan hoc tudi tré [an 3 nam 2017]
Trong khong gian véi hé truc toa do Oxyz cho duong thang d:x -1 =!—;——2—: z;4
mit phang (a):2x+4y+6z+2017=0. Trong cic ménh d& sau, ménh d& nao duang?
A di/(a) B. d cit nhung khéng vudng goc véi (o)
C. d1(a) D. d nim trén (a)
Bai 2-[Thi thir THPT Nguyén Dinh Chiéu - Binh Dinh lin 1nam 20171
x=1+¢ x=2+t ‘
Trong khong gian v6i hé toa d§ Oxyz cho d:{y=2-t "va d":{y=1-1". Vi tri tuong

z;~2~2tf _Vk"-z'=1

-

| d6i clia hai dudng théng la: |

" A.Chéo nhau B. Cit nhau C. Song sohg D. Tring nhau
Bai 3-[Dé minh hoa B6 GD-PT Iin 1 nim 2017] '
Trong khéng gian voi hé toa d6 Oxyz cho duong thing A c6 phuong trinh:

-10 -2 2 2 L s ~ P R S PR
aimi S Anl S ler Xét mit phang voi m la tham s6 thuee. Tim t&t ca cac gid tri cia m

5 1
d€ mit phing (P) vudng géc voi dudng thing A
Am=-2 B.m=2 Cm=-52 D.m=52
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Bai 4-[Thi thit THPT Phan Chu Trinh - Phi Yén lin 1 nim 2017]
x=1+2t
Cho mit phang (P):x-3y+z=0 va duong thing A:{y=2—t . (P) va A cétnhau tai
z=—1+1¢
diém ¢6 toa 6
A (L2-1) B.(0;-1:3) C.(-1:3:-2) D. (3;1;0)
Bai 5-[Thi thit THPT Nguy&n Dinh Chiéu - Binh Pinh Iin 1 ndm 2017]
Trong khéng gian v6i hé toa d6 Oxyz cho ba diém A(1;0;,0), B(0;2:0), C(0,0;3) va
x =t
duong thing d:{y=2+t. Cao d6 giao diém ctia d va mijt phing (4BC) 1&:
z=3+t
A3 B.6 C.9 D. -6
Bai 6-[Thi tht THPT Vinh Chan - Phu Tho [an 1 nam 2017]
| Trong khong glan v6i hé toa d6 Oxyzcho hai mit phang (P)imx+Ty—6z+ 4= O‘

‘ ( ) 3x+my-2z— -7 =0 song song v6i nhau. Khi d6 gia tri m,n thoa ménla:

N
‘ el
,n=1 ' BJn:Qn:Z CJW=%M=9 D m—%n$9 1;1

| A)n_l
s 3

LOI GIAI BAI TAP TU LUYEN
Bai 1.

» Nhap vecto chi phuong #, (1:2;3) va vecto phap tuyén n,,(2;4;6) vao may tinh Casio
w8111=2=3=w8212=4=6=
vere VTR
"I emmme 0 @
3 =
» Tinh tich v huéng u,n, =28 # 0= u, khéng vudng goc n, =d va («) khong th€ song
song va khéng thé triing nhau

Wq53q57q54=
VCTE
Vota-Yotb
; 20
L8 Laithﬁ{ytilé——:‘-l-:g =u,lln, =>dL(a) i
o
’ Vay dap s8 chinh xécla C B N
Ba1 2.

= Vi Xét hai vecto chi phwong u,(1;-1;-2) va u,.(1;-1;0) khong ti 1& véi nhau = Hai
duomg thing d va d' khong thé song song hogc tring nhau = Déap an C va D loai

* LAy hai diém thudc hai duong thér\g la M(1;2;-2)va M'(2;1;1). Nhép ba vecto vao
casio
w8112p1=1p2=1p(p2)=w85211=p1=p2=w8311=pl=0=
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" Xét tichhdn tap MM 4, |=0
Wq53q.09457(q540g55)=

Covom

WCLA- (YotB=\otl
0

=d,d' dong phing (ndm trén cling mét mit phing) = d cit d'
= Dap an chinh xac la B

Bai 3.

= Ta c6 vecto chi phuong u, (5:1:1) va vecto phap tuyén n, (10;2;m)

* D&mit phang (P) LA thi n, ti1& véi u, (songsong hoc tring nhau)
- _1_0_ _ 2 _m

—=>m=2
5 1 1

Vay dap s6 chinh xac 1a B

Bai4

* Goigiao di€mla M , vi M thudc A nén M (1+262-1;~1+1)

= Toa d6 M théa méan phuong trinh mat phdng (P) nén ta cé thé sit dung may tinh
Casio tim luén ra ¢

wi1l(1+2Q))p3(2pQ)+(p1+Q))qrl=
[c] Math

11+ =302-R)+b
A= 1
L-F= U

=r=1=M(3:1,0)

= Dap s6 chinh xacla D

Bai 5.

|

* Mat phing (4BC) ‘di qua 3 diém thudc 3 truc toa do vy s& ¢ phuong trinh 1a:

2c—+!—+i=yl < 6x+3y+2z-1=0,
T l, ,2 3 — [
* Goi giao diém la M (-1;2+1;3 +1). St dung may tinh Casio tim ¢
60(pQ))+30(2+Q)1+2(3+Q))pbarl= o

B =)+ D+ )+ b
Y= 6
L-R= 1

Vay z=3+1=9 = D4p s6 chinh xacla C
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Bai 6.

D& 2 mit phing song song véi nhau thi 2 vecto chi phuong ctia chiing song séng hodc

trimg nhau < n, (1;,7;-6) ti 1& v6i n, (3;m-2) @%:%:E—gzk

Ta thu dugcti 1& k=3 ttddésuyra n=9%m=—

= Pap s6 chinh xdcla D

T. CASIO XAC DINH NHANH KHOANG CACH TRONG
KHONG GIAN OXYZ

KIEN THUC NEN TANG.

. Khoang cach tir mot di€m dén mdt mit phing,

.‘,Cho diém - M(xo,yn,z ) va mat phang (P) Ax+By+Cz+D - 0 thi khoang cach tir diém

. M den mat phang (P) duoc tmh theo cong thuc d ( (P))

|Ax0 + By, Cz; - +D
NriBsCt

. Khoang cach tir mot dlem den mot dtwng thang

Cho diém M (x,;y,:7,) va dudng thing d: =2 =2 “by v = 272N thi khoang cach Hr
d C
L . ) 2 p:u ]
difm M dén dudng thang d duoc tinh theo cdng thirc d(M;d) = -——H—
u

Trong d6 u(a;b;c) 1a vecto chi phrong ctia d va N{(x,;yy:zy) 1a mét diém thude d

. Khoang cach gitta 2 dwong thing chéo nhau.

XXy YTV BT Gy g E T e Y TV 2T
a b ¢ a' b’ c'

thi khoang cach gitta 2 duwong chéo nhau nay duoc tinh theo cong thite sau:

MN [ ugu, |

o]

Cho hai dwong thing chéo nhau d:

d(d;d")=

':;'Trong do u(a,b c) la vecto chi phuorng ciad va M (%300 ,zM) 14 mot dlem thube d -
,_(a b'_,v

1A vecto chi phuong cta d va M'(x,50552,) 12 mot dlem thuoc o

. Lénh Casio.

Lénh dang nhap méi trixong vecto MODE 8

Nhép théng s& vecto MODE 81 1

Tinh tich v6 hudng cta 2 vecto : vectoA SHIFT 5 7 vectoB
Tinh tich ¢6 hudng ctia hai vecto : vectoA x vectoB

Lénh gia tri tuyét d6i SHIFT HYP

Lénh tinh d0 16n mdt vecto SHIFT HYP

Lénh do nghiém ctia bt phurong trinh MODE 7

Lénh do nghiém ctia phirong trinh SHIFT SOLVE
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1) Vi DU MINH HOA

VD1-[Pé minh hoa Bé6 GD-BT lin 1 nim 2017]
Trong khoéng gian véi hé toa A6 Oxyz cho mit phéng (P):3x+4y+2z+4=0 va diém
A(1:-2:3) . Tinh khoang cach tir difm 4 dén mit phang (P)

Acd=> B.d=->- Cod=—2 D a-Y
9 29 3

Gidi

> Ta nhd cong thu’c tm.h khoang cach tir diém M dén mat phang (P):
|Ax +By(,+Cz0 +Dl ‘
\/A“+BZ+C2 R :

)v Ap dtmg cho diém A( ~2:3) v (P) 3x+4y+2z+4=0 ta st dung may tinh d€ bim
5V29 _ s
29 V29
aqc301+40(p2)+203+4Rs3d+4d-+2d=

(M(P)

luén: d(M:(P))=

o] Math A

-
3
fJ
?E.
r
..".n P
r

£,
LI

t
+
Ju

=> Dap s6 chinh xacla C
VD2-[Thi Hoc sinh giéi tinh Phtt Tho nam 2017]
Tim m d€ khoang cach tir A(1:2:3) dén mét phing (P):x+3y+4z+m=0 bing v26
Am=7 B.m=18 C.m=20 D.m=-45
Giai
[I1+3.2+4.4+m| 3%

» Thiét lap phuwong trinh khoang cach : d(4;(P)) =

- [l.1+3.2+4.4+ m|
(viéc nay ta chi lam ¢ trong dau)

> De tinh khoang cach trén bang Casio dau tién ta nhap v& trai ctia phuong trinh Vao
16i stz dung chitc ning SHIFT SOLVE.

w1l aqclOl+3QZ+403+Q)Rs1d+3d+4d$$ps26qr1= '

-26=0

Math

L2
f1Z4324a2

by 7

N 1

L-F= U
Ta thu duwge két qua m =7 = Dap s6 chinh xacla A

VD3-[Thi thit S¢ GD-DT tinh Ha Tinh nam 2017]
. 1 2 .

Trong khéng gian véi hé toa d6 Oxyz, cho dudng thang d :?: -}% = % va mat

phéng (P):x+2y-2z+3=0. M la diém c6 hoanh d¢ 4m thudc 4 sao cho khoang cach
tit M dén (P) bang 2. Toa dd diém M la:
A M(-2;31) B. M(-1;5;-7) C. M(-2;-5,-8) D. M (-1,-3;-5)
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Gidi
» Tabiét difm M thudc (d) nén co toa do M (1+6-1+26-2+ 31)
x=1

(biét dregc didu nay sau khi chuyén 4 vé dang tham s8 d:{y=~1+2

z=-2+3t

t+2(-1+2t)-2(-2+3t)+3
a2 2(203) 43
\/ +22 +(=2)°

Nghi dwoc ti day thi ta c6 thé stz dung Casio d& tinh r6i. Ta bdm ngén gon nhu sau
qeQ)+2(p1+2Q))p2(p2+3Q))+3R3$p2qrp5=

> Thiét 1ap phuong trinh khoang cach: d(M;(P))=2

&

o

~
Iz
-

B LN e % &

2
A= -1
L-R= g
Khidd r=-1=x=-ly=-3

= Dép s6 chinh xacla D

VD4-[Dé minh hoa B6 GD-DT nim 2017]

Trong khéng gian véi hé toa dd Oxyz, cho mit cau (S) c6 tdm I(2L1;) va mat phang
(P):2x+y+2z+2=0. Biét mit phing (P) cét mit ciu (S) theo giao tuyén la mot
duong tron ban kmh bing 1. Viét phieong trinh mét cdu (S)-

“TA(x+2)+(y+1) (z+1) =8 o B(xfz) (y+1)+(z;ﬁ2=10
L oo e =8 D.(s-3F +(y-1) + (-1} =10

Gidi
> Mit cau (x—a) +(y—b) +(z-c)' =R sé c6 tdm I(a;b;c). Vi mit cau (S) c6 tam
I(2;1) nén né chi c6 th&1a dap an C hoiic D. |
» Ta hidu: Mit phing (P) cit mat cau (S) theo mot giao tuyén la duong tron ban
kinh r=1 sé thoa man tinh chat R? =#*+r’ v&i h la khoang cach tir tam [ t6i mét
phang.
Tinh tam R* bang Casio.

(aqc202+101+201+2Rs2d+1d+2d$$)d+1d=
ol Math &

[|2x2+1xi+2x1+2£

fZE 12 432
10

= R*=10
= Dép s6 chinh xacla D
VD5 [Thi tha chuyen Khoa hoc Ty nhién Iin 3 nim 2017]

|

|

Trong khong glan voi he toa 4o Omz, cho duong thang P L ;2 = z'+22,. Tinh
ang cach tir: dlem M( 2,1, 1) tdid '
it B2 o2 p. 22

A3 2 T3 3
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o Giai

> Nhac lal Du’ong thang d cé vecto ch.1 phuong u, (1 2 2) va c’h qua c’hem N(5,2;-2)

i i '![”‘“]l‘

el khoang cach tir M den d tinh theo cong thuc d(M d)= I l

- De tmh khoang Cach trén b'mg Casio dau tién ta 11hap hai vecto MN.,u, vao may

tinh.
w8lllp(p2)=2pl=p2ppl=w8211=2=p2=
. VoE E 1o}
H .
! 3 | ) [ I 2 Y]
-1 -
» Tinh d(/t/l;cl) = 2357022604 = ~5—\—§—§-

Wqcq530q54)Pgeqb4)=
YETR

AbscVCER=CTE b

2. anTHZ2e04
= Dap s6 chinh xac la D
VD6-[Thi thir bao Toan hoc tudi tré 1in 3 nim 2017]

xX=24+1
Trong khéng gian véi hé truc toa d6 Oxyz cho duong thang o4 y=1+mt va mit cau

z =2
(8):x*+y* +28 ~2x+6y—4z+13=0. C bao nhidu gia tri nguyén ctia m d& d cat (S)
tai hai diém phéan biét?
A5 B.3 C.2 D.1

Gidi

> Mitcau (S):(x—1)" +(y+3) +(z-2)" =1 c6 tdm I(};-3;2) ban kinh R=1
Puodng thing d di qua M(2:1;0) va c6 vecto chi phuong u(1;m;~2)
Ta hidu: Duong thing o cit mat cau (S) tai 2 diém phan biét néu khoang cach tir tim
7 (Cua mat ciu (S)) den dLrorng thang d nho hon ban kmh R (Cua mat ciu (S)

{ ‘[]M u]‘ <:>\/(8 2m) 0 +(4 2m) <]<:>\/(8-—2m) +0° +(4—2n1) _»l

i l l \/1‘+m'+(—2 \/l +m +(—2 1<t

> DE giai bai toan ta dung mdy tinh Casio v¢i tinh ning MODE 7 do nghlem cta bat
phuong trinh:
w7as(8p2Q))d+{4pQ))dRsQ)d+58$p1=p9=10=1=

ll‘ﬂl Math F(E:l:l Math
] Fiia ] i
i L I N

I iy -1 1B B | 0. T7E

Ta dé dang tim duwgc tap nghiém ctia m 1a {~3;-4;-5;-6;-7}
= Dap an chinh xacla A
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VD7-[Thi thit bao Toan hoc tudi tré l?ln 3_n51m 2017]

{ ‘a do Oxyz cho duong thang a’ y_1+mt va mat ::au1
e e z.=_—-2t‘~ : 1

0.7 Cobao nhleu gla tr1 nguyen cha m a8 d cat (S)f

i
t

S G2 D.]
Gidi -
» Matcau (S):(x-1) +(y+3) +(z-2)" =1c6 tam I(1;~3;2) ban kinh R=1
Puong thing d di qua M(2:1;0) va cb vecto chi phuong u(1;m;-2)

Ta hidu: Duong théng ¢ cat mit cau () tai 2 diém phan biét néu khoang cach tlr tim
I (cia mét cau (S)) dén duong thing ¢ nho honban kinh R (ctia mit cau (S))
I[W;Zt] \/(g 2m) +0? +(4 2m) 1 J(8=2m)" +0* + (4-2m)’
= <le
i”l \/1 +m’+( \/12+m2+(—2)2
» D@ giai bai toan ta diing may tinh Casio véi tinh néing MODE 7 do nghiém ctia bat
phuong trinh:
w7as(8p2Q))d+(4pQ))dRsQ)d+5$$p1mp9=10=1=

Lt

-1<0

F|: Math . F(EJ Math
i 3 u
S | S L R
i ] Y iy p— 5

Ta dé dang tim dwgc tap nghiém cua m la {—3;~4;—5;—6;—7}
= Dap an chinh xéc 1aA
VD8-[Ciu 68 Sach bai tap hinh hoc ning cao 12]

- Cho duong thang d di qua diém M (0;0; 1) ¢6 vecto chi phuong #(1;1; 3) va mét phahg

o:)co phu'ong trinh, 2+ y-z+5=0. Tinh khoang céch giita d va (a) |
% L B-% ; e c% FT ,D.%v SRR
o
» Tathdy: un, =1.2+1.1+3.(~1)=0 = d chi c6 thé song song hodc trling véi (@) .
» Khi d6 khoang cach gitta d va (@) 1a khoang cach tirbatki 1 diém M thude d dén (o)

Ta bam:
aqc0+0p1+5Rs2d+1d+2d=
2 Hath A
lo+0-1+51
JZE 412422 E
S
= Dép an chinh xacla B
VD9-[Cau 92 Sach bai tip hinh hoc ning cao 12]
x=3+t

Trong khéng gian Oxyz cho dudng thang A:<y=-1+2t. Goi A' la giao tuyén ctia 2 mét
z=4
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phang :(P):x=3y+z=0 va (Q): x+ y—z+4=0. Tinh khoang cach giita A,A'’
2
12 B 25 20 16

A NG BT C. BT D. T
Giai

» DPuong théng A" ¢o vecto chi phuong w'= [n,,,‘:hﬂ =(2:2:4)

w8111=p3=1=w8211=1=p1=Wq530qH4=

W@
fins

(—— 2 ul

]

Va a' di qua diém M'(0:2;6)

Puong thang A cd vecto chi phuong #(1;2:0) va di qua diém M (3;-1;4)

» Ta hiéu: khoang cach gifra hai duong thang chi ton tai khi ching song song ‘hoic
chéo nhau

Kiém tra sit d6ng phing cua 2 dweong thing trén bang tich hén tap MA?[;/;;']

Nhap ba vecto MM',u.u’ vao may tinh Casio k
w811p3=3=2=w8211=2=0=w8312=2=4=

3 Yyerm E YCT®
" -3 3 EEEEE] [ | o R ]
:_ il
N WOTHE
C
[ 2 2 ]
g

Xét tich hdn tap MM 'I:Z—{; ;':| =-4020 = A A' chéonhau

> Tinh d6 dai hai dwong thing chéo nhau = A,A" ta ¢6 cbng thic:

S I
¢ —W 3640.. \/E
Wqcp40)Pqcq540g55)=

YCTE

Abs (-4 +Ahs Yk
4 [ E:E"q' I :-”:I-«-
= Pép an chinh xac la C

VD9-[Cau 25 Sach bai tap hinh hoc nang cao 12]
x=2 y+] z+3 ox=1 y—'] z+1

Cho hai duwong thing d': 5 5 va d ':—T—:T:T Khoang cach gnra
hai duong thang d.,d" 1a: . |
A B. 4\3/5 c.g D.2\3

.

» Puong thing d cé vecto chi phuong u =(1;2;2) va di qua diém M (2;~1;-3)
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Puong thing d'di qua digm M'(3;1;-1)

Dé thdy hai duong thing d,d' song song v6i nhau nén khoang cach tix d' dén d
chinh la khoang cach tir diém M' (thudc d' ) dén d.

Goi khoang cach can tim 1a 4 ta c6:

h= }[MA{’,MJ‘ =1.8856... 4\/’—

2

w8l 1p1 =2=0=w8211= 2—2—chq530q54)chq54)—

= DPdép an chinh xacla B
VD10-[C4u 26 Sach bai tap hinh hoc ning cao 12]

x=2+t x=2-2t
Cho hai dudng thdng d:{y=1-t va d':{y=3 . Mit phdng cach déu hai duong
z=2t z=t'

thing d va d' c6 phuong trinh:
A x+5p+2z+12=0 B.x+5y-2z+12=0
Cx-5y+2z-12=0 D.x+5y+2z-12=0
Gidi
Puong thang d c6 vecto chi phirong u = (1;-1;2) va di qua dim M (2;1;0)
Puong thang d' ¢6 vecto chi phuong u'=(-2;0;1) va di qua diém M'(2;3;0)
Dé thdy hai dudng thing d,d'cheo nhau nén mit phing (P) cich déu hai duong
thang trén khi mit phing d6 di qua trung diém MM' va song song véi ca 2 duong
thing d6.

> Mt phing (P) song song v6i ca 2 duong thang ne
: duzcmg thang la cdp vecto chl phuong

o= [ ] (=1;=5; 2)

N n_l'l’\

w8111=p1=2=w821p2=0= =Wq530qg54=

An%

-1
(P) lai di qua trung di€m /(2;2;0)clia MM’ nén (P):x+5y+2z-12=0

= Pap an chinh xacla D

Bai 1-[Dé minh hoa B6 GD va DT Ian 1 ndm 2017]

Trong khong gian v6i hé truc toa d6 Oxyz, phuong trinh nao dwdi day la phwong trinh
clia mit cau ¢6 tdm 7(1;2;-1) va ti€p xdic voi mat phang (P):x-2y-2z-8=07

A (x+1) +(y+2) +(z-1) =3 B. (x—1)" +(y-2) +(z+1)* =3

C. (x+1)" +(y+2) +(z=1)" =9 D. (x-1)" +(y-2) +(z+1)" =9
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Bai 2-[Thi thir bao Toan hoc tudi tré Iin 5 nam 2017]

x=1+t
Tim diém M trén duong théng d:{y=1-t sao cho AM =6 voi A(0,2;-2):
z=2
(1:1,0) (1:1:0) (~1:3;-4) ) , .
Al B. C D. Khéng cé M thoa
(2:1-1) | (~1:3:-4) (2:1:-1)

Bai 3-[Thi thit THPT Phan Chu Trinh - Phii Yén Iin 1 nim 2017)
Cho (P):2x-y+z-m=0 va A(L:1:3). Tim m d& d(4(P))= Je
A_[m=—2 : B'[m:} C{m:—2 ’ : D.‘:nz=—3 o
nm=-9 m=10 m=12
Bai 4-[D% minh hoa B4 GD-DT Iin 2 nim 2017] o
Trong khong gian vaéi hé toa dd Oxyz cho hai diém 4(-2:3:1) va B(5;-6,-2). Buong

théng AB cét mat phfwng (Oxz) tai diém M . Tinh ti s6 %

AL B. M _, cM_1 M
MB 2 MB MB 3 MB

Bai 5-[Cau 67 Sach bai tip hinh hoc ning cao 16p 12]
Tinh khoang céach tir diém M (2:3:-1) dén dudng thang 4 1a giao tuyén cua hai mit

phang (a):x+y-2z—-1=0 va (@):ix+3y+2z2+2=0.

215 205 205 215
A.J—-—— B.,|=— C. == D. 2
24 15 V15 V24

Bai 6-[Cdu 9 Sach bai tip hinh hoc ning cao lop 12]

Cho A(sL:3), B(-1:3;2), C(-1:2:3). Khoang cach tir gbc toa &6 O dén mit phang
(4BC) la:

A3 B.3 c B D. 2

2 2
Bai 7-[Cau 69b Sach bai tip hinh hoc ning cao 16p 12] 7
~ Tinh khoang cach gifta cip dudng thing d:x;l = yTB = 2_24 vad" x+42 =-¥——_il=-z—:{—] :

A 27 Y127 c
4 4 3

Bai 8-[Cﬁu 69¢ Séch bai tép hinh hoc nédng cao lop 12]

x=2—t
Tinh khoang cach giita cip dwong thang a’:x-]t—l—z—)i;—z:~Z—3—-z va d'{y=—1+t
- z=t
y i

LOI GIAI BAI TAP TU LUYEN
Bai 1.
= Mit cau tiép xtic voi mit phang (P)khi o(;(P))=R
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aqclp4+2p8Rs1d+2d+2d=
= Math &
|1—d+2-5|

M Z o ms sof
ALE L E

-
&

d(I;(P))=3= R* =9=D4p s6 chi c6 th&la C hodc D

= Ma ta lai co tAm mét cau la J(1;2:-1) :>(S):(x—l)2 +(y~2)2 +(z+ 1)2 =9
Vay déap s6 chinh xac1a D
Bai 2

St dung may tinh Casio tim ¢
(1+Q)p0)d+(1pQ)p2)d+(2Q)+2)dpbqrd=qrp5=

_ B Math . B Math
C1+R-00=+01-H-2p  (1+A-00=+(1-%-Ck
A= 0 #= -2
L-F= 0 L-k= 0
= Ta tim dugchai gia tri cta ¢
Vi t=0=M(L1:0), voi r=-2= M(-1;3:-4)
= Dap an chinh xacla B
Bai 3.
Thit I3 . . i _ |2.1~1+3*m}
" iét lap phuwong trinh khoang cach d(A,(P)) =6 o =6

NPARSEES b

= D¢ 1a khi ta nhdm, néu vira nhdm vira dién ludn vao may tinh thi lam nhw sau (d€ tiét
kiém thoi gian)
aqe2pl+3pQ)Rs2d+1d+1d

2 Math
l2—1+3-#1

JZZ2 12012

-
Ji
= Chi c6 A hogc C 12 dung
r4=
= Math A
| Z—14+35-51
{22122 ]
1l

Gié tri m=4 khéng thoa man vay dap an A sai = DPap an chinh xacla C
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Bai 4.

Tach: ==

= Mit phang (Oxz) cé phuong trinh y =0
* Pé&tinh ti s6 %% ta st dung cong thuc ti s6 khoang cach (da gép ¢ chuyén dé hinh hoc

khong gian )

M4 _d(4(0x2))

= 2\ ) bt ké hai difm 4, B ciing phia hay khac phia so véi (Oxz)
"MB ES) at ké hai diém cung phiahay kacp‘lasovou:( xz)

i ‘Ta ¢ thé dung may tinh Casio tinh ngay ti s6 nay.

| w1 aqc0+3+Och0+p6+O—
h o ® Math &
| o540
| DS | 1
=

Ta hiu ca hai mau s6 ctia hai phép tinh khoang cach déu nhw nhau nén ta triét tiéu
tubén ma khéng can cho vao phép tinh ctia Casio
= Dap s chinh xac la A

Bai 5.

Khoang cach tit diém M dén dudng thing d 1a: h=

= 4 la giao tuyén ctia hai mit phing (@) va (@') nén cing thudc 2 mit phing nay =

vecto chi phuong « ctia dwong thang d vuéng goc vdi ca 2 vecto phap tuyén clia 2
mat phang trén.
== [11{1177] =(8:-4;2)
w8111=1=p2=w8210=3=2=W q530q54=
o YT
PR -u

e

=

Goi diém N (x;y:0) thudc duong thing d = N(%;u}oJ

i[XZV';]|_3.8265“A= 205
h{ 14

w8l 15P2p2—p3P2p3"0pp1—w821 8 p4—2—chq530q54)chq54)—
A CVCtasCtE b

3. 826598639

El“l

— Dép 56 chinh xac la B

Bai 6.

= Vecto phap tuyén ctia (4BC) 1a n= [ﬂ?;?@} =(1:2;2)

w811p2=2=pl=w821p2=1=0=Wq530q54=

WOTE
A

(" C |
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= (A4BC):1(x=1)+2(y-1)+2(z-3)=0 < x+2y+32-9=0
, : 0+0-
- Khodng cich tir O dén mit phing (45C) 1a 5= 20109

JPi22 28

= Dap s6 chinh xac la B

Bai 7.

Dé thdy 2 dwong thang trén song song véi nhau = Khoang cach can tim la khoang

cachtr M' dén d :Mﬁ—iﬂ—}:&MSQm:-}@
u

w811p3=4=p5=w8212=1=p2=Wqcq530q54)Pqcq54)=
AbsCYCtrCLRI+b
6. 545900501

= Dap s6 chinh xacla D
Bai 8.
* Dudngthang d di qua diém M(1:2;3) va c6 vecto chi phuong (1;2;3)

Puodng théng d' di qua diém M'(2;-1;0) va c6 vecto chi phuong u'(~1;1;1)
D2 thay 2 dudng thang trén chéo nhau

M}MMP;;] =0.3922...= V26
‘[;,., ﬂ‘ 13

w8111=p3=p3=w8211=2=3=w831p1=1=1=Wqcq53q57(q540q55))Pqcq540q55)=
YCIm
AhsCYCtA- CYotB=p
0. 3922522705

= Khoang cach cin tim la =

= Pép s6 chinh xacla C
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I)

T. CASIO TIM HINH CHIEU VUONG GOC
CUA MOT PIEM, MOT PUONG THANG

KIEN THUC NEN TANG.

. Hmh chleu vuong goc cua mot diém dén mot mait phing.

Cho difm M(x,,,y0 z,) va mit phing (P ) Ax+ By +Cz+D=0thi hmh chidu. vuong goc

H clia M trén mit phang( ) 1a giao di€m ctia duong thang A va mét phang (P)
7A la d‘ucmg thang qua M vavudng géc vo1 (P) (a nhan n,, lam uA ) e

Hmh chiéu vuéng goc clhia mot di€ém dén mot duong thiang,

XXy _ YN _ET
a b c

goc cia M 1én dudng thing ¢ 1a diém H thudc d sao cho MH Lu, <> MHu, =0

Cho difm M (x,¥,:z,) va duong thing d: Z¥. thi hinh chiéu vudng

. Hinh chiéu vudng gbéc ciia mdt dwong thing dén mot mit phang,

Cho duong thing ¢ va mit phing (P). Hinh chiéu vuéng géc ctia dudng thing d
dén mit phing (P) la giao diém ctia mit phdng («) va mit phing (P)

(o) 1a mat phang di chita d va vuéng goc véi (P)

(@) nhan u, va n, 1acip vecto chi phuong

(@) chita moi diém nam trong duwong thing d

. Lénh Caso.

Lénh dang nhap méi trieong vecto MODE 8

Nhép théng s6 vecto MODE 81 1

Tinh tich v6 hudng cta 2 vecto: vectoA SHIFT 5 7 vectoB
Tinh tich c6 hutdng ctia hai vecto: vectoA x vectoB

Lénh gia tri tuyét d8i SHIFT HYP

Lénh tinh d6 1én mot vecto SHIFT HYP

Lénh do nghiém ctia bat phwrong trinh MODE 7

Lénh do nghiém ctia phirong trinh SHIFT SOLVE

1) Vi DU MINH HOA
VD1 [Thl thu’ SO GD-DT tlnh Ha Tinh lan 1 nam 2017]

i
!

Cho mit phang (a):3x- 2y+z+6 0 va diém A(2 ~1;0) ) Hmhchlé'u rvrur(“);légécﬂcﬁa 4
1én mét phing () c6 toa dd }

g_“A-(2;~2;3) CBGE-2)  C(e3) JRURLAR Gt ) B

Guu
» Goi H la hinh chiéu vuéng goc ctia 4 1én (@) = Dudng thang 4H song song véi
x=2+3t
vecto phap tuyén n, (3;-2;1) cta (@) =(4H):{y=-1-21
z={
= Toa dd diém A(2+31,-1-251+1)

(Phan nay ta dé dang nhdm dugc ma khong cin nhap)
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» DEtim ¢ ta chi can thiét lap diéu kién 4 thuoc (@) 1a xong
3(2+3Q))p2(p1p2Q))+Q)+6qrl=

=>t=-1= H(-1;];-1)

= Pdap s6 chinh xacla D

Giai
» Tuong tu vi du 1 ta nhdm duogc toa &6 hinh chiéu vubéng géc H cua M 1én (P) la
MB+63+103+1)
» Tinh ¢ bang Casio.
3+Q)+3+Q)+3+Q)plqrl=

Math

A3+ +”'il
A= -E.t-EnI:-E-EuEuISISS

Ta thu dwoc t——§:> H(l,l;lJ
3 333

> Vi 4' d8i xtng véi M qua H nén H la trung diém ctia MM '. Theo quy tic trung
, ' 7
diém ta suy ra dugc M'[—Z;-Z;w—).
3737 3
= Dap s6 chinh xac1a C
VDs. [Thl the THPT Quang Xwong - Thanh Héa Ian 1 ndm 2017]

Trong khong glan vbi he toa do Oxy; ; cho ducmg thang d: 23 y :] ; j ']; Vé"&ié’lﬁ

(125 3) Toa do hlnh chleu’vuong goc ua diem- M len duong thang dla:

A H(] 221) B H(-2 2y CH( —2,-1) - D.H(T; 21)
Gidi

» Goi H 1ahinh chifu vuéng géc ctia M 1én dudng thang d .

o
!

=3+
Puong thang d cé phuong trinh tham s6 {y =~1+1 = Toa d6 H(3+26—-1+11+2¢)
z=1+2
MH Ld = MHu, =0 v&i u, (21;2)
» St dung may tinh Casio bam:
23+2Q)p)+(p1+Q)p2)+2(1+2Q)pp3)qri=
] bath
2rd+Za-1 0+ -1 +XE
= -1

L-F= 0
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Khi d6 r=-1= H(l:-2:~1) = Dap s6 chinh xacla B
VD4. [Thi thir chuyén Khoa hoc Tw nhién Iin 2 nim 2017]

A . A A R & ¢ — 1 =2 z+l L .
Trong khong gian véi hé toa dé Oviz, cho dudng thang :'\—] = 2——]——-:—5—— va diém

A(2:-11). Goi / la hinh chiéu vudng goc cua 4 1én d. Viét phuong trinh mét cau (C)
c6 tam / va diqua 4 o S
A.x2+(y—3)2+(z~—1)2=20 : B.x2+(y—3)2+(z-1)2=5
C.(x—])2 +(y-—2)2 +(z+l)2 =20 ; D.(x-—l)2 +(y—2)2 +(z+l)2 =14
Giai
» Diém / cotoadd [(1-1:2+1~1+1)
> Thiét lap diéu kién vudng goc < i, =0
p1(1pQ)p2)+(2+Q)pp1)+2(p1+2Q)pl)qrl=

=1=0=1(1;2;-1)
> V6i 1(12-1) va A(%-11) taco: K =14 =|Id] =14
w8112pl=plp2=1ppl=Wqcq53)==d=

py=io]

r'.l

AN

14
= Dap s6 chinh xacla D
VD5. [Thi thir chuyén Khoa hoc Tw nhién [an 1 nim 2017]

Cho duwong thing d : -l y1+1 = XIz . Hinh chiu vudng géc caa d 1én mat phang

(0ny) la: S
x=0 x=1+2t x==14+2 x=—1+2¢ .

Ay=-1-¢ B.iy=-1+¢t Cly=1+1 D.{y==1+¢

z=0 z=0 z=0 . z=0
Gidi

» Ta hiéu : Hinh chi€u vudng géc d' ctia d 1én mdt phéng (Oxy) 13 giao tuyén cta

mit phing () chiza d vudng gbc vdi (Oxy) va mit phing (Oxy)

» Mit phing () chita d va vudng gbc voi (Oxy)nén nhan vecto chi phuirong u(2;1;1)
ctia dudng thang d va vecto phap tuyén n,, (0;0;1) 1a cip vecto chi phwong

=1, ={uing, |=(1-2;0)

w8112=1=1=w8210=0=1=Wq530q54~

Yinjo]
ANk

i o] - ol
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Hon nita (@) di qua diém c6 toa dd (1;-1;2) nén c6 phuong trinh:
(a):1(x~1)=2(y+1)+0(z-2)=0 <> (a): x~2y~3=0

. ) (a):x-2y~3=0
» Phuong trinh ctia d' ¢ dang

. Chuyén sang dang tham sd ta cé:
‘(Oxy):z:O Y g dang Tha

Uy =] Moy = (-2:-1;0)

w8111=p2=0=w8210=0=1=Wq530q54=
Ve

- - al

— -Z
th man vecto ch1 phvzong c6 toa 4o (—2 25 0) 1aB C""D

s nhiér chi co dapanB chua diém M (L 1 O) va dlem nay cung thuoc d'

= bap s6 chinh xacla B

VDé6. [Cau 61 Sach bai tip hinh hoc nang cao 12]
7

x:5+3t
Viét phuong trinh hinh chiu vuéng goc cua dudng thing d:{y=-2t trén
z =21
(a):x+2y-22-2=0
L3 3 3
A.x—5:y 2_2 B_i‘f_sz_y_.j_:.z_ C,ziizﬁizi D.iii;f.i:i
-4 2 -4 2 1 4 2 1 4 2 1

Gidi
> Lap phuong trinh mit phéng () chita d va vudng géc vdi (a)
ny = ugin, | = (8:4:8)
w8113=p2=p2=w8211=2=p2=Wq530q54=

YT
HO:

(- u )
3

(p) di qua diém (%;0;0) nén c6 phuong trinh 8(x—%]+8y+82:0 < 2x+2y+2z-7=0

> Ta e ¢

w Q‘“

e

2x+2y+22 7 O
x+2y 22 2 O

Tinh n,. = [n n] (- 862):>n( -4;3;2) cunglavectochlphuongcua a

Puing thang d' lai di qua diém (5;—%;0) nén c6 phurong trinh: %5- = =

= Dép an chinh xac la A
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BAI TAP TU LUYEN
Bai 1. [Thi thit THPT Pham Vian Déng lan 1 nim 2017]
Hinh chiéu vudng géc cia 4(-2:4:3) 1én mit phang (P):2x-3y+6z+19=0 cé toa d9 la:
A (-1:2) B. (—2—70377%j C. (_Eﬂﬂj D. Két qua khac
Bai 2. [Thi Hoc sinh gi6i tinh Ninh Binh nam 2017]
Trong khong gian véi hé toa d6 Oxy cho mit phang (P):x+y—z-4=0 va diém M(1,-2-2).
Tim toa dd di€m N ddi xting véi diém M qua mit phing (P)
A.N(3:4:8) B. N(3:0:-4) C.N(3:0;8) D. N(3;4;-4)
Bai 3. [Thi thir chuyén Khoa hoc Tw nhién lan 1 nam 2017]
Cho A(5:1:3), B(~S5;1;-1),C (1;-3; o) D(3-6:2). Toa d6 cta diém A’ d5i xtmg voi 4
qua mit phang (BCD) 1a:

A.(-17:5) o B@®ns). 0 C(=7-5) 0 D75y
Bai 4. [Thi th& chuyén Khoa hoc Ty nhién Ian 2 nim 2017]

z+2

A . PR A . z 1 N
Trong khéng gian véi hé toa dé Oxyz cho duwong thang d:%=z= va mit

2
phéng (P):-x+y+2z+3=0. Viét phuong tiinh hinh chifu vudng gbc ctia d trén mit
phing (P).

AFXZ2 vzl ozl g2 yal ozl ox=2 yel z4l g x#2 y+l z-l

1 1 -3 3 1 1 3 I 1 1 1 -3

Bai 5. [Cau 75 Sach bai tip hinh hoc ning cao 16p 12]
Cho ba diém 4(-1;3;2),B(4;0;-3), C(5;-1;4). Tim toa dd hinh chi€u H cta 4 1én duong

théng BC
A(Z22) (I c(mo2ok) (2
171717 A7 1717 17 17 17 171717

Bai 6. [Cau 76 Sach bai tip hinh hoc ning cao 16p 12]

- Tim toa d diém d6i xting ctia M (- -3;1;-1) qua duomg thang d la giao tuyen cua ha1
mit phang (ar):4x-3y~13=0 va (B):y-2z+5=0 ‘ - ;
A (-2-5-3) B.(2-5:3) C(en3) D.(5-73) ‘

Bai 7. [Cau 22 Sach bai tip hinh hoc nang cao 16p 12] S

x=1 y+1 z-2
1

Cho dudng thing d:

. Hinh chiéu vuéng géc ctia d trén mit phing

toa do (Oxy) la:

x=0 x=1+2 x=-1+2t x=~1+2t
A{y=-1-t B.sy=-1+1 Cly=1+t¢ D. {y=-1+¢
z=0 z=0 z=0 z=0
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LOT GIAI BAI TAP TU LUYEN
Bail.

» Puong thing A chita 4 vavudng g voi (.

Uﬂééﬂmm%ﬁ?ﬁil’

Tinh ¢ bing Casio

Diém H 1 hinh chiéu vudng goc ctia 4 1én (P) nén cb toa dd H(-2+2£;4 33 +61)
2(p2+2Q))p3(4p3Q))+6(3+6Q))+19qrl=

B Math
g

-2+ R1-304-3RE
w= o -0,428571423
L-R= ]

Chuyén ¢ vé dang phan thirc

qlz=
0] Math &
Ans+A
W2
Vay z:w:,HL_@ ﬂ;ij
77777
Vay dap s0 chinh xacla B
Bai2.

x=1+¢

= Phureong trinh A:{y=-2+/ = Toa d6 hinh chiéu H(l+6-2+£-2~1)
z=-2—t
= Tim  bing Casio ta dugc =1

1+Q)p2+Q)p(p2pQ))p4qrl=

Véi t=1= H(2;—];—3) = N(3;0;_4)
= Dép an chinh xacla B
Bai 3.

] vecto chi phvzongcua (BCD) ﬁ:[ﬁ, §5] = (_'5,,_:‘10;'_17’(’)’:)» i

w8111pp5=p3pl=Oppl-w8213pp5-p6p1=2ppl=W530q54=

LgRID]

"mmmer -0 -0l
-5
(BCD) qua B(-5;1;-1) = (BCD):~5(x+5)~10(y~1)-10(z +1)=0 <> x+2y+2z+5=0
= Goi H 1ahinh chiéu ctia 4 1én (BCD) = H(5+5;1+26;3+2r). Tinh ¢
w15+Q)+2(1+2Q))+2(3+2Q))+5qrl=
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o] Math

B2 1201+ 20 30
= g
~R= 1l

:—.‘l—'

= 1=-2= H(3:-3:-1) = A
Bai 4.

-7:-5) = Pép an chinh xacla C

* Lap mit phing (@) chta d va vubng goc véi (P) = n. =[iz;;zi;]=(l;~7;4)

w8112=2=3=w821pl=1=2=Wq530q54=
YOI
Hn:

(" -1 ul

(@):(x+1)=Ty+4(z+2)=0 x~Ty+4z+9=0

~7y+4z+9=0
rriyrazs b€ so sanh két qua ta

. DU(‘m thén d..co hur(m trinh tong quat
g & P g &4 ,k{1+y+22+3 O;k

”'_phal chuyen phu’ong trmh duong thang d vé dang chinh tic

"Tarco. ud;—[ :’ ( 18 6 —6) :‘.>u(3 I l) cung la vecto chi phuorng cia d
Vv8111=p7=4=vv821p1—1=2=VVq53()q54=

YCTH
Hng

i 18 -B -E]

-13
Hon nira diém M (2;1;-1) cting thuodc d
:>Phuongtﬁnhchﬁﬁwécd:xgzzzflzzrl —, Dap 56 chinh xac 13 C
Bai 5.
* Dudng thing BC nhan vecto BC(1;-1;7) la vecto chi phuong va di qua didm B(4;0;-3)
x=4+1
= BC:{y=—t
z=-3+Tt

Goi # lahinh chiéu vuéng goc clia 4 1én BC = H(4+1,--3+7t)
= Mit khdc 4H L BC = AH.BC =0.
wl(4+Q)pp)p(pQ)p3)1+7(p3+7Q)p2)qrl=

Math

m
Cd+i——=11-(-A-3]L
A= 0,52941 17645
Chuyén ¢ vé dang phan s6
qlz
O] Math &
ANS+A
2
17
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77 9 12 , N 1z T
:>t=—:>H(- e —) = Dap sb chinhxacla A
17 1717

4x—-3y-13=0

m d 1a g1ao tuyen cua 2 mat phang (a) () néncé phu'ong trinh tong quat: { 5D |
y-2z+5=0 |

Vectoch1phusongcua d 1a Z [n/,,n/,] (6; 8; 4) = nhan u(3 4; 2) la vecto chi phuong

 W8114=p3=0=w8210-1=p2=Wq530q54=

verg
AR
h ] ul
S
x=4+3¢
DPuong thdng d c6 vecto di qua diém N(4:1;3) nén c6 phuong trinh tham s8 y =1+4¢
z=34+2¢

= Dim A la hinh chifu vudéng géc ctia M lén dudng thing 4 nén c6 toa db
M(4+361+463+2t)
Mt khdc M Ld = MH.u=0
w13(4+3Q)pp3)+4(1+4Q)p1)+2(3+2Q)ppl)qrl=

%t4+3x—-3m3+4t”“1‘“+§>
L —R= g

=r=-1= H(1;-3;1)
M d8ixtng M qua d vay H la trung diém MM' = M'(5,-7;3)
= Déap s6 chinh xacla D
Ba1 7.
. Du’ng mjt phing (a) chu'a du‘ong thang d va Vuong goc véi (Oxy) -

:>n _[ud’n()xy:l (1 =2 O)
W8112=1=1=W8210=0=1—Wq530q54=

verE

N ;3 0l

i

Mit phing (o) chita di€ém N(1:-1;2) nén cd phuong trinh la:

(@):(x=1)-2(y+1)+0(z-2)=0=x-2y-3=0
» Duodng thdng d' 12 hinh chidu vudng goc ctia dudng thing d 1én mit phang (Oxy)

-2y-3=
= d' 1a giao tuyén cta (a) va (Oxy) = d':{x Oy 0
z=0

Tinh u, =[ a,n()nJ (-2;-1;0) = nhan «(2;1;0) Ia vecto chi phuong

w8111=p2=0=w8210=0=1=Wq530q54=
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YCIE

L
— - ol
-2
x=1+2
Lai ¢ d' qua diém c6 toa do (1:-1:0) = d":{ y=~1+1
z=0

= Bap s6 chinh xac 1a B.

T. CASIO TINH NHANH THE TICH HINH CHOP VA
DIEN TICH TAM GIAC

D KIEN THUC NEN TANG.
1 Ung dung tich co huong tinh dién tich tam gidc.

" Cho tam giac ABC ¢6 dién tich tam gidc 4BC tinh theo cong thixc S =~‘ AB AC]|

e o 25, |4B4c]
Ung dung tinh chiéu cao 4H ctia tam gidc ABC: AH =#C =%
| ~ BC  |BC|

Ung dung tich c6 hudng tinh thé tich hinh chép.

!\J H

Thé tich hinh chdp 4BCD dwoc tinh theo cdng thic V., = —;—l;ﬁi[ﬁ,ﬁ)}}

3 VIH( 2 ‘ZE[E’E]I

S/x( ya! N:E, EB]‘

Ung dung tinh chiéu cao 4H cta hinh chép ABCD: AH =

3. Lénh Caso.

Lénh déng nhip mai treong vecto MODE 8

Nhép théng s& vecto MODE 81 1

= Tinh tich v6 hudng ctia 2 vecto: vectoA SHIFT 57 vectoB

Tinh tich c6 hudng ctia hai vecto: vectoA x vectoB

= Lénh gia tri tuyét d6i SHIFT HYP

Lénh tinh d¢ 1én mot vecto SHIFT HYP

= Lénh do nghiém cuia b4t phuong trinh MODE 7

= Lénh do nghiém cta phuong trinh SHIFT SOLVE

I Vi DU MINH HOA

VD1. [Cau 41 dé minh hoa vao PHQG HN nam 2016]
Cho 4 diém A(1;0;1), B(2;2;2), C(521), D(43;-2) . Tinh thé tich t& dién 4BCD
A.6 B.12 C.4 D.2

Gidi

» Nhép théng s ba vecto 4B, AC,AD vao may tinh Casio
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w8112p1=2p0=2p1=w8215p1=2p0=1p1=w8314p1=3p0=p2p1=

" VoI ; o)
[ 1 2 [ u o N ]
1 g
. vorm
[ 3 3 IR ]

-3
> Ap dung cong thiic tinh thé tich ¥, = %}279‘[26;25]‘ -4
Wqeq53q57(q540q55))P6=

Abs (Yot (YotBxs
4

= Dap s6 chinh xacla C

VD2. [Thi thit chuyén Khoa hgc Ty nhién [in 1 nim 2017]
Cho 4(2;1;-1), B(3;0;1), C(2:-1;3). Diém D ndm trén truc Oy va thé tich tt dién
ABCD bing 5. Toa d6 ctia D 1a:

. (0;-7;0) . (0:7;0)
A.(0;-7;0) B. C.(0:8;0) D‘km_&w

w8111=p1=2=w8210=p2=4=Wq530q54=

Ans

(s -U -2]

> Diém D nim trén Oy nén c6 toa dd D(0;y;0) = AD(-2:y - 1;1)
Né&u E[A—B, Zé] =30
w100(p2)p4(Q)p1)p201p30qrl=
o} Hath
Ox(-21-404-12-2F
L
ll"l_ = I-l-II
L-F= 0
Ta thu duge y =-7= D(0;-7;0)
Néu E[E,I@] =-30

Mo+grl=
(s =2)-4 (%=1 1-2p
= g
| = 0
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Ta thu dugec y=8 = D(O:S;O)
= bap s6 chinh xacla B
VD3. [Thi the THPT Luong Thé Vinh - Ha N6i Ian 1 nam 2017]

Trong khoéng gian vdi hé toa do Oxyz cho. A(l 2% 0) 3(3 1 l) C(! L l
-8 cuatam glac ABC :

AS= 13‘5’:\/5CS—1 D

Gidi
» Nhap 2 vecto 4B.4C vao may tinh Casio
w8112=p3=1=w8210=p1=1=
) vorm . verm
"Iz cammmm “r 0 -1 e

1 1.

> Dién tich tam gidc 4BC duoc tinh theo cong thite: S, = l‘[ﬁfiﬁf}l =1.732..=3
Wqeq530q54)P2=

Abs Yol <UPtBJ 2

1. 732050505
= DPap s6 chinh xac la A

VD4. [Thi thit THPT Vinh Chan ~ Pha Tho Ian 1 ndm 2017]

| Chohaidiém A(140), B(411). Do dai disomgiao OF ciatam gidc 4B 1o~

| 1 S RE e g

A= B..J— Cif=tii

Ve N1 TNge
Gidi

» Tinh dién tich tam gidc ABC theo cong thitc §,,,, :—1—‘[5257?]

w8111=2=0=w8214=1=1=Wqcq530q54)P2=
AYw(O]
AabhsoYCchA=YoctBl+2
S ET4234R14

Vi gid tri dién tich nay 1é nén ta luu vao bién 4 cho dé nhin
qlz

vera

Bns+4

J.674234614

A . o e R o 28
» Goi A la chiéu cao ha tir O dén day AB ta co cdng thic S,

=-1—h.AB < h=—
2 4B
> TmhdédﬁcmﬁxABzﬁﬁ

w8113=pl=1=-Wqcq53)=
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VTR

ARSCVCTA)D

d. 31662479
Gia tri nay lé ta lai lvu vao bién B
qlx
Ans+B
a2 3le62479
= h:—2—é=2.2156... =
B
20QzPQx=
2A+B
2. 215646853

= Dap s6 chinh xacla D
VDS5. [Thi thit bdo Toan hoc tudi tré Iin 4 nim 2017]
‘ Trong khong glan véi he toa do Oxyz (cho tie dién 4BCD ¢ A(2"3' 1) B(4L-2),C(6

'
H
t

"‘A e e T‘B.]—"fflf

Gidi
> Ta tinh dugc thé tich ca tir dién ABCD theo cong thirc ¥ = %‘E[Z@;Z‘B]j 154
w8112=p2=p3=w8214=0=6=w831p7=p7=7=Wqcq53q57(q540q55))P6= |

Ahs Vet (Yot

51.33333333
> Goi h lakhoang cach ti D:>V:lh.SAm. =>h= £l = 154
3 SAB( SAB(

» Tinh S, theo cdng thitc S, =%‘[Z§;ZE}'=]4
qcg530q54)P2=
AhsCYCtisdictE):

[ —-—
g

Khi d6 h:%:n = DPép s6 chinh xacla A

VD6. [Thi thae THPT Nguyén Dinh Chiéu - Binh Dinh [in 1 nim 2017]

& Trong khong g1an voi he toa do Oxyz cho; A(l 5 0) B(3>

Dlem M thuoc d de tam g1ac MAB co dlen t1ch nho nhat co toa do
AM(MQVf,,EMLﬂQ : T_C_M(32_2)_ ;';;1;e,
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Giai
> Dién tich tam giac ABM duogc tinh theo cong thixc § =—12-1[A73’; m}l =28 =l[74§; W}‘
> V&i M(-1:1;0) tacd 25 =29.3938...
w8112=p2=6=w821p2=p4=0=Wqcq530q54)=

(o]

AbsiYoctA=\WctB)
29. 39387691

> V6i M(3-1:4) tacd 25 =29.3938...

w8212=p6=4=Wqcq530q54)=
verm

AbsCYcti=yctE)
29, 39387691

> Voi M(-3:2;-2) tacd 25 =32.8633...
w821p4=p3=p2=Wqcq530q54)=

Yo

AbsOYchi=votB)
a2, 85335345

> Voi M(1,0;2) tacod 25 =28.1424...
w8210=p5=2=Wqcq530qcdo0q54)=

ahsYetaxYCtE)
23, 14249456

So sanh 4 dap s6 = Pép an chinh xacla C
BAI TAP TU LUYEN
Bai 1. [C4u 1 trang 141 Sach bai tip hinh hoc ning cao 16p 121
Cho 4(2;-1:6), B(-3;-1;-4), C(5:-1,0), D(1;2:1). Th& tich ti dién ABCD béng:
A. 30 B. 40 C. 50 D.60
Bai 2. [Thi thit chuyén Khoa hoc t nhién Iin 1 ndm 2017}
* Cho bén diém A(a-1:6), B(-3-1-4), C(5-1;0), D(121) va thé tich clia tir dién
ABCD biang 30. Gia tri cta a la: |
AL B2 . C2hodc32 . D32
Bai 3. [Thi thit THPT Phan Chu Trinh - Phit Yén ldn 1 ndm 20171
Viét phuong trinh mit phéng (P) di qua M (1;2;4) va cét cac tia Ox,0p,0z lan lugt
tai 4,B,C saocho V. =36

. _ |
Ar+ZiZo BE X Zoy crliXilo D. Pép 4n khac
3 6 12 4 2 4 6 3 12
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Bai 4. [Thi thi THPT Nho Quan - Ninh Binh lin 1 nam 2017]
Trong khéng gian véi hé toa d6 Oxyz cho 4(0:1;0), B(2;2:2), C(-2:3;1) va duong thing
x=1 y+2 z-3
2

- Tim diém &/ thudc d sao cho thé tich tt dién MABC bing 3

‘(_15_2_11)
27472

LOI GIAI BAI TAP TU LUYEN

Bai 1. Chon A.
= Thétich tix dién ABCD duoc tinh theo cng thike ¥ = é]ZE[}E;Zﬁ]j ~30
w811p5=0=p10=w8213=O=p6=w831p1=3=p5=chq53q57(q540q55))P6=
vere
AbsCYCEA- CVCLBxr
a
Vay dap s6 chinh xac la A
Bai 2. Chon C.
* Vidiém 4 chita tham s6 nén ta wu tién vecto B4 tinh sau cing. Cong thitc tinh thé
tich ABCD ta s3p xép nhwsau : ¥ :%'EZ[EE;B_D]}

* Tinh [ BC;BD |=(-12;-24;24)

w8118=0=4=wB8214=3=5=Wq530q54=

w1p12(Q)+3)p2400+24(6+4)p180qri=

o] Math
—12(H+3) -24 0+ 2b

",

—
=

j il
car

Mo+qrl=
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Hath
=120 A+ I—w4 1+
= e
L-R= i

=> Dép an chinh xacla C

Bai 3.

kiém tra tinh L dung sai ctia dap an A

Trong cac dap an chi ¢6 mat phang & dap an 4 di qua diém M (1:2:4) cho nén ta chi di

¥

,Theo tmh chit ca phu:ong trinh doan chan th1 it phang ( ) R 1—2- =1 cét céc tia

6

- Ox,0p,0z lan luot tai 3 diém 4(3:0,0),B(0:6:0),C(0:0; ]2) Hon nua 4 diém 0 A B.C

I tlap thanh mét t& dién vudng dinh O

Theo tinh chat cta t dién vudng thi V.. —%[()AH()BH()Cl = %.3.6.]2 =36 (ding)
)

= Déap an chinh xacla A

Bai 4. Chon A.

Diém M thudc ¢ nén co toa dd M(1 +2I:—2—1'3+2I)

Tinh [;{E;?IE‘J =(-3;-6:6)

wB112=1=2=w821p2=2=1=Wq530q54=
YT
Ank

i -3 ~B Bl

Taco ¥ == [4M[ 4B 4| =3 & Abi[ AB.AC )= 218
6
Vi AM[ AB:AC | =18 < AM[ AB:AC]-18=0

wip3(1+2Q))p6(p2pQ)p1)+6(3+2Q))p18qrl=q]z

_Math i o] Math A

—a01+2n- bl -2=nk ANSHA
n= -1.25
[

L-R=

o
Rin

: \’Ta dU:‘OC t“"%i M[—i’—ilj .

"V01:AM[AB Ac] =‘—’18 PN ZM[ZEZE] 18 —0'

R6 rang chi ¢ dap s6 A chtta diém M trén = A 1a dap s6 chmh xac

Bai 5. Chon B.

Tinh thé tich tr dién ABCD theo cong thitc ¥ = %]hﬁ[ﬁ;ﬁﬁ]‘ =05

w8113=0=3=w8211=1=p2=w8314=1=0=Wqcq53q57(q540q55))P6=
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AhsCVELA- (YCtExD
0.5

Goi 4 1a chiéu cao can tim. Khi d6 V., :]—h.SA,,(, o h=S

SAH(,'

. Tmh‘dien t1ch tam g1ac ABC theo cong thuc s, e —'—l ‘AB; AC]‘

-‘i,f:v;Qchq530q54)P2—q]z

D

VTR

ﬁhs(‘u'ctﬁ*“'u'ttEiJ ﬁn5+ﬁ
4.974937186 4,974937186

3 03015 = .= Dap sd chinh xacla B

Sane \/ﬁ

Vay h=

CASIO TINH NHANHGOC GIUA VECTO
PUONG THANG ~ MAT PHANG

KIEN THUC NEN TANG.

. Goc gifra hai vecto.

Cho hai vecto &(x'y- z) va v(x'y%2'"), goc gitta hai vecto u,v dwgc tinh theo cong thirc:

xx'+yy'+
HH \[x +y +2z° \/.l +y 42"

Goc giita hai vecto thudc khoang [00;1 800]

COS ll V

. Goc gitra hai duong thang

‘Cho ha1 duwong thang d va d ' co, hal vecto ch1 phu’cmgud va: u,, Gc’)c a gitta hai

duong thang d d duzoc t1nh theo cong thuzc cosa = ’cos u,,,u,,

ch1a tlch dQ da1) ey e o .
: Goc gitta hai duong thang thuoc khoang [0“ 900] L

i (t1ch vb huong

jo bl
Iuall

. Goc gitra hai mat phang.

Cho hai mt phéng (P) va (Q)c6 hai vecto phép tuyén n, va n, . Goc a gitta hai mt

2 e e n,.n
phing (P),(Q) dugc tinh theo cong thitc: cosa = 'cos(n,,;ng) =2

ER I

Goc giita hai dudng thing thude khoang [0%90° ]
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4. Géc gifta mot duong thing va mot mit phing.

* Cho dudng thing d c6 vecto chi phuong # va mit phing (P) cb vecto phap tuyén n.
Géc o gilta dudng thing d va mit phing (Q) duoc tinh theo cong thitc sina =icos(z7;;1)\

* Goc gitta mét duong théng va mot mét phing thudc khoang [0“:90":]

5. Lénh Casio.

* Lénh dang nhap moi treong vecto MODE 38

= Nhap thoéng s6 vecto MODE 8 1 1

» Tinh tich v6 huwdng ctia 2 vecto : vectoA SHIFT 5 7 vectoB

* Tinh tich c6 hueéng cua hai vecto : vectoA x vectoB

* Lénh gia tri tuyét d6i SHIFT HYP

s Lénh tinh d§ 16n modt vecto SHIFT HYP

* Lénh do nghiém ctia b4t phuong trinh MODE 7

= Lénh do nghiém ctia phwong trinh SHIFT SOLVE

IN) Vi DU MINH HOA

VD1. [Thi thir bao Toan hoc tudi tré 1an 4 nim 2017]
Trong khong gian vdi hé toa dd Oxyz cho ba diém 4(-2;1;,0), B(-3;0:4), C(0;7;3). Khi
do cos (A—B,B_C') bang:

A 144118 B._ 14 C. V798 D.—\/798
354 3J118 57 57
Gidi

> Nhap hai vecto 4B, BC vao may tinh Casio
w811pl=pl=4=w8213=7=pl=

i VeTm E; VeI
H
[ - - ] [ E| T ]
4 -1
» Tinh cos(@;ﬁz)zﬂzo.ﬂ%...:———]}—w :
|AB;BC‘ 3J118

> ”Wq53q57q54P(ch53)Och54))=
| Vot YotBs(Abs (b
 -0.4295014884

= Déap sd chinh xac1a B
VD2. [Cau 37 dé minh hoa vao PHQG HNnam 2016]
Géc gitta hai dudng thing d;%:ﬁllﬁ—; va d'%l:%z 21'3 a:
A.45° B.90° c.60 D. 30°
Gidi

" > Débai yéu cau tinh géc theo don vi d6 nén ta chﬁyé’n may tinh vé ché& d¢ d§ qw3
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DPuong thing d c6 vecto chi phirong u(1;-1;2), dudng théng d' c6 vecto chi phuong
u'(2:131)
]

lu .lu'l

> Goi « la goc gitra hai duwong théng d;d' thi cosa :'cos([i;z?)l:

wB111=pl=2=w8212=1=1=Wqcq53q57q54)P(qcq53)Oqcq54))=
verm

AbsCYCctA-VotBi+k

=qkM)=

TR

cosCANS)

= Ddép s8 chinh xacla C
VD3. [Thi thit bao Toan hoc Tudi tré 1an 5 nim 2017]
Tim m d€ géc gitta hai vecto u(1;log, 5;log, 2), v(3;log, 3;4) 1a géc nhon
m>1

A.1>m>l B. 1 C.0<m<—]— D.m>1
2 L0<m<5 2

Gidi

. ; -~ RS N uy
> Goi gbc gitta 2 vecto u,v la o thi cosa = l ’

D& géc @ nhon thi cosar <0< uv <0 < 1.3+ log, 5.log 3 +4.log, 2 <6< log, 2+1<0 (1)

2

L bz U
Ta thdy f(0.25)=0.5>0= Dép an C sai

o) Math
; FiH
-0, 25 .
5 0.5 1]
h 0. 15 -1.108
e 253
Ta thdy f(1.25)=4.1062>0= Dap s6 B va D sai
o Math
" F (W)
1 ERROFE
B ~{U. | 062
8 l.512- 1095
1.25

= Ddép s6 chinh xacla A
VD4. [Cau 42a trang 125 Sach bai tip ning cao hinh hoc 12]
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VD5. [Thi hoc sinh gioi tinh Pha Tho nidm 2017]

i

[
|
i
i

Tim a d€ hai mit phing (P):x«-;—y—z+5:0 va (Q):xsina+ ycosa+zsina+2=0

vudng goc vai nhau
A15° B.75" C.90" D.Ca A, B, C déu diing
Gidi

» Mit phang (P) c6 vecto phap tuyén nﬁ(l;—%wlj, mit phing (Q) c6 vecto phéap

tuyé'n n, (sma cos a;sin’ a)

De ha1 mat phang ‘trén. vuong goc voi nhau & goe gm’a n, va n(, bﬁn’g 90°

, 1 T :
<:>n, Q-O c::'sma—zc,osa-sm o= O Dat P«Slna—zcosa—sm @

» Vi deé bai da cho sdn dap an nén ta sir dung phuong phap thix dap n bang chrc
ndng CALC ctia mdy tinh Casio

Voi a=15"= P=0=> Dap 4n A ding

jQ))palR4$kQ))piQ))"3r15=

1 o] Math &
—_— .'l."l'-__ :.'l;
SINGAI-FCOSCE) -k
[

Vi a=75" = P=0= Dap an B ding
175=

a Math &

1_

S1INCAI-FCOSCR) -k

1

= Dap s6 chinh x4c 1a D

biém H (2 -1 —2) 1a hinh chiéu vubng goc cia goc toa 4 0 len mat phang (P) T1m
6 do goc g1u’a mat phang (P) vamat phang (0)ix- y=6=0 g

A3 0 B4 . o c60® . DO

Gidi
> Mit phang (P) vuéng goc véi OH nén nhan OF (2:-1:-2) la vecto phap tuyén
=(P):2(x=2)-1(y+1)=2(z+2) =0 2x—y-22-9=0
Mat phang (Q) cd vecto phap tuyén la n, (1;-1;0)
> Goi « la géc giita hai mat phing (P) va (Q) = cosa :,—50—;%
|1,
w8112=pl=p2=w821 1=p1=O=Wch53q57q54)P(ch53)Och54))=

AbS YOt WCER) b
0.7071067312

= q =45"

Vay cosa =0.7071...=

V2
2
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=qu)=
VCTE

s ANS )

1,'"|
at
[0y

45
= Dap s6 chinh xacla B
VD6. [Cau 47 trang 126 Sach bai tap hinh hoc ning cao 12}
M3t phéng (Q)nao sau day di qua hai diém 4(3;0,0) va B(0;0;1) dbng thoi tao voi
mit phang (Oxy) mdt goc la 60°
A{x~\[2_6y+3z—3=0 B{x+5y+3z~3=0

’ x-5y+3z-3=0 ’ x+\[2_6y+32—3=0

C{x~5y+32~3:0 D x+\[2_6y+32—3=0
N x+5y+3z-3=0 N x—26y+3z-3=0

Gidi
% Cach Casio
" P& thic hién cach nay ta s& lam cac phép thi. Ta thay tat ca cac mat phang Xuat hlen‘
trong dap an déu di qua 2 diém 4,B. Vay ta chi ¢an tinh goc gitta mit phang xuat

hién trong dap n va mat phang (Oxy) Ia xong. : S ]
L i

> V01 mat Phang (Q) \/_y+3z—3 0 cd vecto phap tuyen n ( \/—' 3), mit
phéng (Oxy) 6 vecto phap tuyén » = (0;0;1)

Goi « la géc gitta 2 mit phing trén = cosa = | T‘ t =05=a=60°
By

w8111=ps26)=3=w8210=0=1=Wch53q57q54)P(ch53)Och54))=
o)
phsMctA-YotBi+b
0.5

= Dap 4n chic chin phai chita mat phing (Q):x - J26y+3z-3=0.
> Tiép tuc thir véi mit phang x—5y+3z2—3 =0 néu thoa thi dap 4n A dung néu khong
thi dap an D ding
< Cach tr ludn
> Goi mit phang (Q) c6 dang Ax + By+ Cz+D=0

] (Q) qua 4= 34+D=0, (Q) qua B>C+D= 0. Chon D—l:>C_—1A_—§ g o i

| Khi dé (Q): ———x+By z+1—0 vacod vecto phap t-uyen ng(——;- B; 1]
| he L

1 n(,,nl 1
_L <:> \

] 2

n(} 5

j_

> Goc gitta hai mat phing trén 1a 60° = cos60° =

E
3 |
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|—1.0+B.0—1.ll
3

=
\/(*%) +B 10+ 07 +1° \/
= /Bu%zzoaugzzto[;l:-zgﬁ =i‘/_

= Dép an chinh xac1a C
VD7. [Cau 71 trang 134 Sach bai tap hinh hoc nang cao lop 12]
x+3 y+1 z-3
I
A.30° B. 45" C.60° D.90°
- Gidi | |

> Dudng thang 4 c6 vecto chi phuong u(2;1;1) va mit phing (P) 6 vecto phap
tuyén n(1;2;-1)

Tinh géc gitta duong thing A: va mat phang (P) x+ 2y z+5=0

Uu. l1‘

W

wB8112=1=1=w8211=2=p1=Wqcq53q57q54)P(qcq53)Oqcq54))=

AbsCYetA- YotB)+b

Goi B la goc gitra gitva 2 vecto u.n . Ta co ’cos

0.5
> Goi a la goc gitta duong thang A va mit phing (P) = sina =|cos 8= 0.5
=a=30
gM)=
. va@
s1nCANS)
all
= Dap an chinh xac la A
BAITAP TU LUYEN

Bail. [Cau 21 trang 119 Sach bai tip hinh hoc nang cao lop 12]

Cho bdn diém A(L;1; O) (O 1), C(1;0; 2) D(L;1;1). Tinh géc gitta 2 dudng thing 4B
va CD:

SABC . B C9 ,D-J,Z,Of,.,..,ﬂ.,‘,,
Bai 2. [Cau 8 trang 142 Sach ba1 tip hmh hoc ning cao 12]

Cho u(l,],- ) va v(l,O;m) . Tim m d€ gdc gitra hai vecto u,v 1a 45°

=2-/6
al” ve B.m=2-6 C.m=2+6 D. Khéng c6 m thdoa man
m=2+6

Bai 3. [Cau 14 trang 143 Sach bai tip hinh hoc ning cao 12] Cho hai mit phing
(P):m’x—y+(m*=2)z+2=0 va 2x+m’y -2z +1=0 vudng gbc véi nhau:

A. \m[: 2 B.|ml=l C. |m] =2 D.|m|=
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Bai 4. [C4u 94 trang 140 Sach bai tip hinh hoc ning cao 12]
Cho hinh 1ap phuong ABCD.A'B'C'D' canh bang a. Xét hai diém la trung diém B'C".
Tinh cosin géc gifta hai dudng thang AP va BC"
A= B.—~ ek p. 12
V3 NG 2 2

Bai 5. [Cau 47a trang 126 Sach bai tap h1nh hoc nang cao 12]

Ba1 6. [Cau 19 trang 145 Sach bai tip hinh hoc ning cao 16p 12]
Cho (P):3x+4y+5z+8=0 va dudng thing J la giao tuyén ctia hai mat phang
(@):x-2y+1=0, (B):x-22-3=0. Goi ¢ la géc giita dudng thing d va mat phang

(P). Khi d6:
A p=30 B.gp=45" C.p=60° D. ¢=90°
LOT GIAI BAI TAP TU LUYEN
Bai 1.

= Duodng thang 4B nhan vecto AB(-1;1;1) 1a vecto chi phuong, dudong thang CD nhén
CD(0:1;-1) 1 vecto chi phuong
Goi a 1a gbéc gira hai dwong thing AB.CD va dugc tinh theo céng thic :
oy [4BcD)
cosa = .COS(AB;CD)’ ==
i
» Nhap céc vecto 4B,CD vao mdy tinh Casio
w811p1=1=1=w8210=1=pl=

VCIE VeTE

Wqcg53q57q54)P(qeq53)0qeqd4))=

AbsOVcta-YotBa e

VTR

0
Vay déap s6 chinh xacla C
- - uwy 1-2m
Bai2.Tacod cos u, v
’uH I \/_\/m =1
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2m ] 1=2m |

\/()\/Hl = \/_ f\/})l = \/_

* DE&kiém tra gia tri m thoa man ta st dung may tinh Casio voi chuc ning CALC
Véi m=2-6
wlalp2Q)Rs6$0sQ)d+15$palRs2r2pst)=

= D& gbc gira 2 vecto trén la 45" thi =0

.. 0] Math A
1-26 1
['_—._T:.'-"‘_ -
A l:.'ldﬁ + 1 E

:> m= 2 = \/6 thoa :> Dap so dung ch1 6 the Ia A hoac B o
:’ Tiép tuc klem tra véi m= 2+ J— .
12+56)=

=2+ \/g khong thoa = Pap s6 chinh xacla B
Bai3
Mit phing (P) c6 vecto phap tuyén n(m®:~l:m’-2) , mit phing (@) c6 vecto phap
tuyé'n 17'(2; me; ~2)
= Pé& hail mat phéng trén vudng goc nhau thi nln ean'=0
S m2-mt+ (ml - 2).(—2) =0e4-m =0 m=+£2
= Pép an chinh xac la A
;Bal 4; Ta chon hé truc'toa &6 Oxyz o gbc la dinh' 4, tia Ox chita 4B, tia Oy chira 4D,
| tia 0z chita A4'. Chon a=1 khi dé: A(0;0:0), B(0;1,0), D(0:1,0), A4'(0;051), B'(1;0:1),

; N Y e
e CY R Pl =1, APy 1L=:14 , BC'(0;1;1) -~
(ke = [ 2 ( 2 J (0:11)

= Goc gifta 2 dwong thing AP,BC' 1a « thi cosa = ——x=0.7071..
|APHBC |

w8111=0.5=1=w8210=1=1=Wqcq53q57q54)P(qcq53)O0qcq54))=
YETE

AbscYotg-VotBa+b

TT10eYELZ
= D I dép s chinh xac
Bai 5. Cach Casio
> V6i mat phéng (P):x+3y=0 c6 vecto phap tuyén n, =(1;3), mit phang (Q) <$
vecto phap tuyén n, =(2:l;~—\f5)

n, ,n(,

Goi a 1a géc gifta 2 mit phang trén = cosa = l =05=>a=60°

u,l.

wB8111=3=0=w8212=1=ps5)=Wqcq53q57q54)P (ch53)Och54))=
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fhs(Yeta- YetB)<b
0.5

= Dap an chic chén phai chita mit phang x+3y=0.
> Tiép tuc thir véi mit phang x -3y =0 néu thoa thi ddp an A ding néu khong thi
dap an C dung,

% Cach tu luin

Khi d6 (P):x+By =0 va cé vecto phap tuyén n,(1;B;0)

l;nQ| 'l nonnl

il 2 Il 2

|12+B1+O(\/_)‘ __1_ <2 1

szuH sy 2 Vs 2

» Goc giita hai mat phang trén la 60° = cos60° = I

B=3
©2[B+2|=V1I0VB* +1 4(B* +4B+4)=10(B’ +1) < 6B* ~16B-6=0 = 1

3
= DPéap an chinh xacla C
Bai 6. d 14 giao tuyén ctia hai mét phing (@),(8) nén nhan d vuéng géc véi hai vecto
phép tuyén ctia hai mit phang nay
= Vecto chi phuwong u, = [nanﬂ} =(4:4;4)
w8111=p2=0=w8211=0=p2=Wq530q54=

VeI
Ans

(T 2 2]

J
= Goi y la goc gitra u,;n, ta co |cosy| ||T—|——O 8660.. —-—\g-
U

w8114=2=2=w8213=4=5=Wqcq53q57q54)P(qcq53)Oqcq54))=

AbsCYeLA- YoEB) <
0.8660254038

Sin1CANRS)

G0

= Dap s6 chinh xacla C
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sO PHUC

T. CASIO TIM NHANH PHAN THUC — PHAN AO — MOBUN —
ACGUMENT ... CUA SO PHUC

D KIEN THUC NEN TANG
1. Cac khai niém thuong gap
* Don vi 40 1a mot dai lugng dwoc ki hiéu i va co tinh chat i* =—1
= 56 phtrc la mdt bidu thie ¢ dang a + i trong d6 a,h 1a cac s6 thuc. Trong d6 a dugc
goi a phan thge va b duge goi la s& ao
* 58 phitc lidn hop ctia s8 phiie z =+ bi la s8 phic z=a~bi
1
- a+bi

» 56 phire nghich dao ctia s6 phitc = =a+hi la s6 phitc z7' =

N | —

e Mbddul caa s6 phic z=a+hi dugekihiéu la {z| va co do 1on ]z| = \/a-:b-
2. Lenh Caso

' De xtely s6 phuzc ta str dung lenh tinh s6 phuc MODE 2

* Lénh tink Mdun cita s8 phirc 1a SHIFT HYP

= Lénh tinh s8 phiic lién hop z 1a SHIFT 22

= Lénh tinh Acgument ctia 58 phuc 13 SHIFT 21

) vi DU MINH HOA

VD1. [Dé minh hoa THPT Quéc gia 1in 1 nim 2017]

Cho hai 8 phitc z, =1+i va z, =2-3i. Tinh Médun cta s8 phtc z +z,

Az +z,|=13 B.|z, +z,|=+/5 C.lz, +2z,|=1 D.|z +2z,|=5
Gidi
» Dang nhép lénh s6 phitc w2
CHPLY B Mah

(Khi ndo mdy tinh hién thi chitCMPLX thi bat dau tinh todn s8 phixc dugc)
' » D& tinh Mbdun ctia 58 - phtec ta nhap biéu thizc vio may tinh r6i stt dung lénh SHIFT
‘, HYP
| 14b+2p3b=qeM=

CMPLY @ Hath A

1+i+2-5i
a-2i
CMPLY 2 Math &

|Ars |
413
=13 = Dép s8 chinh xacla A
VD2. [Thi thit bao Toan hoc Tudi tré Iin 3 nam 2017]

Vay |z, +z,

S8 phtc lign hop v6i s6 phixe z=(1+i)" =3(1+2) la:
A.-9-10i B.9+10/ C.9-10/ D.-9+10i
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> St dung may tinh Casio tinh z
(1+b)dp3(1+2b)d=

CMPLX R] Math &
(1+1)%-301+21)°
9-101
=z=9-10i
» S0 phttc lién hop cua z=a+bi 1a z=a—bi:
Vay z=9+10i = Dap 4n B 1a chinh xac _

Gidi
» Vi dé bai cho ¢ dang tong quat nén ta tién hanh “ca biét héa” bai toan bang cach
chon gia tri cho a,b (Iru y nén chon cac gia tri 1é d€ tranh xay ra truong hop déc biét).
Chon a=1.25 va b=2.1tacod z=125+2.1i
> St dung may tinh Casio tinh z*

1.25+2.1b)d=
CMPLZ [F] - Math &
i(1.25+2, lill‘“"
1139 21,
4::0 4 1

Vay phin 4o 13 %-11

» Xem dap s6 nao co gia trj la Tl thi dap an d6 chinh xac. Ta cé:

CMPLY Math A

2x], 2':13{2
21
| E)
Vay 2ab :—2-1 — Dép 4n C I chinh xéc

vD4. [Th1 thu bdo Toan hoc tudi tré [An 4 nim 2017]

U Dla=+l

Gidi
> D& xtr ly bai nay ta s dung phép thit, tuy nhién ta chon @ sao cho khéo 1éo nhit d€
phép thir tim dap s6 nhanh nhat. Ta chon a =1 trudc, néu a=1 dung thi dap an ding
chi cé thé 13 C hodc D, néu «a =1sai thi C va D déu sai.
» V6i a=1st dung may tinh Casio tinh z
1+(1p1)b=qcM=
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CMPLY R] Math A

1+01-131
1
CMPLY [F] Math A
ans |

Vay |z|=1= Dap an dung chi cé th& 1a C hodc D
» Thit v6i a =0 St dung may tinh Casio tinh z :
0+(0p1)b=qcM=

CHFLZ B Hath A

O+C0-10d

CMPLZ B Math A

| s

Vay lz\ =1= Dap an chinh xacla C

VDS. [Thi thir THPT Pham Vin Déng - Dic Néng Iin 1 nim 2017]

S8 phttc z=1+(1+4)+(1+i) +..+(1+1)" c6 gia trj bing;
A2 B2%+(241)i C20+(20 )i

Gidi

D.2"+2%

» Néu ta nhp ca biéu thiec 1+(1+7)+(1+i)’ +..+(1+i)" vao mdy tinh Casio thi vin

dugc, nhung mat nhidu thao tac tay. D& rtit ngin c6ng doan nay ta tién hanh rit gon

biéu thirc

Ta thdy cac s6 hang trong cung biéu thic déu cé chung mot quy luat “s6 hang sau

bang s6 hang trudc nhan vdi dai lwong 1+i “ vay day 1a cAp s6 nhan véi cdng bdi 1+

" . i 21
:>1+l(l+i)+(l+i)2+...+(1+1‘)2°=U1ll"q] =1.1I (zl '),)
- —(I—i

]—(l+i)2'

» Véi z=———— Sr dung may tinh Casio tinh z
1-(1+1)
alp(1+b)*21R1p(1+b)=
o N "i:'MP'L'I'._' CB O Hath &
1-i1+4i)El
1—=01+d)

1094+10258

Ta thdy z=-1024+1025i=-2" + (2" +1)i
= Dap an chinh xac 1aB
VDé. [Thi thit chuyén KHTN Iin 1 nim 2017]

o~ A7 . 7 ~ \ A 7 1 M
Néu s6 phirc z thoa mén |z|=1 thi phan thirc cia —— bang:

-2z

B C.2

AL
> >

D. Mot gié trj khac
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Gidi
» Ditsd phuc z=a+bi thi Modun caa s6 phuc z la |lz|=Va® +b*
e Chon a=05 :>‘_05‘ +b“'
V;:wlso 5¢ Q)d$p1q‘0 5

dun huc nang dongh

Lwiru gia tri nay vao b

qlx

@ Math &

AN+

0. BRR0Z54035

w2alR1p(0.5+Qxb)=

CHPLA [F] Math A

1—I'H. S+Bil

-+n SRED25404E61

Vay phéan thuc cua z la % = Bap an chinh xacla A
 VD7. [Thi thit nhém toan Doan Tri Diing lin 3 nim 2017]

Tim s8 phttc z biét rang: (1+i)z~2z=-5+11i

Az=5-7i B.z=2+3i Coz=1+3; D.oz=2-4i
Giai 7 .

B V6i 7=5-7i thiss phuc lien hop s ”+71 Néu dap 4 A diing

(1+1)(5 71) 2(5+71):—5+llz 5

> St dung may tinh Casio nhap(vej:tral cha (1)
(1+b)(5p7b)p2(5+7b)~

[
[
[
|
l

CMPLY

(141 105-71 1-2 (5 b

2-16d
Vi 2-16i #-5+11i nén dap an A sai
» Twong te nhu vay véi dap an B
(1+b)(2+3b)p2(2p3b)~
CMPLA 3 Math A
Cl+1 ) C2+31 202k
-G+11i

D& thay vé trai (1) = v& phai (1) = -5 +11i
= Pap s0 chinh xacla B
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VDS. [Dé minh hoa ctia bd GD va PT l4n 2 nam 2017]
Cho s6 phitc z = a+hbi thoa man (1+i)z+2z=3+2i. Tinh P=a+b

1
AP:% B.pP=1 C.r=-1 D.P=—
Gidi
> Phuong trinh  (1+1)z+27-3-2i=0 (1). Khi nhap s6 phtc lién hop ta nhén 1énh
q22

CMPLZ R Math A

Condafll

> Str dung may tinh Casio nhap vé tri cta (1)
(1+b)Q)+2q22Q))p3p2b

Math

i CP.APL?. . B t
A'Condats)-a-21l

» X la s8 phitc nén ¢ dang X =a+bi. Nhap X =1000+100i (c6 thé thay ab la s
khac)

r1000+100b=
(1+i)) +2cnnJgEHn
007+0924

2897 =3.1000-100-3=3a~b-3

Vay vé trai clia (1) bing 2897 +898i. Ta c6: T
, 898-1000-—100 2 a- b 2. f

¥ . N 3a~b~
Mat khac dang mudn vé trai =0 = “n 3- O<::>'a=l b=—
; T T la-b-2=0" 2 2;
Vay a+b=~1 '
= Daps6 chinhxaclaB
VD?9. 50 phitc z = Ehi ; :/[_ c6 mét Acgument la:
AZ B.Z cZ D2z
6 4 2 3
Gidi
> Thu gon z vé dang t&i gian = z=-1 +3i
a5+3bs3R1p2bs3=
CMPL E Math A
S48 T
1-2if5

-1+{31
» Tim Acgument ctia z véilénh SHIFT 21
q21pl+s3b)=
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CMPLY 2 Math &

aral-1+{3i)

Gy

I
A . . 2 ‘n . . v ; C LA NI
Viy z c6 1 Acgument la —;L Tuy nhién khi so sanh két qua ta lai khéng thdy cé gid tri
T .y L oaa o Ny N s LA .
nao la —375 Khi d6 ta nhd dén tinh chdt “Néu géc a 1a mot Acgument thi gée « + 27

cling la mét Acgument”

= Dap s6 chinh xdc 1a D vi -2—2-7-T—+27r:—83l

BAI TAP TU LUYEN

l
E
i
f

LA Ww=64400 B
Bai 2. [Thi the THPT Phan Chu Trinh — Phti Yén I4n 1 nidm 2017]
Cho s8 phitc z=a+bi. S8 phitc z™' ¢é phan thuc la:

Aa+b —:,‘9-; C"‘;i,‘ D.a-b
a +b° a +b
Bai 3. [Thi th& nhém toan Poan Tri Diing lan 1 nim 2017]
Tim médun cta s& phirc z=2 -~ \/—3_1'(%+ ﬁlj la:
—
A0 . 21%8 ¢ % D. Dép 4n khac

2 2 2
Baj 4. [Thi thir chuyén Khoa hoc Tw nhién [in 3 nim 2017]
Cho s6 phitc z=(1+i)" +(1+i) +...+(1+)”. Phan thuc cta s6 phtc z la:
A 2" B.-2"+2 C.-2"-2 D. 2"
Bai 5. [Thi tht chuyén Khoa hoc tir nhién Iin 3 nim 2017]
Cho s8 phtic z=2-3i. Phan 4o ctia s6 phitc w=(1+i)z-(2-i)z la:
A.-9i B9 C.-s D. -si

Bai 7. [Thi thit chuyén Lam Son — Thanh Héa lin 2]
Cho s6 phttc z=a+bi thoa man diu kién (2-3i)z+(4+i)z=-(1+3i)’. TimP =2a+b
A3 B.-I C.1 D. Dép an khéc

LOI GIAI BAI TAP TU LUYEN
Bail
» Str dung mdy tinh Casio véi chirc ning MODE 2 (CMPLX)
(1+b)dO(2+3b)=
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CMF’L/ @ Math &
BEE BRI i
-6+4i

Vay w=-6+4i ta chon D la dap an chinh xac

Bal 2.
. Vi de ba1 mang tinh chat tong quat nén ta phal ca biét hoa ta chon « :1 b=125.

. Vcn i Su dung may tinh Casio

'”a1R1+125b-
CMPLY @ Math A

1+1. 251 16 0.

41 411
Ta thdy phén thuc s8 phuc ™' la: % day la 1 gia tri duong. Vita chon 6>4a>0 nén ta
thdy ngay dap s8 C va D sai.
Thir dap s6 A c6 a+h=1+125 :—Z—i% vay dap s6 A ciing sai = Dép an chinh xac 12 B
Bai 3.

* Tinh s phitc z=2- \/_z[ +\/_1J

2ps3$b(alR2$+s3$b)=

Vay z:S———\[;—i

* Dung lénh SHIFT HYP tinh Médun ctia s& phtte z ta duoc

qcSpas3R2$b=
EHPLY B Mah A
i
o= 103
A V103 a1 P
Vay || = = Dap s6 chinh xdcla A
B e e
. "‘Déy 56 trén 12 mot cAp s8 nhan véi U, =(1+i)",'s8 s8 hang 1a 21 va cong boi 1a 1+i ]
i " - o 2
i‘ . o 1_ ]+ [y :
' Thu gon z ta duoc z=U, —q—:(l +i)“.—(—-~l—?—~
i l=g e ]-—-(l +~1,)

= St dung may tinh Casio tinh =
(1+b)dOalp(1+b) 21R1p(1+b)=
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CMPLZ B Math A

Loz 101411 %
B B vy pr-m

-2050-20451
Vay z=-2050 - 2048i
= Phan 40 s8 phitc z 12-2050 =-2" -2 = Dép s6 chinh xacla C

Bai

» St dung may tinh Casio tinh z
(1+b)dOalp(1+b)"21R1p(1+b)=

CHPLA R] Math 5
.z 1= (14§17,
S T Sk

-2050-20451

Vay z=-2050—2048i

“®m Math &

W+l 4+ ICOP

pa2-21341
6392 =6.1000+4.100-8=6a+4b -8
2194=2.1000+2.100-6=2a+2b-6

Vay vé trai = 6392 -2194i voi {

Nt . [6a+4b-8=0
s P&vetrai =0 thi a sSa=-2b=5
2a+2b-6=0
Viy z=-2+5i = P=2a+b=1=Dap s8 chinh xacla C

Bai 7

» Phuong trinh < (2-3i)z+(4+i)z+(1 +3i)' =0

= Nhip vé&trdi vao may tinh Casio va CALC v6i X =1000+100/
(2p3b)Q)+(4+b)q22Q))+(1+3b)dr1000+100b=

CMPLY 2 Math &

[@-31 YE+04+10Cak

paFZ-21941
6392 =6.1000 +4.100 ~8 = 6a + 4b —8

Vay vé trai =6392-2194i vdi
2194 =2.1000+2.100-6=2a+2b-6
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T. CASIO BIEU DIEN HINH HOC SO PHUC
TREN HE TRUC TOA PO THUC AO

D) KIEN THUC NEN TANG
1. Cac khai niém thuong gap
= Hé truc thuc ao gébm ¢6 2 truc vudng goc véi nhau: Truc nim ngang la truc thue, truc
dimg doc la truc ao

= 56 phuc z=a+hi khibiéu dién trén hé truc thue ao 1a diém M (a:6)

= Mbdun cua s& phirc z =a+bi 1a d6 1én cta vecto OM

2. Lenh Caso

- DE xtr Iy s8 phuc ta stz dung Itnh tinh s6 phu'c MODE 2 TR
- Lénh gidi phwong trinh béc hai MODE 53

= Lénh giai phuong trinh bic ba MODE 5 4

) Vi DU MINH HOA.

VD1-[Ciu 31 D& minh hoa THPT Qudc Gia Iin 1 nim 2017]

Cho s6 phic z thoa man (1+i)z=3-i. Hoi diém

biéu dién s& phirc z la diém nao trong cac diém R M
M,N.P.Q A
; jo i .
A. dié’rn 1) B dié’n,l Q “,, .!I_ﬂl....__..-—) X
C. diém M D. diém N L Q
P
Gidi
~a 3
> Colap = :—l_
1+ i
Stt dung may tinh Casio trong méi truong CMPLX dé tim z
w2a3pbR1+b=
_ owRL R Math A
Si—14
1+a
1-71
=z=1-2i va dim biéu dién z trong hé truc thyc a0 c6 toa do (1;-2). Pifm cé thuc

duong va 20 Am s& ndm & géc phan tw thie IV
= Diém phai tim la Q va dap an chinh xac la B
fVDZ [Thi thte. trung tim D1eu Hién - Cin Tho lan 1 nim 2017] , :
Piém biéu dlen s6 phitic z=7+bivoi beR, ndm trén duong thang co phuong trmh la:
Aux=7  Biy=x Cy=x+7. Dy =7
Gidi
> Diém biéu dién s8 phtec z =7 +bi la diém M 6 toa dd M(7;h)

Ta biét diém M thudc duong thing d néu toa d6 difm M thoa man phuong trinh
duomg thang

» ThiedapanAtacd x=7<1.x+0.y-7=0.Thé toa dd di€ém M vao ta dugc:
1.7+05-7=0 (dung)

Vay difm M thudc duong thang v =7 = D4ap an A la chinh xac
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VD3-[Thi thit Group Nhom toan — Facebook Idn 5 nam 2017]
Cac diém M, N.P Tan luot 1a diém biéu dién cho cac s6 phtic z, =_—4%; z, =(1-1)(1+2i);
i
z,=—1+2i

A.Tam gidc vudng  B. Tam giac can C. Tam giac vudng can  D. Tam giac déu
Gidi

(2:-2)

Ta dugc z, =2-2i vay diém M
» Rut gon z, bang Casio

(1pb)(1+2b)=

Ta dwoc z, =3+i vay di€m N(3;1)

Twong tw z, =-1+2i vadiém P(-12)

» DE phat hién tinh chat clia tam gidc MNP ta nén biéu dién 3 diém M, N, P trén hé
truc toa &6

e
M

Dé thay tam giac MNP vudng can tai P = dap an C chinh xac
VD4-[Thi thit bio Toan hoc Tudi tré 1an 4 nim 2017]

an . luot -

5 phixd
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Gidi
> Diém M biéu dién s phitc z, =1-i = toa dd M(1;-1)
Diém ~ biéu dién s6 phic z, =3+2i = toa dd N(3;2)
Goc toa dd 0(0:0)

> Toa d6 difm G(X”TX&*-X(, V\I+y\'+y()J [4 ‘J
T 303 33

Vay G la diém biéu dién cta s8 phitc §+ %1 =Cla dap an chinh xac

VD5-[Thi thir THPT Ham Réng - Thanh Hoéa [an 1 nim 2017]
Trong mit phang toa d6 Oxy, goi M 1a diém biéu dién s6 phuic z=3-4i, diém M’ la

diém biéu dién s8 phitc z'= 13;—{: - Tinh dién tich AOMM'

25 2
AT T B.S

w

15 15
C. Saonmr = _; D. Ssomar = _2‘

AS

NOAIAL :T
Gidi
> Dim M biu dién s6 phiic z, =3-4i = toa dd M(3;-4)
e R WX nr . I+i A 7 1
Diém M biéu dién s6 phuc z’:Tz = toadd N -2-;—5

al+bR2$O(3p4ab)=

CMPLY F] Math &

1':-::4:

i.

i~

G6c toa d§ 0(0;0)

> D& tinh dién tich t tam glac OMM' ta ng dung tich 6 hu'ong ctia 2 vecto trong
khéng glan Ta thém cao d6 0 cho toa ¢6 mbi diém O,M, M " 13 xong

- OM (3-4:0), aM{%méo]:s_~ QMOM] -

Tmh|0Mwmw]
w8113=pd=0=q51217P2=p1P2-0-Cq53q57q54=

Ve &

Woth-YetE
12.5

25 25

\%y[ﬁﬂiﬁi] 1252225, = JBMIOMJ

= A la ddp an chinh xac
VD6-[Dé thi minh hoa B4 GD va DT [in 2 nim 2017}
Kihiéu z, 1a nghiém phitc c6 phan ao duong cta phuong trinh 4z° —16z+17 =0. Trén

mdt phang toa d9, di€ém nao dudi day la diém bidu dién s6 phirc w= iz,

o) e[ el
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Gidi
» St dung lénh gidi phuong trinh bac hai MODE 5 3 dé gidi
422 ~16z+17=0

w534=p16=17==

&) Math¥

==

0
+
rafe=
[ 1)

4

MathWh

-~

i

2__

Vay phuong trinh 4z° -162+17=0 c6 hai nghiém z=2+]5i véz=2——;—i

i

[

" f ot 2 1.
» DE z, c6 phan 4o duong :>z:2-§z'.Tmh w=zgl

w2(2+a1R2$b)b=

F] Math &

1, 0:
=+2i

Vay phuong trinh w= —-;-+ 2i = Piém biéu difn 6 phitc w 1a M(—-;-;zj

=B la dap an chinh xac

phuong trinh

LR . 1
i i

______ ¢ Q

oo

Bai 2-[Thi thit facebook nhém toan Ian 5 nim 2017]

Cho s3 phitc z thoa man (2-i)z=4z+5. Hoi diém “ T %
biu dién ctia z la difm nao trong cac diém [ )
M,N,P,0 &hinhbén. e 1
ADiém N B. Diém P T
C.Difm M D. Diém O
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Bai 3-[Thi thir bido Toan hoc tudi tré Ian 4 ndm 2017]

A k12 A i " S oaA L X m g 4
Trén mat phang toa do cac diém A4.B.C lan lugt la diém bidu dién cta s phtc 57
— ]
5 5
. (1-0)(1+2i), -2i" Khi d6 tam giac ABC
A.Vubng tai C B. Vuéng tai 4 C.Vudngcantai B D. Tam gidc déu

Bai 4-Cac diém 4,B,C, 4',B.C' trong mit phang phitc theo tht ty bidu dién céc s
1-4,243i,3+i va 3i,3-2i,3+2i ¢6 G,G' [an luot 1a trong tdm tam gidc ABC va A4'B'C'.
'Khang dinh nao sau déy dung B

A.G trung G* B. Vecto 55_‘%(1:—'1) ;
C.GA=3GA  D.Twgiac GAG'B lap thanh mot hinh binh hanh

LOI GIAI BAI TAP TU LUYEN
Bai 1.
* Tinh s6 phirc w=(1-i)z bdng may tinh Casio
(1pb)(2+b)=
) CHpLY @ Math &
C1-1002+i0
a-i
Véy toa d6 ctia diém théa man s§ phirc w la (3;-1). Dy 1a toa d6 diém QO

= Dap s6 chinh xac la D

Bai 2.
calap(z-i)z_4z=so—(zu)z:s@z[;2‘5_
: 24i
= Tim s8 phitc 7=
ap5R2+b=
L B Math A
-5
241

-2+1
Véy toa do cuia diém thoa méan s phirc z 1a (-2;1). Day la toa do diém M

= Pap s6 chinh xac1a C

Bai 3.

= Ratgon —-—2:4-——&— duoc -2 -4i vay toa d6 diém A(-2;-4) ceu
st T n
a4Rpa2R5$+a4R5$b= ~-~~~—4:—~~-?---~~J-»’-«-»»~0~-——+~~~—‘~——f

CHPLY B Math A /
E ? / -2
SR /
-5-41 i/w-——-ul
A
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Ruat gon (1-i)(1+2i) dwge 3+i vay toa dd diém B(3;1)
(1pb)(1+2b)=

Math A

De thay tam giac ABC vudng tai C = Dap 88 chmh xacla A
Bai 4.

I

S’

Ta c6 toa d6 cac dinh A(1;-1), B(2:3), C(3;1) = Toa dd trong tdm G(2;1)

X4+ Xy X

x(jz—-—3-—*—~=2
Yot yg t Ve
y(;: A 3h‘ [6 =]

Ta c6 toa d6 cac dinh A4'(0;3), B'(3:-2). C'(3;2) = Toa d¢ trong tam G(2:1)

X+ Xy + X0

x(;.=—————~——3—————=2
Vot Vet Ve
.

R6 rang G =G'= Dap s6 chinh xacla A

T. CASIO VA MEO GIAI NHANH BAI TOAN QUY TiCH CAC
BIEM BIEU DIEN SO PHUC

KIEN THUC NEN TANG

. Meo gidi nhanh

Bai todn quy tich luén di 1én tir dinh nghia. Ta lu6n dat z=x+ yi, bi€u dién s phtic
theo yéu cau deé bai, tir 6 khir / va thu vé mot hé thire moi:

N&u hé thite c6 dang Ax+ By + (' =0 thi tap hop diém la dudng thang

N&u hé thttc ¢6 dang (x—a)’ +(y~b)" =R> thi tap hop diém la dudng tron tdm 1(a;b)
ban kinh R

: Neu he thvfc ele} dang 3C—~+~~—' —1 t}u tap hop dlem co dang mot Ehp :
: a

2

Y

"  ' ; =] ,th1 tap hop d1em la mot Hyperbol

Neu he thu’c co dang y=dAx"+ Bx+C thi tap hop Chem Ia mot Parabol

. Phwong phap Caso

Tim diém dai dién thudc quy tich cho & dap an r6i thé nguoc vao dé bai, néu thoa man
thi la dang
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1) Vi DU MINH HOA
VD1-[Thi thir chuyén Khoa hoc Tw nhién Ian 3 nim 2017]

Tap hop cac diém biéu dién s6 phtic = thoa man lz-2-i]= ’E + 21’}
Adx-2y+1=0 B.4x-2y~1=0 Cidx+2y-1=0 D.4x-6y-1=0
Gidi

*» Cach Casio
- » Gois6 phirc z ¢ dang z=a+hi.Ta hiéu: diém M ”Bié’il dién s6 "phﬁc‘ z thi M 6
‘toadd M(ah). ' S i

Gla stt: dap an A dung thi M thuQC duorng thang Ax~ 2y+ 1=0 thl da-2b+1=

1+25; Sophuczthoaman |z 2—:] lz+21| thl|z -2- z| 'z+2:1=0'

)v Su dung may tmh Cas1o dékiém tra
qcl+2.5bp2pb$pqelp2.5b+2b=

LMPLE Math A

|1+.:.._|1—'._ -il-l1re
415 -5

= —
-~
P

Ta thdy ra mét két qua khac 0 vay |z -2- - ’_: + 21“ =0 lasai va déap an A sai

> Tuong tu voi dap s6 B chon a =1 thi h=1.5 va z=1+1.5
qcl+1.5bp2pb$pqcipl.5b+2b=

CMPLY. _ R] Math A
1+1.5i-2-1[-[1¥
0
Ta thdy két quara 0 vay |z -2~ $E+ 21‘] =0 la dung va dap an chinh xacla B
% Cach meo
» Dat z=x+yi (taludn di lén tir dinh nghia) .
> Thévao ‘z -2 ~i| = IE + 21“ ta duirgc
|(x—2) —l ‘—‘v +(- y+2)|

. <:>\/ (x- 2) ~1)’ - \/ (- y+2)° & (x=2) +(y ,y;yl,)z“y=~x2‘k+(‘;J"+‘2)2‘W

& —4x+4+y ~2y+l=xteyt—dysa D H=2y-1=0

Vay tap hop cac diém biéu dién s& phitc z la duong thang 4x-2y-1=0
=> dap an B la chinh xéac
% Binh luin
> Trong dang toan nay ta nén wu tién dung meo vi tinh nhanh gon ctia n6
» Nhac lai mét 1an nita, ludn dit z = x + yi r6i bién d6i theo dé bai
VD2-[Thi thit sé GD va BT Ha Tinh [in 1 nim 2017] »
Cho s8 phitc z thoa man |2+z|=[1-i . Chon phat biéu dting
A. Tap hop diém biéu dién s phire z 1a mot duong thing
B. Tép hop diém biéu dién s8 phitc z 1a mét durong Parabol
C. Tap hop diém biéu dién s6 phirc z 1a mot duong tron
D. Tap hop diém biéu dién s6 phitc z 1a mét duong Elip
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<% Cach meo
» Dat z=x+yi.
> Th&vao |2+:z]=|1-i| taduoc

|x+2+yi|=[1-1] \/(x+2)2 +y =\/1z +(-1)" o (x+2)"+)? =(\/§)2
Vay tap hop cac diém bidu dién s8 phitc z 1a dudng tron tam / (-2;0) ban kinh R = V2
Vay dap an C la chinh xac

VD3-[Pé thi minh hoa ctia b6 GD va DT lan 1 nam 2017]

Cho céc s6 phitc z thoa man

% Cach Casio
> D&xay dung 1 dudng tron ta can 3 di€m bidu dién ctia w, vi z sé sinh ra w nén dau
tién ta sé chon 3 gid tri dai dién clia z thoa man |z|=4
» Chon z=4+0i (thba man |z|=4). Tinh w, =(3+4i)(4+0i)+i
(3+4b)O4d+b=

. .CMPI.K 13 Math &
L3+ Dxd+i
12+17i
Ta c6 diém biéu dién ctia z, 1a M(12;17)
» Chon z=4i (thoa man |z|=4). Tinh w, =(3+4i)(4i)+i
(3+4b)O4b+b=

Math A

8u dién c o
» Chon z=-4i (thbaman |z]=4 ). Tinh w, =(3+4i)(-4i)+i
(3+4b)(p4b)+b=

- CMPLY "] HMath &
(3+d1 (-4 )+
16-11i
Ta c6 diém biéu dién ctia z, 1a P(16;-11)
Vay ta c6 3 diém M, N, P thudc duong tron biéu dién s6 phirc w
» Pudng tron ndy sé cd dang tong quat x*+y° +ax+by+c=0. D& tim a,b,c ta sk

dung may tinh Casio v&i chitc ning MODE 5 3
> w5212=17=1=p12dp17d=p16=13=1=p16dp13d=16=p11=1=pl6dp1ld=
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R] Math¥ R] MuthT A

@ Math A

Ml
i

-3

Vay phuong trinh duong tron cé dang x* + y* =2y ~399 =0 x* +(p -1)’ =20’

l._[_l

Ban kinh duong tron tap hop diém biéu dién s6 phirc w 1a 20
= Dap an chinh xac la C
% Cach meo
> D@ bai yéu cau tim tap hop cdc diém bidu dién s6 phtrc w vay ta dat w=x+ yi.

w—i  x+(y=1)i

> Thévao w=(3+4i)z+iez= = —— . Tiép tuc rit gon ta dugc
3+4i 3+4i
[x+ '"‘])13 41) 3x+4y- 4+(—4x+3y 3)1
(3 +4)(3-4i) .25 o
IZI 4<:>|Z| *16@(3)”4)/ 4) +[M4x+‘3y—3J~:16
25 25 L

C>25x +25y +25 50y
Vay tap hop cac diém bleu d1en 56 phuc w la duong tron ban kmh; =20
= dap an C la chinh xac

=16 < x° +y —2y 399 ¢ x° +( ~l) =20?

% Binh luin

» Chuic nang MODE 5 2 dé tim phuong trinh dudng tron dugce giai thich nhw sau :

Buong tron co dang x°* + > +ax+by+c=0

Véi M thudc duong tron thi 12a+17b+c¢=-127 =17

Voi N thudc duong tron thi —16a+13b+¢=-16" —13°

Véi P thudc duong tron thi 16a—11b+c=-16~11°
12a+17b+c=~12" ~17*

Vay ta lap dueoc hé phuong trinh 3 4n bac nhat < —16a+13b+ ¢ =16 —13?
16a~11b+c=~16"-11°

_Vata stt dung chirc ning giai hé phuong trinh 3 an bac nhat MODE 5 2 dé xir ly

» Hai cach déu hay va ¢6 uu di€m riéng, tw ludn sé tiet kiém thoi gian mot chat
nhtmg viéc tinh toan rut gon de nham lan, con casio c6 vé bam may nhiéu hon r\hu’ng

tuyét d6i khéng sai.
VD4-[Thi thit chuyén Khoa hoc Tu nhién lan 3 ndm 2017]

Tap hop cac di€m bieu dién cc s6 phirc z théa man phan thuc clia _z_:l bang 0 Ia
z2—1
dwdng tron tAm / ban kinh R (trix di mot diém)
WS (L1 go L
2’ 2 J2
C,I(l;—]—J, R=1 D.I —l;—lj, R=—l—
22 2 2 2 2
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%% Cach meo
> Dat z=x+yi.

~o -1
» Thévao -Z-- ta duoc:

— N2 2
——béng 0 thi xz—x+y2—y:0<:>[x—%J +[y~_j ==

Dé€ phén thuc caa
z—1i

N |-
I\)[—

Vay tap hop diém can tim la duong tron tam 7 ( j ban kinh R=— =ddp an B la

chinh xac.

BAI TAP TU LUYEN
' Bai 1-[Thi thit chuyén Khoa hoc Tw nhién Iin 2 ndm 2017]
Cho cAc 8 phtec z thoa man |z+1-1=|z—1+2i|. Tap hop céc diém bifu dién s8 phirc
z trén mit phing toa d6 1a mot dudng théng. Viét phuong trinh dudng thédng do.
Adx+6y-3=0 B.4x—-6y-3=0 Cax+6y+3=0 D.4x-6y+3=0
Bai 2-[Thi thit THPT Triéu Son — Thanh Héa Iin 1 nam 2017]
Tap hop cac difm M biéu dién 6 phitc z: |z|= P -3+ 4il la phwong trinh c6 dang
A.6x+8y-25=0 B.3x+4y-3=0 C.x*+y=25 D.(x-3) +(y-4)’ =25
Bai 3-[Thi thit THPT Nguyén Pinh Chiéu - Binh Pinh lin 1 nam 2017]
Cho c4c s6 phiic z théa man |z|=2. Biét réng tap hop cac diém bidu dién céc s§ phitc
w=3-2i+(2-1i)z 1a modt duong tron. Tinh ban kinh r caa duong tron do.
A.r=20 B.r =420 C.r=+7 D.r=7
Bai 4-[Thi th@ THPT Ham Rong — Thanh Hoéa Iin 1 ndm 2017]
Trong mit phing Oxy, im tap hop diém bidu dién s§ phirc z thoa man |z -1 =|(1+i)Z]
A.T4p hop cac diém biéu dién s8 phtic z 1a dudng tron tam 7(2;-1), ban kinh R = V2
B.Tap hop cac diém biéu dién s8 phitc z [a dudng tron tam (1;0), ban kinh R=+3
C.Tap hop cac diém biéu dién s6 phirc z 1a duong tron tam 7(0;-1), ban kinh R= NE)

D.Tép hop cac diém bidu dién 8 phitc z 1a dudng tron tim /(0;-1), ban kinh R=+2

D Ha1 duong thang

Bal 6 Tap hgp dlem bidu dién s8 phirc z théoa méan 2|z—1| = lz— z+ 21' la mét Parabol c6
dang:

A y=3x"-6x+2 B.y=—-x C.y:—3——4 D.y:x2+2x+%
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LOI GIAI BAI TAP TU LUYEN
Bai 1.
*+ Cach 1: Casio

* Gia st dap an A dung, d1em bleu d1en s6 phuc z=x+ yl thuoc duong thang
4x+6y=3=0 g : e

Chon x=1 thi y—-—-é— VaSOphu’C /.—-l——é-z .

= Xét hiéu |z+1-i|~|z~1+2i]. Néu hiéu trén =0 thi dap an A dung D€ lam viéc nay ta
stt dung may tinh Casio
qclpalRé6$b+1pbspqclpalR6$bpl+2b=

CMPLL Math
|1-2i%1-1]-| 1=
:_M:'_i_-__
tl
Hiéu trén khac 0 vay déap an A sai

T . | I . oy LA
# Thee véi dap an B. Chon x =1 thi y= " vasd phttc x=1+ —;—1. Xét hiéu:
J

qcl+alRé6$b+1pb$pqcl+alR6$bpl+2b=

oMPLY = Math &
Lrdiel-i |- | 1+{p
0
Véy hiéu |z +1-i|-|z—1+2i|= 0|z +1-i|=|z~1+2i] = Dap &n chinh xac 12 B
%+ Cach 2: Tw ludn
* Vi deé bai yéu ciu tim tap hop diém biéu dién s6 phitc z nén ta dit z=x+ yi
= Theo débai |z +1-i|=|z—1+2i| [x +1+(y—1)i| =[x =1+ (y+2)]
<:>(x+l)z+(y~l)2:(x—l)2+(y+2)2<:>x2+2x+l+yz—2y+]=x2—2x+l+y2+4y+4
< 4x-6y~3=0.Vay dap an chinh xacla B
Bai 2.

= Dit s6 phitc z=x+yi.

Tacé:|z|=|§—3+4z| |x+yz[~[x 3+(4- y)'<:>x +y (x 3) (4-y)27

L ot tyt=x P 6x+9+)° —8y+16<:>6x+8y 25=0.,

”Vay tap hop cac diém M bidu dién s6 phitc z la duong thang 6x + 8y 25 = 0
= Dap an chinh xac la A
Bai 3.
¢ Céch 1: Casio
= Chon s8 phttc z=2 thoa man |z|=2 vdy w, =3-2i+(2-i).2=7-4i. Ta c6 dim bidu
dién ctia w, 1a M(7;-4) '
* Chon s§ phitc z=-2 thda man |z|=2 vay w,=3-2i+(2~1).(-2)=-1+0i. Ta ¢4 diém
bi€u dién s6 phic w, 1a N(-10)
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* Chon s6 phitc z=2i thoa man |z|=2 vdy w, =3-2i+(2-i).(2))=5+2i. Ta c6 diém biéu
dién s& phtrc w, 1a P(5;2)
3p2b+(2pb)O2b=

CHPLY ] Math &

S-2i+02-1 %21

H+Z1
» S dung may tinh tim phuong trinh duong tron di qua 3 di€ém M, N, P
w527=pd=1=p7d p4d=p1=0=1=p1d=5=2=1=pbdp2d=

@ Math¥ R] Math¥i

%= =

B Mxth &

= Dap an chmh Xac la B
% Céch 2: Ty ludn
= Vi dé bai yéu cu tim tdp hop diém biéu dién s8 phirc w nén ta ddt w=x+yi

. Theod‘ébéiw:3—2i+(2—i)z:>z=iv—:2ﬂ
-1
o X 3+(y+2)i [x 3+(V+7I] (2+§) 2x—y-8+(x+2y+1)
S =
2-i (2-)(2+1) : 3
e Taco |z[:23(2x*5y_8)_+[x+25y+1):4

& (2x-y—8)" +(x+2y+1)" =100 < 5x +3y° ~30x +20y + 65 =100
oxtty —bx+dy=7 < (x-3) +(y+2) :(m):

Bai 4.

» Dits6 phitc z=x+yi.

Vay tap hop cac dlem M b1eu dlen s6 phuc z la duong tron tdm 7(-10), ban kmh
R=42
= Dap an chinh xacla D

Bai 5.

s Dgtsd phitc z=x+yi.

s Tacd lz‘2 =z’ <::>|x+yi|2 =(x+y1')z oxt+y=x +2xyi+(yl')2
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2" = 2wi=0 y(v-xi) = Iry :_O
Ly-ix=0
Vay tap hop cac di€ém M biéu dién s8 phitc z la hai duong thing y=0 va y-ix=0
= Dap an chinh xacla D
Bai 6.
* Patséphtc z=x+yi .
- Néu dép s6 A ding thi dting voi moi 2= x+yi théaman y=3x"~6x42.
Chon mét c3p (x;y) bitki thoa y=3x’—6r+2vidu A(0:2)=z=2 = |

Xét hiéu 2|z ~1‘~—lz ~z+ 21"

2qc2bp1$pqc2bp(p2b)+2b-
CMPLY @ Math A

SlM-11-2i-0-2¢k
-E-+E‘-1'§

Vay 2|z-1]-|z -z + 2| =—6+25 %0
=2)z-1]= z—;+2i‘ = Dap s6 A sai

i s ~ 1 1 en -
= Tuwong tu voi dap s6 B chon 2:1—51'.Xethleu?_lz—l|—lz—z+2i|

2qclpabR2$p1$pqclpabR2$p(1+abR2$)+2b=

EMPL'A & }-Jath A.
IS RIRIE S

0

Vay 2|z—l|—|z~;+2il=0 =2z-1|= z—;+2il = Pap s6 B chinh xac

T. CASIO VA MEO TIM NHANH MIN MAX CUA MOBUN
s PHUC

D KIEN THUC NEN TANG
1. Bt ding thitc thuong gip
=« Bat dang thitc Bunhiacopxki:
4 A . 2 2 2 B . 7 b
Cho cac s6 thiee a,b,x,y taludn co (ax+by) < (a' +b‘)(x" +y2) .Dadu=xayra < 2.2
Xy

= B4t dang thitc Vecto: Cho 2 vecto z(x;y) va v(x'y') taluc“mco|z~f|+|\~zl > |u +vl
= \/x2+y2 +\/x'2+y'z 2\‘/(x—x')z+,(y'—y')2“ iy : k

DAu=xay ra <

=X o
y
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2. Phuong phip meo st dung st tiép xtic

va OM =

Dang 1: Cho s8 phttc z ¢6 tip hop céc diém biéu dién s phitc z 1a dudng tron (C)
bén kinh R. Véi mdi diém M thudc duong tron (C) thi ciing thude dudng tron (C')
tdm gdc toa d6 ban kinh OM = NS

+) D& |z 16n nhdt thi OM 16n nhat dat duge khi

A
duong tron (C') tiép xdc trong véi duong tron (C) S )
vA OM =0l + R —

+) D€ |z| nho nhat thi OM nho nhét dat dwoc khi
duwong tron (C') tiép xtic ngoai véi duong tron (C)

OI-R

+) D& |z| nho nhat thi OM nhé nhat khi d6 OM vudng géc véi (d) va OM =d(0;(d))

0 —h-

+) De [zl lcm nhat th1 OM 16n nhat khl do M trung véi dinh thubc truc 16n va
max |z| = OM = 04

+) D€ |z| nho nhat thi OM nho nhdt khi 46 M trung véi dinh thude truc nho va
max|z| =0OM =OB 1

T o /.1/ >

Dang 4: Cho s§ phtic z cb tép hop cac diém bi€u dién s phitc z 1a Hyperbol

-

(H):—)f—;-—-;);zl c6 hai dinh thudc truc thwe 4'(-a;0), 4(a;0) thi s& phitc z ¢6 médun
PERE :

nho nhat néu diém biéu dién s6 phitc z nay tring vdi cac dinh trén. (médun 16n nhat
khéng ton tai).
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1) VI DU MINH HQA
VD1-[Thi thi THPT Vinh Chén - Phi Tho lin 1 nam 2017]
~ Trong céc s8 phiic z théa mén dleu kién |z 2- 41[_|z 21[ Tim 568 phu'c z co > mddun
- nthd nhét, , ,
E.A,z=-—‘1,+i e Biz= 2420 C.z=2+42i o Diz=342i
Giai
» Cach Casio
» Trong cac s6 phiic & dap an, ta sé tién hanh x3p x&p cac s6 phirc theo thit ty médun
tang dan:
| -1+ i <|-2+2i]=[2+2i| <3+ 2i]
» Tiép theo sé tién hanh thir nghiém timg s phie theo thit ty mddun tang dén, s
phttc nao thoa man hé thic didu kién |z -2 -4i|=|z - 2i| d4u tién thi la dung
V&i z=—1+i Xét hidu: |[(—1+i)-2—4i|-|(~1+i)-2il
qc(pl+b)p2p4bspqcpl+bp2b=

CMPLY 8 Math
| (-1+10-2-4i -
22
Ra moét gia tri khac 0 vay z = —1+/ khong thoa man hé thitc. = Dap an A sai
> Tuong tu nhu vay véi z=2+2i
qc2+2bp2pdbspqc2+2bp2b=

CHFLYZ R Math A

2+2i-2-4i |- 24k
0
Vay s6 phitc z =2+ 2i thoa méan hé thitc = Dap s C 1a dép s chinh xac
v Cachmeo ..

*
&

Goti s6 phite z. ¢4 daﬁg z=athi. z thoa m5n7|z~2~—4i]=[z—2i| '
”"<:>la 2+(b 4)|—|a+(b 2)i] & (a-2) +(b-4) =&’ +(b 2y
e 4a 4B -8b116=a b —4b+4 < ha+db=16 atb—4=0

Trong cac dap an chi ¢ dap an C thoa man a+b-4=0 = Pap an chinh xacla C
s Cach tw ludn

Goi s6 phitc z cddang z=a+bi . z thoaman |z -2 -4i|=|z -2l
Sla-2+(b-4)i|=|a+(b-2)]| = (a=2) +(b-4) =a* +(b-2)
Sad -4a+4+b0 ~8b+16=a’ +b’ —db+d o da+db=16 > a+b=4
Theo bt dang thitc Bunhiacopxki:

16=(a+b) <(P+1)(a® +b*)=>|f =a’ +b* 28

:>|z]22\/5

. a_
Diu=xayra <41
a+b=4

b
1 a=b=2=z=2+2
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VD2-[Thi thit chuyén Khoa hoc Tw nhién lin 2 nam 2017]
Vi chc s8 phite z thoa man |(1+i)z+1-7i= V2. Tim gié tri 16n nhét caa ||
A.max|z|=4 B. max|z|=3 C.max|z|=7 D. max|z|=6
Giai
+% Cach meo

~» Goi s6 phitc z cd dang z=a+bi. z théa man |(1+i)z+1~7i|:\/§

Vay quy tich diém biéu dién s§ phttc z 1a dudng tron tam (3:4) ban kinh R=1. Ta
goi day la duong tron (C)
> Véi mbi diém M biéu dién s8 phitc z=a+bi thi M cing thudc duong tron tam
0(0:0) ban kinh va* +»* . Ta goi day la duong tron (C'), Mbdun ctia z cfing 12 ban
kinh duong tron (C')
» D&ban kinh (C') 16n nhat thi 0,/,M thang hang (nhw hinh) va (C') tiép xuc trong
voi (C)
Khido OM =0l +R=5+1=6
= Pap s6 chinh xaclaD
s Cach ty luan
» Gois8 phtic z ¢6 dang z=a+bi. z théa man |(1+i)z+1~7i[:\/§
|(a+b)(1+i)+1-7]=v2 @ |a-b+1+(a+b-7)i|=V2
o (a=b+1) +(a+b=-7) =2 < 24* +2b* +50-12a~16b=2
e a’+b*~6a-8b+25=1(a-3)" +(b-4) =1
> Tacd s =a +b* =6a+8b—24=6(a-3)+8(b—4)+26

dép an D 1a chinh xac
« Binh luin
> Viéc st dung bat ding thirc d& danh gia |z| 1a 1t kho khin, doi hoi hoc sinh phai

=

nim rat vitng bat ding thirc Bunhiacopxki va cac bién dang ctia nd.
» Trong tinh hudng ctia bai toan nay, khi so sénh 2 cach giai ta thdy dung meo tiép
xtic to ra don gian dé hiéu va tiét kiém thoi gian hon.
VD3-[Thi thit bao Toan hoc tudi tré Iin 5 nim 2017]
Cho s8 phitc z thoa man |z~ 4|+|z +4|=10, gia trj 1én nhat va gi4 tri nho nht caa ||
Tan luot la:
A 10va4 B.5va4 C.4val D.5va3
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Giai

% Cach meo

» Goisd phitc z cd dang z=a+bi. z thoéaman |z-4|+|z+4/=10

<:>‘a—4+bi|+|a+4+bii=10 <::>\/(a—4)2+b3 +\/(a+4)2 +6 =10

& J(a+4) +5 =10-[(a—4) +5

Sat+8a+16+h =100+a* ~8a+16+5° =20 (51—4)2+b2

Y

<20 (51—4)2+b2 =100-16ad &5 (a—4) +b* =25-4qa

) a 2 2 : b2
©25(a’ ~8a+16+5%) = 625~200a +16a* < 9a* +25b" =225 <:>;l—5+~§~=]

Véy quy tich diém bidu dién s§ phitc z 1a dudng Elip dinh thudc day 1é6n 1a A(5;0),

dinh thude day nho 1a B(0;3)

> Véi mdi dim M bifu dién s8 phtc z =a+bi thi M cling thudc Cﬁrémg tron tam
- 0(0;0) ban kinh Va? +5° . Ta goi day 1a dudng tron (C'), Médun ctia z ciing 1 bén

i

'*

' kinh dudng tron (C')

» D& ban kinh 4(C')’ 16n nhat thi' M trung véi dinh thﬁéc fruc 16n va MEA(S,O)

=0M=5
:>max|z|:5

> D& ban kinh (C') 16n nhat thi M tring véi dinh thude truc nho va M = B(0;3)

= 0OM =3

= min‘z\ =3

= Pap s6 chinh xaclaD

Cach tu luan

> Goisd phtic z cd dang z=a+bi . z théaman |z-4|+|z+4|=10

Ela—d+bil+ja+a+b]=10 < J(a-4) +5° +[(a+4) +b =10
<:>\/(a+4)2 +b° +\/(——a+4)2 +(-b)" =10

Theo bat déng thitc vecto, ta cé:

< 10= \/(a+4)2 +b* +\/(~a +4) +(=b)’ 2\/[(a+4)—(—a+4)]2 +[b-(fb)]2

©1024a” +4b* <= 1022|z|=|7 <5
> Tac o \[(a—4) +b% +J(a+4) +b> =10
Theo bét déng thitc Bunhiacopxki, ta c6:

3 2

O e L [ Rl

| 100<2(2a7 267 +32) > 2d* + 207 +32250 > a* +b7 29

Vay |4’ 29 <253

= 3<|z]<5=dap 4n D la chinh xac

299



VD4-Trong céc 88 phitc z thoa man |z-2|~|z+2|=2, tim s6 phttc z c6 mddun nhoé nhét.
A.z=1-3i B.z=-1++3i Cz=1 D. z=\3+i
Gidi
% Cach meo

» Goisd phttc z c6dang z=x+yi . z théa man |z-—2|—|z+2|=2

S lx =2+ pi|~|x+2+yi| =2 @\/(x-z)zﬁuyZ —\/(x+2)z+y2 =2

thiee 1a A'(——l;O),B(l;O)

» S8 phitc z=x+yi ¢ diém biéu dién M (x;y) va cé mddun 1a OM = Ja? +b . DE oM
dat gié tri nhé nhat thi M trung vdi hai dinh cua (H)

MEADM(I;O):>Z=1

— Dép én chinh xéc 1a C

BAI TAP TU LUYEN
Bai 1-Cho cac s8 phize z thoa mén |2z-2+2i=1. M6dun z nho nhét c6 thé dat duoc 1a
bao nhiéu:

1+ 22 Bl+2ﬁ
— =

Bai 2-Trong cac s6 phtic z thoa man |z —3i|+|i2+3’ =10. Hai s6 phtic z, va z, ¢6 moédun
nho nhét. Hoi tich z,z, 1la bao nhiéu
A 25 B.-25 C.16 D.-16

Bai 3-Trong cac s§ phitc z théa man |iz-3|=|z—2—i|. Tinh gi4 tri nho nhét cia |2|.

A C.V2+1 D.J2-1

1 1 1 1
A — = - D.—
2 B J2 <3 J5
LOI GIAI BAI TAP TU LUYEN
Bail

% Cach meo

Vay tap hop cac di€m bi€u dién s6 phirc z 1a dudng tron (C) ¢ tdm 7(1;-1) ban kinh

R=1
2
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* V&i méi diém M (x:y) bidu dién s& phttc z=x+yi sé thudc dudng tron tdm O ban
kinh R'=[z/={x*+»* . Vi vly d& R=|z| nho nhat thi dudng tron (C') phai tiép xic
ngoai voi duong (')

Khi d6 diém M s& la ti€p diém cia dudng tron (C) va (C) va

l=om=0r-g="1 +22’/§
s(1p0)d+(p1p0)d$palR2=
L. CHPLE, @ Math, A
JC1=-00=+0-1-00=
-14747

= Dap s6 chinh xac la A
Bai 2
% Cach meo

= Goi 86 phic z=x+ yi thdéa man |:—3i|+‘i_:+3!: 10

(y=3)i 4y +3+xi=10 = ¥ 4 (1=3) + (y+3) + 2 =10
S J(y+3) +x =10- ¥’ +(ngf & (y+3)" +x* =100-20,/x’ +(y—§5’2.+xz+(y—3)2
& 20yx* +(y=3)" =100 12y < 25x* +16) = 400 ®%+%=l

Véy tap hop cac diém biéu dién s8 phic = la duong Elip (E):%+%:l c6 2 dinh

thudc truc nho la 4(-4:0), 4'(4:0)

* V6i mbi difm M (x;y) bifu dién s8 phitc z=x+yi sé thudc duong tron tim O ban
kinh R'=|z|= /¥ +y* . Vielip (£) va duong tron (C) c6 cing tAm O nén d& OM nhd
nhét thi A 1a dinh thudce truc nho
DM=4"=z=-4, M=A=>z, =4
Tong hop z,.z, =(-4).4=-16
= Dap s8 chinh x4c1la D

*» Mé rong

N dé b hot tich 7, v6i |1

c6 gié tri 16n nhét thi hai diém M bifu dién hai s§
phtic trén la hai dinh thudc truc 16n B(0:-5), B'(0;5) |
k:>M.=.,B':v>"zV]=-—5i,‘MEA:>'z~2’:5i, e e e
Tong hop 2, = 5i(-5i)=-25i* =25 : | o

Bii 3

% Cach meo

* Goi s8 phirc z=x+ i thba man |iz—3|=|z -2

<:>|—y—3+xi]=]xw2+(y71)i| <:>(~y—3)2 +xz=(x—2)2+(y—l) :

S P +6y+9+x =x" —dx+4+y -2y +l S x+2y+1=0
©204x* +(y-3) =100-12y
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Viy tap hop cac di€m biu dién s6 phitc z 1a duong théng(d):x+2y+1=0
» Véi mdi difm M(x;y) bifu dién s8 phitc z=x+yithi |2/=OM 20H véi H la hinh
chifu vudng goc ctia O 1én duwong thing (d) va OH la khoang cach tir di€ém O lén

duwong thing (d)

= D4p s6 chinh xacla D

2 2. 3. . 2
l —xy* +x+xyi+yi—-yi+2xy I

X+yi+ ! l:
x+yi‘ ‘ X+ yi ‘ | )cz-!—y2

T. CASIO VA MEO GIAI NHANH PHUONG TRINH SO PHUC
DANG LUONG GIAC CUA SO PHUC

1) KIEN THUC NEN TANG
1. Chuyén sé phttc vé dang lugng giac
» Dang lugng giac clia 8§ phirc: Cho s8 phitc z ¢6 dang z=r(cose +isin @) thi ta ludn
c6: 2" =r"(cosng + isinng)
= Lénh chuyén s6 phttc z =a+bi vé dang legng giac : Lénh SHIFT 23
Budc 1: Nhép s8 phttc z=a+bi vao man hinh réi dung lénh SHIFT 23
(Vidu z=1+/3i )
1+53$bq23=

CHPLA B Math 4

1+{3 1 ki

Budc 2: Tl bang két qua ta doc hiéu r=2 va ¢ =13[—

II) VI DU MINH HOA

c2 ,-”"V‘D4'
Gidi

+ Cach Casio
> Tinh nghiém ctia phwong trinh bac hai z* ~z+1=0 béng chitc ning MODE 5 3
w531=pl=1=
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k] Math¥ B Math¥Wh

A1 AZ=
1,43, 1 45,
27z 1 27z 1
» Vay ta duoc hai nghiém z, =l—+ \fi va z, :%—ij—i. Tinh tong Médun cua hai s
phtec trén ta lai ding chitc nang SHIFT HYP
w2qcalR2$+as3R28b%+qcalR2$pas3R2$b=
CHPLY B Math A
1,45 L 4= "
T LTIETE
2

=z

z,|=2 ta thay B la dap an chinh xac
VD2. [Thi thit chuyén Khoa hoc Tu nhién lin 2 nim 2017]
Goi z,z, la hal nghiém phtrc cia phuo'ng trlnh z +2z+2=0. Tinh gid tri cda biéu
thitc P =2z +2°°: '
} A 21009 o B.O ‘ 2 ’  ’ D 2108
Giai
%+ Cach Casio 1
» Tinh nghiém ctia phirong trinh bac hai z* +2z +2 =0 bang chitc ning MODE 5 3
wbH31=2=2==

R] Hath¥ B biath¥h

-1+i -1-i
» Ta thu deoc hai nghiém z, =—1+/ va z,=-1-i. V6i cAc cum d3c bidt ~1+i, —-1-i ta
c6 didu dic biét sau: (~1+i)' =~4, (-1-i)' =4
w2(pl+b)"4=

CMPLA [F] Math &
(-1+i)%
2016 - 504 504
Vay P=z 420 = (=10 (=)™ <[ (-140) ] +[(-1-0)']
:(..4)504 +(_4)50~' = 3 4504 2 IO0B | H1008 _ 5 51008 _ 51009
P=z"" +2;" =2'" ta thdy A la ddp 4n chinh xé4c
< Cach Casio 2
. > Ngoai céch str dung tinh chat dic biét ctia cum (-124)" ta c6 thé xir ly -1 +i bing

- cachduavedangluongglacbanglenhSHIFT23 B e

V01z,——l+l—r(cos¢+zsm¢) S S e R

pl+bq23=

P
[

. CMPLA [F} Math &
—1+iMriB
Zi2n
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» Tinh 005(2016.1471}+ i.sin[ZO] 6—32?—)

k20160a3qKR4$+bOj20160a3qKR4$))0=

. CMPLA E Math &
cos| 2016x2F+ixcb
1
212016 ___(\/5)20“’ — 71008

2016 1008 1009
=210 — 7 =2l

» Twong tiz z,
VD3. [Dé minh hoa bé GD va PT Ian 1 nim 2017]
Ki hiéu z,,z,,z, va z, la bdn nghiém phttc ctia phuong trinh z* - z* ~12=0. Tinh t6ng:

T:|zl|+

+|z5 |+ |z,
AT=4 B.7=23 C.T=4+2J3 D.7T=2+2J3
Gidi

Z

% Cach Casio
» DE tinh nghiém cua phuong trinh ta diing chitc ndng MODE 5. Tuy nhién may tinh
chi tinh duoc phirong trinh bac 2 va 3 nén d€ tinh duoc phuong trinh béc 4 trung
phurong z* 2% ~12=0 thita coi z* =¢ khi &6 phuong trinh trd thanh #* —¢-12=0
w531=pl=pl2=

[R] tuth¥® F] Math¥&

B Hath¥ @ Math¥a

13i -f3i

Tém lai ta sé c6 4 nghiém z=*1,z= ++/3i
» Tinh 7 talai stz dung chitc ndng tinh médun SHIFT HYP
w2qc2$+qep2$+qes3$b$+qeps3$b=

CHPLZ Rl ' Math A

|2+ -2+ T4 | +¢

4+243

= Pép an chinh xacla C
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VD4 [Th1 tha nhom toan Doan Tri Dung lan 3 nam 2017]

OB :=——%*él ‘ C z= -%fgi - D.CaA,B,Cdéudiung

Giai
*» Cach Casio
» DéE kiém tra nghiém ctia 1 phuong trinh ta stv dung chirc nang CALC
Q)"3%+(b+1)Q)d+(b+1)Q)+brpb=

TMPLY R] Math CHPLY & Math A
T
o

HA+] R+ i+

w3
--.:J

-1 (]
Véy z=-i langhiém

|
> Tiép tyc kiém tra z ==+

~i néu gia tri nay la nghiém thi ca ddp an A va B déu

dang c6 nghia la dap an D chinh xac. Néu gia tri nay khéng la nghiém thi chi c6 dap
an A dung duy nhét.
rp(1P2)+(s3)P2)b=

CHPLY B} Math &

i+ E i+
0

5 toN3. X A Sy as s T AA A
y z=—or5! tiép tucla nghiém cé nghia la dap an A va B déu ding

= Pap an chinh xacla D
% Cach ty luan

> De giai phu’o*ng trinh s6 phuc xuat hién s i trong dé ta khong thé stz dung chtec
nang MODE 5 dwoc ma phai tién hanh nhom nhan e chung

,f’,Phuo-ngtrmh <:>z +z Prz+(2 +z+l)1=0 <:>(z+z)(z +z+l) 0“7

|_z +Z+1“9

» Phucmg tlmh 2’ +z+1=0 khong chira s§ i nén ta c6 thé€ sit dung may tinh Ca51o
véi chire ndng giai phuong trinh MODE 5

wb3l=1=1==
& Math¥ B MxiTA
Al= nE=
1,5 R
S N
Toém lai phiong trinh ¢ 3 nghiém z=-i;z = —% + gi;z = —%»«i}i

= D Ia d4p 4n chinh xac

VDS. [Thi thit bio Toan hoc tudi tré 14n 3 nim 2017]
Trong cac phuong trinh dwoi day, phuong trinh nao ¢6 hai nghiém z, =1++v3;z, =1- NE)
Az +iBz+1=0 B.z+2z+4=0 C.22-22+4=0 D.z*-2z-4=0
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Giai

» Ta hifu phuong trinh bac hai ax’ + bx +¢ =0 néu c6 hai nghiém thi s& tuan theo dinh

ly Vi-et (k& ca trén tap s0 thuc hay tép s phuc) a
Z\2, = —

a
» Tinh z, +z,=2
w21+53%b+1ps3$b=

CMPLY B Mah A
1+{31i+1-431

2
Tinh z,z, =4
(1+s3%b)(1ps3$b)=

(1+31) (1-{F1)
.q_

R& rang chi ¢6 phuong trinh z* -2z+4=0 c6 b oyvataa
a a

= D4p s6 chinh xacla C

Gidi

> Ta phan biét: Trén tép s6 thuc phuong trinh bac hai ax® +bx +c =0 s& ¢ hai nghiém

phan biét néu A >0, ¢ hai nghiém kép néu A =0, v nghiém néu A <0. Tuy nhién
trén tap s6 phttc phuong trinh bac hai ax’ +bx+c =0 c6 1 nghiém duy nhat néu A=0,

. . 1ens | D=0
6 hai nghiém phén biét néu L ”
<

» Vay ta chi can tinh A la xong. Véi phuong trinh 2 4+iz+1=0 thi A=-4=-5la
mot dai lwong <0 vay phuong trinh trén co6 2 nghiém phan biét

= Dép s8 chinh xac la A.

(1-4)° (\/5 + i)5

(_1 _ i\/g)lo
A —l+i B.1 C.3-2i D.2°;
Giai

» D& xiz ly 56 phitc béc cao (>3) ta stt dua s8 phirc vé dang luong gidc va st dung

10 _5
z, .z,

10
3

» Tinh z =1-i=r(cosg+ising). D& tinh r va ¢ talai st dung chirc nang SHIF 23
1pbq23=

VD?7. Phan thuec ctia s8 phitc z 12 bao nhiéu biét z =

cong thirc Moa-vo . Va dé dé nhin ta dit z =
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CHFLY F] " Math &

1-i w2

‘ Vayz,.-_\/2(cos—z~+zslg e =(\/2) (COSH)T
cos 0— +'ki'§j:n 10.-2

k100apqKR4$)+bj100apgKR4$)=

CMPLY

Math &

[R]
N [ 1 I:l}i:f-] +isirk

-1
Vay 2= (V2)" 1= 2
» Tuong tu zf:25(c055.£+isi|15.£—J:25 —[3—+—1—i
) 6 6 2 2
-2 -2 3
ziu=2’°(c0510. T visin10. 2L =21 —-1—~—-\/~——i
’ 3 3 2 2
2° 25[—£+ l 1]
10 _5 2 2
|

o z, .z,
Tong hop z= L=
z,

a2"5$b02"5%(pas3R2$+alR2$b)R2410$(palR2$pas3R2$b)=

CHPLY . & Hath A

210 _L55,)
2 =z

~

Vay z=1= Dap s0 chinh xacla B

BAI TAP TU LUYEN
Bai 1. [Thi thit chuyén Lam Son — Thanh Héa ldn 2 nam 2017]
Cho phuong trinh z* -2z +17=0 ¢6 hai nghiém phtic z, va z,. Gid tri ctia |z,|+|z,] la:

A 217 B.2J13 C.2410 D.2J15

ANG o Bl e

Bai 3. [Thi thit Group Nhém toan 1an 5 niam 2017]
Ki hiéu z,z,,z, la nghiém ctia phuong trinh z° +27=0. Tinh tdng T =|z,|+
AT=0 B.7=33 C.T=9 D.T=3

Bai 4. [Thi thit THPT Bao Lam - Lim Déng lin 1 nim 2017]

Goi z,,2,,7,z, 1a bdn nghiém phitc ctia phwong trinh 2z* ~3z* —~2=0. Tinh tdng sau:

z,|+|z|
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T =|z|+|z,|+|z,] +]z,]
A5 B.5V2 C.3V2 D.\2
Bai 5. [Thi thir THPT Bao Lam ~ Lam Déng lan 1 nim 2017]

Xét phuong trinh z° =1 trén tap s6 phitc. Tap nghiém ctia phureong trinh 1a:

A.s={1} B.S:{I;”zﬁ} C.S:{l;—%i-‘—g—i} D.S:{——;—i{}—i}

LOT GIAI BAI TAP TU LUYEN

Bai 1. Chon A.

¢ Cach Casio

= Tim hai nghiém ctia phwong trinh z* =22 +17=0
w531=p2=17==

2 Math¥ 7] Math¥a

Al=

oy
i

Lo

1+41 1-4i

= Tinh t6ng hai médun bang 1énh SHIFT HYP

w2qcl+4b$+qclpdb=
CMPLA R Math A
|1+4i]+]1-4i
2{17
Vay |z|+|z,|=2v/17 = Dap s8 chinh xacla A
Bai 2. Chon B.
% Cach Casio

= Tim hai nghiém cta phuong trinh z° +2z+10=0
wb531=2=10==

= Math¥ R} Math¥a

~1+ai "1-3i

Viy 4= lzI [2 +
Bai 3. Chon C.
% Cach Casio

=20 = Pap s6 chinh xacla B

Z,

308



» Tinh nghiém cua phuong trinh =*+27=0 bang chirc ning MODE 5 4
w541=0=0=27==

R} Math¥ a MathV&
'-." — Y m—
l‘ ‘I 1 - II Il J‘; -
- - I
_ =L R
- =+==
[} o s
@ Math &

wbh41=0=0=27=— w1w2qcp3$+qca3R2&b+a353R2$b$+qca3R2‘Bpa353R2$b—

CMPLZ Qo Math A

= Tinh tdng modun T =z \+|z—

]
+ b

S

551

=L

—a3l+| 2+2E

Vay T =9 = Dap s6 chinh xacla C

Bai4. Chon C.

% Cach Casio

s Dijt 1=z, Tim nghiém ctia phuong trinh 217 -31-2=0
wb32=p3=p2==

® Hath¥ & HMath¥ A
- (ST
l.;{ 1= nE=

-2
]
r =

= Tinh tdng médun 7T = lz,‘+‘z‘ + \:I +|z,]|
w2qc52$$+qcp52$$+qcabRs2$$$+qcapr52=

CMPLZ Math &

2 +-Z |+ i
4|
32
Vay T =32 = Dap s6 chinh xacla C

Bai 5. Chon C.

«+ Céch Casio

= Giai phuong trinh bac ba z' - 1=0 véi chirc ndng MODE 54
wb41=0=0=pl==
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<] Mathw & Math¥A

A= =
N
=t=1
K] Math A
rE=
1

= Phuong trinh ¢6 3 nghiém x, =1,x, = ——+~2j x, = ~_
= Dép s6 chinh xac 1a C

Bai 6. Chon A.

% Cach Casi

@ Math & Hath¥ A
Al= Az=
-1'—+q—-l_3:— i l_._ﬁ_i
Z Z £ Z
® Ta thu dwoc hai nghiém z nhung hai nghiém nay ¢ vai tro nhw nhau nén chi can 18y

mét nghiém z dai dién 1a duoc.

Véi z = %—3/2—;1' ta chuyén vé dang luong giac = z = l(cosg—ﬂ'sin%)

alR2$+as3R2$bq23=

CMPLX R Math A
PEEFPgy

e

kaj

lem

Tinh z** valuu va bién A4
Wk20090agKR3$)+bj20090aqKR3$)=q]z

CMPLY & Math & CHMPLZ & Math &

cos 20092 | +isis ANS*A

0.5-0.866025403%  0.5-0. 866025403k

T&@k&P:A+%:1

Qz+alRQz=

CMPLZ B Math &

T
I~

= Dap s8 chinh x4c 14 A.
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